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tai liu, chun bi cho ky thi THPT Qudc gia sép tdi. Tac gia da phdi hop véi nha
sach Hong An Thanh phd H6 Chi Minh va Nha xuit ban Pai hoc Quéc gia Ha Nai
xuit ban cu%’n sach:

‘ " CAU HOI VA BAI TAP TRAC NGHIEM TOAN 12°

N6i dung cudn sach bam sat ciu tric DE MINH HOA cua B Gido duc vua
coéng bd. (Nim 2017 dé thi nim gon trong chuong trinh I6p 12).

Cudn sach dugc chia lam 2 phén:
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thanh phd T.Jéo Cai, thiy gido Nguyén Van Huy & thanh phé Bién Hoa — Déng Nai
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CAU HOI TRAC NGHIEM

HAM SO VA (PNG DUNG DAO HAM

—

TONG HOP kién thic

1. TAP XAC DINH - TAP GIA TRI
1. Tap xac dinh

Cho ham s6 y =/(*), tap xac dinh (TXD) clia ham s6 y = f(x) latap hop céc gia tri
X thudc R sao cho f(x) c6 nghfa.

Kihiéu: TXD: D= [x e R|/ (*) cd nghia } .
2. Tap gia tri

Cho ham s6 y —/(*), tap gia tri (TGT) cla ham s6 y = f{x) la tdp hop cac gia tri
clia y trong khodng xac dinh cta X.

Ki hiéu: TGT: G = [y £ Mi3x théa man y = /(*)} .
2.BANG CONG THUC TINH DAO HAM
1. Quy tic tinh dao ham

¢« M+ v)'= u'+v'.

e (U—V)' =u'—v".

e juv)' = u'v+uv'.Suyra (kuY = ku' véi EeM.

2. Cong thirc dao ham clia cac ham so cép

. . e [u") =au" 1ul.
Suyralil = -jT.

« W U -
e (sin*)' = cos* .

(sin«)' = u'.cosu .

* (cos*)'= —sinx. (cosm)'= —M'"sin« .

e (tanx)'= —"r—= 1+ tan2X. tan«)'= — —=u'(\ + tan2u).
( ) 0s X ( ) oS « g/ '}

e (cot*)' = -——-i ——-1-COt2X. e (cot«)' = — %—= -«'(l + cot2u).
( ) sin” X ( ) sin u ( )



3. TIEP TUYEN CUA Db THI HAM s6
» Hé s6 goc cla tiép tuyén clia do thi (c) :y =f(x) taiti€p diém (x0',y0) la k = f'(x ).
* Phuong trinh ti€p tuyén cta do thi (C) :y = f(x)
tai tiép diém (x0;y0) lay =k.ix - xa)+yO0.
4. Sy DONG BIEN, NGH|CH BIEN CUA HAM s6
Cho ham s6 y —f(x) xac dinh trén khoang (a\b). Ki hiéu /'(*), f"(x), (c) la dao
ham cédp 1, cdp 2 va do thi cla f(x) trén khoang ay.
Ham s6 ddng bién trén (iz;6)& /'(*)>0, Vxe (a;6). Dau déng thirc néu co thi chi
xay ra tai mot s6 diém h&ru han ma thoi.
Ham s6 nghich bién trén (&]b) o f'(x) <0, 'ix G(a;6). Dau déng thic néu co thi chi
xay ra tai mot s6 diém hiru han ma thoi.
Dong bién trén khodng (a;b), nghich bién trén khoang (a;b) goi chung la don diéu
trén khoang ay.
xag(0;8) dwoc goiladiém cwcdai o khiqua x0thi f'(x) d6i ddu tir dwong sang am.
xtre (a\b) dwoc goila diém cuctiéu <t khiqua x0thi f'(x) ddi ddu tir Am sang dwong.
Céc diém curc dai, cuc tiu goi chung la diém cuec tri.
Dao ham (néu cd) tai diém cuc tri bdng khong.
x0e(a;b) dwgc goi la diém téi han néu /(*,,) = 0 hodc f(x0) khdng xac dinh.
5.cwc TRl CUA HAM s§
Giasir ham sd y —f{x) xac dinh trén khoang (a;6) va xe(a;b)
Pinh ly 1.
o ['(x)>0 trén (x&-h;x® véi h>0 va f'(x)< 0 trén (x0]x0+h) véi h> 0
=>x0la diém cuc dai cta / (x).
e /'(*)<0 trén (x0-h]x0) v&i h>0 va f'(x)> 0 trén (x0;x&+ h) voi h> 0
= x{r 1a diém cuc ti€u cta / (x).
Dinh ly 2.
f'(x0)=0
.OX

=>xn la diém cuc dai cta f(x).

f'(x0)=0 B .
Z-xn la di€ém cyc tiéu cla f(x).
"(*,)>0
Phuong trinh duéng thdng ndi cuc dai, cwc tiéu clia ham s6 y = f(x) = ax3+bx2+cx +d

la y —mx+n, trong d6 mx +n la dv thic trong phép chia /(*) cho f'(x).
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6.GIA TRl LON NHAT - GIA TRI NHO NHAT caa ham s6
1. Dinhly
Ham s6 y —f (x) lién tuc trén doan \a\b\ =>tdn tai maxf(x), minf(x).
2. Cach tim
Buwoc 1: Tim cac diém trén x1,x2,...,xn trén \a\b\, tai d6 f'[x) =0 hodc f'(x) khong

Budc 2: Tinh f(a),f(xi),f(xi), f(xn),f(b).
VU M
Buéc 3: Tim s6 1¢n nh&'t M va sd nho nhat m trong céc sé trén thi \m= min/(xi
7.D0 THI CUA HAM s6 VA PHEP SUY Db THI
 Tinh tién d0 thi song song vé&i truc toa dé6 Oxy .
Cho (G) la do thi ciaham s6 y =f(x) va p>0,tacd
+Tinh tién (G) Iéntrén p don vi thi dugc do thi y —f(x) +p.
+Tinh tién (G) xudng du¢i p don vi thi dwgc do thi y =f[x) —p.
+Tinh tién (G) sang trai p don vi thi dugc do thi y = f(x +p).
+Tinh tién (G) sang phai p don vi thi dwvgc d6 thi y —f(x —p).
 Phép lay d6i x(rng qua cac truc toa do Oxy .
Cho diém M (x\y), khi dé

+B0i xtng M qua truc hoanh ta dugc M'[x']y") voi

+Ddi xirng M qua truc tung ta duoc vGi !X':—X
y =y
8. PUONG TIEM CAN CUA Db THI HAM s8

Do thi y = ——" cbtiém can ding *
cx+d

, tiém can ngang y = —.
c c

B* thi y __a_>_<_2__+_b_>g_f__c mx—+n-\------ r ---cO tlem can dirng—x = 9tiém can xién
+q px+r p
y—mx+n.

Po thi y = mx +n+Max2+bx +c c6 cacdwong canla y = mx +n+ VA x +?b
a

9. TUONG GIAO GIJA HAI D6 THI
Xét hai do thi (c):y =f(x) va (£5):y = g{x).
Phuong trinh hoanh do giao diém gitra (c) va (&) la: f[x) —g[x). )



S6 diém chung gira (c) va(D) ddng béng s6 cac nghiém s6 ctia phuong trinh (1).
(c) va (D) duwogc goi latiép xtc voi nhau khi va chi khi hé phwong trinh sau c6 nghiém
f{x) =9(x)
f'(x) =g'(x)’
CAU HOI TRAC NGHIEM

vén dé& 1. TAP XAC DINH

Cau 1. Tap xac dinh ciaham s6 y = V3—x +sjx +8 la
A D=R. B. D = [-8;3].
c. D= (-00;3]. D. D = (-00;8]u[3;+00).
Cau 2.Choham s0 y = \I~x2+4x —3 + v~x2+ ax - 8.Tap xac dinh clia ham sé la:

A. [I;3]uf2;4]. B. (—00;2]u[3;+00). c. [2;3]. D.0.

Cau 3. Ham sd y =\jx +y[x* —x + 1 c6 tap xac dinh la:

A. (-o0;l|. B. (I;+00). c. [0;+00). D.m.
Cau 4. Tap nhitng gié tri ciia x déham s y ! ¢6 nghfa Ia:
~\X —y/2x +3
A. (—o0;l)u(3;+00). B. [3;+00).
c. (—o0;—]u[3;+00). D. (3;+00).
Cau 5. Tap xac dinh ciaham s6 y = - la tap hop nao?
A. R\{1}. B. ( L1
c. R\{—;l}. D. (—eo0;—)u(l;+00).
Cau6.Hamsd y = _2X_*3 ¢ tap xac dinh Ia:
x —JIx2—9
A. K\{3}. B. [3;+00).
c. (—e0;—3]u[3;+00). D. [-3;3],
Cau7.Hamsdy=m ! c6 tap xac dinh la:
M ~x
A. R\{0}. B. (0;+00) c. (—90;0). D. R\{;I}.



Cau 8.Tap xac dinh cla ham sd y = Vsin2x —1 la:
A B. x/x=—+KT,kEZ c. 0. D. R\{&7}, kGz .

Cau 9. Tim tat ca gia tri cia m dé ham s6 y =4 X2—2x + m+ 3 c0 tap xac dinh la M?

A —1-Cw”"2. B. 0C.my-—2.D
Cau 10. Ham s0 y = \Itn + sinx ¢ tap xac dinh la IR thi tap cac gia tri cla m la:

A. m™-0. B. m"O. C. 1. D. m<l.

Vén d& 2.1 TINH DPAO HAM

Cau 11. Cho hai ham s6 f(x) va g{x) c6 dao ham trén khoang (a\b). Ménh dé nao sau
day la ménh dé dang?

A. (F(x).g(x)Y=1/(x).g/ (x).
B.(/(*)T_ I'(*)
Uy s{x)
c. Néu f'{x) =g'{x) thi f(x) =g(x).
D. Néu / (x) = g(x) + ¢ thi f' (X)=g' (X), trong d6 ¢ la mdt hang s6 bat ki.
Cau 12. Két luan nao sau day la sai?
A. Ham s6 c6 dao ham tai xO0 thi lién tuc tai xO.
B. Ham s6 lién tuc tai x0 thi cé dao ham tai x0.
c. Ham SO f(x) lién tuc trén [ab] va f(a).f(b)< 0 thi phwong trinh /(*) =0 c6 it
nhat mot nghiém trén (a;0).
D. f(x) c6 dao ham trén \a\b\" /(*) c6 dao ham trén (a\b) va fia+Yf{b~) ton tai.
Cau 13. Ham s8 nao sau day c6 dao ham bing 2{3x +1) ?
A . 2x2+2X. B. 3x2+2*+5. C.3x2+x +5. D.(3x +1)2.

Cau 14. Pao ham cla ham s6 y = {x3-5}Sx béng biéu thirc ndo sau day ?

N
A.-J7—i=. B.3x2—\=. c.3x2 V- D7 3Ty 5,
2 2-Jx 2\fx I-1x 2 14 x
Cau 15. Pao ham claham s6 y = - b&ng biéu thirc nao sau day ?
yjx2+T
A 2X B _itf 2(x +1) D X2-x +1i

Ax2+Uu ~ Ax2+iy Ax2+if



CAu 16. Ham s6 y - — —sinl — x: 1¢d dao ham la:

A. 4-*sin 71->< B. 1x2cos(ti_x
2 3 2 3

c. —jrcosi *2). D. "‘cos"-&—x2
21083 } 3

Cau 17. Ham s6 y = 2QBX2 c¢6 dao ham la:
A. —2sinx2. B. —4xcosx . C. —2XSmx2. D. —4xsinx2.

C4u 18. Ham s6 V= Qot 3x—21tan 2* c¢6 dao ham la:

-1 1 B -3 1

A .
sin X QB 2x sin23x  COS22x
c. --3 1 D. -—3 X
SiN22x  €0s22x sin23x  Q0R2x

Cau 19. Pao ham clia ham s y = QCB(tan x) béng:

A. sin(tan*). B. - sin(tan x).
c. sin(tanx). D. sin(tana:).

Cau 20, Hams6 y - | ¢6 dao ham béng:
2sin a

. e H . *
p LS g LECORX Ak ginpx g o cos2
2sin x 2sin3x 2sin3x 2sin3x

sin x — x oS x
COSX + X Sinx

\2

Cau 21. Ham s6 y = c6 dao ham béng:

—x2.cos2x

COS* + xsin#J © (cosx + *sin*)
-x .sin x -X 2,8in2*
c. _ D. Sine
(cosx + Asin (cos* + *sinx)

Cau 22. Ham s6 y = sinocos2X]j c6 dao ham béng:
A. -sin2*.cos(cos2xY B. sin2*.cos(cos2xY

c. -c0s2*.cos(cos2xY D. cos2x.cos(cos2¥*).

Cau 23. Biéu thirc x3+ sinx + 1 la dao ham cda ham s6 nao sau day?
*

Ay = +Cosx+ X+ 1. B y = —-cos*+ x+ 1.
4 4

C. y=xi+CosXx +XxX1+x . D.y= xa4+sinx+ x+1.
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Cau24.Cho f(x) =2x2—x +2 va g[x) —/(sinx).Tinh g'{x) ta dugc

A. g' (X) = 2c0s2x —sinx . B. g' (x) =2sin2x + cos* .
C. g' (x) = 2sin2x —cos™ . D. £ (*)=2c0s2x +sin*
X2—2x L . Cos e
Céu 25.Daoham chtaham sé y = ducrng v@i moi x ~ —1 khi va chi khi:
X+
A. M< —s6 B. m<1. c. m>3. D. m< —3.

Vién dé 22 DAO HAM TAI MOT DIEM

Cau 26. Choham s6 y = VI-* 2+Khi d6 /(0) c6 gia tri bang:

A. 1. B. C.o D

2 ' )

Cau 27.Choham sé y = ax_:b" v6i a+ 6" 0.Tinh / /(0) ta dwoc két qua:
a

A1 1(0)= 0. B. / /(0) = c. /' (0)=0.
) ©= ©

LEVAN

Cau 28. Choham s6 y = W Khi d6 y — bang:
€0s3X 1.3

A — . B. . c.l. D. 0.
2 2
Cau 29. Cho ham s8 >= /(*) = *.+ —cotx . Gia tri dang cta /' bang:
)= 3 /K3 g vaj o
A.f8. BA§. c.-|8. DA-b.
¢os” | .
Cau 30. Cho ham s6 v= /(*) = --—-—-—-—7—.Biéu thirc / D -3/ bang:
1+ sin X
. -3, L C.3. D.
A 3 B [3 3
Cailx31. Cho ham soy—f(x)— --------- Chon két qua sai:
1+2sinX
A.l'(0)="-2. B./"(fl=-f. c./'(i)~1. D ./» =2

Cau 32. Cho ham SO /(jt) = asin* + écos.x: + | . D& / 7(0)= — va / | “1= 1 thi gia tri
cla a bang:

A. a=b a, B a=-—o0=——. b a-—l—,b=----. D. a
2 2 2 2 2

I
o
I

N
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Cau 33.Ham s6 f(x) =ax}+—co f'{)=1 /' (—2) —=2 Khid6 f'iylTj bang:

12

A 2 B. D. -d.
5

Céau 34. Cho f(x) = —co0s4x va g(x) = sin4* + cos4X.KE&t qua nao sau day la ding?
A. f' (it)= 0, B.g'(n)=0.
c. f (x)—g' (*). D. Céc két qua da cho déu dang.

CAu 35. Cho ham s6 /(*) = - X3—2\fix2+8 x - | . Tap hop nhirng gia triclia X dé / *(X)= 0
la:
A. {-4V2}. B. {-2V2}. c. {2;v2}. D. 12Vv2] .

Cau 36. Gidi phwong trinh y'.y = 2x + 3, biét y =yjXx2—1.
A x =1 B.x =0. c.X =2. D.x =—=3.

Cau 37. Cho ham s6 f(x)—X3—3x2+ 1. BDao ham cla ham sd f(x) am khi va chi khi:
A X<1. B. X<0 hodc X>2. c. X<0 hodc X>1. D. 0<*<2.

Cau 38. Cho ham s6 y —24x +3x .Tap nghiém cla bat phuong trinh y >0 I
A. (—00;+00). B. -OO:;—. C. x;+o0 . D. 0.

Cau 39. Cho ham s6 / (x) = 2mx —mxi. Néu X—1 la mdt nghiém cua bat phwong trinh
I'(*)< 1 khi va chi khi:

A 1. B. c. — D. —1.

Cau 40. Cho ham sd /(*) = - 2 .Tap nghiém cuta bat phwong trinh / x(*)</(*) la
A. (0;+00). B. |—00;—V2ju[2;+00).
c. ;2] D. Mét tap hop khac.

Vén dé 2.3 HE THUC DAO HAM

Cau 41. Choham s6 y — - 1) .Héay chon biéu thirc dlng trong cac biéu thirc sau:
A. /> +2xym- 4y" = 0. B. y 4+ 2xym- 4y" - 20 .
C. yw + 2xym-Ay" = 4{. D. y 9+ 2xym- 4y" =100 .

Cau 42. Cho ham s6 —V2x—x2 .M®i lién hé gitta y va y- la:
A l]'"+1=0. B.//'-1 =0. c.2//"+1=0. D.//'+2=0.
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Cau 43. Cho ham s6 y —sin 2x . Hay chon mot hé thic ding:
A yl+(y)2=4. B. 4y +y" =0. C. y=y'.tdn2x . b.4y-y" =0.

CAu 44. Cho ham sb y = cot—. Hé thirc nao sau day la ding?

A.y2-y'+2=0. B.y2+2y'+i=0.
c.3/-y+1=0. D. 3y2+(y'f +1=0.

Cau 45. Cho ham s6 y = tan2X.Hé thic gitta y va y" la:
A l"-2(1+7)(1 +3/)=0. B./'+5(I+r)(1 +3/) =0.
c.y"-2(1+3/)=0. D.j"-3(I+/)=0.

Vén d& 24 UNG DUNG DAO HAM VAO BAI TOAN VAT LY

Cau 46. MOt vat roi ty do véi phuong trinh chuyén dong s = —gt2, trong d6 g = 9,8m/s2 va
t tinh bang gidy (s).Van téc cla vat tai thoi diém t = 5s béng:

A. 49m/s. B. 25m/s. c.l0Om/s. D. 18mi/s.

[Cau 47. Cho chuyén ddng thdng xac dinh bdi phuong trinh s = —r4—3r), trong d6 t
tinh bing gidy (s) va s duoc tinh bdng mét (m). Van tdc cda chuyén dong tai thoi
diém f = 4s bang:

A. 280m/s. B. 232m/s. c. 140m/s. D. 116ml/s.

Cau 48. Mot chat diém chuyén dong thdng theo phwong trinh s = {3—3r2+4f, trong dé
t tinh béng gidy (s) va s duoc tinh bang mét (m). Gia téc clia chat diém luc t = 25 bang:
A. 4m/s2. B. 6m/s2. c.8m/s2. D. 12m/s2.

Cau 49. Cho chuyén dong thdng xac dinh bdi phwong trinh s —t1+3t2-9t +27, trong
do t tinh bang gidy (5) va s dwoc tinh bang mét (m). Gia t6c clia chuyén dong tai
thoi diém van téc triét tiéu la:

A. Om/s2. B. 6m/s2. C.24m/s2. D. 12m/s2.

Van d& 3. TIEP TUYEN CUA D THI HAM s6

Cau 50. Cho ham s6 y = /(*) c6 d0 thi (C) va diém Ma(*B/(x0)) thudc (C). Phuong
trinh tiép tuyén cta (c) tai MO la:
Ay =f(x0)(x-x). B.y =f'(x0)(x-x0)-yO0.
C.y-y0o=/"{x0)x . D.y-y0=f"(x0)(x-xa).
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Cau 51. Cho ham s§ y = f(x) ¢6 dao ham trong khoang (4;5), d6 thi Ia duong cong (C).
D& dudng thing A:y=ax+b la tiép tuyén clia (C) tai diém M, (x,; f(x,)), dieu
kién can va du la:

A a= f'(x,). B. ax, +b= f'(x,).
e p |~ )
ax, +b= f(x,) axy +b= f'(x,)
Cau 52. Phuong trinh tiép tuyén cia dudng cong (C): y =% —2x +3 tai diém M (1;2) la:
A y=2x+2. B. y=3x-1. C.y=x+1. D.y=2-x.
Ciu 53. Tiép tuyén ctia duomg cong (C): y = xVx tai diém M (L1) c6 phuong frinh:
A. y=%x+%—. B. y:—%x+%. C. y=%x—%. D. y=—’2£+%.
Cau 54. Tiép tuyén v6i d6 thi ham s6 y = xlil tai di€ém vé6i hoanh dé x = ~1 6 phuong
trinh:
A y=—x-3. B.y=—x+2. C. y=x-1. D.y=x+2.

Cau 55. Cho ham s8 y = —~x" +5 ¢6 46 thi {C). Phuong trinh tiép tuyén cta
c6 tung d6 y, = —1, voi hoanh dd x, <0 la két qua ndo sau day?
A y=2J6(x+6)-1. B. y=-2J6(x+6)-1.
C.y=2J6(x—-6)+1. D. y=2J6(x-6)—1.

Céu 56. Cho ham s8 y =x* +5x+4 ¢6 d6 thi (C). Ti€p tuyén ctia (C) tai cac|giao diém
ctia (C) véi truc Ox, ¢6 phuong trinh:

A. y=3x—3 hoic y=—3x+12. B. y=3x+3 hojc y=—3x—12.
C. y=2x~3 hodc y=-2x+3. D. y=2x+3 hodc y=-2x-3.
Cau 57. Tiép tuyén clia dd thi ham s8 y = 2x+1 tai di€m cé hoanh do béng 2,c6]14és'o“ goc:
%—
A -1, B. -3. C.3. D.5.
Cau 58. Cho dudng cong (C): y = x* . Tiép tuyén ctia (C) cd hé s§ géc k=12, c6 phirong trinh:
A y=12x+16. B. y=12xx8. C. y=12xx2. D. y=12x 4.

Cau 59. Cho ham s8 y =x" —2x+3 c6 dd thi (C). Tai diém M(x,;y,)€(C), ti€p tuyén
6 hé s8 goc bing 2 thi x, + y, bang:

A2 B.3. C.4 D.5.

3
Cau 60. Goi (C) 12 d6 thi cla ham s8 y = —%—sz ~3x+1. C0 hai ti€p tuyén cta (C)

cling ¢6 hé s6 goc bang % . D6 la cac ti€p tuyén:
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3
A y= x+— hodc y—%x+3 B. y=%x—?—;— hoic y=%x—3.
3 3 13 3 29 3
C. —-\—x-t- hoac ==x4+=, D. y==x-->hodc y==x+3.
7= 7Ty IEYE T =T

Cau 61. ClTo ham s8 y =22’ +32° —4x+5 c6 d0 thj la (C). Trong s8 cac tiép tuyén clia
- (C). c6 mét ti€p tuyén c hé s§ goc nhd nhat. Hé s8 gbc ctia tidp tuyén nay bing:
A. —3,5‘{. B. -35,5. C. -75. D. -9,5.

Cau 62, Cho ham s8 y =x* ~6x” +9x ¢6 db thi (C). Tiép tuyén ctia (C) song song vdi
dudng thing d:y=9x c phuong trinh:

A.y=,lx+40. B. y=9x-40. C. y=9x+32. D. y=9x-32.

Cau 63. Goi (C) 1a do thi cha ham s§ y=x* +x. Ti#p tuyén clia (C) vudng géc véi
duong thang d:x+5y =0 c6 phuong trinh la:

A y=5x-~3. B. y=3x-5. C.y=2x-3. D.y=x+4.

Cau 64. Chlo ham s§ y=2x"+3x" +1 ¢6 d0 thj 1a (C). Goi A Ia ti€p tuyén ciia (C) tai
diém A \1 5) va B 1a giao di&m thir hai cia A véi {C). Dién tich tam gidc O4B béng:
A5 | B.6. C.12. D. 6482

O\ Cau 65. Cho ham s§ y=4x>—6x” +1 c6 d6 thi (C). Tiép tuyén ctia (C) di qua diém

M(-1 9) ¢6 phurong trinh:

: 15 21

_ 15. B.y=—x+—.
%4x+ 5 y 4 x+ 2

C.y= #4x+15 hoic y---14£x—24—1 D. y=24x+33.

Cau 66. Ch ham 8 y = x* —3%* ¢6 d6 thi I (C). Céc tiép tuyén khong song song véi
truc hoanh ké tir gbc toa d§ 0(0;0) dén (C) la:

A.y=2“x hodic y=—-2x. B. y=x hodc y=—x.

C.y=i3ﬁtx hoic y=—-§—x. D. y=3x hodc y=-3x
[ 2
Cau 67, Chcl‘ ham s3 y =£4——x+l c6 dd thi (C). Tir di€m M(2;-1) co thé ké dén (C)
hai tiép Hryé’n phan biét. Hai tiép tuyén nay c6 phuong trinh:

A.y=—‘x+1 hodc y=x-3. B. y=-x+3 hodc y=x+1.
C.y=—ix-—3ho:}icy=x—1. D. y=-x~1 hodc y=x+3.
- . T s P s
Ciu 68. Cholham s6 y = x+11 c6 dd thi (C) . Goi d 1a ti€p tuyén ctia (C), biét d di qua
x—

diém A(#;—l) -Goi M lati€p di€m clia d va (C), toa 49 diém M la:



A. M(2;5), M{0;—1). B. M(2;5), M(-2;1).
C. M(0i~1), M(~2:1). D. M[—l;%], M(=21).

x+2

Cau 69. Cho ham s§ y=
x+

tuy@n théa man khoang cach tix giao diém cha hai tiém cén dén né 1a |
phurong trinh:

A y=—-x+2 hodc y=-x-2. B. y=—x+2 hodc y=—x—-1.
C.y=x+2hodc y=x-2. D. y=—x+1 hodc y=—-x-1.

Céu 70. Tir diém A[%;O] ké dén d6 thi ham s§ y = %x’ +mx—2Tm hai tiép t
gbéc nhau thi tap tat ca cc gié tri ca 7 bing:
A.m=—;-hoécm=2. B.m=—%hoécm=—2.
C. m=%hoécm=—2. D.m=—%hoécm=2.

x

Cau 71. Cho ham s8 y = +i ¢6 d6 thi (C). Tiép tuyén cua (C) tai diém g
x—

bing 2 di qua M(0;a) thi @ nhan nhiimg gi4 tri ndo?

A 2=10. B.a=9. C.a=3. D.a=1.

Céu 72. Cho ham s§ y=x'-2m’x> +2m+1 c6 dd thi (C). Tap tat ca cac

tham s8 m d€tidp tuyén ctia (C) tai giao diém ctia (C) va duong thing d:

song véi duong théng Ary=—-12x+4 1&?
A.m=0. B.m=1. C.m==%2. D.m=3,.

I c6 d6 thi (C). Trong tat ca cac tiép tuyén clia (C), tiép

6m nhat, cé

1yén vudng

6 hoanh dd

. «\\“‘

7
g

=

=

P

<

gia tri ca 4?_%

Cau 73. Cho ham s8 y=x"+x+2 c6 db thi (C). D& dudng thing d:y=dx+m tiép

xtic véi (C) thi tap tat ca cac gid tri cia m la: !

A m=0vam=4. Bm=lvaim=2.

C.m=3. D. Khong c6 gia tri ca m .
Cau74. Choham s y=x* —(3m+5)x* +4 c6 dd thila (C,). D& (C,) tiép xti

théng y = ~6x—3 tai diém c6 hoanh d4 biing —1 thi gié tri thich hop cta

Am=-1. B.m=-2.

C.m=2. D.Khéng cdgidtrictia m. |

2

Ciu 75. Cho ham 8 y = ‘;”
X

c véi duong

m:

3 c6 d6 thi 1a (C). Tai di€m M(—-2;—4) thupce (C), tidp

tuyén ctta (C) song song véi dudng thing d:7x—y+5=0. Khi d6 biéu thitc lién hé

gitta a va b la:

A b-2a=0. B. a-26=0. C. 56—-32=0. D.a-36=0.
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Cau 76. ChJ
tiép tuyé
Khi 6 g
A 2.

Ciu 77. Cha

trén (C)
cla a va
A.a=2;
Cau 78. Cho
duong th
A (2;4)
C. (-2;4
Cau 79. Chc
tuyén cu
A. 4a-b

Cau 80. Chg
dinh sau,

A f'(x)

C. f(x)
Céiu 81. Phat
A.Ham s
co: f

B. Ham ¢
co: f
 C.Néu ,
D. Ham
Céu 82. Chol
Phat biéu

ham s§ y=2F2

6 dd thila (C). Biét réing a va b l1a cic gi tri thoa man
n clia (C) tai diém M(1;—2) song song véi duong thing d:3x+y—4=0.
Atricta a+b bing:
B. 1.

C. -1. D. 0.

ham s§ y = ;z-:_i c6 d6 thi la (C). Néu (C) di qua 4(L;1) va tai diém B

c6 hoanh d bing —2, tiép tuyén ctia (C) c6 hé s& gbc k=5 thi céc gia tri
b la:
b=3. B.a=3b=2.

C.a=2b=-3. D.a=3b==-2.

him s§ y= ";‘f" c6 d5 thi 13 (C). Néu (C) di qua 4(3;1) va tidp xitc véi
§ng d:y=2x—4, thicic cip s8 (a;5) theo thit tu l1a:

hoic (10;28). B. (2;—4) hosc (10;,-28).

hosc (—-10;28). D. (~2;—4) hodc (-10;-28).

2

) ham s8 y = “’;_‘ % 6 d thi 13 (C). D& (C) qua diém A[-1;§] va tiép

a (C) tai g&c toa d6 c6 hé sd goc bing —3 thi méi lién hé gilta @ va b la:

=1. B.a—4b=1. C. 4¢—-b=0. D. 2-45=0.
) |

Vin d& 4. SU DONG BIEN, NGHICH BIEN CUA HAM SO

SO

ham s8 y = f(x) 13 ham s8 don diéu trén khoang (a;5). Trong cic khing

khéng dinh nao diing?

>20,Vx e(a;b). B. f'(%)<0,Vxe(a;0).

=0,Vx c(a;0) . D. f'(x) khong d&i ddu trén (a;8).

biéu ndo sau day la sai vé tinh don diéu ctia ham s8?

35 y= f(x) duoc goi la dong bién trén mign D & Vx,,x, €D va x,<x,, ta

%)< f(x).

8 y= f(x) duoc goi 1a ddng bién trén mién D & Vx,,x, €D va x, <x,, ta

%)> f(x,)-

f/(x)>0,Vx € (a;b) thiham s8 f(x) ddng bién trén (a;5).

56 f(x) ddngbién trén (a;5) khi vachikhi f/(x)>0,Vx €(a;8).

ham s8 y = f(x) xdc dinh trén khoang (a;5) .

ndo sau dy 1a diing? '
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A.Hams8 y= f(x) goi la dong bién trén {a;5) khi va chi khi Vx,,x, € (a/2):

1 >% & f(x)< fx,).
B.Ham s8 y= f(x) goila nghich bigh trén (a;6) khi va chi khi' Vx,,x, €(a;5):

2 >x, < flx)> f(x,).
C.Ham s8 y = f(x) goila déng bién trén (;6) khi va chi khi Vx,,x, € (aj’b): »

x5 <x e f{x)<f(x).
D.Ham s8 y = f(x) goila nghich bién trén (2;5) khi va chi khi Vx,,x, €{a;b):

x> %, @f‘xl)>f(x2).

Ciu 83. Cho ham s6 y = f(x) <6 dao ham trén (a;4) . Phat biu nio sau day la ding?

A.Ham s§ y = f(x) goi la dong bién trén (a;6) khi va chi khi f'(x)<0,Vx €(a;b).
B. Ham s8 y = f(x) goi la dong bién trén (a;6) khi va chi khi f'(x)<0,Vx €(a;5).
C.Ham s8 y = f(x) goi 12 d6ng bién trén (a;4) khi vachikhi f'(x)>0,Yx €(a;b).

D.Ham s6 y= f(x) goi la dong bién trén (2;b) khi va chikhi f'(x)>

0,¥x €(a;b) va

F'(x)=0 tai hitu han gid tri x €(a;8).

Céau 84. Cho ham s8 y = f(x) c6 dao ham trén {g;5) . Phat biéu ndo sau day la dung?
A.Ham s8 y = f(x) got }a nghich bién trén (a;5) khi va chikhi f'(x)>0,Vx €(a;d).
B.Ham s8 y = f(x) goi la nghich bién trén (a;5) khi va chikhi f'(x)>0,Vx €{a;b).
C.Ham s8 y = f(x) goi la nghich bién trén (a;6) khi vachikhi f'(x)<0\Vx €(a;b).
D. Ham s§ y = f(x) goi la nghich bién trén (g;6) khi va chi khi f'(x)<0,Vx €(a;5)

va f'(x)=

0 tai hiru han gid tri x €(a;3).

Cau 85. Cho ham s§ y = f(x) c6 dao ham trén (a;) . Phét bidu ndo sau day ]

A.Ham s y= f(x) goila dbng bién trén (2;6)
khi va chi khi Vx,,x,

B.Ham s8 y= f(x) goi la ddng bién trén (a:2)
(=)
X2
C.Ham s8 y= f(x) goi la dng bién trén (2;4) khi va chikhi f'(x)>0,

D. Ham s§ y= f(x) goila ddng bién trén (a;5)

khi va chikhi f'(x)>0,vxe(a;6) va f'(x)=0 tai hitu han gi4

khi va chi khi Vx,,x, €(a:6),x, =, :

€(ad): x,>x, & flx

a sai?
1)>f(xz)'

= f(x)

— %,

Vx €(a;8).

>0.

tri x €(a;b).

Ciu 86. Cho ham s8 y = f(x) c6 dao ham trén (2;5) . Phat biéu nao sau day 1a sai?

A.Ham s8 y = f(x) goi 12 nghich bién trén (a;5)
khi vachikhi Vx,,x, €(4;6): x, > %, & f

18
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3

B.Ham ‘6 ¥ = f(x) goi la nghich bién trén (a;5) khi va chi khi f'(x)<0,vx¢e (a;8).

C.Ham 5?6 y= f(x) goi la nghich bién trén (a;5) khi va chi khi f'(x)<0,Vx €(a;5).

D. Ham 58 y = f(x) goi la nghich bién trén (4;5) khi va chi khi f'(x)<0,Vx € (a;b)
va f"(x) =0 tai hiru han gi tri x €(a;56). ‘

Cau 87. Né&u ham s6 y= f(x) lién tuc va déng bién trén khoang (=1;2) thi ham s&
y= f(x+2) ludn déng bién trén khoang nao?
A (—1;2)‘». B. (L4). C. (-30). D. (-2:4).

Céau 88. N&u ham s8 y= f(x) lién tuc va déng bién trén khoang (0;2) thi ham s8
»= f(2x) ludn dbng bién trén khoang nao?
A (0;2). B. (0;4). C. (01). D. (~2;0).

Ciu 89. Cho ham s8 y = f(x) dong bién trén khoang (a;5) . Ménh dé no sau day sai?
A.Ham 58 y = f(x +1) dong bién trén (a;5).
B.Ham $6 y =~ f(x)}~1 nghijch bién trén (4;5).
C.Ham 38 y=—f(x) nghich bién trén (a;5).
D.Ham 58 y = f(x)+1 ddng bién trén (2;8).

3
Cau 90. Ham s6 y= x? —x* +x dbng bién trén khoang nao?
A R. B. (—oc31).
C. (L +oa). D. (—o0;1) va (I;+00).

Cau 91. Chi|ra khoang nghich bién ciia ham s8 y = x” ~3x’ —9x+m trong cic khoang
dudi day;

A. (-33). B. (—o0;—3) hoic (I;+00).
C. R. D. (—oo;—1) hoidc (3;+00).
Cau 92. Han s6 no sau diy nghich bién trén toan truc s&?
A y=x-3x*. B. y=—x*+3x"=3x+2.
C.y=-a'+3x+1. D.y=x".
Cau 93. Ham s8 y = ax’ + bx* +cx +d dong bién trén R khi:
A a:‘j‘=0;c>0 . a=b=c=0 ‘
"6 —3ac<0 a>0; b* —3ac <0
a=b=0; c>0 a=b=0;¢c>0

a>0 8’ —3ac <0’ a>0; b* —3ac >0
Cau 94. Him s8 y = 2* + mx dbng bién trén R khi:

A.Chikhi m=0. B.Chikhi m>0. C.Chikhi m<0. D. Véimoi m.
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Ciu 95. Tim m 16n nhdt d& ham s§ y=%x3~mx2+(4m—3)x+2017 ddng Hién trén R?
A . m=1. B.m=2. * C.Dép an khéc. D.m=3
Cau 96. Ham s8 y = %x’ —2x* +(m+3)x+m ludn déng bién trén R thi gid tri m nho
nhat la:
A m=—4. B.m=0. Cm=-2. D. m=1.
Ciu 97. Ham s8 y=-—%x3 +(m—1)2+7 nghich bién trén R thi diu kién cia m 1a:
A.m>1. B.m=2. C. m<l1. D.m>2.
Ciu 98. Ham s& y=(m+2)%3—(m+2)xz +(m—8)x+m’ —1 nghich bién trén R thi:

A m<=2. B.m>-2. C.mg-2. D.m>-2.
Ciu 99. Cho ham s8 y =x* —{m +1)x* —(Zm2 —-3m+ Z)x +2m(2m—1) . Khing dinh nao

sau day la dang?

A. Ham s8 luén nghich bién. B. Ham s6 ludn ddng bién.

C. Ham s6 khong don diéu trén R . D. Céc khing dinh A, B, C déu sai.
Ciu 100. Ham 8 y = x° —(m +1)x* —(2m® —3m+2)x + 2m(2m —1) ddng bién trén mién

[2;+oo) khi:

. C.m>-2. D.m<2

A .m<S. B. -2<m< ok

[T

Céu 101. Tap t&t ca cdc gid tri cta m d& ham s8 ;u=—%:c3 +(m—-1)x* +{m+3)x—10

ddng bién trén khoang (0;3) 1a:

A m=0. B.msg. c.ng. D.m tﬁ}%)’*-

Cau 102. Biét ring ham s§ y=%x3 +3(m ~1)x* +9x +1 nghich biéh trén (x,;x,) va dong

bién trén céc khoang con lai ctia thp xdc dinh. N&u |x, ~ x,| = 63 thigidtri m ja:

A -1. B. 3. C. ~3 hoic 1. D. -1 haic 3.
Cau 103. Gid tri cia m d€ham s8 y = x° +3x* + mx +m giam trén doan c6 46 dai bang 1 la:
A.m=—2. B. m=3. C. mg3. D.m=2.
4 4

Ciu 104. (PE MINH HOA QUOC GIA NAM 2017) Ham s8 y =2x* +1 dong bién trén
khoang nao?

A. [—oo;—-%] . B. (0;+00) . C. (-—%;+oo]. v D. (—o0;0).
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Cau 105. Cho y =2x* —4x’. Hay chon ménh d2 sai trong bén phat biéu sau:
A. Ham g8 nghich bién trén cic khoang (—oo;—1) va (0;1).
B. Ham s dbng bién trén céc khoang (—c0i—1) v (L;+0).
C. Trén cc khoang (—oo;—~1) va (0;1), y'<0 nén ham s& nghich bién.
D. Trén céc khoang (—1;0) va (;+0), y'>0 nén ham s& déng bién.
Céu 106. Ham s& nao sau ddy nghich bién trén R:

A y=xY43x*~-4. B. y=—x*+x*-2x—1.

C y=—4"+24-2. D.y=x"-32"+2.
Cau 107. Hé}n s6 y=x'-2(m—1)x* +m—2 dong bién trén (1;3) khi:

A. mel[-52). B. me(~o0;2). C. me(—oc;-5). D. m€(2;+c0).
Céu 108. Ham s§ y = x* —2mx" nghich biéh trén (—00;0) va dng bién trén (0;-+oo) khi:

A.m<0, B.m=1. C.m>0. D.m=0.
Cau 109. Caq khoang nghijch bién cia ham s y = 2z +11 la:

P

A R\{1}. B. (—o0;1)U(T;400).

C. (—o0;1) va (I;+00). D. (I;+00}.
Cau 110. Ham s6 y === _1 luén:

- —
A.DPbdngbién trén R. B. Nghich bién trén R.

C. Bong bién trén timg khoang xac dinh. D. Nghich bién trén tirng khoang xac dinh.
Cau 111. Ham s& nao sau day nghich bién trén mdi khoang xac dinh clia n6?
x-2 B _—x+2 x—2 x+2

A y="—. L y= . C.y= . D.y= .
7 x+2 7 x+2 7 —-x+2 7 —-x+2
-1 1
Ciu 112. Néu ham s§ y = (_m__)i nghich bién thi gia trj ctia m la:
2x+m
A. (~o5;2). B. (2,+0). C. R\{2}. D. (-12).
Cau113. Him s8 y = x-1 nghich bién trén khoang (—oc;2) khi va chi khi:
x—m
A m>2. B.m>1. C.m>=2. D.m>1.
2 2 .
Ciu114. Him s6 y = wﬁ—ﬁi— nghich bién trén (—1;-+00) khi:
x+m
A.m<l.§ B.m>2. C.1gm<2. D. -l<m<2.
3 2 _
Céu 115. Ham s5 y = "—1—”’"——1 nghich bién trén cac khoang xac dinh khi:
| —x

A . m<0.| B.m>0. C.m=0. D. meR.
|
1
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Cau 116. Tim diéu kién clia 2,6 d€ ham s§ y =2x+asinx+bcosx ludn lugn déng bién
trén R. '

A 2 +p7<K2. B. a2 +p >2. C. & +b<4. D. &’ +5|>4.
Cau 117. Gid tri ctia b d€ham s8 f{x)=sinx —bx +¢ nghich bién trén toan truc s& la:
A b>1. B.b<1. Co=1. D. b<1.
Cau 118. (PE MINH HOA QUéC GIA NAM 2017) Tim t5t ca gia tri thuc cta tham s6
m sao chohamsd y= fanx-2 dong bién trén khoang {0;1] .
tanx —m 4
A m£O0 hodacl<m<2. B. m<0.
C.lsm<2. D.m>2.

Cau 119. Cho ham s8 y =+1-x . Chon phét biu ding trong cac phét biu sau:
A. Ham s& dong bién trén [0;1]
B. Ham s& d6ng bién trén toan tip xac dinh
C. Ham s8 nghich bién trén [0;1]
D. Ham s& nghich bién trén toan tap xac dinh.
Cau 120. Chohamsd y = m . Ham s& nghich bién trén khoang nao dugi day?
A (0;2). B. (0;1). C. (52). D. (-L1)
Ciau 121. Choham s8 y = m . Hay chon cdu duing:
A. Tap xéc dinh D =|-v3;0]u[v53;+o00).

B. Ham s8 nghich bién trén (-1;1).

C. Ham s& nghich bién trén cac khoang (-1,0) .va (0;1).

D. Ham s8 d6ng bién trén cic khoang (—oo;\/-3-) va (\/3 ;+oo) .
Cau 122. Ham s6 nao sau day déng bién trén R ?

A y=2x—l'
x+1

C.y=x-2x"+x+1. D.y=vJxl—x+1. -

Cau 123. Ham s& nao sau déy la ham s& déng bién trén R ?

B. y=2x-cos2x-5.

2 X
A y=(x-1) -3x+2. B. y=——.
( ) V2t +1
C y= x_. D. y=tanx. ‘
x+1 !

Céu 124. Khéng dinh nao sau day sai?
A.Hams8 y =2x+cosx ludn dong bién trén R.

B.Ham s8 y=-x" —3x+1 ludn nghich bién trén R .
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B

C.Hams8 y=

D. Ham

2% ‘11 luén ddng bién trén mbi khoang xac dinh.

x—
6 y=2x"+x* +1 luén nghich bién trén (—o0;0).

S

Vin dé 5. CUC TRI CUA HAM SO

=

Cau 125. Phat biéu nao sau day 1a ding?

A.Né&u f'(x) d&i dau tir duong sang &m khi x qua difm x, va f () lién tuc tai x,

thi ham s8 y = f(x) dat cuc dai tai diém x,.

B. Ham s
C.Neu f

b y=f (x) dat cuc tri tai x, khi va chi khi x, 1a nghiém cia dao ham.

(x,)=0 va f"(x,)=0 thi x, khéng phai la cuc trj cia ham s& y = f(x) da cho.

D.Né&u f/'(x,)=0 va f"(x,)}>0 thi ham s& dat cuc dai tai x,.

Cau 126. Cho khoang (a;%) chira diém x,, ham s6 f(x) ¢ dao ham trong khoang (a; )

(c6 thé tix

diém x,). Tim ménh dé ding trong cic ménh dé sau:

A.Né&u f(x) khéng c6 dao ham tai x, thi f(x) khéng dat cuc tri tai x,.

B.Néu f

'(x)=0 thi f(x) dat cuctri tai diém x,.

C.Né&u f(x)=0 va f"(x)=0 thi f(x) khong dat curc tri tai diém x,.
D.Néu f'(x)=0 va f"(x)=0 thi f(x) dat cuc tri tai diém x,.

it bidu nao dudi day la sai?

C.x=a ]{é hoanh &8 diém cuc tidu khi va chikhi y'(a)=0;y"(a)>0.

D. Néu

(%0 £ (%,)) 12 diém cuc tri cha d6 thi ham s8 tht y, = f(x,) duoc goila gia

tri cuc tri cia ham sé.
Céu 128. Cho ham s8 f(x) xac dinh va lién tuc trén khoang (4;5) . Tim ménh d2 sai?

A Néu f
B.Néu f(
C.Néu f

M (xo;

(%) dong bién trén khoang (2;5) thi ham s& khéng c6 cuc tri trén khoang (a;0).
%) nghich bién trén khoang (¢;5) thi ham s8 khéng ¢ cuc tri trén khoang (;5) .
(x) dat cuc tri tai diém x, € (a;5) thi ti€p tuyén ctia d6 thi ham s& tai diém

f (= )) song song hodc trung voi truc hoanh.
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D. Néu f(x) dat cuc dai tal x, €(a;) thi f(x) dong bién trén (a;x,) va nghich bién
trén (x,;5).
Cau 129. Cho khoang (4;6) chira 7 . Ham s6 y= F(x) xac dinh va lién tuc trén kiroang (a;5) .
C6 cac phét bidu sau day: '
(1) m 1a difm cuc tri cha ham s8 khi f'(m)=0.
(2) f(x)= f(m), Yx €(a;) tht x=m 13 dim cuc tidu clia ham s8. :
(3) f(x)< f(m), Vx€(a:b)\{m} thi x = m 1a didm cyuc dai clia ham 5. |
(4) f(x)=M, Vxe(a;d) th M duocgoﬂaglatnnhonhatcuahamsotrmkll\oéng (a:8).
S& phat bidu ding la:
A0 . B.1. . ? 2. D.3.
Céu 130. (DE MINH HQA QUOC GIA NAM 2017) Gia trj cuc dai yo, cia ham s&
y=x"-3x+27?

A yp=4. B. yop =1. C. ypp=0. D. yop =-1.
Ciu 131. Him s8 y = x® — 5x% + 3x +1 dat cyc trj khi:
x=-3 x=0 x=0 » x=3
A',,:_.I.' B. x=£' C. x=_1_o_. D. x=-1—'
3 3 3 3
Cau 132. D6 thi ctia ham s8 y = »* — 3x? ¢6 hai diém cuec tri 1a:
A. (0;0) hogc (1;-2). B. (0;0) hodc (2;4).
C. (0;0) hosc (2;—4). D. (0;0) hodc (~2;-4).
Cau 133. Ham s8 y = x* —3x +1 dat cyc dai tai:
A x=-1. B. x=0. C x=1. D.x=2.
Céu 134. Him s8 y = x* +4x° —3x+7 dat cyc tidu tai x;. K&t luan nao sau ddy ding ?
A.xmzé. B. %o =—3. c.xc,=—§. D. x. =1

Céu 135. Hé thirc lién hé giiva gid tri cyc dai yo, va gid tri cuc ti®u y., |cia ham s§
y=x —3x la
Al yor =2y B. }’cr=%ycn- C. yor =Y D. yoo ==Y

Cau 136. Cho ham s8 y =’ —3x* —9x +4 . Néu ham s& dat cuc dai tai », vi cuc tiéu tai
x, thi tich ciia y(x,).y(x,) c6 gié tri bang:
A —302. B. —82. - C.-207. D. 25.

Céu 137. Khoang céch gitra hai diém cuc dai va cuc tiéu clia d6 thi ham s§ y = (x+1)(x — 2)°
la: .
A 245, B.2. C.4. D. 5V2.
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Cau 138. T

rong cac dudng thing dudi day, duong théng ndo di qua trung diém doan

thing ndi cic diém cue tri chia d6 thi ham s8 y =x* —3x* +12
A y=2x-3. ﬁ.y=—§+%. C.y=2x+3. D.y=—2x—1.
Cau 139. Ham s8 y = x° —3mx® + 6mx +m c6 hai didm cyc tri khi m théa man diéu kién;
) Ao<m<2. B|"<0 Am<e D.0<m<8.
m>8 m>2
" Ciu 140. Ham s8 y=—'3£x3 +x> +x+2017 c6 cuc tri khi va chi khi:

A m<l. B.[’”<l. c.‘mgl, D. m<1.
m=0 m=0
Ciu 141. V¢i diéu kién ndo clia a va b &€ ham s& y=(x+a)3+(x+b)3 ~x* dat cuc dai
va cuc tifu ?
A.ab>0. B. ab<0. C.ab>20. D. ab<0.
Cau 142. Hﬁim s8 y=(m—3)x* —2mx’ +3 khéng c6 cuc tri khi:
A.m=3. B.m=0 hoicm=3. C.m=0. D.m=3.

dat cuc
A.m=
Cau 144. C

gdc toa

A y=-324+%. B. y=-3x>+x.

Cau 145. Th

o6 O vadiém 4

CéulB.TuJaé’tcécécgia’hjc&a m d€hamsd y=%x3 -%(Sm+2)x2 -!-(2m2 +3m+1)x—4

itai x =3 hodc x =35, ta duoc.
B.m=1. Cm=2. D. m=3.
o ham s8 y = ax® + bx* + cx +d . Néu d6 thi ham s6 c6 hai hai di€m cuc tri 12

2;—4) thi phuong trinh ciia ham sé 1a:
i p g

C.y=x"-3x. D. y=x*-3x".

t4t ca cac gia tri ctia tham s8 m d€hams8 f(x)=2x" —3x’ —m cb cac gia

tri cuwe trf tréi ddu:

A.—-1val0.

Cau 146.

B. (—o0;0)U(=L+00). C. (-10). D. [6;1].

o ham s§ y=2x"-3(m+1)x’ +6mx +m’. Tim m &€ do6 thi ham s3 ¢6 hai

diém cuc tri 4, B sao cho d6 dai AB=+2.

A m=

Cau 147. Ha‘km s6 y=
|

A.m=d;!.

“. B.m=0 hoic m=2. C.m=1. D.m=2.
3
i——(m+1)x2 +(m2 —3)x+1 dat cuc tri tai x=—1 thi m bang:
B.m=-2. c.|” p.|"" .
m=—-2 m=2

|
Cau 148. Bigt ham s6 y = 3x’ —mx’ +mx —3 c6 mdt didém cuc tri x = —1. Khi d6, ham s8

dat cuee tri tai diém khac ¢6 hoanh 44 1a:
1
A. 1 B. % C. —% . D. Bép s6 khac.
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1

3

Cau 149. Néu x = —1 1a di€m cyc tidu cta ham s8 y = 2x° —mx’ +(m’ ~4)x
tat ca cac gid tri cia m ¢6 th€ nhan duoc 1a:

Al B. -3. C. 1 hojc -3. D. [-31].

N e - 2 . e Al
Cau 150. Him s8 y = ax® —ax® +1 c6 didm cuc tidu x =3 khi diéu kién ctia a

A a=0. B.a>0. C a=2. D.a<0.
Cau 151. Goi x,, x, 13 hai difm cuc tri ctia ham s8 y = x* — 3mx’ -f—3(m2 —1):
Gia trictia m d€ x + %} —x,%, =7 la:
B. m=:l:—9-.
2
Cau 152. Gid trj ctia m d€ham s6 y = 4%’ + mx’ —3x c6 hai diém cyec tri ,, x|
x +4x,=0 la:

A.m=0. C.m=:l:—;-. D.m=%2]

A.m=:i:2. B.m=i—3-. C.m=0. D.m=:i:l.

2 2 2

Cau 153. Duodng théng di qua hai di€m cye trj ctia d6 thi ham s8 y = x* — 3x? -
phuong trinh:

A . y=-8x+m. B.y=-8x+m-3. C.y=-8x+m+3. D. y=-8«

Cdu 154. Néu x =1 la hoanh d¢ trung diém ctia doan thing néi hai diém a

tidu ctia 46 thi ham s8 y = %x’ —(m+2)x* +(2m+3)x +2017 thi tap t&t c3
cua m la:
A . m=-1. B.m=-1. C.m=—%. D. Khéng c6

Cau 155. Gia tri ciia m d€ khoang cach tir diém M (0;3) dén duodng thé'mg
2

di€m cye tri ctia d6 thi ham s6 y = x° + 3mx +1 béng ﬁ la:

m=1 m=—1

A.

. B.
m=-1

=—1, .
m m=3

Cdu 156. Cho ham s§ y=2x’ +3(m—1)x* +6(m—2)x—1. Xac dinh m d&
diém cyc dai va diém cyc tidu ndm trong khoang (=2;3).
A.me(-153)u(3;4). B. me(L;3). .

C. me(3;4). D. me(-14).

Cau 157. D& ham s8 y =x" +6x" +3(m+2)x —m—6 ¢ cuc dai, cuc tidu tai
cho x, < —1<x, thigia trj cia m la:

A m>1. B. m<1.

C.m>-1. D.m<-1.
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Cau 158, Tifn tit ca céc gid tr cla tham s6 7 46 ham s& y = %x’ —ma® + (m+2)x c6 hai
dim cyt: tri ndm trong khoang (0;+00)?
A m>3. B. m<2. C.m=2. D.0<m<2.
Cau 159. VJ‘H cac gid tri ndo cia m thi hams8 y=ux* —3x* L 3mx +1 ¢6 cac difm cuc tri
nhé hon2?
|

A m>0. B. m<l. m<0 D.O<m<]1.

| m>1

Cau 160. CIEPO ham s8 y=2x"-3(2a+1)x +6a(a+1)x+2. Néu goi x, x, lan luot 13
hoanh d$ cdc diém cyec trj ctia 4 thi ham & thi gia tri [x, — x,| bang:
A.a+1j B.a. C.a-1. D.1.

Cau 161. CIJIO ham s§ y =2’ +mx> —12x—13. Vi gia tri ndo cia m thi b thi ham s§
c6 diém fuc dai, cyc tiéu cach déu truc tung ?
A2 B. -1. . ClL D.0.

Ciu 162. D% thi ham 56 y =~ +3mx* ~3m—1 ¢4 hai diém cuc dai, cuc tidu d8i xing
v6i nhau| qua dudng thang ¢ :x +8y ~74 =0 thi tip t4t ca cac gia tri ctia m :
A.m=1§. B.m=-2. C.m=-~1. D.m=2.

Ciu 163. Ch\o ham s§ y = é—x’ —(m+1)x* +(2m +1)x—§ . Tim t4t ca cac gia tri cia tham

$8 m> 0| d&€ d6 thi ham s6 ¢ diém cuc dai thudc truc hoanh?
1 3 4
A m==. B. m=1. C.m==. D. m=-—.
m= m m= m=
Ciu 164. Cho ham s8 y=x" +3x° + mx+m—2 véi m 1a tham s8, c6 b thi 1a (C,). Xac

dinh m @é’ (€, c6 cac diém cuc dai va cyc tiéu n&m v hai phia d6i véi truc hoanh ?
|

A m<2. B. m<3. C.m<3. D. m<2.
Ciu 165. Cho ham s6 y=-;:x3 ~mx® +(2m~1)x—3 v6i m la tham s6, c6 db thi 1a (C,,).

Xde dinh| m d€ (C,) c6 cac diém curc dai va cyc tiéu ndm vé cling médt phia d6i véi

truc tung‘ ?

13 m>l m>1
A m<—. B.m>1. C. 2. D. 1.
2 me—

m=1 2

Cau 166. Him s8 y =ax’ +bx* +cx+d dat cuc tri tai x,, x, ndm hai phia truc tung khi
va chi khj:

A a>0,

C. b —12ac >0.

B. a va ¢ trai diu.

D. b ~12ac>0.

b<0, ¢>0.
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Céu 167. Cho ham s8 y = x> —3mx* +4m* ~2 . Tim m 48 dd thi ham s& ¢6 l-*al dlem cuc
tri 4, B sao cho I(1,0) la trung diém ctia 4B. !

A.m=0. B.m=-1. C.m=1, D. m=2.
Cau 168. Véi gid tri ndo clia tham s8 m thi d thi ham s8 y = x> —3mx® +2 <6 hai diém
cuctri 4, B saocho 4, B va M(1;~2) théng hang.
A m=0. B.m=+2. C. m=—2. D.m=x%2.
Céu 169. Véi gia tri ndo clia tham s8 m thi @b thi ham s6 y=—x*+3mx+1 ;c() hai diém
cuctri 4, B sao cho tam gidc O4B vudng tai 0, véi O 1a géc toa dd ?

A.m=-1. B. m>0. C.m=%. D. m=0.

Cau 170. D6 thi ham s8 y = —x* +2x* +3 ¢6
A. 1 di€ém cyuc dai va khéng c6 diém cyc tidu.
B. I diém cyc ti€u va khéng cé didm cuc dai.
C. 1 diém cuc dai va 2 didm cuc tidu.
D. 1 diém cuec tiéu va 2 diém cuc dai.

Cau 171. B8 thi ham s6 y = x* ~ x* +1 ¢6 bao nhiéu diém cuc trj c6 tung d6 dirong?

Al B. 2. C.3. D.4. |
Cau 172. Cho ham s§ f(x) = (x2 - 3)3 - Gia trj cyc dai cia ham s8 f'(x) bang:
A8 B. -8. C.0. D. % .
Céu 173. Cho ham s8 y = ax* +bx* +¢ (a=0). Trong ditu kién nao sau day) thi ham s8
¢4 ba cyc tri:
A. g, b cung diu va ¢ bat ki B. g, b trai ddu va ¢ batki.
C. =0 va q, c batki. D. c=0 va q, b batki.

Cau 174. Chohdm s8 y =ax® + bx? +1 (a=0).D&ham s8 cé mét cuc tidu vahai cuc dai
thi @, b ¢an théa man: 3
A.a<0,6<0. B.a<0 5>0, C.a>0,6<0.  D.a>0,5>0.

Céu 175. Cho ham s8 y =ax® +x% +1 (@=0). D& ham s8 chi c6 mdt cuc t va la cuc
ti€u thi g, & can théa man: :

A a<0,56<0. B.a<0, 56>0. C.a>0, 5<0. D.ae>0 520
Cau176. Him s8 y = x* +2mx® + m* + m c6 ba cuc trj khi: }
A . m=0. B. m>0. C. m<0. D. m=0.
Cau 177. D6 thi ham s8 y = x* —3x® + ax + b 6 diém cuc tidu A(2;-2). Tim tdng (2 + 5).
A —-14. B. 14. C. -20. D. 34.
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Cau 178. D5 ! iham s y = ax* +bx* +¢ c6 diém dai 4(0;—3) va c6 diém cuc tiéu B(—l';—S).
Khi d6 gia tri cta @, b, ¢ [an luot 1a:
A. -3;-1;— B. 2;—4;-3. C. 2;4;-3. . —2;4;-3.
Cau 179.’I“ulr\ m d&€ d6 thi ham s6 y=x —Z(m —m+1)x +m—1 cb mét diém cuc dai,

hai di€m cuc ti€u va thoa man khoang cach gitra hai diém cuc tiéu ngén nhat.
1 1 3

A m=—-—. B.m=—. Cm==. D.m=-=
2 "7 "2 ”

Céu 180. Chp ham s6 y = —x* +2mx* —4 ¢6 d6 thi 1a (C,). Tim cac gid tri cia m d& tat
ca céc diém cyc tri cta (€, ) déu ndm trén céc truc toa dé.
A, m<0‘ B.m=2. C.m>0. D. m<0 hodc m=2.
Cau 181. Gia tri cia tham s6 m bing bao nhiéu d& dd thj ham s8 y = x* — 2mx* +1 6 ba
diém cucitri 4(0;1), B, C thoamin BC =47
A m=4. B. m=+2. C.m=4. D. m=+v2.
Cau 182. Cho ham s§ y =x* —2(m+1)x’ +m’, v6i m 1a tham s8 thuc. Tim m d& d6 thi
ham s6 c¢ ba di€m cuec tri tao thanh mot tam gidc vudng.
A.m=—£. B.m=0. C.m=1. D. Dap 4n khic.
P Cdu 183. (DE MINH HOA QUéC GIA NAM 2017) Tim t&t ca cac gia tri thuc cta tham
% s6 m sag cho d6 thi cia ham s6 y==x* +2mx* +1 c6 ba diém cuyec tri tao thanh tam
giac vuong can.

Am=-—.  B.om=-1. C.m=-L D.m=1.

%\3@ | M=

Ciu 184. 'I“an m d€ d6 thiham s y = %x“ ~(3m+1)x* +2(m+1) cé ba diém cuc tri tao

thanh tan(Ll gidc c6 trong tam la g6c toa d6.

A. m——é. B.m—%. C.m=—§-. D.m=§.
Cau 185. HaJrn 8 y—% ¢6 cuc dai va cuc tidu thi didu kién caa m 1a:
A. m<0; B. m=0. C.meR. D. m>0.
Ciu 186. Hai;’n s8 y= f—z—;t;m—ij—l dat curc dai tai x =2 khi gia tri thuc m béng;

A -1. i B. -3. C.1. . D. 3.

Cau 187. Diém cuzc tri cla hAm s8 y =sin2x—x la:

A xcn=7gr+k27f(kez)- B. xcr=~zr3—+k7r(k€Z).

C. %ep =%+kvr; %o =~ +km (REZ). D. xop =§+k7r (ke Z).
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Cau 188. Gia tri cuc dai cia ham s8 y = x +2cosx trén khoang (0;7) la:
AL, B.2"_3. c. T4\, D. Z_43|.
6 6 6 6
C3u 189. Cho ham s8 y = sin x —+/3 cos ¥ . Khéng dinh nao sau déy sai:
A x= -561 la mét nghiém cia phurong trinh.
B. Trén khoang (0;7) ham s6 c¢6 duy nhét mét cuc tri.

N ” o 5
C. Ham s6 dat cuc tiéu tai x = —gi .

D. y+y"=0,¥xeR.
Cau 190. Ham s8 y =sin3x+msinx dat cyc dai tai x=§ khi m bing:
A.5. B. -6. C.6. D. -5. ‘
Céu 191. Biét ham s6 y=asinx+bcosx+x (0<x<2m) dat cuc tri tai xi:%; xX=7.
Khi d6 t6ng a+b bing: ‘
A.3. B. —‘/3-§-+1. C. V3+1. D. ~/§—1.%
Cau 192. Tim céac diém cuc tri cia ham s§ y=x2\/;2_:2— . 1
A xg=1. B. x =0. C. xgp=-1. D. x,=2.
|,

Cau 193. (PE MINH HOA QUOC GIA NAM 2017) Cho ham s8 y = f (= ) ac dinh, lién

tuctrén R va cd bang bién thién nhu sau:

X |- [¢] 1 +o0
¥ + | - o +
o

Khiéng dinh nao sau dy la khing dinh ding ?
A. Ham s8 ¢6 dung mét cuc tri.
B. Ham s6 c6 gia tri cyc tiéu bang 1.
C. Ham s6 c6 gia tri 16n nhét béing 0 v& gia tri nho nhat bing —1.
D. Ham s8 dat ciee dai tai x =0 vadat cucti®utai x=1. i

Céu 194. DS giam huyét 4p clia mét bénh nhén duoc do bdi cong thixe G(x) =0, 01;25::2 (30—x)
trong d6 x(mg) v x>0 la lidu leong thubc can tiém cho bénh nhan. Pe huyét 4p
gidm nhiu nhat thi ¢an tiém cho bénh nhéan mét liéu lwong bing:
A. 15mg. B. 30mg. C. 40mg. D. 20mg 1
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V’a’l‘n de 6. GIA TRI LON NHA

==
T - GIA TRI NHO NHAT CUA HAM SO

=

Cau 195. Xét ham s6 y =<4 —3x trén doan [~1;1]. Ménh d& nao sau déy diing?
. A Ham)s dong biéh trén doan [~1.1].
B. Ham s8 ¢6 cyc tri trén khoang (— L1).
- C. Ham s8 khéng c6 gid trj 16n nhat va gia tri nhé nhat trén doan [-51].
D. Ham|s8 c6 gié trj nhé nhit bing 1khi x =1, gia tri 16n nhét bing +7 khi x=—1.
Cau 196. Khi tim gid tri 16n nhat va nhd nhat ctia ham s6 y= \/m , mdt hoc
sinh la i nhuw sau: :
(1)- Tép/xéc dinh D =|~L,4] va y'= S A B
_ V-2 +3x+4
(2). Hamn s8 khdng c6 dao ham tai x=-L,x=4 va Vxe(-L4):y'=0 o x=%.
(3). Két fuan: Gi4 trj I6n nhét ctia ham s8 bing g khi x =% va gid tri nho nhét béng 0
khi x=-Lx=4.
Céch giaj trén:
A. Sai & budce (3). ' B. Sai tir bude (1).
; C. Sai tirfbuc (2). D. C4 ba buse (1),(2),(3) déu dting,
Ciu 197. KHi tim gi4 tri 16n nht va nhé nhét ctia ham s6 y = x ++2—#° , mét hoc sinh

lam nhw

sau.:

N2-x" —x

v xz - X

1). Tap xéc dinh: D=|—2;4/2| va y'=
(). Tap [ ] —
>0
(2).y'=0¢>\/2—x2—x=0©{x/2 & x=1
2-x"=x
(3). Két lusn: Gié trj 16n nhét ctia ham s8 bang 2 khi x =1 va gi4 tri nho nhat bing —/2
khi x=—2.
Cach giai trén:
A. Sai tir bude (1). B. Sai tir bude (2).
C. Sai & budc (3). D. Ca ba buéc (1),(2),(3) déu dung.

A.0val.

Céu 198. Gid trj nho nhét va gia tri Ién nhit cia ham s8 f (x)=2v4—=" lanluetla:

B. -2 va 2. C.-2vaz2. D.0va+2.
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Cau 199. Choham s8 y = ‘/ x +l . Gi4 tri nho nhat cia ham s& trén (0;+00) b
x

ng:
A V2. B. 0. C.2. D.1.

Céu 200. Goi m 12 gid tri nho nhét v M 13 gié trj 16n nhét ciia ham s £ (x) = 24 +3#° —1
wén doan —2;—% . Khi d6 gié tri cba M —m biing;
A. 5. B. 1. C. 4. D.5.

Cau 201. Trén doan [-§1], ham s8 y = —-%x’ —2x*~x-3

A. Cogia trinho nhat tai x=—1 va gia tri Iénnhit tai x=1.
B. C6 gia tri nho nhit tai x =1 va gid tri Ién nhittai x=-1.
C. C6 gia tri nho nhit tai x = —1 va khdng c6 gid tri lon nhit.
D. Khéng c6 gia tri nho nhit va cd gia tri Ién nhat tai x=1. ‘
Ciu 202. (PE MINH HOA QUOC GIA NAM 2017) Tim gia tri nho nhét ciia ham s§

2
¥ +3 trén doan [2;4].
. . . . 19
A . miny=6. B. miny=-2. C. miny=-3. D. miny=—.
[2:4] [2:4] f2:4] [2:4] 3

Chu 203. Trong cic s6 dudi day, dau 1a s ghi gia tri nho nhét ciia ham s6 f () =l
trén doan |{—6;6]?

A. Q. B.9. C.55. D. 110.
Cau 204. Gid trj 16n nhat ciaham s6 f(x)= |x2 —3x+2|—x trén doan [—4;4]
A. 2. B. 17. C. 34. D. 68.

Cau 205. Cho ham s& y = #* +2 . Véi x>0 ham s
X

A.Cégia trinhonhitla —1. B. C6 gia tri nho nhét1a 0.
C. C6 gia tri nho nhat la 3. D. Khéng c6 gia tri nhé nhit.

0. 252
315

Cau 207. Goi T =|[a;b| 12 tap gia tri ciia ham s f(:c)=:c+2 véi x€[2;4].Kl'%.ido' b—a?
x

Cau 206. Tap gia tri cla ham s§ y = x* +3 véi x €[3;5] 1a:
x

29 127

3°5 3°5

A
3 15

2‘142]

A 6. B.E. C.—2-§. D.
2 4

M|

Ciu 208. Trén doan [-1;2]. Him 8 y = —-x— 4 :
x

A. C6 gid tri nho nhat 1a —4 va gi4 tri 16n nhat 13 2. |
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.

B.Co gia'i tri nho nhdt 1a —4 va khéng cé gia tri lon nhét.
C. Khong 6 gia tri nho nhit va gid tri 16n nhat 13 2,
D. Khéng c6 gié tri nhé nhét va khéng c6 gid tri lon nhét.
Ciu 209. Gizji tri nhé nhit ciahdim s6 y =2cos’ x —%cosz x+3cosx +—;— la:

Al | B. —24. C. -12. D. -9.
Céu 210. KHi tim gi trj I6n nh&t - gi4 tri nho nhat clia ham s8 y = sin® x + cos? x . Mot
hoc sinh lam nhuw sau
{@).Véi l'%\oi xtadéucé 0<sin*x<1 (1) va 0<cos’ x <1 (2)-
(ID. Céng (1) va (2) theo v&'ta dwge 0< sin® x +cos® ¥ < 2.
(IID. Vay GTLN ctia ham s8 12 2 v GTNN ctia ham s6 12 0.

Céch giai trén
!

A. Sai tir bue (). B. Sai tir budre (I).
C. Sai tir budc (II). D. Ca ba budc (I), (II) va (III) déu sai.

Cau 211. Trén nira khoang [0;+00), ham s6 f(x)=x’+x—cosx —4:
A. Cé gid tri Ion nhét 1a ~5, khéng c6 gi4 tri nho nhat.
B. Khéng| cd gia tri Ion nhét, c6 gia tri nho nhatla —5.
C. Cé gidjtri I6n nhat 14 -5, gid tri nhd nhat1a -5.
D. Khdng c6 gid tri 16n nhit, khdng c6 gia tri nhé nhit.
Céu 212. Gig tri ndo sau ddy cia x d&€ tai 46 ham s6 y =x* —3x’ —9x +28 dat gia tri
nho nhat itrén doan [0;4]?
Al B.3. c.2 D.4.
Ciu 213. Héﬁn 53 ndo sau ddy khéng c6 gid tri nho nhat va gia tri 16n nhat trén [-2;2]?

A.y=x3§+2. B.y=x"+x*. C.y=x_l. D.y=—x+1.
1 x+1
| x—m’ :
Cau 214. Gid/tri 16n nh&t ctia ham s§ y = - trén [071] béing;
x
2 2
A 1+2”' . B. —m’. C. le D. Dép an khic.
x+m .
Céau 215. Gid| tri nho nhét cia ham s6 y = trén {~1;0] bang:
v
2 2
A. 1”—521 B. —m*. C. le D. Dép 4n khéc.
Ciu 216. Trén doan [—1;1], ham s8 y = ~x* —3x” +a 6 gid tri nho nhat bing 0 thi 2 bing:
A.a=2, B.a=6. C.a=0. D.a=4.

Céu 217. Gié| tri 16 nhét cia m d&ham 8 f(x)= % =

c6 gid tri nho nhét trén [0;3]
. |

bang —27

A m=4, B.m=5. C.m=-4. D.m=1.
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x—1

Céu 218. V4i gid tri nao cia m thi gid tri nhod nhit cia ham s6 y = o
x+m
[2;5] bing—l-?
6
A m==1. B. m=+2. C.m=+3. D.m=4.

Cau 219. Dau 1a s8 ghi gid tri chia m trong céc s8 dudi day, néu 10 1a gid tri |
ham s§ f(x)=—x" +4x—m trén doan [-53]2

A3 B. -6. C -7. D. -8.

x—

Cau 220. Tim céc gia tri ctia tham s8 m € gia trj nhé nhit cha ham s8 f (x)
doan {0;1] béng —2?

B

P

C

I

D

m=2
Cau 221. Trong tat ca cac hinh chit nhéat cé dién tich S thi hinh chi¥ nhit ¢6
nht béng bao nhiéu?
A 2VS. B. 45 . C.25. D. 4s.
Cau 222. Trong t&t ca cac hinh chir nhit ¢6 chu vi bing 16 cm thi hinh chit n
tich 16n nhat bang:
A. 36cm’. B. 20cm*. C. 16cm’. D. 30cm®.
Céu 223. Sau khi phét hién mét bénh dich, cac chuyén gia y t& wéc tinh s8 n
bénh k& tir ngdy xuat hién bénh nhan dau tién dén ngay thit £ 1a f(r)=4
qua khao sat duoc trong thidng 8 vira qua). N&u xem f'(r) 1a t8c 4 t
(ngudi/ngay) tai thoi diém ¢. T8¢ d§ truyén bénh s& lén nhat vao ngay thir:
A 12 B. 30. C. 20. D. 15.
Cau 224. (DE MINH HOA QU6C GIA NAM 2017) Cho mét tim nhém hinh !
12cm. Nguoi ta cit ¢ bdn géc clia tdm nhdm d6 bén hinh vudng béng nha
vudng c6 canh bang x(cm), réi gap t&m nhom lai nhu hinh vé dudi day d

cai hép khéng nép. Tim x d& hdp nhin dugc c6 the tich 16n nhat.

Lx=6.

34

lm=2

trén doan

n nhat cua

2

m” +m

Py

chu vi nhé

hat c6 dién

cudi nhidm
512 1 (két

‘uyén bénh

|
yudng canh
1, mbi hinh
{é’duqc mét
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o

Vin d& 7. DO THI CUA HAM SO VA PHEP SUY DO THI

i =0
Ciu 225. (OE MINH HOA QUOC GIA NAM 2017) Ty

Db thi hxl‘nh bén la cia ham sé nao?

A y=—i+x-1.

B. y=-—:‘r3 +3x+1.
|
C.y=x"—x*+1.

D. y=x-3x+1.

Ciu 226, D‘c")ithi sau day la cia ham s8 nao?

‘ K

. A y=-x"-3x"-2.
/‘. B. y=x>4+3x"-2.
1 z

. > C.y=x"-3x"-2.

-2 .\O| i
D. y=—x*+3x* -2

-~

Cau 227. D6/thi hinh bén 1 cta ham s8 nao?
A, y=(:r-i—1)2 (1-%).

(341 1), )
(J:+1) (2-=x). —1/0
=(x+ )(2+x).

Cau 228. Do|thi sau déy la ctia ham s6 nao?
| 1 3
A y=—-x"+1.

B. y=—x"+3x+2.

Cy=-x-x+2.
1% T D. y=-x+2.
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Céu 229. Cho ham s§ y = f(x) c6 bang bién thién sau:

-0 . -1 . 1 +o0

¥ + 0 -

y/\/

D5 thi nao th€ hiénham s y = f(x

S E S

y Y

[\
'Y

.
A S
Q
L 4
/NJ
v ii

-2 " -1 0 1 ‘
-~
y
C Ty
-1 1 be
!
: 2
N
§ 1 o
' 4 0 1 T ’

Cau 230. Cho ham s6 y = ax’ + 62" +cx +d ¢6 d6 thi nhu hinh bén.
Chon dap an diang?
A. Hams6cé hésd a<0.
B. Ham s6 ddng bién trén cic khoang (—2;-1) va (1;2).

C. Ham s& khéng c6 cuc tri.

D. Hé s6 twr do ctia ham s8 khac 0.
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B/

Ciu 231. P9|

A y=-x"4+2x"+2.

B. y=x*
C y=x*

D. y=x|-2x" +3.

Céu 232.D%

thi hinh bén la ctia ham s6 nao?
—2x*42.

—4x* 42,

thi sau day la ctia ham s8 nao?

3

-

Y

A y=x"-2x* 1.

Ciu 233. D6
A y=-
B. y=—:
C y=-
D.y=x

Ciu 234. D%

-1

7
1 0 i P B.y=-2x"+4x"-1.
C.y=—x"+2x"-1.
-1

D. y=-x'+2x"+1.

thi hinh bén la ctia ham s& nao?
vt —2x" +3.

¢t —2x7 -3,

¥* +2x7 +3.

P +247 +3.

p———
L 4

thi sau day la cia ham s6 nao?

r

0

Céu 235. Cho ham s§ y = f(x) c6 bang bién thién nhu sau. Chon phat biéu sai?

X | -0 -1 0 1 +0d »

- 0 + 0 - 0 +

N
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A. Ham s6 ddng bién trén cdc khoang (—10) va (I;+c0). 4
B.Ham s6 dat cuc daitai x=0.

C. Db thi ham s8 d3 cho bidu dién nhu hinh bén.
D.Hams8 dachola y=x*-2x*-2. z

(URPPTS LN

Cau 236. D5 thi sau day 14 cia ham s8 nao?

PN x+1
v A y= .

L 4

DO |

(PSRRI, . Enll S-SR sy pep-rey
B —
‘e

Cau 237. Cho ham s8 y = x* —6x* +9x ¢6 db thi nhu Hinh 1. D3 thi Hinh 2| 13 ctia ham
s6 nao dudi day?

-~ -~

y ' ¥ i

v

-3 -1 0 1 |3

Hinh 1
A y=—-x"4+6x*—9x.

C.y=lx"—62*+9x

Hinh 2
B. y= Ixr +6|x|2 +9[x|.
D. y= |x|3 —6x* +9|x|.

Cau 238. Cho ham s8 y=x* +3x% —2 ¢6 d5 thi nhu Hinh 1. D5 thj Hinh 2|13 cia ham

s8 nao dudi day?
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N .2
VA VA

3 2 -1 0

+ =

| Hinh 1 Hinh 2
A y=laf 1+3}4 -2. B. y=|x’+3x* 2|
C. y=|f|+322 2. D. y=-x -3z 42,

Cau 239. Cho fném s6 y= f(x) liéntuctrén R va c6 dd thi nhw hinh dudi day.
! :

(1). Ham s& nghich bién trén khoang (0;1). 1

(IT). Ham s?;o" dbng bién trén khoang (-1;2).

)

(III). Ham 48 c6 ba diém cue tri.
A  (V).Ham 16 c6 gié tri lén nhat bang 2.
S8 ménh dT} ding trong cac ménh dé sau la:

- Al B. 2.
c3. D. 4.
| 1 0 ¢
Céu 240. Choham s6 y = 3 x+1 ¢6 d6 thi nhuw Hinh 1. D5 thi Hinh 2 1a cia ham s6 nao
X
dudi day? |
S AT 1 T
oL |1
——— P2 —_— N
1 ’ 1 0 2
- | 2 T2
‘ Hinh 1 Hinh 2
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* | x [
A y= . B.y= . Cy=—o0r. D. y= .
Y o+l YT o +1 7S o+ YT 2+
Ciu 241. Cho hdm sé y = ;+21 c6 d6 thi nhu Hinh 1. D6 thi Hinh 2 13 cia ham s nao
x—
duwdi day?
Tk ;' 1& y.’
1] 1
2| ¢ 2 [———
D) ol i1 z 2 o[ 71 e
: | 2
1l [}
Hinh 1 Hinh 2
2 2
A_yz_["_'*’z]. B y=|x!+ = x+2l_ D,y=m+_.
2x—1 2|x|-—1 2x—1 2x—1
Ciau242.Chohams8 y=x* +bx’ +ex+d.
Ty Ty Ty Ty
All s\ :
v \ A S N
M In (I awv)
Céc d6 thi nao ¢6 th8 13 d6 thi bifu didn ham s8 d3 cho?
A.QD). B. () va (II). C. (1) va (IV). D. (III) vi (IV).
Ciu243. Chohamsd y=x* +bx* —~x+d.
~
- h H
y v Ty
NI -
, \ 7 -+ z —
) (In am
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Cac d0 thi nao ¢6 thé 1a d6 thi bidu dién ham s da cho?

A (D). B.@vadn. C. @I). D. (I) va (IIII).

Ciu244. Chohams8 y= f(x)=ax’ +bx* +cx +d .

¥ y y y
1(
|
z
— €

o (I () awv)

Trong ca\c ménh dé sau hay chon ménh d& ding;:
A.Db thi () xay rakhi a <0 va f '(x) =0 ¢6 hai nghiém phan biét.

B. D5 thj (II) xay rakhi a=0 va f'(x)=0 ¢6 hai nghiém phan biét.
C.b%

i (III) xay ra khi 2> 0 va f'(x)=0 vé nghiém hoic c6 nghiém kép.
D. D thi (IV) xdy ra khi >0 va f'(x)=0 c6 c6 nghiém kép.

Cau 245. Cho dudng cong (C) ¢6 phuong trinh y = f(x)=+1-x" . Tinh tién (C) sang

phai 2 don vi, ta duge duong cong mdéi cé phurong trinh nao sau dy?

A. y=.,v_xz +4x+3. B. y=+—x +4x-3.
C. y=1-# +2. D. y=vl-x"-2.

Cau 246. Tith tién d6 thi haims8 y = Zx :_43 sang phai 1 don vi, sau dé 1én trén 5 don vi
. X
ta durge 46 thi ham s8 nao dudi day?
11x x=5 x~3 11x+22
A. =J‘ . B.y= +5. C.y= +5. D.y= .
Y 2w+ Y 7= 2 +3 7= %45

Ciu 247. Bing phép tinh tign, d5 thi ham s8 y = x* —3x? +6x—1 duoc suy ra tir 46 thi

ham s6 ly = x* + 3x+1 nhu th& nao ?

A. Sang trdi 1 don vi, sau d6 xudng dudi 2 don vi.
B. Sang trai 1 don vi, sau d6 1én trén 2 don vi.
C.Sang phai 1 don vi, sau d6 1én trén 2 don vi.

D. Sang|phai 1 don vi, sau d6 xudng dudi 2 don vi.

~7x+6 A Ls L ~
dwoc suy ra tir d6 thi ham s y =
-3x+4 ) Y ’ Y 3x

nao trong cac cach sau diy?
A.Dé6i %'g qua tryc tung va lén trén 2 don vi.

B. D&i " g qua truc tung va xudng dudi 2 don vi.

Cau 248. D6 thj ham s3 y = z-

2 .,
bang cach
+4
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C. D6i xiing qua truc tung va sang phai 2 don vi.
D. D6i xting qua truc tung va sang trai 2 don vi.
Céu 249. DO thi ham s6 y =1+ f(x~2) duoc suy ra tir 45 thi ham s§ y=|f(x) bing
cach tinh tién theo vecto nao dudéi day?
A y=(-L-2). B.v=(-21). C. v=(5-2). D. v=(21).
Céu 250. Cho ham s8 y = f(x) <6 db thj (C). Db thi ham s§ y =|f (x)| dwor suy ra tir
(C) bing cach nao dudi day:

A. Git nguyén phan dd thi (C) & phia trén truc Ox, phan db thi dudi truc Ox thay
béng phan d6i xting qua truc Ox. ‘
B. X6a b6 phan 6 thi (C) & phia dudi truc Ox va gix nguyén phian con lai.,
C. X6a bo phin db thi (C) ¢ phia dusi truc Or va vé thém phin d6i xu’n% v6i phan
con lai ctia (C) qua truc Ox. ‘
D. X6a bo phén d6 thi (C) ¢ phia duéi truc Ox va vé thém phin d5i xx'rnlg v6i phan
con lai chia (C) qua truc Oy.
S
Vin d¢ 8. PUONG TIEM CAN CUA PO THI HAM S8
=0

Cau 251. (PE MINH HOA QUOC GIA NAM 2017) Cho ham s§ y = £(x) <6 lim

va lim f(x)=-1.Khing dinh no sau day 12 khing dinh dting ?
A. D thi ham s8 d3 cho khéng ¢6 tiém can ngang.

B. D6 thi ham s8 da cho ¢ dang mot tiém can ngang. ;
C. D thi ham s8 da cho c6 hai tiém cin ngang 14 cic dudmg thing y =1 va y=—1

D. D6 thj ham s6 da cho c6 hai tiém cin ngang 1a cac dudng thing x =1 val x = —1.

2 —x-1
Cau 252. D6 thi ham s§ y =2—2_~ (6:
x—1
A.Tiém c3n ding x = —1, tiém cin xién y=x.

B. Tiém c&n dimg x =1, tiém cin xién y=x.

C. Tiém can dimg x =1, tiém cin xién y=-x.
D. Két qua khac.

3 s f
3 bang: ‘

A0 B.1. C.2 D.3. - |

Cau 253. 58 dudng tiém cin cta 4 thi ham s6 y =

Céu 254. Cho dudng cong (C): y = x_;.; . Diém nao dudi day 1 giao ciia hai tiém C%H cta (C)?
X
A L(-%2). B M(2)). C. N(-2-2). D. K(—Z;l)!.
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Ciu 255. Puéng cong (C):y = :2__29 6 bao nhidu dudng tidm can?

AL B.2. C.3. D.4.
. Céu 256. D6 thi ham s§ y = po: :1 ¢6 nhitng durdng tiém can nao?

A.x=0pwva y=2. B. x=0.
C.y=0. D.x=2 va y=0.

Céu 257. D thi ham s§ y = x ++/32” +1 c6 bao nhiéu dudng tiém can xién?
A.0. B.1. c.2 D.3.

Ciu 258. D% 1&11 hAm 8 y= ﬁ;—i‘%*—‘ :
A. C6 tiéth cin dimg. B. C6 tiém can ngang.

C. C6 tiém cin dimg va tiém can xién.  D. Khéng ¢6 dudng tidm can.

\
Cau 259. D5 ‘

2
- x—1
thi chahamsé y = g——,—-)—- co
P

A.Tiém c‘@n diéng x = % . B. Duong thing y =4 13 tiém can ngang.

2

C. Du’bnj théng y=2x latiém cdnxién. D. Pudng th?mg ¥y =2 la tiém can ngang.

Céu 260. DB thi ham s8 y =

3x

co:
x2 -X

@) Tiém cFm dimg x=0. (I)Tiémcéndlng x=1. (III) Tiém cn ngang y=3.
Meénh dé nao ding:

A.Chilvall B. ChiIvalll C.Chill vall D.Cabal II, III.
Céu 261. Trong ba ham s&:
x--1 % # +x+1
Ly=——. L y=—"ro m. y=—=—
s Y= 7T
D6 thi ham s8 nao ¢ dudng tiém cin ngang:
A.Chil B. Chi IL. C. ChiIll. D.Chi I valll
Cau 262. Trong céc két qua sau, két qua nao néu dung ca hai dudng thing déu 1a tiém
. _ .3
céin ciia d5 thi ham s6 y = 7 +2 + SS9RE =48I0 %
6x—m
A. {x:%-;y=x+2}. B. {x:%;y:x—&-?,}.
C. {x:%;y:x—Z}. D. {x:%;y:x—Z}.
Cau 263. D6 thi ham s6 y =%+1+sm_x c6:
x
A. Tiém cin ding. B. Tiém cén ngang.
C. Tiém dimg va tiém can xién. D. Tiém cin xién.
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Céau 264. Choham s6 y = ,—xi Trong céc gia tri cia tham s8 m cho
x —4x+m

1t sau, gia

tri nao lam cho d6 thi ham s& chi ¢ mot iém can ding va mét tiém cin ng ng ?

AL B.2. C.3. D.4. |
Céu 265. Cho ham s5 y=i{%. Vi gid tri ndo clia m thi 49 thi hémlr s c6 tiem
X
can ditng va khéng ¢6 tiém can xién?
A.m=l. B.m=§. Cm=2. : D.m=0.
2 2
z—
Céu 266. Vi chc gid tri no clia m thi 46 thi ham s8 y = 25 =32 H7 1500 6 vian can dimg?
xX—m
A m=0. B.|" . c.|”=7. D.m=1.
: m=2 m=1

Ciu 267. (DE MINH HOA QUGC GIA NAM 2017) Tim t5t ca céc gid tri thuc
m sao cho dd thi ctia ham s8 y = x4l €6 hai tiém cin ngang.
Jmx? +1
A. Khong c6 gia tri thye nao ciia m théa man yéu cau d@ bai.
B. m<O0. C.m=0. D.m>0.

Cau 268. Vi gid tri ndo cia m thi d thj ham s§ y= ;""

digm M(—l;ﬁ)?

A2 B.0. c i p. Y2

2 2
—1) ¥ -
Céu 269. V6i gié tri ndo clia m thi d6 thi ham s§ y = (m—1)" +2mx 1
X

xién di qua diém M (3;4)?

Al B.2. c¢lp =
5 7

mx’ + (3 - m) x-2
x—1
tron c6 phuong trinh (x—1)° +(y~4)" =2 thi t3p tat ca céc gié tri ca m |
A -1. B.2. C.1 D.3.
S
Vin de 9. TUONG GIAO GIUA HAI PO THI
X O
Cau 271. (OF MINH HOA QUOC GIA NAM 2017) Biét ring dudng thing y =
d6thihdms§ y = x> + x +2 tai diém duy nhat; ky higu (x,;5,) 1atoa d6 cia

Cau 270. Néu d6 thi y = €6 dudng tiém can xién tip xdc

44

ria tham s

¢6 tiém cén dimg di qua

o tiém cén

véi duong

—2x+2 cit
diém 46.
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Tim y,?

Ay, =4. B. y,=0. Cy=2. D. y,=—1.
Cau 272, 36 diém chung ctia d5 thj ham s& »=%"~32" +1 va truc hoanh la:
A 1. B. 2. C.3.

D. Khéng két luan dwoc.
Cau 273. Cho ham s6: y = {x- 1)(::2 + mx + m)

tai ba dliém phan biét.

-Tim m d& d6 thi ham s& cit truc hoanh

1

A m>la, B. —-%zm<0. C.0<m<4  p. | 3=m<0
m>4
Cau 274. V6i gié tri ndo caa m thi duong thing y=m cft dudng cong y = x* -3’ tai
ba diém phan biét?
A —4<m<0. B.m>0. C.m<—4. D. " <4

“m>0
Cau 275. Cho phuong trinh 2x* —3x? 4.2 _ gt-2w

=0. Véi gia tri ndo ctia m thi phuong
trinh da cho ¢é ba nghiém phan biét.

1 3 1
A~ 4. B. 1 - Co =.
3<m< <m<2 <m<2

3

D -l<m<Z,
i

Ciu 276. Clio phuong trinh »* —3x% +3m—1=

0. Véi gid tri nao cta m -thy phuong trinh

da cho 6 ba nghiém phin biét trong d6 c6 diing hai nghiém I6n hon 1?

A.-;-<rr+<3. B.l<m<§. C.2<m<%. D. —2<m<§.

Céu 277. Cho phuong trinh 2x° ~3x* = 2m +1. Véi

gid tri ndo clia m thi phuong trinh
da cho c¢ diing hai nghiém phén biét:

A.m=—%hoécm=—1. B.m=—%hoécm=—§.

C.m=-;-hoéc m=-§. D. m=1 hodic m= 3.

Cau 278. V4i gié trj ndo ctia m thi phuong trinh »° +3x* —m =0 6 ba nghiém phan
biét? J
A -2<m<2. B.O<m<4. - Cl<m<s. D. -l<m<2.

Cau 279. Véi gia tri ndo ctia m thi d thiham s8 y =2 —mx? 14 cit truc hoanh tai ba
diém phan biét?
A m=0. B. m>3. C. m=3, D. m>0.

CAu 280. V&i gia tri ndo ctia m thi d6 thi ham g y=x=

3mx® 42 ¢ ding hai diém
chung véiltruc hoanh?

A.m=l.1 B.m=132. Cm=

1
6\ % D. m=+f3.
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Cau 281. Phuong trinh x* —3mx+2 =0 c6 mét nghiém duy nhéat khi diéu kién cta m la:
A O<m<l. B. m<1. C. m<0. D. m>1. '
Céu 282. D6 thi ham s8 y=x’—(2m+1)x* +(3m+1)x~m—1 ludn ct trud hoanh tai
di€m c6 hoanh d§ bing bao nhiéu?
A x=2. B. x=1. Cx=m. D.x=0. -
Ciu 283. Tim 7 A€ dudng thing d:y=m(xr—1)+1 cit d6 thi ham s§ y=-»* +3x—1
tai ba diém phan biét 4(L;1), B, C. ' |

A m=0. B.m<%. C.0=m<-‘9I. D. m=0h$écm>%

Cau 284. Tim m € d6 thi ham s6 y = x* —3x” +2 cit dudng thing d:y = ﬂr x—1) tai
ba diém phan biét c6 hoanh d6 14 x,, x,, x, thoa méan x? +xl+x2 =5, ‘
A . m>-3. B.m=-3. C.m>-2. D.m=-2.
Céu 285. Dudng thing d: y = x+4 cit d6 thi ham s8 y = x* +2mx? +(m+3)x+4 taiba
diém phan biét A(O;4), B, C sao cho tam gidc MBC c¢6 dién tich bﬁng 4, voi
M (1;3). Tap tat ca cac gia tri cia m nhan duoc 1a:

A. m=2 hodc m=3. B.m=3.
C. m=~2 hodc m=-3. D. m=-2 holic m=3.

Cau 286. D6 thi hdm s§ y = —x* +2x? ¢6 bao nhiéu diém chung véi truc hoanh ?
A. 0. B. 2. C. 3. D. 4.

Cau 287. V6i diéu kién nao ca £ thi phuong trinh 4x* (l—x2)= 1—-% ¢6 bon nghiém
phan biét?
A O<k<2. B. £<3. C -1<k<l. D.0<k<].

Cau 288. Cho phuong trinh x* ~2x* +2017—m=0. Véi gia trj ndo ctia m thi phuong
trinh da cho ¢6 dung ba nghiém ?

A m=2015. B. m=2016. C. m=2017. D. m=2018.
Cau 289. Dudng thing y=m va dudng cong y = x* —2x* — 3 ¢6 hai diém chung khi:

A.m>-3 hodc m=—4. B. m<—4 hogc m=-3.

C —-4<m<-3. D.m>—-4.

Cau 290. C6 bao nhiéu gia tri nguyén cia tham s3 m d8d thihdms8 y = —x +2(2+m1)x —4-m
khéng 6 diém chung véi truc hoanh?
AL B. 2. C. 3. D. 4.
Ciu 291. D6 thi (C) ctaham s§ y = -x—z:—z-_%ﬁ cit truc tung tai di€ém M cé toa|dd ?
x

A. M(0;0). B. M(0;-2016).  C. M(2016;0). D. (2016;-2016).

) )
Chu 292. 58 giao diém chia dudng thing y =2x+2016 v&i dd thi hams§ y = Eid +11 la:
x—

A.Khéng cd. B. 1. C.2 D.3.
46
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|
Ciu293.Goi|M, N 1a giao diém clia dudmg thing d : y = x +1 vadudng cong (C): y = 2x+4.

Khi dé h

A2
2

x—1
panh d§ trung diém I cia doan thing MN béng:

B.2. C.1. D. -2
2

- Céu 294. Timn t&t ca céc gia tri clia tham s6 m 8 dudng thing d:y =2mx+m+1 cit d6

2x
thi ha =
Hham ﬁ Y 2x+

A. m>—3

o~

I tai hai di€m phan biét.

A m=1] B. m=0. C.m>1. D. m<0.
Céu 295. Tim tat ca cic gid tri clia tham s§ 7 d& db thi ham s§ y = - 7 &t duomg
thi'mg y==2x+1 tai hai diém phén biét.
E. B. m=~1. C.m>-1. D. —%<m=:—l.

Cau 296. Tim t4t ca céc gia tri ctia tham s8 m d& duong théng y=2x—2m cit d6 thi ham

X

s6 y= -——;—:: tai hai di€ém phén biét c6 hoanh dé duong.
x

A.O<m

<=2
<1. . ” . C.1<m<§. D.O<m<l.
m>5 2 3

Céu 297. Goi d la duong thing di qua 4(1;0) va c6 hé s8 goc m . Tim cdc gia tri cua

tham s8 m d& d cit d6 thi ham s§ y =

nhanh clt
A.m=0.

X

+f tai hai diém phan biét M, N thuéc hai

a d6 thi.
B. m>0. C. m<0. D.0O<m=1.

Cau 298. Tim t4t ca cdc gid tri cta tham s& m d&€ dudng thing d:y=—x+m ct dd thi

ham sé y

A m=1,;

L —2x+41

1 tai hai diém 4, B sao cho 4B =22 .
x

m=—-2. B.m=1Im=-7. C.m=-Tm=5. D.m=1Im=-1.

Cau 299. Tim t4t ca céc gi trj ctia tham s§ m d&€ dudng thing d:y=x—m+2 citdd thi

ham s§ y

= _Zx_l tai hai di€ém phan biét 4 va B sao cho dé dai 4B ngé'n nhét.
Pox—
|

A m=-3. B. m=-1. C.m=3. D.m=1.

Cau 300. Tim tat ca cdc gid tri ctia tham s§ % sao cho duong thing d:y=x+2k+1 cit

d6 thi ham s§ y = 2% 11
x+1

va B dén

A b=-1,

tai hai diém phén biét 4 va B sao cho cic khoang cich tir 4
truc hoanh I3 bang nhau.
B. k=-3. C k=-4. D. k=-2.
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Cau 301. Tim tat ca cic gia tri ciia m &€ dudng thing d:y=x+m cit do

thi ham s6

y= 221 tai hai di€m phén biét 4, B sao cho tam gidc O4B vudng tai O(P;O).
x - : |
|
A . m=-2. B.m=—%. C.m=0. D.m=1.

Céu 302. Tim t4t ca céc gié tri cia tham s8 m d€ dudng thing d:y=—3x+m

s o 2x+1
ham s6 y=

tai hai difm 4 va B phan biét sao cho trong tam tam

thudc duong théng A:x—2y-2=0,vdi O la gbc toa dd.
1 11

cit d5 thi

gidc OAB

thi ham s&

A m=-2, B.m=-=, Cm=-=—, D. m=0.
5 5
Cau 303. Tim t4t ca cac gia tri clia m &€ dudng thing d:y=2x+3m cit d5
y= x+.'; tai hai diém phan biét 4 v B sao cho O4.0B=—~4, véi O 1a gbc toa do.
x+
A.m=—7-. .m=—l. C.m=l. D.m=—l.
2 12 12

Cau 304. Tim tét ca cdc gid tri clia tham s6 m sao cho dudng thdng d:y=xHm cit do

thi ham s5 (C): y = 2%+ 1

x—
IMN béng 4, véi I 1a tim d6i ximg ctia (C).
A m=3m=-5, B.m=3m=-3. C.m=3m=-~-1. D.m=-3
Cau 305. Tim tat ca cdc gid tri cia tham s8 m d& dudng thing d:y=2x+n

5 - 2x
hamsé y =

di€m cia hai dudng tiém cin clia db thi.

A m=25. B. m=5. C.m=-5. D. m=0.
S i)
Vin 48 10. TONG HOP

S .

Cau 306. Tim trén d6 thi ham s8 y = —x’ +3x +2 hai dim ma chiing d&i xtm
tam I{-%3).
A. (0;2) va (-2;4). B. (-1;,0) va (-16).
C. (1,4) va (-3;2). D. Khéng ton tai. »

d8i ximg nhau qua truc tung.

! tai hai diém phén biét M va N sao cho dién tich tam giac

m=-1.

cit d6 thi

tai hai di€m phan biét 4 va B sao cho 4S,,, =15, véi I la giao

g nhau qua

%
,

Céu 307. Tim trén d5 thi ham s8 y = —x?+x3 +3x—l—31 hai di€ém phan biéT ma ching
i
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e -

A. [3;—-E) hoidc [—3;-—12). B. [3;-1£] hoidc [—3;1—6].
3 3 3 3

C. {E;Z
3

Cau 308. T

} hoic [—%;3] . D. Khéng tBn tai.

€p tuyén ctia d5 thi ham s8 y = »* +4x* +4x+1 tai diém A(-3; -2) cdt do

thi tai diém thit hai la 8. Piém B <6 toa d6:
A. B(510). B. B(-2;1). C. B(233). D. B(-10).
Cau 309. Tiép tuyén ctia 46 thj ham s8 y =2* —x* + x +1 tai difm 4 cét d5 thi tai diém
thir hai Ja B(~1;—2). Difm 4 ¢6 toa d6:
A. A(2;5). B. A(-1;—4). C. 4(0;1). D. 4(1;2).
Céu 310. Diém M thudc db thi ham s6 (C): y = —x* +3x* +2 ma tiép tuyén ctia (C) tai

d6 co hé
A. M(0
Ciu 311. Ch
A (-10
C. (-21

s8 goc 16m nhit, cé toa d6 la:

2). B. M(-16). C. M(1;4). D. M(2;6).
ohamsd (C): y = x* +mx* —m—1.Toa d6 céc diém c8 dinh thude db thi (C) 1a:
) va (5;0). B. (1,0) va (0;1).

) va (=2;3). D. (2;1) va (0;1).

Ciu 312. Co bao nhiéu diém thudc dd thi ham s§ (C):y= 2x+1 ma toa d6 la s6 nguyén?

A. 2.
Cau 313.C

dén truc

A.0.

Ciu 314. Th

B. 4. C. 5. D. 6.

5 bao nhiéu di€m M thudc d6 thi ham s§ y = _x_+_f ma khoang cach tir M
- Oy béng hai lan khoang cich tir M dén truc Ox.

B. 1. C. 2. D. 3.

A an s 2
m trén do6 thi ham s y = rt
X

11 nhitng di€m M sao cho khoang cach tir M

dén tiém can dtmg bing ba lin khoang céch tir M dén tiém cin ngang ctia d3 thi.

A M{—4;%] hodic M(2;5). B. M(4;3) hoic M(—2;1).
C. M(43) hodc M(2:5). D. M[—-4;-;—] hosc M(-2;1).
Cau 315. Tim trén d6 thi ham s§ y = 2x 4l nhitng di€m M sao cho khoang céch tiv M

x—1

dén tiém can ding bing khoang cich tit M dén truc hoanh.
A. M(2;1) hodc M(4;3). B. M(0;-1) hosc M(4;3).

C. M(0;

—1) hodc M(3;2). D. M(2;1) hodc M(3;2).
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Ciu 316. Diém M thudc b thi ham s8 y = 2":13 , ti€p tuyén ctia db thi tai
X

gocvoi duong d:y=4x+7.Diém M cb toa d6 thdéa man diéu kién trén 13:

M vubng

thi.

A M —l;é . B. M[—l;i] hoic M[3;2] .
2 2 2

C. M[—3;§]. D. M[l;i] hodc M(—3;§].
2 2 2

Céu 317. Tim di€m M thudc db thj ham s6 y= 2x _11 sao cho tiép tuyén chia db thi tai
x—

M vudng gbc véi duong thdng IM , véi T 1a giao diém hai tiém can cta 49

A. M[3;§], M(0;1). B. M{-Z;-;—], M(2;3).
5 5

C M[—Z;g], M{3;E]. D. M(23), 4 (0;1).

Chu 318. Tiép tuyén tai diém M thudc db thi y = 2% +11 cit Ox va Oy Tan |
.
diém 4 va B thoa man OB =304.Khi dé didm M <6 toa dé la:
A M(0;-1), M(2;5). B. M(0;—1).
C. M(25), M(-2;1). D. M(0;—1), M(1;2).

Ciu 319. Toa d6 dim M thudc db thi ham s y= 2% biét ti€p tuyén ciia 4
X

+1’

cit hai truc Ox, Oy tai hai didm 4, B sao cho tam gidc OAB c6 dién tich bing L

A. M, (L1), M, [—-21-;—2]. B. M, (1), Mz(%;—Z].
C. M,(5;-1), Mz[—%;—Z]. D. M, (1;1), Mz[—%;ZJ.

Céu 320. Cho dudng cong y = cos[§+§] va diém M thudc dudmg cong. N&

wot tai hai

thitai M

Z.

u biét ti€p

tuyén tai di€m cta dudng cong tai M song song véi dudng thing y = %x +35 thi toa

dd ctia difm M 1a di€m nao sau day?

A. M(—-—Sl;l]. B. M[—S—w;—l}. C. M[—Sl;O]. D. M[l;—sﬂ .
3 3 3 3

Cau 321. Cho ham 8 y = x* ~3x? +1. Chon phat bidu dung:
A.Ham s6 dat cuc tiu tai x=2.
B. Ham s§ dat cyc dai tai x=—1. |
C. D6 thi ham s8 cit truc hoanh tai ba digm phan biét.
D. A va C déu ding.
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Cau 322. Xétham s8 y = »* — 3x +5 . Trong cic khing dinh dudi day, khing dinh nao sai?

A. Céc di€m cyc dai, cuc tiéu ctia d6 thi ham s8 nam trén duong théng song song véi
truc haanh.

B. Tiép tuyén ctia d6 thi ham s& ¢6 hé s6 géc nho nhat bing —3.
C. Ti€p tuyén ctia db thi tai diém cyc tri song song v6i truc hoanh.
D.D% th:Tlan cit truc hoanh.
Céu 323. Cho ham s§ y =—x* +8x> —4. Chon phat biéu diing trong cic phat biéu sau:
A. Ham s§ c6 cyc dai nhung khéng ¢6 cyec tidu.
B. D' thj ham s6 cit truc hoanh tai hai diém phan biét.
C.Ham s§ dat cyc ti®utai x=0.
D. A va B|déu ding.
Cau 324. Chaham s8 y=x" + %xz —1.Chon phat biéu sai sau:

A. Ham s§ nghich bién trén (—o0;0). B. Ham s& dong bién trén (0;+00).

C. Ham s khéng c6 cuyc tidu. D. D6 thi ham s& cit truc hoanh tai hai diém.

Cau 325. Chahams@ y = 2 +11 . Chon phat biéu sai:
*—

A. D6 thi ham s8 ¢6 tiém cinngang x=2. .

B. Ham sg khéng xac dinh tai diém x=1.

C. Ham s luén nghich bién trén m&i khoang (—<-x>;1) va (1;+00).

D. D thj ham s6 giao truc hoanh tai diém c6 hoanh 44 bing —% .

Cén 326. Cho ham s8 = —Z c6 5 thi (C)- Chon phét biéu diing;
X
A. Db thi (C) khéng 6 tAm d6i xting.
B. D6 thj (C) c6 mét diém cuc dai.

C. D6 thi (C) c6 mdt diém cuc tidu.

D. Db thij (C) cit truc hoanh tai diém c6 toa dd (1,0).
Cau 327. Chc% ham s§ y =y —2x+5 . Ménh d2 ndo sau déy sai?
A.Tip xé.;c dinh clia ham s5 12 R .
B. Tép gid tri clia ham s8 13 [2;+c0).
C.Gia malorn nhat clia ham s6 trén R khéng ton tai.
D. Gié trj nho nht cha ham s8 trén doan [0;2] 1a V5.
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Cau 328. Chohamsd y = 2x+1
x+1

¢6 d6 thi Ia (C). Ciu nio sau day 1a sai?

A. Tip xéc dinh 12 R\ {~1}. B y'= >0, V=1,
(x+1)
C. Ham s6 d6ng bién trén R\{-1}. D. D6 thi ham s6 ¢6 tim d8i ximng 1 (-12).
Céu 329. Cho ham s8 y = & —%xz +1745-x +123- . phat biéu ndo sau day 1a ding?

A. Ham s8 ¢6 cyc tri.
B. D5 thi ham s& cit truc hoanh tai mot didém.
C. D6 thi ham s6 c6 tiém cn ngang va tiém can ding.
D. Ham s& nghich bién trén tip xac dinh.
a N ~ x—2 M . s ~ .
Cau 330. Choham s§ y = 1 Khéng dinh nao sau diy sai?
x—
A. D6 thi ham s8 ¢6 du tiém can ngang va tiém can ding.
B. D5 thi ham s8 ¢6 cuc dai va cure tidu.
C. Tap xac dinh ctia ham s§ 1a R\{1}.

D. Tiém cin ngang la dudng thing y =1.

CHU BE HAM S8 LOY THUA
2. HAM SO MU - HAM SO LOGARIT

TONG HOP KIEN THUC

O Bai 01

LOY THUA - HAM $0 LOY THUA
1. LOY THUA
1. Lity thira s6 mii nguyén dwong
a" =aa...a, {n thira s6). j
Oday n€Z*, n>1.Quywéc a' =a .

2. Ldy thita s6 mii 0 - Liiy thira s6 mii nguyén 4m

a°=1(a:=0); a'"=-17(az0),véi neZ*.
a

3. Lity thira s6 mi hitu ty _ |

o
an=nam’(a>o) ‘

Lity thira s6 mii hitu ty c6 tinh chét nhw liy thira s8 mi nguyén (xem muc‘ 5).
|
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4. Liy thira s6 thuc

a —hma (o lasdvdti, r, 12 s hivu ti va limr, =a).

Lay tht‘xlj:o mi thuee ¢6 tinh chét nhu lay thita s§ mii nguyén (xem muc 5).
5. Tinh cht ctia lity thira s§ mé nguyén
a)Véi q,beR; a=0,b=0; m, ncR, tacd

a” - ” m al” _a
am.an=am+n,,_=amn; m = m.u; b = mbm; = =
< (") =a™; (ab)" =a [b]
” n’ V. 0
b)N&u O<a<p=|® <& 7">0
a">b", Vn<0
Néu a[>1=>a" >a" véi m>n.
Néu O<e<l=a" <a" véi m>n.
6. Cong thirc 14i kép
a) Dinh nghia: Lii kép 13 phin 13i cta ki sau duoc tinh trén & tien g0c ki trirée cdng
véi phan 13 (cta Ki trudc.
b) Cong|thirc: Gia st s6 tien gbc 1a 4; 1ai sut % /ki han giri (6 thé la thang, quy
hay ndm).

® SG tién nhan dwoc ca gdc va l3i sau # ki han guila |4(1+r)

® S8 tigén 13i nhén duoc sau # ki han gwi 13 [A(1+7) - 4= A[ (1+7) —1}

|
¢) Vi du; Ba Hoa giri 100 triéu vao tai khoan dinh ky tinh 13 kép véi lai sudt l1a
8%/ndm. Tinh s8 tién 14i thu dwgc sau 10 ndm.

Loi gidi
Ap dung|céng thirc tinh 13 kép, sau 10 néfn s8 tién ca gbc va 1ai ba Hoa thu v& 1a:
A(1+r)" =100tr.(1+0,08)" ~ 215,892tr .
Suy ra s3|tién 13i ba Hoa thu vé sau 10 néim la:
Al +r)" — A=100tr(1+0,08)"° —100tr =115,892tr .
IL. HAM SO LOY THUA
1. Dinh nghia: y=x", € R goi 2 ham s8 liy thira.
2. Tap xac dlnh y=2x" tuy thudc gia tri a.
3. Daoham: y=x",2¢R véi vx>0.Daohim y'= (x“)‘ =ax"".

4. Tinh chﬁt clia ham s lity thira: (Xét trén khoang (0;+0))

e D thi qua diém (1;1).

¢ o> 0 ham s8 ddng bién; o <0 ham s& nghich bién.

® Khi «>0 do thi khéng c6 tiém can; khi & <0 db thi c6 tiém cin ngang y =0, tiém
cin dimg x -
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CAU HOI TRAC NGHIEM

Céu 1. Tép xac dinh clia ham s y = (x’ - 27)E 1a:

A.D=R\{2}. B.D=R. C. D=[3;+00). D. D =(3;+0).

Cau 2. Tép xéc dinh ciia ham s§ y = (3 —9)” Ia:

A.D=R. B. D=R\{2}. C.D=(-o52).  D.D=(2+c0).

Va+dab Ja-Jb ..
Grlh G E
A 2¥a-5. B. 4. C 4. D. ¥a.

Ciu 3. Véi g, b lanhiing s6 duong, biéu thirc

1 J3-2
Céu 4. Cho m> 0. Biéu thirc m"” {—] bing:
m

A mt. B. m*3-3. C.m32. D. mz‘ﬁ’z.‘

s . 1
Cau 5. Vi gid tri ndo cta ¢ thi yaidada =%2° ﬁ ?
>

A a=1. B.a=2. C.a=0. D.a=3.

Cau 6. Véi a =0, gia tri ndo cia x dé %(a’ +a")=1?

A x=1. B. x=0. C.x=a. D. Gia tri khac.
Cau 7. Tép tAt ca céc gid tri ctia ¢ 08 ¥’ > Y2 1
A a=0. B. a<0. C.a>1. D.0<a<].

2 1

Céu 8. V4i diéu kién nao ctia ¢ thi (e—1)73 <(a—1)73?

A a>2. B.a>1. Cl<ax<2. D.0<a<
Cau 9. Néu (V2 -1)" <(v2 1" thi ta két lugn gi vé m va n?

A m>n. B.m<n. C.m=n. D.m<n.
Cau 10. M6t nguedi lan dau giri vao ngén hang 100 triéu dong véi ki han 3 thi

2% mét quy theo hinh thitc 1i kép. Sau dung 6 théng, nguoi d6 gui thé

ddng v6i ky han va 1ai sust nhu trude d6. T8ng s8 tién ngudi dé nhan dug

khi gtri tién gan nhat vdi k&t qua ndo sau day?

A. 210 triéu. B. 220 trigu. C. 212 trigu. D. 216 tri¢

54
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O Bai

02 |
| LOGARIT
1. Dinh nghia

Cho hai s§ duong ¢, b véia=1.58 o thoéa man déng thirc a® = b duoc goi 1a 16garit

cosb a cu bvakihiéula log 5.

| la:logj@a“:b (a,b>0,axT)}

2. Tinh c+5't
Cho hai ‘56' duong a, b véi a=1, ta cé tinh chit sau:

log, 1 log,a=1; a®t =p; logd" =c.

3. Cac qu y tic tmh l6garit

Cho ba 36 dwong a4, &, b, véi a=1, ta cd cic quy tic sau:

log, b, =log, b, +1log, b,; log, %— =log, b —log,b,;
| 2
\
log, 2» " =alog, b; logi = llogfj .
n
4. Ddi co %o
Chobasb’dumg a,bcvaa=l c=l,tacd 1ogab=%c§‘—b
og. a

Déc biét:{log, & =3 !

og, a

,VOi b=1; loga‘,b=—l—logab,véi a=0,
-

5. Logarit thip phan, 16garit tw nhién

Logarit thap phan: Légarit co s8 10 goi la 18garit thap phan, log,, N(N >0) thuong

duoc goila |lgN haylogh .

Logarit tw nhién: LogaritcosS e goi la 16garit tw nhién, log, N (N > 0), dugcvigtla In N .

CAU HOI TRAC NGHIEM|

Cau 11. Cho cac ménh d@ sau:

(I). Co 36 chia 16garit phai 13 s8 nguyén duong.

(I1). Chi|s8 thue duong mdi ¢6 16garit.

(). In(l4+B)=InA4+InB véimoi 4>0, B>0.

(IV) log)b.log,c.log.a=1,véimei a, b, ccR.

S8 ménh|dé dung la:

Al B. 2. C.3. D. 4.
Cau 12. Cho cac phat biéu sau:

(D-N&u C=4B thi 2InC=In4+InB. " (). (a—1I)log, x>0 x >1.
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(I). MPsY = Nos ¥ V). lim log, x=~co.
=~ 73

S8 phit biéu ding la:
Al B. 2. C. 3. D. 4.
Céu 13. Gia tri cha bifu thic P =log, (a.%/ aa ) béng:
1 3 2
A= B. =. C -. D. 3.
3 2 3
Ciul4.Cho 2>0,6>0,2a=1,b=1, ncR".
Mot hoc sinh tinh P = 1 + 1 +.+ 1 theo cac budc sau:
log, b log.b log . b
L P=log,a+log,a* +...+log, a". II. P=log, (a'aza’...a").
I P=log, "2+, IV. P=n(n+1)log,a.
Trong céc budc trinh bay, budc nio sai?
AL B.IL C.IIL D.1v.
Cau 15. Cho ! + ! !

et
log,x log.x log , x
biéu thirc sau:
k+1 k(k+1
M) k()

AM=227"

k
. B. o cm=FER)
log, x log, x 2log, x 31

Céu 16. N&u log, (log, (log, x)) = log, (log, (log, )) = log, (log, (log, z)}=0

thi téng Yx
A9, B.11. C.15. D. 24,
Cau 17.58 a nao sau day théa man log,;a > log,sa°?
A -2, B.2. ci D2,
4 4 5 3 :

Cau 18. Hoanh d6 cic dim trén db thi ham s§ y=(%] va ndm hoan toéni

dudng thing y = é la:

A x<2. B. x<-2. C. x>-2. D.x>2. .
Cau19.Cos8 x trong log, Y3 =-0,1 6 gia trj la:
1 1
A -, B. —=. C.3. . =3.
3 3 D. -3
Cau20.Tim x d€ba s& In2, In(2* ~1), In(2* +3) theo this tur I4p thanh c&p 58
Al i B.2. C. log,5. D. log, 3.
56

=M, ho6i M thoa man biéu thitc né\o trong cdc

£+1)

g, *

4y +4z 2

phia dudi

cdng.
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Cau 21. Ch+ log2 =q. Tinh logQ/S?E theo a, ta duoc:

A, i(a° |

‘—l). B. l(Sa—l). C. -1—(‘6a—1 . D. %(6a+1)

Ciu 22. Chd) log, x =2 . Gi4 tri clia bidu thirc P = log, x* +logl x* +log, » bing:

11\/_‘

A B.\2. C. —12—2—. D. 32
Cau 23. (D MINH HQA QUOC GIA NAM 2017) Dit a=1log,3 va b=1log, 3. Hay bidu

dién log, 45 theo a va b.

i

A. log, 45 = 21298 : B. 1og645=2"'—‘2"’i.
ab ab

C. log, 45= 27248 D. log, 45 = 2% =24

, ab+b ab+b
Ciu 24. Biét log2 =g, log3 =15 thi logl5 tinh thec a va & bing:

A b—a+l. B.b+a+1. C.6a+b. D.a-b+1.
Ciu 25.Biét ¢ =In2; b=1In5 thi In400 tinh theo a v b bing:

A 2a+4b. B. 4a+2b. C. 8ab. D. v* +a°.
Céu 26. Cho ¢>0, 5>0 théa min & +5° =7ab. Chon ménh dé ding trong cdc ménh

dé sau:

A. 3logla+b)= %—(loga +logb). B. log(a+b)= %(loga +logd).

‘ a+b 1
C. 2(loga+logd) = log(7ab). D. log 3 = 5(loga+logb).

Ciu 27. (PE MINH HQOA QUOC GIA NAM 2017) Cho cic s8 thyc duong a, b, véi a=1.
Khiéng dinh nao sau day la khing dinh dting ?

A. log . (ab)= -;-Iog,z b. B. log :{ab)=2+2log,b.
C. log . (ab) = —l—log, b. D. log (ab)== +—;—logﬂ b.
Cau 28. Cho a, b, ¢ la cacs6 thuc duong va a, b @ Khing dinh nao sau day sai
1 : W _log, ¢
A log, = . B. lo —=
Baf log, a % " log,a
C. log, ¢ =log, b.log,c. D. log, b.log,a=1.
Cau29.Cha g, b>0 va ab=1; x, y 1ahai s8 thuc dwong. Ménh & nao dudi day 1a dang ?
A log,(x+y)=log,x+log, 5. B. log, a.log, x = log, x
C. logﬂ-j[-=—l-, D. logaﬁ=19ga_x
log, » y log,y
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Cau 30. (BE MINH HQA QUOC GIA NAM 2017) Cho hai s8 thuc 2 va b ,vii l<a<b.
Khing dinh nio dudi day 14 khing dinh dting ?

A log b<l<log,a. B. 1<log, b<log,a.
C log,a<log b<1. D. log,a<l1<log,b.
Cau 31. Néu 9log’ x + 4(log y)* = 12logx.log y thi:
3= 2 Z= 3 = =21
AT B.{* 7. cl*=r p. |3 =27,
x>0 x,y>0 x,y>0 x,y>0

Cau 32. M6t ngudi giri tiét kiém véi 1ai sust 8,4% /niam va lai hang ndm duoe nhip vao
vén. Hoi sau bao nhigu ndm ngudi d6 thu dwoc gdp ddi 8 tien ban dau?
A 9. B. 10. C. 8. D.7.

Cau 33. Mot nguoi giri vao ngan hang 100 triéu ddng v6i 14i sut ban dau 4% jndm va lai
hang ndm duec nhip vao vén. Ctt sau mét nim I3i sust tang 0,3%. Hoi sau 4 nim
tong s8 tién ngudi d6 nhan dwoc gan nhat véi gia tri nao sau day? |

|
A. 119 triéu. B. 119,5 tridu. C. 120 triéu. D. 120,5 tri@u.

Cau 34. Anh Nam mong muén ring sau 6 nim s& c6 2 ty d€ mua nha. Hé| anh Nam
phai giti vao ngdn hang mot khoan tién tién tiét kiém nhw nhau hang nam gin nhat
voi gid tri nao sau day, biét ring lai sust cta ngén hang la 8% /nim v i
dwoc nhap vao vén.

hang nim

|
|
A.253,5 tridu.  B. 251 tridu. C. 253 tridu. D. 252,5 trigu.

Cau 35. (DE MINH HOA QUOC GIA NAM 2017) Ong Viét vay ngin han ngén hang 100
triéu dong, voi 1ai sudt 12% /nim. Ong musdn hoan ne cho ngan hang theo cach: Sau
dung mét thang ke tir ngay vay, 6ng bit dau hoan no; hai [4n hoin no lién tiép cach
nhau ding mét théng, s3 tién hoan no & mdi I4n 1a nhu nhau va tra hét t;‘
ding 3 théng k€ tir ngay vay. |

€N ng sau

Hoi, theo cach d6, s§ tién m ma 6ng Viét s& phai tra cho ngan hang trofhg mdi lan
hoan no 1a bao nhiéu? Biét ring, 13i suat ngan hang khong thay d8i trong thai gian
ong Viét hoan no.

100.(1,01° o1y
A, m=———""0\ (tridu dbng). B. m = ————(triéu dén ).
3 & (1,01) -1 ( 8
120.(1,12)°
C.m= 100x1,03 (triéu dong). D.m= (Tléf“)l (triéu dong).
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O Bai 03

HAM SO MU - HAM SO LOGARIT

I. HAM SO LOGARIT
1. Dinh nghia

Cho @ 1456 thuc duong va a=1.Hamsd y = log, x dugcgoi la ham s& logaritt cosS a .

2. Pao ham ham s8 1ogarit

y=log x=y'= ;
xIna
, 1
y=lnz=y'==—;
x
"
=log u(x)=y'= .
7 Ee () Y ulna
3. Khao st ham sd logarit

Tap xac dinh. Tap xéc dinh ctia ham s8 logarit y =log, x (a>0, a=1) 1a (0;+00).

Chiéu bi

én thién. ¢ >1: Ham sd dong bién.

0 < a < 1: Ham s8 nghich bién.

Tiém cérn. Truc tung Oy la dudng tiém can ding.

D6 thi. B

5 thi di qua diém M (1;0), N (1) va ném phia bén phai truc tung.

1. HAM $O M0
1. Pinh nghia

Cho a 12

s8 thure duong va @ =1. Ham s6 y = a* duoc goi la ham s6 mii co s§ «

2. Pao ham ctia ham s6 mi

y=¢
y=a"
3. Khao s:

Tap xac

= y'=e"; y=a"=y' =a"lna;

D= y'=a“Inau’.

it ham s6 mii

dinh. Tap xdc dinh chiaham s mil y=a"(a>0, a=1) 1a R.

ChiBu bién thién. a > 1: Ham s& ludn déng bién.

Tiém c3
D6 thi. I

Nhin xét

thd’hgy =x.

0 < a <1:Ham s8 ludn nghich bién.
in. Truc hoanh Ox 1a dudng tiém can ngang.
D6 thi di qua diém (1,0), (La) va ném phia trén truc hoanh.

. D0 thi ham s6" y =a” va d6 thi ham s6" y =log, x doi xitng v6i nhau qua dwong
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S
Vén dé 1. TAP XAC PINH
=
Céu 36. (OE MINH HOA QUGC GIA NAM 2017) Cho ham s§ y = log, (¥ ~2x-3).
Tim tdp xdc dinh D ctia ham s6.

A. D= (—o0;-1]U[3;+00). B. D=[-13].
C. D=(=00;—1)U(3;+0). D. D=(-13). |
Ciu 37. T4p x4c dinh ciia ham s8 y = log, X1 1a:
A (0;1). B. (5;+c0). C. R\{0}. D. (—oo;O)Llf(l;-i-oo).
Céu 38. Tap xac dinh clia ham s6 y = /2~ In(ex) la: ‘
A. (52). B. (1;+00). C. (0;1). D. (G;e]. ‘
Céu 39. Tép Xéc dinh cia ham s8 » = flog, (z + 1) =1 Ia: ‘ |
A (o051, B. (3;+00). C. [+0). D. R\ {3}.
Céu 40. Tap xéc dinh ctia ham s§ y = In(|x-5]+5- x) la
A R\{5}. B.R. C. (o5;5). D. (5;+00).
Céu 41. Tép xdc dinh cia ham s§ f(x)= log ; Vx+1- log, (3—x)~log, (x-1)° fa:
2
A.D=(13).  B.D=(-L1). C. D=(-o5;3). D. D =(L+¢0).
Cau 42. Tim t4t & cdc gid trj cia m d&ham s y=In(x* - 2mx +m) ¢6 tap xac dinh 1a R ?
A m<Ovam>1. B.0<m<1.
C.m<0vamel. D. 0<m<1.
Cau 43. Tép xdc dinh clia ham s§ y =In(1— log, x) la: ‘
A (2;+00). B. (—o0;2). C. (0;2). D. (-2;2). ‘
Cau 44. Tap xdc dinh clia ham s6 » = log, [logz (x-1)-1] Ia:
A, (~00;3). B. (3;+c0). C. [3;+00). D. R\ {3}.
Ciu 45. Ham s8 y = le__x +1In(x ~1) c6 thp xac dinh la:
A R\{2}. B. (1;2).  C[0400). D. (—m;1)u(2;+w).
“3u 46. Tap xic dinh cia ham 86 y = — (% ~16) |
x~5+x —10x+25
A. (=c0;5). B. (5;409). ~ C.R. D. R\{5}.

10]
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1/%(x+1)

Cau 47. H:j?im s y=

c6 tap xac dinh la:
1 log [~lx+§]
27 2
A. D=i[—1;3). B. D=(3;5). C. D=[-1;5)\{3}. D. D=[-15).
|

Céau 48. Tﬁp xéc dinh ctia ham s§ y = \/(xz +x+1).log, (x+2) la:

A. (—2;i+oo). B. [-2;~1]. C. (-2-1). D. (-2;-1].
Cau 49. an diéu kién ctia x d€ham s6 y = log, (1 —2x+ xz) c6 nghia

| x
|

1 0
A x>0. B. x>0. C. {’D . D.x>1.
i x=1
Cau 50. H?m s6 nao dudi day c6 tp xéc dinh la {-1;3]?
: N
342x—x* "

: 1
C.y=\3+2x—x. Dy=——
} V3+2x—«*

Ciu 51. TéF xac dinh clia hAm s6 y =

A.y=‘ln(3+2x—x2). B. y

X

€
" —1

A R\ [0} B. R. C. R\{1}. D. R\ {e}.

1a tap hop nao sau day?

Cau 52, Ta’p xdc dinh ciia ham s8 y = V1— 375 Ia;

A. [2;3]. B. (—o0;2] va [3;4+c0). C. [1;6]. D. (2;3).
i **-3x 9
Ciu 53. Tap xac dinh clia ham s y = [3] -7
A [0:3]. B. (—ooi1JU[2;400) . C. [1;2]. D. [-12].
|
Cau 54. Di‘ng thite x =3"%" c6 nghia khi:
A x>0. B. Véimoi x. C.x20. D. x>1.
Ciu 55. V<$i digu kién nao ctia x d&cé déng thirc x =log,a” (0<a=1)?
‘A.VSimoi x. B.x>0. C. x>0, D.x>1.
Ciu 56. C ‘o 2=3"%* Trong cic ding thitc sau, déng thirc nio ding?
A 2=35"", B. 2=x"%3, C. 3=x"%, D. 5=x"%?,
Cau57. Néu 7=3"" thi gi tri ciia x la: ,
A 3. B. log, 7. C. log,3. D.7.
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S de)
Vin dé 2. PAO HAM
=0

2
3

“4u 58. Dao ham ctia ham 58 y =(2x* + x—1)° bing:

2(4x +1) 2(4x+1)
Ay=—rZil ) | B y=—e 2
325" +x~1 33/(2x2 +x_1)2
3(4x+1) 3(dx+1)
Cy=naJ_ D.y=——a2—""t
232x% +x—1 23(2xz+:c—1)z

“4u 59. (DE MINH HOA QUOC GIA NAM 2017) Tinh dao ham ctia ham s6 y

e
r
A y'=x13". B. y'=13"1nl3. C. y'=13". ‘= 13 ‘.
) ' In13
“4u 60. Dao ham ctia ham s§ y =27’ bing:
X.21+x: 2 x.zl-l-x
A y'= B. y'=x2""In2. C. y'=2"In2". D. y'= -
y n2 y =% y b4 2
“au 61. (DE MINH HOA QUOC GIA NAM 2017) Tinh dao ham ctia ham s8 y = "4‘:1 D
1-2(x+1)In2 1+2{x+1)In2
A y=122EHln2 B, y = ¥z +n2 1 g
2° 2% i
1-2(x+1)In2 1+2(x+1)In |
C yolz2x+lin2. p. = it2xtlin2
47 4F
Cau 62. Dao ham ctia ham s§ y = x* béng:
A y'=(lnx+1)x". B. y'=xx""!
C.y'=x"Inx. D.y=2_.
y=x Yy nx
Cau 63. Ham 8 y =8 ***1.(6x +3).In2 12 dao ham clia him s& ndo sau day ?
A, y=2x:+x+1‘ B. y=8x:+x+l. C. y=23x3+3x+1‘ D. y=83x=+31+1'
Cau 64. Dao ham ciia ham s6 y =log2x la:
1 1 Inlg
Ay = . /= . /= . =
7 T im2 Y = Y10 7 T xmi0

C4u 65. Dao ham ctiaham s6 y = x"7° tai x=1 la gia tri nao sau day?
A. 7 +Inmw.

B. 7 C.n+nlnw D.1
Cau 66. Cho f(x)=2".5".Giatri f'(0) bing:
1
A.10. B.1. S . .
10 D. Inl0
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Cau 67. Daq ham ctia ham s8 y=1In’ (Inx) tai gid trj x = Ii:

Ae. B.1. c 2. D. 0.

e

Cau 68. Cho ham s§ f(x)= 5¢~ va bidu thixe P = f'(x)—2x.f(x)+%f(0)—f'(0). Pau
1a gid tri dang ctia bidu thire P?
A P=1! B. P=2. C. P=3. D. P=4.

Cu 69. Cho ham s& f(x)=4In(Vx—4+Vx)+Vx' —4x véi x>4. Khi d6 gid tri cua

biéu thice P= £(4)~[£'(8)[ .In2 bing:

A.P=2in2. B. P=4In2. C. P=6In2. D. P=8In2.
Cau 70. Choham s8 y =¢*** Hay chon hé thitc dung:

A y'.cosx+ysinx+y"=0. B. y'.sinx+ y.cosx + y"=0.

C. y'sinx—y".cosx+y'=0. D. y'.cosx—y.sinx—y"=0.
Céu 71. Chotham s8 y = x.e™* . Chon hé thiec ding:

A (1-x)y'==zy. B.xy'=(14+x)y.

C xy'=(1-x).y. D. (1+x).y'=(x-1).y.
Céu 72. Cholham s8 y = ¢™*.sin x . Tim hé thirc diing:

A y'+2y"-2y=0. B. y"+2y'+2y=0.

C. y"-23'-2y=0. D. y'-2y"+2y=0.

Z:
Cau 73. Cho ham s y = x.¢ 2 . Hé thitc nao dung trong cac hé thirc sau:

A. xy=(1+x3)y'. B. x.y'=(1+x2).y.

C. xy:(l—xz).y'. ‘ D. xy'=(l—x2).y.
Cén 74. Cho ham s& y=m.H§y chon h thiic dting:

A. xy=y!(yinx+1). B. xy'=y(ylnx-1).

C xy=y(y'lnx-1). D. xy'=y(ylnx +1). -
Cau 75. Cho ham s8 y = sin(In x) + cos(ln x) . Hay chon hé thirc dting;

A xy"—xly'+y=0. B. ¥*y"—xy'—y =0.

C. Zy"+y'+y=0. D. x*y"—xy'+ y=0.

Chu 76. Phuang trinh ti€p tuyén ctia d6 thi ham s8 y = Inx+

12 tai diém x =1 la;
A y=3x-1. B.y=-3x+1. C. y=-3x+3.
Cau 77. Tiép tuyén véi d5 thi ham s§ y = xIn
nao sau ddy?

D. y=3x+1.
x tai diém o6 hoanh dé x =1 6 tinh chit
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A. Song song véi duong phan gidc cia goc phan tw thit nhét.
B. Song song véi dudng phén gidc cia géc phan tw thit hai.
C. Song song vdi truc hoanh.
D. bi qua goc toa dd.
Cau 78. Gia tri 1én nhit cia ham s8 f(x) = ¢ "** t18n doan [0;2] bing:

A e. B. ¢%. C.é&. D. .

Céu 79. Goi m va M lan luot la gid tri nho nhit va gia tri 16n nhét ¢lia ham

f(x)=¢"* trén doan [0;2]. Mdi lién hé gitta m va M la:

A m+M=1. B M—-m=e. C. Mm=—17 D.M-=ez.
e m
a N sz e e s N P Inx .. 21 3
Cau 80. Tap gia tri cia ham s6 f(x)=— voi xe[l;e ] la:
x
A [0e]. B. l;e . C. 0;l . D. —-l-;e].
€ e -4

s8

Ciu 81. Gi4 tri I6n nhét cia ham s8 f (x)=+/x Inx tréndoan [L;¢] dattai x bingpbao nhiéu?

Al B. Je. C.2. D.e.
Cau 82. Gia tri nho nhit cia ham s§ f(x)= ln|x +4x? +ezl trén [0;e] bang:

A.%. B.1. C.1+in(1+42).  D. 1-In(1++2).
Ciu 83. Him s6 y = x.e™* dat cuc trj tai:

A . x=e. B. x=¢. C x=1. D.x=2.
Cdu 84. Ham s§ y =" +¢™ ¢d bao nhiéu diém cuc tri?

A.Q. B.1. C.2. D.3.
Céu 85. Gid trj cuc ti€u ciia ham y = xe* bing:

A.l. B. e. C. —l. D. —.

€ €

Ciu 86. Chohamsd y = x—¢*, tai difm x =0 thi
A. Ham s8 khéng xac dinh. B. Ham s& dat cuc tiéu. 3
C. Ham s6 dat cuec dai. D. Ham s6 khéng dat cwc tri. |

=== ?

Vin dé 3. TINH PON PIEU CUA HAM SO
S,
Céu 87. Ham s8 nao sau day dong bién trén khoang (0;+00) ?

A y=logzx. B.y=log x. C.y=log, x. D.y=10§‘g
= 3 3 |
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R} 3 4
Ciau88.Néu|az?® >a? va log,,Z<log,,-5-th‘x ta két luan duocgivé a, 57
A 0<a<l, 0<b<l. B.0<a<l, b>1.
C.a>1,0<b<l. D.a>1, b>1.
Cau 89. Tim t4t ca cac gia trj ctia tham 56'.a d&ham s§ y=log, x véi M =a’ —4 nghich
bién trén tip xac dinh?
A 2<a<+f5. B.2a=+5.
C. —S<da<—2vaz2<a<A5. D.a=2.

Cau 90. Khoang d6ng bién clia ham s y =log, (3"‘"”:*’) Ia:
p)
A. (2;+). B. (~00;2) va (2;+00).
C. (—oc;2). D. (0;2).
Ciu91. Chohamsd y=x—In(1+x). Khéng dinh nao sau day dung?

A. Ham sp gidm trén (—1;+o0).
B. Ham s§ ting trén (—1;+00)
C.Hamsb giam trén (—1;0) va ting trén (0;+00).
D. Ham s‘” ting trén (—1;0) va giam trén (0;+oc0)
Cau 92. Cho cdc ménh deé sau:
(D. Ham J&' y=Inx 1aham s3 nghich bién trén (0;+0c0).
@). Trén };&hoéng (1:3) ham s§ »=log, » nghich bién.

\
(I0). Néu|M > N >0 thi log, M >log, N .

(IV). Néu|log, 3<0 thi 0<a<1.

S6 ménh dé diing la:

Al B. 2. C.3. D. 4.
Cau 93. Cho cdc phat biéu sau:

(). Ham s8 y =log, x lién tuc trén R . Ham s§ lién tuc trén (0;+00)

(I). Néu oga%<0 thie>1.

(D). log, x* =2log, x .

S8 phat bigu dung la:

Al | B. 2. C.3. D.O0.
Cau 94. Trong cic ménh dé sau, ménh dé nao sai?

A.Ham s§ y = ¢* khong chin ciing khong lé

|
B.Hamsg y= m(x+ e +1) 13 him s8 1é.
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C.Ham s6 y = ¢” ¢ tap gia tri 13 (0;-+00).

D.Hams8 y=In (x +vx +1) khéng chin ciing khéng le.
Cau 95. Cho ham 5 » = xIn(x ++T+" |- V144" .

Meénh dé nao sau day sai?

A. Ham s6 ¢6 dao ham y'= ln(x+ 1+x° ) .

B. Ham s6 téng trén khoang (0;+o0)

C. Tép xac dinh cia ham s6la D=R.

D. Ham s8 giam trén khoang (0;-+0)

Céu 96. Ham sG nao sau ddy dong bién trén R ?

A,y=[2} ) B_y=M .
™ T 3
oy Dol
2 V2 +43
Cau 97. Tim t&t ca cac gid tri ctia tham s8 ¢ d&€ ham s& _}::(a2 —3a+3)x déng
A a=1. B.a=2.
1
C.l<a<2. D=
a>2

Cau 98. Cho cac phat biéu sau:

(). Hams8 y=(~5)" laham s8 mi.

(). Néu 7° <7 thi a<l.

(III). Him s& y =a" ¢ tdp xacdinh1a R.

(IV). Ham s§ y = a* ¢6 tap gié trila (0;+00).

S8 phat biu dung la:

A l. B. 2. : C. 3. D. 4.
Cau 99. Cho céc phét biéu sau:

M. @ >0véimoi xeR.

(ID. Ham s y =a* dongbién trén R.

(II). Ham s8 y =¢™""* 1a ham s& dong bién trén R .

(IV). Db thi ham s6 y = ¢” nhén truc Ox 13m tiém cin ngang.

58 phat biéu dung la:

A.l. B. 2. C.3. D. 4.
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>

Vin d& 4. DO THI

Cau 100. D5 thj hinh bén Ia ctia ham s6 nao? y
3
- : x 1Y
- A y=(B)Y. B.y=|7|.
y=(B).  B=[3]
x 1 * ]
) C.y=(«/§) . D. y=[§] . \ z:
N Ay o 1a - 0
Céu 101. D5|thi sau day la clia ham s8 nao? !
Y
% A y=-27
‘ * 1Y
1 <l
C.y=2"
1y
| D. y=—|=
g [ZJ
; -
: i Y
Cau 102. D3 thi hinh bén 14 ctia hdm s6 nao? ;
A. y=log,x+1. ; lpemmmmmneaaes v
. B. y=log, (x+1). E :
C. y=log,x+1. & © 2
D. y=log,(x +1).

Ciu103. Chohamsd y = 2 " 06 d thi Hinh 1. D5 thi Hinh 2 1a ctia ham s8 nao dudi day?

VAN

.-.--‘"'
——o N
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Ciu 104. Cho ham s& y=Inx c6 d6 thi nhwe Hinh 1. D5 thi Hinh 2 13 cia ham s nao .
dudi day?

Ty : 1
"
1 1
T z
Y 1 3 > 4 1 € ’
Hinh 1 Hinh 2 w
A. y=Inls]. B. y=|nx|. C.y=[m(x+1).  D.y=lfx+1}

Cau 105. D3i xtng qua duong thing y =x cta db thi ham s y = log, x I+ do6 thi nao
trong cdc d6 thi c6 phuong trinh sau day? |

A. y=[%] . B. y=2*. C. x=2". D. x=[%](

Céu 106. D3i xitng qua dudng thing y=x clia db thi ham s6 y= ~log, x la? dd thj nao
trong céc d6 thi cé phuong trinh sau day? |

mlx

A y=2", B. y=z? C.x=2. D. y=22,
Cau 107. D3i xing qua truc hoanh ctia d8 thi ham s8 y =log, » 14 db thi nﬁko trong cac
d6 thi c6 phwong trinh sau day?

=loglx. B. y=2%, C.y=log2\/;. D.y=[-;-]'.
3

Cau 108. Di xting qua dudng thdng y = x ctia db thi ham s6 y = 3§ lado tl%\i nao trong
cac d6 thi c6 phuong trinh sau day? !
A y=loggzx. B.y=logx*. C. y=log, x. D.yzélugsx.

Cau 109. Cho ham s8 y = ¢* ¢6 dd thi (C). Cic ménh d& sau, ménh d2 nao sai?
A.DG6 thi (C) ludn di qua M (0;1) va N(l;é)
B.Db thi (C) c6tiém can y=0.
C. D6 thi (C) luén nim trén truc hoanh.
D. Ham s6 ludn dbng bién.

Cau 110. Cho ham s8 y =log, |*| ¢6 db thi (C). Cac ménh dé sau, ménh dé nao diing?
A.Tap xacdinh D=R.

B. Ham s6 ludn nghich bién véi moi x thude tap xdc dinh.
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C.Db thi;\ (C) nhan Oy 1am truc d6i xtng.

D. D5 thi (C) khong c6 dudng tiém can.
Cau 111. Tr$ng cac ménh dé sau, ménh dé nao ding?

A_Dd thii ciiahai hdamsé y=a* va y = [1] d6i xting nhau qua truc hoanh.
a

B. D6 thi }cua haihamsé y = loga xvay= logl x d6i ximg nhau qua truc tung.

C. D6 thi

gocp
D. b6

ctia hai ham s6 y =¢* va y =Inx d6i xiing nhau qua duong phéan giac cia
an tie thir nhat.

i cia hai ham s§ y=4" va y=log, » d6i xtng nhau qua duong thing

y=-x
Céu 112. Chp hai ham s6 y=f(x)=log, x va y=g(x)=a".Xét cAc ménh d8 sau:

L D5 th ¢tia hai ham s6 f(x) va g(x) luén cit nhau tai mét diém.

II. Him s8

IIL. D5 th,

f(x)+g(x) ddng bién khi 2> 1, nghich biénkhi 0 <a<1.
j ham s6 f(x) nhan truc Oy 1am tiém can.

IV. Chi c6 d6 thi haim s8 f(x) c6 tiém can.

S& ménh
A l.

O Bai (
P

BAT P

L. PHUON
1. Phuwong

e Phuon,
e Phuon,

2. Bién d6i,

2 =

@™ & 2=1 hoic [

dé ding la:
B. 2. C. 3. D. 4.

)4
HUONG TRINH MU, PHUONG TRINH LOGARIT
HUONG TRINH MU, BAT PHUONG TRINH LOAGRIT

G TRINH, BAT PHUONG TRINH MU
trinh méi coban o" =5 (a>0, a=1).

trinh c¢6 mét nghiém duy nhat khi 5>0.

trinh v6 nghiém khi 6<0.

quy vé cung co s

O<a=l

f(x)=g(x)

3. Pit iAn pyhu

Fla*] ‘= 0

t=a" >0

(0<a=1) & {f(t)=0

Ta thubn% gip cac dang:
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o ma™ 1 na’™ 4 p=0
z w X A l
o ma’™ +nb’" +p=0,trong d6 ab=1.D5t r=a’", t>0, suyra &'* =-.
a flz)
o ma*" +n.(ab)" + pb>™ = 0. Chia hai v& cho 5% va dit [;] =£>0. -

4. Logarit hdéa
O<a=1,56>0
f(x)=log, b

* Phuong trinh &) =5 & log, &/ =log, 8*" & f (x)=g(x).log, &

¢ Phuong trinh ¢/ =p & {

hoic log, o’ = log, 5**) & f(x).log, 2= g(x).
5. Giai bing phwong phép db thi i
Giai phuong trinh: ¢* = f(x) (0<a=1). (%) |

Xem phuong trinh () 13 phuong trinh hoanh d giao diém clia hai db thi y=a

(0<a=1) va y= f(x).Khi dé ta thuc hién hai buéc:
Budc1. Ve do thicichams§ y=a” (0<a=1) va y= f(x).
Budc 2. Két ludn nghiém clia phwong trinh di cho 14 8 giao diém ctia hai
6. St dung tinh don diéu ctia ham sé

g6 thi.

Tinh chdt 1. N&u ham s§ y = f(x) luén ddng bién (hosc ludn nghich bié'xLl) trén (a;5)

thi s6 nghiém clta phuong trinh f(x) =% trén (@:8) khéng nhigu hon mét va
f(u)

Tinh chdt 2. Néu ham s6 y = f(x) lién tuc va luén déng bién (hodc ludn 1

fv)eu=yv,

Vu,v € (a;5).

ghich bién);

ham s8 y=g(x) lién tyc va ludn nghich bién (hoic ludn déng bién) trén D thi s&

nghiém trén D cta phuong trinh f(x)= g(x) khéng nhigu hon mét.
Tinh chét 3. N&u ham s6 y = f(x) ludn ddng bién (hoic ludn nghich bién
bét phuong trinh f(u)> f(v) € u>v (hogcu<v), VuveD.
7. St dung danh gii
Giai phuong trinh f(x) = g(x).
f(x)zm

g(x <m

fx)=m
glx)=m’

II. PHUONG TRINH, BAT PHUONG TRINH LOGARIT
1. Bién d6i, quy vé ciing co s6

O<a=l

flx)=g(x)>0

Néu ta danh gia dugc [ thi f(x)=g(x)&

)trén D thi

log, f(x)=1log, g(x) & {
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2. Djt 4n phu

B r=log, g(x)
Sl s(0] =0 @0<a=1) = {7 %

.3. Mii héa hai vé
g(x)>0

log, g(x)=f(x) (0<a=1) & ‘g(x)=af‘*"

4. Phueong phap do thi
5. St dung tinh don diéu ctia him s6 -

==
Vin d¢ 1. PHUONG TRINH, BAT PHUONG TRINH MU
e,
Céau 113. Toa d6 giao di&m clia d6 thi ham s8 y =27% + 3 va dudng théng y=111la
A. (311). B. (—=311). C. (411). D. (—411).

x+2
2

1
Ciu 114. Biét phuong trinh 9 =277 =272 _321 ¢¢ nghiém1a a.

Khi d6 biéu thirc a+%log9 2 6 gid tri bing:
z

Al-tig2. B.1L C.1-log,2. D. Liog, 2.
2 3 B 273
Cau 115. N&y 3% +9 =10.3* thi gid trj cia x* +1 bing:
A.Chila . B.Chila 5. CLalvas. D.LaOva2.
Cau 116. Phuong trinh 37! —4.3" +1=0 c6 hai nghiém x, < x,, chon phat bigu ding?
A x+x,=~2. B.x.x,=-1. C x+2x,=-1. D. 2% +x,=0.
Céu 117. Phuong trinh 47** 4 25°+**! _3=0 ¢6 bao nhiéu nghiém 16n hon 1?
A.0. B.1. C.2. D.3.
Cau 118. Tap nghiém ctia phyong trinh €% —3¢* +2=0 1a:
A. {0;11121‘;-. B. {0;%} . C. {1;%—2—} . D. {;;In2}.
Cau 119. Nghiém ctia phuong trinh 5+ 5 =24 dong thoi ciing 1a nghiém cua
phuong trinh nao sau day:
A ¥ +52-6=0. B. x* +3x' —4=0.
C. sinzx-H;ZSinx——3=0. D. x* +1=0.

Cau 120. Phuong trinh 3% =2 +[é] ¢6 bao nhiéu nghiém am?
A3 B.1 . ca D.0.
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x 2x+2
Cu 121. S8 nghiém cia phuong trinh 9% + 9[$J —4=0 la: |

A2 B.4. ‘ C. 1 D.o0.
Cau 122. Tdng lap phuong cic nghiém ctia phuong trinh 2* +2.3° —6* =2 lé‘:
A 2V2. B. 25. C.7. D.1
Ciu 123. Tong cita nghiém nhé nhét vi 1n nhit phuong tinh 27+~ — 27~ = 2% — 2* bing:
A B.1 c 15, _f.
2
Cau 124. S8 nghiém cia phuong trinh (x — 3)2’ Tella
A. 0. B. 1. C. 2. D. 3.
Cau 125. Phuong trinh 2°%*¥ = x ¢4 bao nhiéu nghiém?
AL B.2. C. 3. D. V6 ngl'*iém.
Céu 126. Nghiém cia phuong trinh 4762 _ x8:6 — 3 3084 |3 |
A.x=0,x=%. B.x=%. C.x=—§. D.Véng‘i.ém.
Cau 127. Cho phuong trinh 3.4" +(3x-10)2* +3—x=0. (*) :
Mbét hoc sinh giai nhu sau: ‘

Buoc 1: D3t £ =2° > 0. Phuong trinh (*) viétlaila 3 +(3x—10)t+3—x!= 0. (1)
Biéts§ A = (3x—10)' ~12(3—x) = 94" ~48x +64 = (3x—8)' >0. |
Suy ra phuong trinh (1) ¢6 hai nghiém t=% var=3-x.
Budc 2:
+Vir=1 tacd 5“2——1-®x—2—lo [1]@x—2+lo l]

3/ 3 = logs 3 - 8s 3 *
+Véit=3-x,tacd 5 =3—x=>x=2.
Bude 3: Viy (*) od hainghiém1a x=2 va x=2+log [%]

Bai giai trén diing hay sai? Néu sai thi sai tir budc nao?

A.Budel. B. Budc2. C. Budc3. D. Dung.
2 (2Y
Ciu 128. Tép nghiém cita bit phuong trinh || <|-=| I
P IETE preng [JE] [JE]
1 1 1 1 v
A.10;—]. B. {0;=!. C. |—o0;=i. D. | —o0o; | U(0; .
[3] [3] [°°3] [°°3l(+°°)
Céu 129. S6 nguyén nhé nht théa man bat phuong trinh 47.3° >3*.4% 1a: |
A -3. B. 3. C.—4. D. 4.
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\ 2

Céu 130. C(F tét ca bao nhiéu s6 nguyén thoa mén b4t phuong trinh 8.2 > (\/5) ?
A2. B.3. C.4. D.5.

Cau 131. C6 tt cé bao nhiéu s tw nhién théa mén bét phuong trinh 3 +2.(+3)"" <7.

Al B.2. C. 3. D. V5 s8.
Cau 132. T%Lp nghiém ctia bt phurong trinh 3.9 ~10.3 +3<0 c6 dang S =|a;5]. Khi d6
b—a bé*ng: ’
1
Al | B.§-. C 2. D.—S-.
; 2 2

1
Cau 133. Tﬁp nghiém ctia bat phuong trinh (x* +x+1) <1 la:
A. (0;+d‘oo) . B. (—o0;0). C. (~o0;-1). D. (0;1).
Céu 134. Cho b3t phuong trinh x*%*** < 32. Tap nghiém ctia bat phwong trinh la:
A.Mét khoang.  B. Nitra khoang. C. M6t doan. D. Mét két qua khac.
Ciu 135. (DE MINH HQA QUOC GIA NAM 2017) Cho ham s8 f (x)=2%7" . Khing dinh

ndo sau day 1a khing dinh sai ?

A. f(x)<lex+x'log,7<0. B. f(x)<l® xIn2+x’In7<0.
B C f(x)<lexlog,2+x" <0. D. f(x}<le1+xlog,7<0.
Cau 136. X%Ldinhté’tcé gid tri thuc m d&€ phuong trinh 2°™ +m® —m =0 cé nghiém.
A.m<0}. B.O<m<l. C. ::? D.m>1.

Cau 137. Phuong trinh 47 —2**2 + m =0 cd nghiém thi diéu kién cta m la:
|

A m<i. B.m>0. C. mg<1. D.m>1.

Ciu 138. Phuong trinh 4% — m.2**' + 2m = 0 c6 hai nghiém x,, x, thod man x, +x, =3 khi:
A.m=4“». B.m=2. C.m=1. D. m=3.

Ciu 139. Phuong trinh (2++3)" +(2-+3)" =2 c6 nghiém khi:
A. me(i—oo;S). B. me&(—o0;5}. C. me(2;+00). D. m€[2;+c0).

Ciu 140. D& phuong trinh (m+1)16* —2(2m —3)4" +6m+5=0 c6 hai nghiém trai d&u
thi m c'[ thé la:

A.Khéng ton tai m . B.-4<m<-1.
\
|

C. —1<1M<-:i. ‘ D. ——l<m<—§.
| 2 6
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Vin dé 2. PHUONG TRiNH, BXT PHUONG TRINH LOAGARIT
=2

"au 141. (DE MINH HQA QUOC GIA NAM 2017) Giéi phuong trinh log, {x -

1)=3
A x=63. B. x=65. C. x=80. D. x=82.
“4u 142. Tép nghiém ctia phuong trinh log, [x(5—x)|=1 &
A {2:3). B. {4:6). C. {1;-6}. D. {-L6}.
"4u 143. S8 nghiém caa phuong trinh log, (x —3x+ 4) =3 la
A0 B.1. C.2 D.3.

“au 144. Biét phuong trinh log, LM:O c6 hai nghiém x,,x,. Ticﬁp cia hai

nghiém nay 1a s& ndo dudi day: |

A4 B. 2V2. C.2. D.0.
Cau 145, Phuong trinh log, (x —3)+2log, 3.log; x =2 ¢6 s8 nghiém la:
Al B. 2. C.3. D. V6 nghiém.

C4u 146. Bigt phuong trinh 2log(x +2) + log4 = log x + 4log3

s s ox B g
6 hai nghiém 12 x,,x, (x, <x,).Tis§ =~ khi

rit gon la:
%, 8¢

A4 B. C.64. D.

W=

L
64
2

Céu 147. Giai phuong trinh

log, (9x)
3

2
+log, %— 7=0 ta tim duoc hai nghiém la x,,x,.
Tinh tich s8 x,x, :
1

A = B. 3. C 9. D. .
9
Cau 148. Tng tht ca cac nghiém clia phuong trinh 210g, x +1=2—log,(x—|2) bang:
A L. B. 3. C. -2. D. 5.
Cau 149. Biét phuong trinh log,|log, (x’) +log, x+x+1{=3 c6 nghiém duy nhat.
. 8
Nghiém ctia phuong trinh la:
A. S8 nguyén am. B. S8 chinh phuong.
C. S& nguyén td. D. S8 vo ti. ;
Ciu 150. S8 nghiém c6 thé c6 ctia phuong trinh log, (log, x) + log, (log, x)=2
A0 B. 1.

C.2. D. Nhiéu hon 2.
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Cau 151. Bi#t réng phuong trinh log, x—log, 64 =1 cd hai nghiém phan biét. Khi d6 tich
hai nghiém nay bing:
Al B.2. C. 4. D.8.

Cau 152. Phuong trinh log, (9 —2*) =3 - x tuong duong véi phuong trinh no dudi day?
A 9-2%=(3-x). B. x*—3x=0.

C. x*+3k=0. D.9—2 =342,

L .
Cau 153. Biét rang phuong trinh logx.log(100x") =4 c6 hai nghiém c6 dang x, va —-

”

trong d6 ‘x,, %, la nhimg s8 nguyén. Mi lién hé. gitta x, va x, la:

A x=10r,. B.x=x. C. x.x=1. D. x, = 100x,.
Ciu 154. Téjng lap phuong céc nghiém cta phuong trinh log, x.log, (2x—-1)=2log, x
bing: | .
A8, B. 27. C. 125. D. 216.
Ciu 155. 5§ J\ghiém ctia phuong trinh 0% £6% _ 4 11
| v In(x-1)
A.0. B.1. C.2 C.3.
Céu 156. S5 nao sau déy la nghiém ciia bét phuong trinh 2! + log, (x+3)<3?
A -4, | B. -2. C. 0. D. 2.
Cau 157. D€ giai bat phuong trinh In xz-:l >0 (%).

Mot hoé sinh lap ludn qua céc budc:

B1: Vi Inl=0 nén (*)éln——zx—>ln1 (3%).
x+1
2x

x+1
B3: 2x>x+1.
B4: x>1.Vaynghiém x>1.

Lap luédn J‘ai tr budc nao:

>1

B2: (* *) <

A.Bl. | B.B2. C. B3. D.B4.
Cau 158. (PE W HOA QUOC GIA NAM 2017) Gii bat phuong trinh log, (3x~1)> 3.
A x>3.! B.§<x<3. C.x<3. D.x>?.

Cau 159. Tap J‘nghiém clia bdt phuong trinh log, (x2 ~2x+ 6) <-2 L
1 3

A. Nira khpang. B. Mot doan.
C. Hop ctia hai nira khoang. D. Hop ctia hai doan.
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Cau 160. Tim x d& do thi ham s6 y =log, x nim & phia trén dudng thing y=2.
A.-x>0. B. x>9. C x>2. D. x<2.

Céu 161. Tép nghiém ctia bdt phuong trinh Inx’ > In(4x - 4) Ia:
A (2;400). B. (I;+00). C. R\ {2}. D. (L;+oo)\ {2}

Céu 162. Biét tip nghiém § clia bt phuong trinh log,; (4x%) > log,, (12x~5) 1a mét
doan. Goi m, M Tan hrot 1a gia tri nho nhét va gid tri lon nhét cta tip § .| M6i lign hé
gita m va M la:
A m+M=3. B.m+M=2. C M-m=3. D M-m=1.

tog{x"+21)

Céu 163. Bat phuong trinh log10 <1+logx 6 tip nghiém la:
A (37). B. (~00;3)U(7;4+00). C. (—o0;3). D. (7;+0c0).

Ciu 164. Tap nghiém clia bt phuong trinh log, [1+1log, x —log, x| <1 6 dang §= [l;b]
s

véi a, b 1a nhitng s6 nguyén. M&i lién hé giita ¢ va b la:

A a=-b. B.a+b=1. C.a=b. D.a=2b.
Céau 165. Tap nghiém clia bt phwrong trinh log, x +log, » > 1+log, x.log, x la:
A. (3;400). B. (0;2)U(3;+c0).  C.(2;3). D. (—00;2)U(3;+00).

Cau 166. C6 1t c& bao nhidu s§ nguyén thoa mén bét phuong trinh log , [log, (2-#%)|>0?
2

Al B. 2. C. 3. D. Khéng 6.
Cau 167. Bat phuong trinh %g —;— €6 cac nghiém la:
A. (0;2). B. [2+00). C. (~o%;2). D. (2-+00).

Céu 168. Tim At ca céc gid tri ctia tham s8 m d€ phuong trinh x* —3x—log, m=0 6
ding mét nghiém. :

A.i<m<4. B. m=4. C.m=l. D.m<l vam>4.

4 4
Cau 169. Tim m d€ phuong trinh log’ ; x—mlogz x+1=0 c6 nghiém duy nhat nho
hon 1.
A m=2. B.m=-2. C.m=42. D. Khéng fon tai .
Céu 170. Tim t&t ca céc gid tri cia m d& phuong trinh gl x +1g, x +m = OT
xe(0;1).

¢6 nghiém

C.mg—. ‘D.m>1.

1
A mgl1. B.m;z. 2
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O Bai 05
HE PHUONG TRINH MU, HE PHUGNG TRINH LOGARIT
D& giai hé phurong trinh mii, hé phuong trinh logarit ta thudng stta dung cac phuong

phép quen thudc nhu: phuong phép thé, bign d8i ha vé phuong trinh Dai s6, phuong
phép ham sé‘i... Cubi cling 14 tao ra mét hé don gian va két luan nghiém.

CAU HOI TRAC NGHIEM

x+2y=-1
Ciu 171. Cho hé phuong trinh [4”,2 d 6 Cép s8 (x;¥) nao sau day 1a nghiém cta hé
phuong k[rinh da cho?
A (-31). B. (5-3). C. (-1). D. (3;-7).
it —logy=2
Cau 172. H¢ phuong trinh [:ﬁ JICOy ig 9}:)0 " ¢6 nghiém 13 ciip s8 (x;y) nao sau day?
A. (100;1). B. (1800;90). C. (1000;10). D. (10;1000).
x+y=25 o vea s
du 173. Héph inh la:
Ciu Héphuong tri {logz x—log, y=2 €6 nghiém la
A. (16;4). B. (5;20). - C.(20;5). D. (1,4).
" v | N a1 A . log, x+1log, 2y =1+log, 9
Cau174. Cp 56 (x; ) ndo sau day 1 nghiém ctia hé phuong trinh
| x+2y=20
A (%2). B. (18;1). L C.(1;18). D. (16;2).
1 .
? s A A . [2n9r =162
Ciu 175. Cé}T sG (¥;y) ndo sau day 1a nghiém ctia hé phuong trinh 347 — g ?
A (41). B. (0;2). G (L2). D. (21).
ok . 6"-23=2 , _ i
Cau 176. Glé‘l hé phuong trinh 63 =1 06 tap nghiém:

x=1 x=log, 2 x=1 [x=l
“ly=log 4’ Tly=1 ’ Tly=log,2’ “ly=log,4’
i log, y=2 .
& . Hé trinh * ¢6 nghiém la;
Cau 177. Hé ]‘bhucmg LOgm (y+23)=3 ghie
A.x=2p=4. B.x=2y=3. Cx=4y=2. D.x=3y=2.
. . 3 =273 .. a1y v .
Céu 178. Hé phuong trinh : 6 cdp nghiém la cip s6 (x; y) nao
' log(x +2y)=1log5+1log3
sau day?
A. (7;4). B. (47). C. (6;:3). D. (9;6).
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Cau 179. Cho ;‘—y =2 va log(2x+2y)=1.Ta cé: ;
|

A x=4;p=1. B.x=2y=3. C.x=3y=2. D.x=53=9.

9\ 2 Z‘—z"’- |
Cau 180. Cho hé [E] + 6[ 3] —1=0 Khéng dinh nao sau day ding? i
3103»(::—)') =1
A.Diéu kién x> y>0.
B. Hé da cho ¢6 hai nghiém phén biét.
C. Hé da cho c6 mét nghiém duy nhat 1a (—1-2).

D. S8 nghiém ciahédachola 3.

CHU BE NGUYEN HAM - TiCH PHAN
3. VA UNG DUNG
TONG HOP KIEN THUC
O Bai 01
NGUYEN HAM
1. Pinh nghia

Cho ham s§ f(x) x4c dinh trén khoang X . Ham s8 F(x) duoc goi la nguyén ham

ctia hdm s8 f(x) néu F'(x)= f(x) véimoi x€ K .

Nhén xét. Néu F(x) la mot nguyén ham cia f(x) thi F(x)+C, (Ce
nguyén ham ca f(x).

Ky hidw [ f(x)dx=F(2)+C.
2. Tinh chét

([ Fx)ax) = £(x).

. fa.f(x)dx=a.ff(x)dx (aeR, a=0).

= [If (=) £g(xax = [ f(x)ax [ g(x)ax.

3. Bang nguyén him cia mét s6 ham s§ thuong gip

R) ciing. la

Bing nguyén ham

[ Hax=rkr+C, k 12 hing s§

R xn+l N 1 (czx—{-b)"“
x“dx = +C (a=-1 +h)dy =217
f ( ) f(ax ) a a+l

a+l +C
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Bing nguyén ham

[rax=kc+C, & 12 hing s&

;dx=lln]ax+b|+c
ax+b a

feax-{-bdx:leax-{-b_l_c
a

Ina

. famx-{-ﬂdx —

mx 41

+C
m.Ina

fcosxdx=sinx+C

fcos(ax+b)dx=—1—sin(ax+b)+C
a

fsir xdx=—cosx+C

fsin(ax+b)d.x = —lcos(ax+b)+C
a

1
—5—dx=tanx+C
Ccos” x

dx=ltan(ax+b)+C
a

1
fC082 (ax +2)

——[—2——-dx =—~cotx+C
x

dx = —lcot(ax+b)+C
a

1
fsinz (ax +b)

A. f(x) xécdinhtrén X .
C. f(x) ¢ gié tri nho nhat trén X .
Cau 2. Ménh d& nao sau day sai?

CAU HOI TRAC NGHIEM

/Céu 1. Ham 56 f(x) cé nguyén ham trén K néu:

B. f(x) c6 gié tri 16n nhat trén X .
D. f(x) liéntuctrén X .

A.Néu F(x) lamét nguyén ham cia f(x) trén (2;5)

va C lahings§thi [ f(x)dr = F(x)+C.

B. Moi hdm s6 lién tuc trén (2;6) déu c6 nguyén ham trén (a;0).

C. F(x) 12 mét nguyén ham ctia f(x) trén (g;0) & F' (x)= f(x), Vxe(a;b).

D. ([ f(x)ax) = £(x).

Cau 3. Xét hai khing dinh sau:

(I) Moi ham s8 f(x) lién tuc trén doan [2;] déu c6 dao ham trén doan dé.

(I) Moi ham s& f{(x) lién tuc trén doan |2;8] déu c6 nguyén ham trén doan dé.

Trong hai khéng dinh trén:
A. Chi c6 {I) dting.
C. Ca hai déu dung.

B. Chi ¢6 (II) diing.
D. Ca hai déu sai.
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Cau 4. Ham s§ F(x) duoc goi la nguyén ham cia ham s6 f(x) trén doan 3
A.Véimoi xe(a;b), tacd F/ (x)= f(x).
B. V6i moi x €(a;b), tacd f'(x)=F(x).
C.Véimoi x €[a;b], tacd F'(x)= f(x).
D. Véimoi x €(a;8), tacé F’ (x)= f(x), ngodira F'(a*)= f(a) va F’ (b
Cau 5. Trong cac ciu sau diy, néi vé nguyén ham cta mét ham s§ f x4
khoang D, cdu nao la sai?
() F languyénham ctia f trén D nuvachindu Vxe D: F'(x)= f(x).
(I) Néu f lién tuc trén D thi f cé nguyén ham trén D.

(II) Hai nguyén ham trén D clia cing mdt ham s& thi sai khac nhau mét hi
A. Khéng c6 cau nao sai. B. Cau (I) sai.
C. Cau (II) sai. D. Cau (I1]) sai.

p] néu:

Cau 6. Gia stz F(x) 12 mét nguyén ham ctia ham s8 f(x) trén khoang (a;5) . Gia st G(x)

cling & mét nguyén ham clia f(x) trén khoang (a;5) . Khi do:

A. F(x)=G(x) trén khoang (;5) .
B. G(x)= F(x)—C trénkhoang (a;4), v6i C 1a hing s8.

C. F(x)=G(x)+C véimei x thudc giao ctia hai mién xdc dinh, C la har+g s8.

D. Ca ba cau trén déu sai.
Cau 7. Xét hai ciu sau:

D [(f(#)+g(x))ds= [ f(x)ax+ [ g(x)dx = F(x)+G(x) +C,
trong d6 F(x) va G(x) tuong ting la nguyén ham cia
(1) M&i nguyén ham ctia a.f (x) 14 tich ctia @ v6i mdt nguyén ham caa £
Trong hai cu trén:
A. Chi c6 (I) ding. B. Chi ¢6 (II) diing.
C. Ca hai cdu déu dung. D. Ca hai cau déu sai.
Cau 8. Cac khéng dinh nao sau day I sai?

A. [ f(x)ax=F(z)+C= [ f(s)de=F()+C.
B. [ff(x)dx]/ = f(x). |
C. [f(x)ax=F(z)+C= [ f(u)dx=F(u)+C. |

D. [#f(x)dx ="k [ f(x)dx (& 12 hiing s3). : |
Cau 9. Trong cac khing dinh sau, khing dinh nao sai?

A. F(x)=x" lamdtnguyén ham clla f(x)=2x.
B. F(x)=x 1a mét nguyén ham ciia f(x)= 2z,
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C. Néu [F(x) va G(x) déu I3 nguyén ham clia ham s3 f(x) thi F(x)-G(x)=C
(héng s5).
D.f[f,(‘x)ﬂg(x)}dx:ff,(x)dx+ffz(x)dx.
Cau 10. Tro+g cac khéng dinh sau, khing dinh nao sai?
A.Néu F(x) 1a mdt nguyén ham ctia ham s8 f (%) thi moi nguyén ham ctia f(x)
déu c6 dang F(x)+C (C la hing s3).

u/(Jx) = 10gu{x
B. fu—(ﬁt)—dx—l glu(x)|+C.

C. F(x) J‘= 1+tanx 13 mét nguyén ham ctia hdm s8 f(x)=1+tan’x .
D. F(x)=5—cosx lamét nguyén ham ctia ham s§ f (x) = sin x.
Cau 11. TronLng céc khing dinh sau, khing dinh nao sai?

A. [0dz=C (C 12 hing s6). B. fldx=1n|x[+c (C 1a hiing s6).
X

xa +1

C. fx dF=a+1+C (C lahangs8). D. fdx=x+C (C lahang sd).

Ciu12. Ham s f(x)=

¢6 nguyén ham trén:

cosx
wmT T T
,7) . B.|——;=|. C. (m;27). D.l—=—=. °
A. (0;x) ( > 2] (m;2m) 0
" s - A ba s (-1 .
* Cau 13. Mot nguyén ham ciaham s8 y = f(x) = 0 1a két qua nao sau day?
P
£ 3x 1 3(x-1)"
A F(x) === +njdl+ = B. F(x)=—7
C. F(x)= %“%’;12"2—17' D. Mét két qua khac.
Céu 14. Tinh f ¢".¢""'dx ta duoc két qua nao sau day?
A feiiC. B %e"“ +C. C. 28 4. D. Mot két qua khic.
Ciu 15. Ham s& nao sau ddy khéng phai a nguyén ham ctia ham s8 f () = (x—3)*?
-3y -3y
A FELE L B. F(x)= =3
5 5
-3 5 . -3 5
C. F(x)::O‘T)-i-ZOl’/. D. F(x)=(x5 ) -1.
Céu 16. Hami s§ F(x)=¢* 12 mdt nguyén ham ctia ham s3:
A f(x)=e". B. f(x)=322¢". C. f(x)=;7_ D. f(x)= 2" .
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v n2

Cau17.Cho I = f 2¥* —=dx . Khi d6 két qua nao sau day la sai?

x
AI=21c. B.I=2F"icC. C.I=2(2‘/;+1)+C.D.I=2(2";—1)+C.
Ciu18.Cho I = f 22" dx Khi d6 két qua nao sau ddy la sai?
1
A 1=2|2% +2]+c. B.I=2%" +C
L 2
C.I=2*+C. D.I=2[22’-—2 +C.
xs s )
C4u 19. N&u ff(x) =?+e’+C thi f(x) bang: ‘
4 4 i
A f(x)=x?+e‘.B. flx)=32+¢. C f(x )=-2- +e'.  D. f(x)=x+e .
Cau20.Néu [ f(x)dx=sin2zcosx thi f(x) la
A f(x):%(3cos3x+cosx). B. f(x)= %(cos3x+cosx)
C. f(x)=%(3cos3x—cosx). D. f(x)=5(cos3x—cosx). ‘
Cau2LNéu [ f(x)dr=—+Inx+C thi f(x) a |
X
A f(x)=Vvx+Inxz+C. B. f(x)=—J§+l+c.
C. fx)=-—r+Inz+C. D. f(x)=25>.
Cau 22. Cp ham s6 nao sau daycotmh chit: C6 m6t ham s6 1a nguyén ham ¢tia ham s8
con lai?
A. f(x)=sin2x va g(x)=cos’x. B. f(x)=tan’x va g(x)=- 12 -
cos” x
C. f(x)=¢ va g(x)=¢. D. f(x)=sin2x va g(x)=sin’x|

Cau 23. Tim 8 thuc m d&ham s F(x)=mx’ +(3m+2)x* —4x+3 la mot n{fuyén ham

ciahams8 f(x)=3x"+10x—4.
A m=-1. B. m=0. C.m=1. D.m=2. }

\
Céau 24. Choham s8 f(x)==x".¢". Tim q, b, c 4& F(x)= (ax +bx+c) g 1a rxpot nguyén

ham cia hdm s8 f(x). |
A. (a;8;c) =(1;2;0). B. (¢;4;¢) =(1;,—-2;0). ‘
C. (a:5;c)=(-1;2;0). D. (a;5;¢)=(2;1,0).
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Cau 25. bé i,"(x) =(acosx +bsinx)e’ 12 mdt nguyén ham ctia f(x)=e* cosx thi gi tri

ctia @, b 11151:

Aa=], h=0.

Cau 26. Gia)
g(x)=x(]
A A= —%

Ciu 27. Cho ‘

1

B.a=0,b=1. C.a=b -

1. D.a=b

stt ham s8 f(x)=(ax* +br+c).e™ 1a mét nguyén ham cta ham s

{l—x)e".Tinh tong A=a+b+c, ta dugc:

B.A=4. C. 4A=1.

20x* —30x +7
V2x-3 '

D. 4=3.

cac ham s8 f(x)= F(x)=(ax2+bx+c)«/2x—3 voi x>%.

Péham sé‘)' F(x) 1a mdt nguyén ham ctia ham s§ f () thi gid tri cta q, b, ¢ 1a:

A a=4 b=2c=1.

C.a=4,p=-2, c=1.

B.a=4,b=-2¢c=-1.
D.a=4, b=2, c=-1.

Cau 28. Véi gia tri ndo cta q, b, ¢, d thi F(x)=(ax+b).cosx+(cx+d).sinx la mot
nguyén him clia f(x)=xcosx?
A a=b=1c=d=0. B.a=d=0,b=c=1.
Ca=lLb=2c=-1d=-2. D. Két qua khdc.

Cau 29. Mot

nguyén ham F(x) ciaham s6 f(x)=sin’x 1a két qua nao sau day, biét

nguyén ham nay bang % khi x =%?
sin® x x sin2x
. F(x)= . B. F(x)==— .
A F()= 22 (=252
x sin2x 1 sin®x 2
F(xr)=%_ Y D. F(x)=32 % N2
CFE=3-— +7 (=%
Cau 30. Cho ham s8 y = f(x) c6 dao ham 13 f'(x)=2 : va f(1)=1 thi £(5) <6 gia
e
trj bing:
A In2. B. In3. C. In2+1. D. In3+1.
Ciu 31 Cho|ham s§ f(x) =22 +sin’x. Tim m d& nguyén ham F(x) cta f(x) thoa
™
‘ T} o«
an F(0)=1va F|Z|<=Z.
méan F( va [4] 2
A.m=—-§-. B.m=i—. C.m=——‘3i. D.m=—§-.
Cau 32. Chojham s6 y = f(x)= s_mlz— Néu F(x) la nguyén ham caa ham s f(x) va
x
db6 thi y= F(x) di qua diém M[%;O] thi F(x) la:
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A F(x):?——cotx. B. F(x)=—J—3§-+cotx.

C F(x)=—V3+cotx. D F(x)=+/3~cotx.
Céu 33. Gia st F(x) 1a nguyén ham ciia ham s8 f(x) =4x —1. Db thj clia hdm s6 F (%)

va f(x) cét nhau tai mét diém trén truc tung. Toa d§ cac diém chung cﬁp hai d6 thj

ham s& trén la:

A (0;-1). B. [5;9]. C. (0;-1) va [%;9]. D. {—;—;8].

O Bai 02 |
MOT SO PHUONG PHAP TiM NGUYEN HAlJ(

1. Phuong phép d6i bién sd
Néu [ f(x)dx=F(x)+C thi [ flu(x)a'(x)dx = Flu(x)|+C.

Gia sir ta cin tim ho nguyén ham I= [ f(x)dx, trong d6 ta c6 thé phan tich
f(x)=g(u(x))u'(x) thi ta thuc hién phép déi bign s5 ¢ = u(x),suyra dt =u'(x)dx.

Khi d6 ta duoc nguyén ham: fg(t)dt =G(t)+C= G[u (x)] +C.

Chit y: Sau khi tim dugc ho nguyén ham theo 7 thi ta phai thay £ = u(x).
2. Phrong phap 14y nguyén ham tirng phin

Cho hai ham s6 4 va v lién tuc trén doan [2;5] va c6 dao ham lién tuc trén doan [a:8].

Khi dé: fudv:uv—fvdu. *

D# tinh nguyén ham f f(x)dx bang ting phan ta 1am nhu sau: 3
Buéc 1. Chon 4, v sao cho f(x)dr =udv (chiy dv= v'(x)dx).

Saudétinh v= [dv va du=u'dx.
Bude 2. Thay vao cong thirc (*) va tinh f vdu .

Chit . Can phai lya chon « va dv hop li sao cho ta d& dang tim duoc v va tich phén
f vdu dé tinh hon f udy . Ta thudng gip cac dang sau

sinx
D 1.I=|P dx, tr d6 P(x) la da thitc.
¢ Dang f (x) cosx ong d6 P(x) la da thirc
u=P(x)
Véi dang nay, ta dit dr= sin x s
cos x
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® Dang 2|

Véi dg

I= fP(x)e“"”’dx , trong &6 P(x) 1a da thic.

=P(x)

ng nay, ta dit {dv _ gy

eDang3. I = fP In(mx +n)dx, trong &6 P(x) 1a da thirc.
" \ u=In(mx+n)
Véi dang nay, ta dit
dv= P(x)dx
eDangdl I = f sinx e"dx
cosx
sin x
u=
Véi dang nay, ta it cosx
dv=e"dx
CAU HOI TRAC NGHIEM
S =)

4 Céu 34. Cau

Vin dé 1. PHUONG PHAP BOI BIEN SO

=0

nao sau day sai?

A.N&u F'(r)= f(r) thi F'(u(x))= f(u(x)).

B. [ £(s)dr=F(s)+C= [ flu(x))u'(x)dx = F(u(x))+C.

C.Néu G(r) 1a mdt nguyén ham clia ham s8 g(r) thi G(u(«)) 12 mét nguyén ham
clia ham s8 g(u(x))u’ (x).

D. [f()ar=F(s)+C= [ f(u)du=F(u)+C véi u=u(x).

Céau 35. Trong céc khiing dinh sau, khing dinh nio sai?

A.Néu [[f(t)dr=F()+C thi [ f(u(x)a (x)de=F(u(x))+C.

B.Néu F(x) va G(x) déula nguyén ham cia ham 8 f () thi [[F(x)~G(x)|dx c6
dang A(x)=Cx+D (C,D lacichings§va C=0).

C. F(x)=7+sin’ x lamdt nguyén ham ctia f(x)=sin2x.

D. fI;/((:)zdx= u(x)+C.
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Cau 36. (PE MINH HOA QUOC GIA NAM 2017) Tim nguyén him ctia ham s

f(#)=2x—1.
A [ f(x)dx 2x )V2x-1+C. B ff(x)dx=§(2x—1)42x—1§+c.
C ff(x)d.x:—%\IZx—l+C. D. ff(x)dx:-;-JZx-—1+C.
G, ta dit:
A t=e"", B. r=Inx. Ct=ux D.t=;1‘-.‘
Cau 38. F(x) 1a mdt nguyén him ctia ham s8 y = xe* .
Ham s§ nao sau déy khéng phai la F(x):
1 » 1
AF(z)=ge +2. B.F(x)= 5(e +5).
1 27 — 1 %2
C.F(x)=-2¢ +C. D. F(x)——-2—(2—-e ).
A y oA AT i inx
Céu 39. F(x) 1a mOt nguyén ham clia ham s§ y=—=.
x
Néu F(e*)=4 thi f—ln—xdx béng:
*
Inx
A F(x)= 5 +C- (x)-——+2
2 2
C. F(x)= 1“2"—2. D. F(x)=¥+x+c.
Cau 40. F(x) 1a mot nguyén ham ctia him s§ y = ¢™* cosx .
Néu F(r)=5 thi f ¢™"* cos xdx bang:
A F(x)=¢™" +4, B. F(x}=¢™ +C.
C. F(x)=¢e""+4. D. F(x)=e™ +C.

Céudl. F(x) lIanguyén ham clia ham s y =sin® xcosx.

F(x) 12 ham s6 nao sau day?

5 4
AF(x)=Eoc. B. F(x)="=Z+c.
C. F( )=s“;"+c. D F(x)=sms" c
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Ciu 42. Xét céc ménh d@ sau, véi C 12 hang s&:

@ ftanx;dx = —In(cosx)+C.

@ [ e’wsi' sinxcbé = —%e"”’ +C.

aﬂ)f\/—g—‘w%dx 2Jsinx—cosx +C.

sinx —cosx
S6 ménh q‘le dung la:
A.0. B. 1. C. 2. D. 3.
S

Van d% 2. PHUONG PHAP LAY NGUYEN HAM TUNG PHAN

>

Ciu 43. D8 tikh f xIn(2+x)dx theo phwrong phép tinh nguyén ham timg phan, ta dt:

A u=zx B u=1In(2+x)
) dv=]‘ln2+x)dx' dv=xdx
c. u—x‘ 2+x) D. u=1n(2+x)'
dv=| dv=dx
A‘Céu 4. Detd‘nh f x* cosxdx theo phuong phap tinh nguyén ham ting phan, ta dat:
A u=x Nu= 2 c. [#=cos= u=x"cosx
) dv=.!zcosxdx' " |dv =cosxdx’ " ldv=a%dx’ dv=dx
Cu 45. Két qua ciia [ = [ ze"dx la:
2
A I=¢+x"+C. B.I= 7«: +C.
| %
C.I=xef —&" +C. D.I=—2-e”+e’+C.
Ciu 46. HQ;T 8 f(x)=(x—1)¢" c6 mdt nguyén ham F(x) la két qué nao sau ddy, biét
nguyén ham nay bing 1 khi x=0?
A F(x)=(x-1)¢". B. F(x)=(x-2)¢
C. F(x)=(x+1)e" +1. D. F(x)=(x~2)e" +3.

Cau 47. Mt nguyén ham ctta f(x)=xInx 1a k&t qua nao sau day, biét nguyén ham nay

triét idukhi x=1?

1 1 1, 1
A F(x )=-2—x lnx—z(x2+1). B. F(x):Ex 1nx+Zx+1.
C. F(x)=yxinx+3(s* +1). D. Mot két qua khc.
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(Inx)

Cau 48. Tinh nguyén ham I = f dx dugc két qua nao sau day?

A I=lnxIn(lnx)+C. B. I=lnx.In{lnx)+Inx+C.
C. /=InxIn(lnx)-Inx+C. D. I=In(lnx)+Inx+C.
Cau 49. Tinh nguyén ham I = f sinx.e”dx, ta dugc:
A. 1—2(e sinx —¢* cosx)+C. B. I=%(e’sinx+e’cosx)+c. | i
C I=¢ésinx+C. D. I=¢"cosx+C.

Cau 50. D€ tim nguyén ham ctia f ()= sin* xcos* x thi nén:
A. Diing phuong phap d3i bién s6, dat r=sinx.
B. Dung phuong phap d6i bién s8, dit r =cosx.

C. Bién déi luong gidc sin® xcos® x = il—n—4—2’£ 1—%4" roi tinh.

D. Dung phurong phép 18y nguyén ham timg phin, dit » =sin® x, dv = cosij“ xdx .

O Bai 03
TICH PHAN |

1. Dinh nghia
Cho f(x) 1a ham s3 lién tuc trén K va ¢, b 1 hai s3 bit ki thude X . Giaste F(x) 1a
‘mdt nguyén ham clia f(x) trén K thi hiéu s& |
F(b)-F(a)
duoc goi 1a tich phan ciia f(x) tir @ dén b vaki hidu la

[
13
[ f(x)dx=F(x) =F(5)-F(a).
2. Tinh chat
* Tich phan tai mt gi4 tri x4c dinh ctia bién s& thi bing 0, tic 1 f f(x)dx=0.
b a ‘ ;
* D cén thi d6i ddu, tic 1a [ f(x)dx == [ f(x)dx
‘ a b

* Hing s3 trong tich phén c6 thé dva ra ngoai ddu tich phan, tic 1a

b b

J# (x)ax =k £(x)dx ( 12 hing s3).
* Tich ph?m mot té’ng b%ng tong céc tich phan, ticla ‘ v )

f[f %) g(x ff dxifg

88


http://www.facebook.com/groups/TaiLieuOnThiDaiHoc01

i 3 3 )
* Tach di tich phén, tirc 14 [ £(x)dx = [ f(x)dx+ [ f(x)dx
‘ ,, . . .
Chit : Tich phan f f(x)dx chi phu thude vao ham f va cic can a, b ma khéng phu
| a
‘ b b
thude vao bién s8 x, tirc 1a [ f(x)de= [ f(r)de

| CAU HOI TRAC NGHIEM

Ciu 51. Chd) ham s8 f(x) lién tuc trén doan [4;8]. Hay chon ménh d@ sai dudi day:
A f f dr=— [ f(x)ax
L

B. fkd x=k(b—a), VEER.

C. ff(t)dx:]f(x)dx +jf(x)dx v6i c €[a;b).

D. ff dx=]f (x)az.

_.Cau 52, Gla‘ sttham s f(x) lién tuc trén khoidng K va g, b 1a hai diém cta X, ngoai ra
-kl moit s8 thuee tiy ¥. Khi dé:

b &
O ff de=0. (1) ff (%)dx = ff W) [rf(x)ar=%[f(x)dx
Trong bé‘l cdng thirc trén:
A. Chi ¢6 (I) sai. ' B. Chi c6 (II) sai.
C. Chi c6 (1) va (II) sai. D. Ca ba déu diing.
Céu 53. Trohg cac khing dinh sau, khéng dinh nao diing?
A.fdxg=1. B. ff,(x).)g(x)dx=fﬁ(x)dx.fjg(x)dx.
-1 | a a a

&
C. Néu f (%) lién tuc va khéng 4m trén doan (@8] thi f F(x)dx>0.

10
D. Néu J[ f(x)dx=0 thi f(x) lahams5e.
Cau 54. TroFg céc khing dinh sau, khing dinh nao ding?

A ff(_lr)dx ff(x)dx+ff (¥)dx v6imoi a, b, ¢ thudc tap xac dinh cua F(x).
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B.Néu [ f(x)dr>0 thi f(x)>0,vxe[ab].

dx
C. =21+ +C.
f\/l+x2 g

D.Né&u F(x) la nguyén ham ciia ham s§ f(x)

thi /F(x) la nguyén ham ctia ham soy ./f(x

4u 55. it F(x f \1+*ds . Dao ham F’ (x) 1a ham s& ndo dusi day?

A F(x)=—2es. B. F/(z)=+1+#.
1+4°
’ 1 ' 7 2 2
C. Flix)= . D. Fi{x)=(x" +1}]414+x".
W= (@)= (= +1)4
"au 56. Cho F(x f I +t dt Gi# tri nho nhat cia F(x) trén doan [-1;1] lé:;
‘ i
Al B. 2. c. -3 D.2.
6 6 6
"au 57. Cho F(x)= f l‘:\/gdt.Xét cacménh dé:
y I+l
x—+3
I. Fi{x)= .
(x) 2% +1

IL. Ham s8 F(x) dat cyc tifu tai x = NES

IL. Ham s8 F{x) dat cuc daitai x = V3.

Ménh dé nio dung?

A.Chil. B.Chi Il C.Ivall D.Ivalll
Cau 58. Hay chon ménh dé sai dudi day:

! i
Al fxzdxzfxsdx.
0 0
B. Dao ham ciia F(x)= fd’ I F' (x )=_1__(x>o).
1+ 1+
C.Ham s8 f(x) lién tuc trén [—a;q] thi ff(x)dx:fo(x)dx
-a 0

D.N&u f(x) liéntuctrén R thi ]f(x)dx+]f(x)dx = ]'f(x)dx
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; 0
Céu 59. Cho f(x) 12 ham s chdn va f f(x)dx = a . Chon ménh d& diing:
: -3

3 3

A fqu)dxﬁ—a. B. [f(x)dr=2a.
C. ]vf(ix)dx=a. D. ff(x)dx:a.

i 4
Ciu 60. Né’l;.l F(1)=12, f'(x) liéntuc va ff‘(x)dx =17.Gia tri cia f(4) bing:
1

A.29. | B.5. C.19. D.9.
| s 2

Cau 6L Cho [ f(x)dr=10.Khidé [[2-4f(x)|dx bing:
L2 5

A32. B.34. C.36. D. 40.

; 2 4 4

Cau62.Cho [ f(x)dx=1va [ f(r)dr==3.Giatricha [ f(x)du La
| 1 2

A -2. B. 4. C.4 D.2.

Cﬁu63.Chd}hém f ligntuctrén R thoaman ff(x)dx:lo,ff(x)dx:S,]f(x)dx:

Tinh I = [ f(x)dx, ta duoc.
C s

A I=-5. B.I=7. C.I=5. D.I=-7.
I 3
Cau64. Chobigt [ f(x)dx=—2, [ f(x)dx=3, [g(x)dr=7.
/-

Khéng dinh nao sau day la sai?

A ].[f(x)+g(x)]dx=10. B. ]f
C. ]f(x)dx:—s. D. ] )—2g(x)|dx =—2.

Cau 65. Cho biét A=][3f(x)+2g(x)]dx=l va B=f[2f(x)—g(x)]dx=——3.

2
Gid tricha [ f(x)dx bing:

Al B.2. ' c -2 D.

1
1 7 2’
Ciu 66. Gia st 4, B 13 cac hing s& cia ham s8 f () = Asin(7x)+ Bx*.

2
Bigt | j(x)dx=
0
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Giatricta B la:

Al B. Mot dép sSkhic. C.2. D. %

Cau 67. Tinh cic hing s8 4 va B d8 ham s& f (x)=Asin(mx)+ B théa me'mfd‘éng thai

cicdiéukién f'(1)=2 va ff(x)dx=4.
0

A A=~£, B=2 B.A=£,B=2 '
w T |
C.A:—-E,B=—2 D.A=—2—,B=——2
T ki3
b
Céu 68. Gid trindo ctia & d& [(2x—6)dx=0?
i
A. 5=0 hoic b=3. B.5=0 hoic b=1
C.b=5hoic b=0. D. b=1 hodc b=5.
A Tx+1 . Car i =1 ‘ 1
Ciu 69. Cho f dx=¢ v6i a>1.Khidg, gla tri cia ¢ thda man la: i i
X |
1 I
1 e )
A -, B.e. C —. D. e
e 2
&
Cau70.D8 [(k—4x)dr=6-5k thi gid trj ctia & La:
1
A k=1. B. k=2, C k=3. D.k=4. :
Ciu 71.Dé f[sinzt—%]d!=0,véi kcZ thi x thoa:
0
A x=k2r. B. x=kn. C.xzkg. D.x=(2k+11)7r.
Cau72.Néu [ (cosx +sinx)dr = 0(0 < a < 2r) thi gié tri ¢ bing:
0
AL B.Z ¢ D. x
T -5 R . 7.
5 dx N 3
“au 73. Néu f =Inc véi c € Q thi gia trj cia ¢ bing:
1 2x—1
A 9. B. 6. C. 3. D. 81.

2
“4u 74. Néu két qua cua f % duoc viét & dang lng- v6i a, b 12 cac s6 ty nhién va
x+ !
1

wéc chung 16n nhat cia q, b b?ang 1. Chon khé"mg dinh sai trong cac khéng dﬁh sau:
A 3a-b<12. B.a+2b=13. Ca-b>2. D. "+ =41.



2 .
———-IT]dx, ta thu duogc két qua ¢ dang a+bIn2 véi
x-3 x x

Ciu 75. Tmh tich phan f (

a,beQ| Chon khing d;nh diing trong cic khing dinh sau?
A. a2+b]l>10 B.2>0. C.a-b>1. D. b-2a>0.

Cau 76. Keﬂ qua ctia tich phin f [x+l+—2—]dx duoc vigt dudi dang a+bIn2 véi

a,beqQ. Khldo a+b bang:

3 i 3 5 5
A —. B. ——. C. ~-. —-=
2 i 2 2 D 2
rang fz—"ﬁx_alnzw véi g, beQ.
Chon khﬁ’mg dinh sai trong cdc khing dinh sau:
A a<5, B.b>4. C.a* +5° >50. D.a+b<1.
| x —2x)(x—1)
Céu 78. Cho tich phén 1= f—rdx=a+bln2+cln3 véi a, b, c€Q. Chon
X
khing dn%h diing trong cac khing dinh sau:
A.b>0. B. c<0. C.a<0. D.a+b+c>0.
) L A 2 (x—Z)(xz—x+2) .
Ciu 79. Cho tich phan 1=f-—+2-_dx=a+b1n2+c1n3 véi a, b ceqQ.
: X
1
Chon kh%ng dinh diing trong cac khing dinh sau:
A b>0. B.c>0. C.a<0. D.a+b+c>0.

Cau 80. Mét’vét chuyén ddng véi vén t6c v(r)=1,2 +—+3é(m/s) Quéng dudng vat 46 di
duoc trong 4 gisy d4u tién bing bao nhiéu ? (Lam tron két qua dén hang phan tram).
A. 1882E B. 11,81m. C. 4,06m. D. 7,28 m. ‘
Cau 81. Ban Nam ngbi trén mdy bay di du lich th& gidi va van tdc chuyén ddng cia may bay
1a v(t)= 3: +5(m/s) . Quing dudng may bay di duoc tir gidy thir 4 dén gidy thir 10 1a :

A.36m. : B. 252m. C. 1134m. D. 966m.

Cau 82. (DE MINH HOA QUOC GIA NAM 2017) Mbt 6 t6 dang chay véi vin téc 10m/s
thi ngudi 141 dap phanh; tir thoi diém d6, 6 t6 chuyén déng chdm dan déu véi van tdc
¥(£)=—5¢ +10 (m/s), trong d6 ¢ 12 khoang thoi gian tinh bing giay, k& tir ic bt dau dap
phanh. He;’)i tir liic dap phanh d&n khi dimg hin, 6 6 con di chuyén bao nhiéu mét ?
A.02m. B.2m. C.10m. D. 20 m.

Chu 83. Mét %t dang chuyén ddng véi van tSc 10ns thi ting t8c véi gia t8c a(r) = 3 + 1 (m/s?).
Quang dudng vt di duoc trong khoang thoi gian 10 gidy k& tir ltic bit du tang téc
béng bao nhiéu ?

A 4000dn. B. 4300m C 1900 ) D. 2200m
3 3 3 3

93


http://www.facebook.com/groups/TaiLieuOnThiDaiHoc01
http://www.facebook.com/groups/TaiLieuOnThiDaiHoc01

Cau 84. Mot vat chuyén ddng véi van tde v(t)(m/s), ¢ gia tdc v'(¢) =£i(n{;/sz) . Vén
|

t6c ban dau ctia vat 1a 6m/s. Van t8c clia vat sau 10 gidy 1a (lam tron k%t qua dén
hang don vi): B
A 14m/s. B. 13m/s. C. 11m/s. D. 12m/s. |

Céu 85. Mot dam vi triing ngay tht ¢ ¢6 s6 luong 1a N(r). Biét ring N'(r)= \‘l j—o(?ost va
lic dau ddm vi triing c6 250.000 con. Sau 10 ngay s8 luong vi tring 1a (1&y xdp xi hahg
don vi):

A. 264.334 con. B. 257.167 con. C. 258.959 con. D. 253.584 don.

Cau 86. Goi k(r)(cm) 13 muc nude & bon chira sau khi bom nueée duoc ¢ gidy. Biét ré“mg
B(t)= %%/t+8 va ltic dau bén khéng c6 nude. Tim mikc nude & bon sap khi bom
nudc dugce 6 gidy (lam tron két qua dén hang phan tram):

A.2,33 cm. B. 5,06 cm. C.2,66 cm. D. 3,33 cm.
Cau 87. Khing dinh nao sau dy ding ?

0

A. Né&u w'(r) 1a t6c 4 ting trudng cin ning/nam clia mét da tre, thi f wi(r)dr tasy
s

cln ndng chia dira tré gitta 5 va 10 tudi.

B. Néu dau 10 ri tir mét cai thing véi t6c d6 r(¢) tinh bing galéng/phut tai thoi gian ¥

120

£, thi [ r(s)ds bidu thi huong galong dau rd i trong 2 gi dau tién.

4]

C.Néu r(r) 12 t6c d5 tiéu thu du cta thé gi6i, trong d6 r dugc bing nim, i’bét d4u tai
(Y
#=0 viongly 1 thing 1 ndm 2000 va r(r) duoc tinh bing thimg/nam, [ r(r)ds
) D ;
bigu thi s8 luong thiing dau tiéu thu tir ngay 1 thang 1 nim 2000 4é'n ngay 1
thang 1 nam 2017.

D.Ca A, B, C déu dang. ) ‘
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O Bai 04
~ MOT SO PHUONG PHAP TiNH TiCH PHAN
L Phu’oné phap d6i bién sg
a) Phuong qha’.p d6i bién s loai 1
. &
Gia sie cp tinh 7 = f f(x)dx ta thue hién cac budce sau
Buéc 1. {b:n x=u(t) (véi u(r) 1a ham c6 dao ham lién tuc trén (B8], flu(r)] xac
=a, u(B)=1b)vaxicdinh ¢, 8.

dinh trén [a'ﬁ] va u(a)
Budrc 2. Thay vio, tacé: = jf[u(t)].u'(t)dt = jg(t)dt =G(1)|2 = 6(8)-G().

Mot s6 dang thudmg diung phwong phép ddi bién s& loai 1

D3u hiéu Céch chon
x=la|sint : te(—l;1
a® —x* 272
x=|d|cost t€[0;7]
_ 1 m 1]
xf—sE rE}- 2,2 \{0}
i
T
T e— \ —
x=—— re(0,x) {2}
T 7T
2 +at x='a|tant te[—E;E]

b) Phurong phap ddi bién s6 loai 2
Tuong tw nhw nguyén ham, ta c6 thé tinh tich phan béng phwong phap d6i bién s& (ta
goi la loai 2) nhwr sau:

R :
D& tinh tx'lch phén I=ff(x)dx néu f(x)=glu(x)|u'(x), ta c6 thé thuc hién phép

ddi bién nhu'Lsau
Bubc 1. Dit = u(x)=dr =u'(x)dx.
! r=a=r=u{a)
Dédi can .
| x=b=>t=u(bd)
u(d) 'u(b)

Budc 2. ﬂay vaotacd I = f g(r)de=G(r)
i u(a)

u(a)
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2. Pheong phap tich phin tirng phin :
Cho hai ham s8 » va v lién tuc trén [a;6] va c6 dao ham lién tyc trén [4;5],
&

Khi dé: f udy = uv

a

[ b

- f vdu.

a a

Mot s8 tich phdn cac ham s d& phat hién « va' dv

- ¢ L |u= ln[g(x)]
Dang 1 ff(x)ln[g(x)]dx Dat dv= f(x)ds
u=f(x)
; sin ax . sin ax
biat
Dang2 f(x){cosax * 1w =|cosax ?.7:
« e P 1
_|sinax
Dang 3 ]e"‘ sinax Pat | |cosax| |
/  |cosax dv=¢"dx

Uu tién dit » theo quy tic "nhdt log, nhi da, tam luong, it miu".

Tice la trong hadm s6 dudi ddu tich phan hop boi 2 trong 4 ham s8 trén f:hl ta dit »
theo thit tu wu tién nhu trén, con lai thi dit 1a dv.

CAU HOI TRAC NGHIEM
S

Vin d% 1.1. PHUONG PHAP DOI BIEN SO LOAI 1 : |

=0

VB !

Ciu 88. D3i bién s§ x =4sint cla tich phan I=f\/16—x2dx,ta dugc: | f
0

4 B v
A I= —16\fcosZ e . B. I=8[(1+cos2e)ds . ‘ :
0 f ;

I=4 og‘am

4
C. 7=16 [ sinsds. D. I=8f(1—c052t)dt.
0 0

1
dx
Cau 89. Cho tich phan I = . Né&u d6i bién s6 x = 2sinz thi:
‘[ V4-x*

>
~
1
oS —yoin
e
-}
-

1
Syt
&

@]
-
~
g
~
I
o Sm—ulnt
o
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Ciu 90. D3i bién s8

.n|:|\ul=l
jo N
M

| 3J 7 3
Ciu 91. Cho} tich phdn I = f ——dx Néu d4i bién s6 x—% thi:
sin
z 3 3 3
AT ﬂ os*zdz. B. I=[sinzzdz. c.z:[coszrd:. D. I=-;-[(1-—cos2t)dt.
7 1 F 3
S
Vin dé 1.2. PHUONG PHAP DOI BIEN SO LOAI 2
&S,
Cau 92. Chotham s6 f(x) c6 nguyén ham trén R . Ménh dé nao dudi day 1a ding?
1 ; 1 a a
A [f(#)dr=[f1-x)dx. B. [f(x)ax=2 f(x)ax
L] L] —a 0
T = 1 2
. 1
C. | f(sinx)dx == | f(sinx)dx. D. | f(x)dx=— x)dx .
[ F(sine)as=r [ flsins [r@ae=3 [ 16

4 2
Cau 93.Néu f(z) litntycva [ f(x)dx=10,thi [ f(2x)dx bing:
0 [

A5 B.29. C.19. D.9.
Ciu 94. Ham s8 y = f(x) c6 nguyén ham trén (;5) dong thoi thoa man f(a)= £ ().
Lua chgnl phuong én ding:

A jf’ ,Jc /Pdx=0. B. ]f'(x)e”’)dx:l.
C ff 1& )e/Wldx = ~1. D. ]f'(x)e””dx:Z.

Ciu 95. Cho }ham 8 f(x) c6 nguyén ham trén R . Xét cic ménh deé:

OHNIH

| s | A PR IC)
L smz;ff(smx)dx—ff(x)dx. I [ - dx=[ -~
1L f o ﬂ dr=+ f of (x)dx .
Cac men.lll dé dung la:
A.Chil : B. ChiIl. C. Chi III. D.Cal lIvalll
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Cidu 96. Cho f(x) 12 ham s8] v lién tuc trén [a;a]. Ménh d& nao dudi day }‘}‘a dung?

A. ]f(x)d.x = Z]f(x)dx. B. ]f(x)dx: 0. 4
C. ]’f(x)dx=2j_.f(x)dx. D. ]f(x)dx:—Z]f(x)dx. i

0 2
Cau 97.Cho f(x) lahams&1éva ff(x)dx =2.Gia tri cia ff(x)dx la:
-2 o
A2 B. 2. C.1 D. -1.
: [ 1 i
Cau 98.Cho f(x) laham s§ chinva [ f(x)dx =3.Gid trj ctia [ fx)ax
-1 ~1
A3 B.2. C.6. D. -3,
2
Cau 99. Tinh tich phan 7= [ #*\/x* +1dx.
0

Al B. - c2 D. -2,
9 9 9 9

Cau 100. Cho I = f 2xyx" ~1dx v u=2x"-1. Chon khing dinh sai trong| céc khing.
1 i

dinh sau:

3P

; 2 }
A I= [udu. B. 7= [udu. C.I=§u5 D. I=2.3.
o 1 :

0

3 2 ;
A iy e x s o T
Cau 101. Bién d6i *[—l-}- e dx thanh [f(r)dr, véi r=+1+x. Khi 46 fi(t) 1a ham

nao trong cac ham sd sau?

A f(r)=20=2t.B. f(£)=F +¢. C. f(e)=1-t. D. f(r)=2¢ +2¢.
i f 2 (2 : ;
Cau 102. Cho tich phan I=f 1+’x dx . Néu d6i bign s§ 1= Y* F1 4 ;
/ x X p
2 2 '
N 2 N 3
A.]=——f2t.BI f’d’ cr=[t D.I=ffd’.
wt- £ +1 wi—1 A1 +1 {
T dx
Cau 103. Két qué ctia tich phan I= [ ——— c6 dang I =ain2+5in JE I)+c véi
E ‘[x\/lwi-x:’ & ( )
a, b, c € Q.Khi d6 gid tri clia a bing:
A.a=—1-. B.a=—l. C.a=—z. D.a:—-z.
3 3 3 3

08
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Cau 104, Biét 3

Aa=2, B. a=%. C.a=+2. D.a=4.
‘ ! 3
Cu 105. Cho 243.m— f A% dr=0.Khi d6 144m’ —1 bing:
1 o x +2
2 2 .
A5 B. 43 -1. C. g D. K&t qua khic.
l Slnx
Cau 106. Tinh tich phan 7= [=Zdz
i X
: 1
i 2 2
A I=2. B.I=ln22. C. I=In2. C. I=—1“22.

Cu107. D61 bign «=Inx thi tich phén I = f 2% e thanh:
x

’"du

(1—u)du. =

0
~

= '”du

(1—u)e"du. D.I=

1=
Jeos

J Can 105. Cho 7= f‘l“"“‘ —I+3mz.

Chon khgng dinh sai trong cdc khéng dinh sau:

A.I=—f:d:. B.1=—f:-d:. cr=2s]. D.1=22
34 3 9 | 9
Cau 109. Biéh d5i ]——In—dx thanh ff t)dz, véi r=Inx+2.Khidé f(r) laham
| x(lnx +2)°
nao trong cac ham sd sau?
2 1 1. 2 2 1 1
A ft)5=—-=-. B. f(t)=—=+=. C. ft)==+- D t)=—=>+-.
f=5-1 B s)=-z+1 cs=24] f)=-5+2
5 P P 5 r Inx . .
Cau 110. Két qua cha tich phan I=f2—dx c6dang I=aln2+b véi q, beQ.
A x(ln x+1)
Khéng dinh nao sau day la ding?
A 2a+b{_1 B. &’ +b*=4. C.a—-b=1. D.ab=2.
Cau 111 Tm]h tich phan 7= f xe* dx.
\
€ e+l e—1
A T==. B.I= . C.Il="o— I=
2 2 2 D-I=e
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tn2
Ciu 112. Cho I =fe’\/e' —ldx va r=+e —1.
[}
Chon khéng dinh sai trong cac khéng dinh sau: i ¢

1 1 3h i
A.1=2f:2dz. B.I=ft2dt. cr=2), p.1=2.
[1] 0 3 0 3 |

In3

Cau 113, Bién d6i [ -2
2 € 1

3 ? :
thanh [ f£()dr, v6i 1= e". Khid6 f(z) 1a ham ngo trong céc
1 | :

ham s sau?

1 1 1 1 1 1

A f(t)==—. B. f(t)==+—. C. f(t)=—0_1L
£() -t ) ror+l s) t+1 ¢ ‘
2 x 3 \
Ciu114. Tim 2 biét I = f e—d’i:lnae-l-e v6i a, b la cac s8 nguyén duong.
J 2+e ae+b ;
1 1 |
Aa=—. B.a=—-—. Ca=2. D.a=-2;

3 3

, |
Cau 115. D€ tinh tich phin I = [ ¢™* cosxdx ta chon cach dit nao sau déy cho phi1 hop?

o%N]ﬂ

A.Ditt=¢"*. B.Ditt=sinx. C.Dit t=cosx. D.Dijt r=¢".

€™ * sin x cos® xdx .

QSNM

Cau 116. Cho tich phan I =

Néu d6i bién s8 ¢ =sin® x thi:
1

H
fedt+[tedt

0

15,
A.1=-2-[e (1-2)dr. B. =2

1 1 1
C.I1=2¢(1~1)d. D. I=%[fe’dt+fte’dtl.
0 [ 0

1
Céu 117. Biéh d6i [ ¢™*sin2xdx thanh [ f(r)ds, v6i r=sin’ x. Khi d6 f(r) 12 ham
! . :

al:l%h’l:l

2
nao trong cac ham s& sau?

A f(r)=¢'sin2:. B. f(t)=¢". C. f(r)=¢'sins. D. f(t)=?};-e'.

Cau 118. (DE MINH HOA QUGC GIA NAM 2017) Tinh tich phan I = f cos’ lx sin xdx.
|
0 |

A, I=—i7r4. B. I = —7*%, C. I=0. D. I=—-I-.§

4 4
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3
Céu 119. Tinh tich phén 7 = ['sin2x(1+sin’ x)’ dx.

i 0
_T B =3 =1
AT=Z B.I=—. Cr==. D. 7=~
p 6tan x
Chu'120. Cho tich phén I = dx . Gid ste dit u =/ 1 th :
u o tich phan ‘[coszx\[jtan—x-i-l 1a str dat « 3tanx +1 thita dwoc
47 47
a1=3) (24 +1)du. B.1=§[.(u +1)du.
42‘\ 2 4 2
C.I=§§(u ~1)du. D. 7=2 f(2w ~1)au.

Cau 122 Neu‘I fsm xcosxdx:— thi # béng:

; An=3. . B.n=4. C.n=6. D.n=5.
Vin 4@ 2. PHUONG PHAP TICH PHAN TUNG PHAN
=

: 2
Cau 123, Tinhitich phén I = ['Inxds. Chon khing dinh sai?
1

A 1_—.21n§2—1. B. in2. C. In4—log10. D. Inde.
4

Cau 124. Biét lI f—dx——;-—%an Gié trj ctia @ bing:

A 2. B.In2. C. 4. D. 8.
Cau 125. Két | qua caa tich phan 7= f ln x —x)dx duoc viét & dang I =aln3—5H véi

a,bla caclso nguyén. Khi dé a—b nhan gia tri nao sau day?
A -1. B. 0. C. 1. D.2.

e

Cau 126. (DE MNH HOA QUOC GIA NAM 2017) Tinh tich phin I = [ xInxdx.

£=-2 c =21 el
2 4 4

AT=1 B.I=
2!
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3e”+1?

Ciu 127. Khing dinh no sau day ding vé két qua f x* Inxdx =
1

A. ab=64. B. ab=46. C.a—b=12. D. a—b=44

1
Ciu 128. Két qua cta tich phan I = fxln 2+x dx duoc wetodang I—aln.6+b1n2+c

VGi a, b, ¢ la cac s6 hiru ti. Héi tdng a +5+c bing bao nhidu?

A. 0. B. 1 C. % D.2. {

Cau 129. Cho 1=f1n5dx.Xécd1nh Edé I<e-2.
1 x :
A k<e+2. B. k<e. C.k>e+l. D.k<e—];l.

1
Céu 130. Tinh tich phan I = [#27dx .
[+

2In2+1

2In2-1 2In2-1 2In2+1 '
A I= . B.I=="2— C.I= . D.I="""
In?2 In2 m22 n2

1 | '
Chu 131. Két qua tich phén T = [(2x+3)e*dx duoc viét dusi dang I = ae+b Vi @, b€ Q.
b |

Khing dinh nao sau day la dting? |
A.a-b=2. B. o’ +5°=28. C. ab=3. D.a+2b=1
% i . ‘
Ciu 132. Tich phin f(x ~1)e*dx = 2_4"_ . Gid tri cia 2> 0 bang:
0

Al B.2. C.3. D.4.
Cu 133. Tinh tich phan 1 = [ xsin2xdx.
0
A I=1. B.I=1. cr=1. p.1=3.
4 4

Cau 134. Cho tich phén I = | x(sinx+2m)dx =1+" . Gié tri ciia tham s& m ! la

o%u]:! o

AS. B. 3. C.4. D. 6.

Cau 135. Cho —— [ xcosxdx =1.Khi d6 9m* —6 bing:
m

© Syt

A 3. B. 30. C. -3. D. -30.

Cau 136. K&t qua cia tich phan | (2x—1-sinx)dx dwoc viét & dang w[z—%g ~1.Khing
a b :

o%ul:l

dinh nao sau day la sai? : L
A a+26=8. B.a+b=5. C.2a-3b=2. D.a-b=2.
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! f
"Cau137. Véi r€(-11) tacod f dx 7 =—-;-1n3.Khi doé gia tri ¢ 1a:
X7 - .
¢

2

A. B. ~=. D.0. D.

W=
w
0o | =

s

sin2x.¢™“dx . Mdt hoc sinh gii nhw sau:
0

Ciu 138. Cho tich phan [ =

- Buécl:D}ét r=sinx=dr=cosxdx .

 Jx=0=>r=0

! oLt [ B
Dmca‘h x=£=>t=l=>l=2fte dr.
2 0 .
\
i =t du=4dz
Budc 2: C‘hon “ = .
: dv=¢'dr |r=¢

i
Suy ra f te'de = e
0

—-fe‘dt:e—-e’
3

1
0
g
Budrc 3: I=2fte’dt=2.

; 0

Héi bai gi%i trén dung hay sai? Néu sai thi sai o dau?

A. Bai giai trén sai tir Budc 1. B. Bai giai trén sai tir Budc 2.
C. Bai giai trén hoan toan ding. D. Bai giai trén sai tlr Budc 3.

Ciu 139. Ché I = f ¢* cos® xdx, J = f fsinxdx vd K= f ¢* cos 2xdx . Khing dinh nao
0 0

- i o

ding tror*;g céc khing dinh sau?

e” -1

M. [+ =e. . I-J=K. (). X =
|
A. Chi (). B. Chi (TI). C. Chi (II). D. Ca (1) va (III).
i 1 7%
Ciu140. Cha I, = [—dx véi neN. Gid tri clia [, +1, lax
: o 1te

A0, B.1. C.2. D.3.
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O Bai 05

UNG DUNG TiCH PHAN
1. Tinh dién tich hinh phéng
Dinh Ii.
Choham s8 y = f(x) lién tuc, khong m trén doan [#;]. Khi d6 dién tich| S ctia hirh

thang cong gi6i han boi d6 thi ham s§ y= f(x), truc hoanh va hai duirong thing '

x=a,x=bla . N |

Bai todn 1. Cho ham s§ y = f(x) lién tuc trén doan [#:8]. Khi d6 dién ich § ctia
hinh phing (D) gi6i han béi d6 thi ham s§ y = f(x); truc hoanh Ox (y=10) va hai

b
dudng thing x=a; x=5 Ia S=f|f(x dx

Bai todn 2. Dién tich hinh phing gidi han
boi hai d6 thi y=f(x); y=g(x) vi hai A}’
duong dudng théng x=a;x=b 12

s= [ 1f(x)- (=)o

Chu y:
1) D& pha bé dau gia tri tuyét d6i ta thuong lam nhu sau: |
- Gidi phuong trinh f(x) = g(x) tim nghiém x,,x,,...,x, € (4:8) (v, <x,<.l<x,).

x) dx +f:lf(x)—g(x)]dx+ ...+j:|f(x)—g(x)'d;§:
=U;*x(f(x - g(x))x +...+Uxi'(f(x)—_g(x))dxl.

Ngoai céch trén, ta c6 thé dua vao d6 thi d€ bo diu gis tr tuyét d6i.
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2) Trong\nhleu trudng hop, bai todn yéu ciu tinh dién tich hinh phéng giéi han béi
hai d8 thi y‘— f(x); y=g(x).

Khi d6, ta cocongthuctm.hnhusau S= flf (%)~ g(x )Id.x

Trong dé ‘xl va x, tuongumg la nghiém nhé nht, 16n nhit ciia phurong trinh £ (x) = g(x).

2. Tinh th¢ tich khéi tron xoay
a} Tinh thé tich ctia vat thé

Dinhli.

Cit mét “Pét th& C béi hai mit phéng (P) va (Q) vudng géc véi truc Or Ian luot tai
x=a,x=b ?(a < b). M6t mit phing b3t ki vudng géc véi Ox tai diém x (a<x<B) cit
C theo mét thiét dién c6 dién tich § (¥).Gid st S(x) I3 ham lién tyc trén doan [a;5]. Khi

l

6 the tich cia vat th€ C gidi han béi hai mit phing (P) va (Q) dugc tinh theo cong

b) Tinh :ﬁ-.é’ tich viy tron xoay

Bai todn 1. Tinh thé tich vt thé tron xoay
khi- quay mién D duoc gidi han béi cic
yi| duong y=f(x); y=0; ¥x=a; x=5b quanh
‘| truc Ox du%;c tinh theo cng thirc

Chit y: N%’u hinh phéng D dugc gi6i han boi cic duomg y= f(x); y=g(x) va hai
dudng x=a; x=b (véi f(x).g(x) >0, Vx €[a;5]) thi thé tich khéi tron xoay sinh béi khi
quay D qua151h truc Ox dugc tinh boi cong thikc

—x [1 ()£ ().

Bii todn|2. Tinh thé tich khéi tron xoay sinh ra khi quay hinh phing D gi6i han béi
cac dudng 1x = g(y), truc tung va hai dudng y =g, y=5b quanh truc Oy duoc tinh

theo adng thitkc

V:wfgz(y)dy.
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CAU HOI TRAC NGHIEM
S i)
Vin dé 1. TINH DIEN TiCH HINH PHANG

S

Cdu 141. Viét cdng thirc tinh dién tich hinh thang cong giéi han boi db 4}u ham s&

¥ = f(x), truc hoanh va hai dudng thing x=a, =5 (a<b) la:

A s=ff(x)dx. B. s=f|f(x)|dx. C. S=ffz(x)dx. D. S=7r]‘lb’(x)|dx.

Cau 142. Cho d6 thj ham s6 y = f(x). Dién tich S cta hinh phing (phan téi
hinh duéi) 1a: !

A. S=]f(x)dx

=
X
&

-2

')
<,
I
—
=
X
&
+
wlme oSmu oy
= =
Y
& &

dam trong

Cau 143. Dién tich cia hinh phéng gidi han boi d6 thi hai ham s6 y = x® + 2x ‘jvé y=3%"

duoc tinh theo cdng thic:

2 1 2 :
A §= [(x 32" +2x)dx. B.S= [(x -3¢ +2x)ax— (" -3¢ ~20)dx.
0 0 i
2 1
C. f —%* +3x% —2x)dx. D.§S= f(x —3x" +2x) a’x+f %* -3y +2x dx.
0 1 |
Céu 144. Dién tich ctia hinh phéng giéi han béi db thi hai ham s§ y = x° +2 va y=3x
la:
A §S=2. B.§=3. C.S=%. D.§=-

Cau 145. (DE MINH HOA QUOC GIA NAM 2017) Tinh dién tich hinh phér
béi d6 thi him $8 y = x* ~ x va d6 thi ham s6 y = x - x°.
A s=3 B.s=2. c.s=8. . D.Ss=13.
12 4 12

Cdu 146. K&t qua ctia dién tich hinh phﬁng gidi han bdi d6 thi ham s6 y =

truc hoanh, truc tung va dudng thing x =2 ¢6 dang % (véi % la phén s
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Khi d6 méi lién hé gitta a va b 1a:
A.a—b:‘=2. B.a-b=3. C a-b=-2. D.a-b=-3.

Ciu 147. Ké'r qua clia viéc tinh dién tich hinh phing gidi han béi db thi (C): y = * — 2% +1
va truc Ox gannhét véi gia tri nao sau day?

-1 - =3 -
A S=5. B.S=1. C.s==. D.S=2.

Ciu 148. Dién tich hinh phing gidi han béi cac duong y =xy1+x", truc hoanh va

duodng thang x =1 la:

A.S=%§. B.s=3‘/i3_—1. c.s=2@. D.S=2(J§—1).

Cau 149. Di;én tich hinh phéng gi¢i han boi cic dudng y=+x va x=2y=0 béng véi
dién tich/ hinh nao sau day:
A. Dién tich hinh vudng c6 canh béng 2.
B. Dién tich hinh chit nhat cé chiéu dai, chidu rong lanlwot 5 va 3.
C. Dién (‘L'ch hinh tron c6 ban kinh bang 3.

I . 4
D. Dién qich toan phan khdi tt dién déu cé canh bang 2;5 .

21 +, truc hoanh,

Cau 150. Dién tich hinh phing giéi han béi do thi ham s8 y =
X+

dudng thing x =0 va duong thing x =4 la:

A s=-B. B s=2. Cs=2. D.s=2.
5 5 25 25

Cau 151. Tinh dién tich hinh phéng gi6i han bdi cac dudng y =xInx, truc hoanh va
duong théng x=e.
2 2 2 2
As=2F ps=23l cs=22 D.s=2F,
4 6 8 2

Céiu 152, Di@n tich hinh phﬁng gidi han béi d6 thi ham s6 y =e" + x, truc hoanh, truc

tung va d:uc‘:mg thing x=1 la:
A.S=e-§l—%. B.S=e—%.' C.S=e+l. D. S=e-1.

Céu153.Dif; tich hinh phéing giéi han béi cic duong y =e* +x, x—y+1=0 va x=In5 la
A.S=5¢In4. B.S=5-In4. C.S=4+In5..  D.S=4-InS.
Cau 154. Goi S 12 dién tich hirth phéing gi6i han bo cic dudng ¥ =(e+1)x va y=(1+¢*)x.
‘Gid tri §|can tim la:
‘ e—2 e—2

As=222 Bs=£. cs=22 D.S=
2 2 2 4
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Cau 155. Dién tich hinh phing giéi han béi cac dudmg y=+e" +1, truc hoamh va hai
dudng thing x =In3, x =In8 nhan gia tri nao sau day:

2 3 3 3
A S=2+In=. B.S=2+In=. C.§S=3+In=-. D. S=2-In-.
S +n3 + 2 + > lnz

Cau 156. Dién tich hinh phang gi6i han béi parabol (P): y = x* —2x+2, tiép| tuyén véi
né tai diém M (3;5) va truc Oy la gia tri nao sau day?
A . 5=4. B. §=27. C.§=9. D.s=12.
Cau 157. Cho ham s§ y = x” —2x+2 ¢6 d6 thi (C). Phuong trinh ti&p tuyén atia (C) tai
diém o6 hoanh dd bing 3 c¢6 d6 thi A.Goi S 14 dién tich hinh phéng gidi han bai d6
thi (C), dudng thing A va truc tung. Gia tri caa § la:

A.S=9. B.s=2. cs=2. D.S=2.
2 4 10

Cu 158. Dién tich hinh phing giéi han bdi db thj ham s§ y= 4——— duong thing

= -1, duong thing y=1 vatruc tung dwoc tinh nhur sau:

A.s=_f[4—x—2]dx. - B.S=f'4-—x—2dx
l D.S= f«/Ty

“du 159. Dlen txch cia hinh phéng giéi han béi hai dudmg cong c6 phurong mnh x »=0

va x+2y° —12=0 bang:
A §=15. B. §=32. C. §=25. D. §=30.

“4u 160. V6i gid tri nao clia @ d€dién tich S chia hinh phing gidi han boi (C): y;" ‘?",
x

dudng tiém cén xién ctia (C) va hai duong thing x=a, x=2a (a>1) bang; In3?
A a=1. B.a=2. C. a=3. .D.a=4.

S

Vin dé 2. TINH THE TiCH KHOI TRON XOAY
)

4u 161. (DE MINH HOA QUGC GIA NAM 2017) Viét cong thitc tinh the j‘th V cia

khéi tron xoay dwoc tao ra khi quay hinh thang cong, giéi han bdi d thi ham s§

y= f(x), truc Ox v& hai dudng thing x =a, x=b (a <b), xung quanh truc‘ Ox.

A V=7r]f2(x)dx. B. V=ff2(x)dx

C. V=7rjf(x)dx. D. V= [|f(x)dx.

a

08
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Cau 162. Cho hinh phéng trong hinh (phn t& dam) quay quanh truc hoanh. Thé tich khéi
tron xoay tao thanh duoc tinh theo cdng thirc nao?

s
AV= ‘[ [£(x)-g(x)] dx. P

s
B. V=7%'f[f2(x)—g2(x)]dx.

CV= Tjr][f(x)—g(x)r dx.

| b

D. V=7§rf[f(x)—g(x)]dx.

Ciu 163. V8t cong thizc tinh thé tich ¥ cua phan vét thé gi6i han boi hai mit phing
vudng goc véi truc Ox tai céc diém x=a, x=5 (@ <b), c6 thiét dién bi cit bai mit

phéng v§.16ng goc v6i tryc Ox tai diém c6 hoanh 46 x (a<x < b) Ia S(x).
i

| a

AV= @-]‘S(x)dx. B.V= r]]S(x),dx.

CV= j;"s(x)dx. D. V=7rsz(x)dx.

Cau 164. (JE MINH HOA QUOC GIA NAM 2017) Viét Ki hiéu (H) I hinh phing giéi

han béi W‘ﬁ thi ham s§ y =2(x—1)e”, truc tung va truc hoanh. Tinh thé tich ¥ cta

khi tron xoay thu dugc khi quay hinh (H) xung quanh truc Ox.

A.V=4-2¢. B.V=(4-20r.  C V=¢-5 D. ¥ = (¢ —5)x.
|

Cau 165. Th)é’ tich cia phan vat thé giéi han béi hai mjt phéng x=0 va x=3, c6 thiét
dién bi c?t bdi mit phz"ing vudng géc véi truc Ox tai diém c6 hoanh db x (0<x<3)
Ja mét hinh chi nhat c6 hai kich thuéc bing x va 2v9— 7 , bing:
A.V=3;. B. V' =18. C. V=20. D. V=22

Cu'166. Tinh thé tich vat th& n3m gitra hai mit phing c6 phuong trinh x =0 va x = 2, biét
réng thiét dién ctia vat thé b cit boi mit phing vubng géc véi truc O tai didm c6 hoanh
dé xe [0%2] 14 mt phin fr dudng tron ban kinh 22, ta duoc két qua nio sau day?

16
=—m.
5
Céu 167. Hinh phang C gi6i han béi cdc dudng y = x* +1, truc tung va tiép tuyén ctia

d5 thi hay 88 y==x*+1 tai diém (1;2), khi quay quanh truc Ox tao thanh khéi tron

A.V=32r.  B.V=6dr cv D. ¥ =8r.

xoay ¢6 tqlé tich béng:
| . cr=2. D.V=n

A. V=ii7r. B.V .
5 15 15

109


http://www.facebook.com/groups/TaiLieuOnThiDaiHoc01
http://www.facebook.com/groups/TaiLieuOnThiDaiHoc01

Céu 168. Khéi tron xoay tao nén khi ta quay quanh truc Ox hinh phéng D gxm han bai
do thj (P):y=2x~—x" vatruc Ox s& c6 thétich la: ‘

A v=1" B. =17 cv=1& D.v=27
15 15 15 15

Cau 169. Hinh phéng gi6i han boi db thi hai ham s§ y=2x—x> v y=k khi quay
quanh truc Or tao thanh khéi tron xoay cé thé tich bing:

Av=C Bv=", cv="C D.V=nm
3 4 5

Cau 170. Thé tich véat th€ tron xoay sinh ra khi hinh phéng gidéi han bdi %.:éc parabol
y=4-—x" vd y=2+x" quay quanh truc Ox 13 k&t qua nao sau day?
A. V=10 B. V=12 C.v=1l4r. D. V=161‘(

Cau 171. Thé tich vat thé tron xoay sinh ra khi hinh phing gi6i han bm cac duorng

4y=x’, y=x qua quanh truc hoanh béng bao nhiéu? |
Ay g 1287 c. v=128" p.v=1Ir
15 15 . 15 15

Cau 172. Cho hinh phéng (H).gidi han bdi cac dudng y=+x, y=—x va x=4. Tinh -
thé tich ctia khéi tron xoay tao thanh khi quay hinh (H) quanh truc hoéq‘lh nhén gia 7.
tri nao sau day: |

A. V_4;” B.V=—§l. C. V—3§7T D.V=ﬂ-.

Céu 173. Th€ tich ctia khéi tron xoay tao nén khi quay quanh truc Ox hmh‘ phéng giéi
hanboi (C): y=Inx, truc Ox va duong thing x=e¢ Ix:

A. V=u(e-2). B.V=mu(e-1). C.V=me D. V=7r(e]'+1).
\

Cau 174. Thé tich vat th€ tron xoay sinh ra khi hinh phing giéi han béi' cic duong
y=+x, y=—x+2, y=0 quay quanh truc Oy, c6 gia trf 1a két qua nao s%lu day?
|

A V=_in B.V=2n cr=32. p.v=11,
3 2 15 . 6

I
Céu 175. Cho hinh phang (H) gidi han bdi cic dudng y=—2* +2x vd y=0. Tinh thé
tich ctia khéi tron xoay tao thanh khi quay hinh (H) quanh tryc Oy la:

Av=1" B.y=2" cy=10r ‘D=1,
3 3 3 3"
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'?E SO PHiC

TONG HOP KIEN THUC

1. Khéi niém s6 phitc
« Tap hqév s6 phirc: C.
* S8 phitc (dang dai s8): z=a+bi. Trong d6
vaq, bR, a la phan thue, & 1a phan ao.
" i IéJicm viao, i =—1.
ez 1d s6'jthuc < phiandocta z bing 0 (b=0).
sz lasq éiio (hay con goi la thudn 40) <> phan thucbéng 0 (a=0).
S6 0 vira la s6 thuc vira 1a s8 ao.
2. Hai s6 phitc bing nhau
Hai s6 phitc z, =a+bi (a, b€ R) va z, =c+di (¢, d € R) duoc goi la bing nhau néu
a=cvab =id .
Khi d6 ta\viét z, = z,.
3. Biéu dié‘n hinh hoc s6 phitc
S8 phitc z=a+bi (a, b€ R) duoc bidu dién boi diém M (a;b) hay béi u= {a;b)
. trong mit phéng phtrc véi hé toa d6 Oxy .

Y

M{a;b)

-

4

4. Phép cong va phép trir s& phirc
Cho hai 6 phirc z,=a+5i (e, bER) va 2, =c+di (¢, d €R). Khi d§
.z +.§zZ =(a+c)+(b+d)i.
o zl—.\:zz=(a—c)+(b—d)i.

|
e S8 ddi ciasd phitc z=a+bi la —z=—a—bi.

5. Phép nhiin s8 phitc
Cho hai sf phitc z, =a+bi (6, bER) va z, =c+di (¢, d €R).Khido
22, =(a+bi)(c +di) =(ac - bd) +(ad +bc)i .
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Nhén xét. V6i moi 58 thuc £ va moi s6 phixc z=a+bi (2, beR), tacd
kz=k.(a+bi)=ka+ kbi.

Déc biét: 0.z =0 vdi moi s§ phic 2.

6. 58 phitc lién hop
SSphirclignhop clia z=a+5i (@, beR) la z=a—bi.
M6t s8 tinh chdt:
eZ=z; ztz'=z42'; 22 =22 [i- =4, zz=a 102
z, 2,

oz lasOthuc @ 2z=2; z lasfdo z=-%.
7. Mbédun cia sd phite : .
Mddun ciia s6 phitc z=a+bi (a, b€ R) 12 s8 thue khéng &m N i'vé duoc ki
hidula ld=va* +4° .
M6t s8 tinh chat:
o el = o + 4 == =[om].

ezl >0,VzeC; lZ=0e2=0.

e |2z =lz.l21.

|2}

z
z' :m_
o -zl <lz 2 212+ 2.
8. Chia hai s6 phitc
S8 phttc nghich ddo ctia z khdc 0 1as8 z™' = #E
Z|
Phép chia hai s& phttc z' va z=0 13 z;'= z'z” =T;—izz=zz'.—’:.
9. Loy thra don vi do i
=1, i'=i #=-1, P =ii=—i,..,bingquy nap taduoc:
=1, =i, M=l Y=, VneN.

Do d¢: i € {~LL;—;i},Vne N,
10. Phwrong trinh bic hai véi hé sé thuc
a. Cin bic hai ctia s8 thuec Am

Tuong tu can bac hai cia mét s§ thuc drong, tir déng thitc 2 =-1, ta niéi 7 1a mot
can béc hai cia ~1; ~i ciing 1a mt cén béc hai ciia —1, vi (~i)’ =—1. Tir d6, ta xdc

dinh duoc cén bac hai ctia cac s6 thue 8m, ching han:
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Cin bac ihai ctia ~2 I3 £iv2, (izx/i)z =_2.
Cain bc hai clia -3 I V3, vi (£43) = 3.

Can bic hai cila —4 1 £2¢,vi (£2if = 4.

Téng qu it, cAc cin bac hai ctia s8 thiee @ 4m la d:i\/];[ .
b. Phuong L.nh béc hai véi hé s thyc
Cho phuong trinh bac hai ax® +bx+c=0 véi a, b, c€R va a=0.
Xét biét s6 A =5" —4ac ctia phuong trinh. Ta thay:

o Khi A =0, phuong trinh ¢6 mét nghiém thuc x = — -
a

>0, c6 hai cin bic hai (thuc) clia A 1a VA va phuong trinh ¢6 hai nghiém
thuc phan b &t, duoc xac dinh boi cbng thitc x,, = #—;

a .
<0 phuong trinh khéng ¢ nghiém thiee vi khéng t6n tai cin bac hai thwc
nhién, trong truong hop A <0, néu xét trong tép hop s8 phikc, ta vin ¢6 hai
can bac hai thun 4o clta A 1a £4,J]A| . Khi d6, phirong trinh ¢6 hai nghiém phitc duoc

—b i A
xéc dinh boi cong thitc x,, = -—;—u .
a

’

e Khi A

e Khi A
caa A.Tuy

CAU HOI TRAC NGHIEM
S

Vin dé 1. PHAN THUC - PHAN AO
=0
Cau 1. Tim j:\‘ﬁn thyee va phén ao clia s§ phite z =3+ 2.
A. Phan thyc bing —3 va phan 4o bing —2i.
B. Phin thyc bing —3 va phan 4o bing —2.
C. Phin thyc bing 3 va phan 4o bing 2i.
D. Phan thuc bing 3 va phan do bing 2. ]
Ciu2.Chos 5 phttc z=a+bi. S8 phitc z* ¢6 phin thyc va phian 4o la:
A. Phian thyc biing @ +5 va phan 4o bing 2252
B. Phin thyc bing o —5 va phan 40 bing 2ab.
C. Phan thuc bing 245 va phan 40 bing %4,
D. Phan thyc biing a—b va phin 20 bing ab.
Cau 3. Téng pL

hén thye va phan 3o ctia s8 phite Z=(\/-2_ —i-3i)z bang:
Al B.11+62. C.—7+6v2. D. -7.
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Ciu 4. Tim phin thyc va phin 4o ctia s8 phie 2 =4-3i +(1-i)’.
A. Phian thuc bing 2 va phan 4o bing —5i.
B. Phan thuc bing 2 va phin a0 bing —7: .
C. Phan thuc bing 2 va phin 2o bing —5.
D. Phan thyc béng —2 va phan a0 bang 5i.
Ciu 5. Nhitng s& vira la s6 thuan o, vira la s6 thuc la:

Aoval, B.Chico1. C. Chics0. D.Chics 2.
Ciu 6. Tim tham s8 thyc m d&s8 phitc z =1+ (1+mi)+(1+mi)’ 13 s& thuan é‘&o.
A.m=0. B. m=3. C.m=+3. D.m=29,

Ciu 7. Cho s8 phitc z = (x+iy)’ —2(x+iy)+5 (Vi x,y€ R). Vi gid trj ndo (rua x,y thi ]

s8 phirc d6 1a s6 thuee.

Ax=1vay=0.B.x=-1. C.x=1hodc y=0. D.x=1.
Ciu 8. Cho s8 phitc z=a+5i . D€ z* 12 médt s8 thyee, dieu kién ctia a va b lézi
A. b=0 vi a bitkihojc 5’ = 3a’. B.b=3a. _ 3
C. v =5d". D.a=0 va b btkihojc ¥’ =a’.
s

Vin d& 2. HAI SO PHUC BANG NHAU
=

Cau 9. Cho hai s3 phttc z =(2x+3)+(3y—1)i va z'=3x+{y+1)i. Taco z=§fz' khi:

A.x=—-§;y=0. B. x=—§;y=§. C. x=3y=1. D.x=1;y§=3.
Cau 10. C3p s8 thue (x;y) théamin (x+ y)+(x—y)i=5+3f la:

A (xy)=(41). B.(xy)=(23). C. (%y)=(L4). D. (%) =;(3;2).
Ciu 11. Hai s8 thyee x; y thoa man (2::—y)z'+y(l—2i)2 =347 la |

Ax=1ly=-1. B.x=-Ly=1. C.x=-Ly=1. D.x=1;y:§=—l.

Cau 12. Cho hai s8 thuc , y théa phuong trinh 2x+3+(1-2y)i=2(2—i)—l‘3yz'+x.Khi
d6 biéu thirc P = x? —3xy—y nhan gid tri nio sau day? |
A.P=13. B.P=-3. C.P=11. D.P=-12.
Cau 13. C4c s6 thuc »; y théamidn x* +y—(2y+4)i =27 I o
|
A(%y)=(V3i-3), (5:7)=(—3:3).  B.(%y)=(~33), (x:y)=(V3;-3).
C. (%7)=(v3i-3), (5:9)=(—3-3). D.(x)=("3:3), (x;y)=(-~/§;-!-3)-
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Cau 14. Biét 1jr§ng s6 phitc z=x+iy thoéamin z* = -8+ 67 . Ménh @ nao sau day la sai?

| 4 2
2_ 2 x'+8x*-9=0
A Y =78 B! 3
x
x= . =1 2 2 - X
C. y=3 §hoac y=—3 D.x*+y* +2xp=-8461.

Ciu 15. Véi| x, y 1a hai s8 thuc théa man x(3+5i)+y(1—2i)3 =9+14/. Gia tri cta
2x—3y la:
205 353 172 94
109 : 61 61 b 109
| S
Vin de 3. BIEU DIEN HINH HOC SO PHUC

&S

Ciu16.S3 phizc z =23 c6 didm biéu dién la:

A.(2:3). B. (-2;-3). C. (2;-3). D. (-23).
Ciu 17. Cho Lé’ phitc z=>5-4;.S6 ddi clia s6 phitc z c6 diém bidu dién la:
A (54). B. (-5-4). C. (5-4). D. (-54).
|C4u 18. Ph‘éns thure va phén 4o ctia s8 phitc z dugc bidu dién
béi di€m [M & (hinh bén) [an heot 1a: YA
A. Phian thyc bing 4, phan o béng 3. P .
B. Phin thyce bi‘?\mg 4, phan do bé:ing -3. ; ‘
C. Phén thyc bang 3, phén 4o bing 4.
D. Phin thyc biing —4 , phian 4o bang 3. 2
1
o 1 2 Ei 4 %

Cau 19. Trong mit phing phitc (hinh duéi), s8 phitc z=3—4; dugc biéu dién bai:

A.Diém A. "
o v e ]
B. Diém . _ . ¢ i
. i Rt 3 H
C.biém C. ; :
| | 2 ;
D. Diém D. : . '
i i H
! :

C S S RS B SR A A M 2
: 4 ;
! H
: ik |
‘_‘n..___..__.___.:l i
Y R )
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Céu 20. Trong mt phing phttc (hinh bén), diém B bifu diéns§ phicc  » A
A —440/.

A2,
B. —4i.
1
C.2-4;. |
D. 2+4i. 4 3 ——

Cau 21. Trong mit phéng phitc cho hai diém A(4;,0) va B(0;—3). Diém d thoa man "
diéu kién OC = OA + OB . Khi 6, s8 phitc bidu dién diém C 1

A z=-3-4i. B.z=4-3. C.z=-3+4i. D. z=4+3i. ‘
Ciu 22. Goi A la diém biéu dién ctia s8 phitc z=—1+6; va B la diém bié'ui dién ctia s6 |
phirc z' = —1-6: . Tim ménh dé ding trong cdc ménh dé sau:

A. Hai di#m 4 va B déi ximg véi nhau qua truc hoanh.
B. Hai di€ém 4 va B d6i ximg nhau qua truc tung.
C.Hai di®m 4 va B d8i xting nhau qua géctoadd O.
D. Hai diém 4 va B d8i xttng nhau qua dudng thing y=x.
Ciu 23. Goi 4 1a diém biéu dién ciia s6 phitc z=2+5/ va B 1a di€m bleu{dlen clia's§
phitc z'=—2+5i . Tim ménh dé ding trong cic ménh dé sau:
A. Hai di€fm 4 va B d8i xiimg véi nhau qua truc hoanh.
B. Hai di€m 4 va B d8i xtmg nhau qua truc tung.
C. Hai diém 4 va B d8i xting nhau qua g8ctoadd O.
D. Hai diém 4 v3 B d8iximg nhau qua dudng thing y=x. i
Ciu 24. Goi A la diém biéu dién clia s6 phitc z=4-7; va B la diém bié’u}dién ctia s
phitc z' = —44-7i. Tim ménh dé ding trong cidc ménh dé sau:
A.Hai diém 4 va B d8i ximg vdi nhau qua truc hoanh.
B. Hai diém 4 va B ddi xtng nhau qua truc tung.
C. Hai diém A4 va B d6i xtirmg nhau qua g8c toa dd O .
D.Hai diém 4 va B d8i xing nhau qua duong thing y=x.
Cau 28, Goi 4 la diém biu dién cla s8 phizc z=3+2/ va B 13 diém bxequxen ciia s8
phtc z' =2+ 3i. Tim ménh dé dting trong cic ménh dé sau: !
A.Hai diém 4 va B d8i ximg vdi nhau qua truc hoanh.
B. Hai diém 4 va B d6i xiing nhau qua truc tung.
C. Hai diém 4 va B d&i xirmg nhau qua g8c toa dd O.
D. Hai diém A va B d8i xitng nhau qua duong thing y=x .
Ciu 26. Trong mit phing phu'c véi hé toa d6 Oxy, diém bi€u dién clia cic s8 phitc
z2=3+& v6i bcR ludn ndm trén dudmg cé phuong trinh la: |
A x=3. B. y=3. C.y=x. D.y=x+3.
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Céu 27. Troqig mét phing phitc véi hé toa d6 Oxy, cho s§ phitc z=a+a% véi acR.
Khi d6 ¢iém bidu dién cia s& phirc z ndm trén:
A Duimgicong r=y. B. Parabol y=-x*.
B. Dudng thing y =2x. D. Parabol y=x.
Céu 28. Cho lra didm A, B, M Tan luot 1a diém biéu dién cita céc s8 phirc —4, 4i, x + 3.
Vi gid trilthuwc ndo ctia x thi 4, B, M thing hang?
A.x=l.i B. x=-1. C x=-2. D.x=2.
Cau 29. Xét céc di€m 4, B, C trong mit phing phutc theo thit tu bidu dién [an luot céc s§
phitc 2, =2-2i, z, =3+ va z, = 2i . Nhin xét nao sau diy 1a dung nhét?
A. Ba dién
C. Tam giac ABC la tam gidc can. D. Tam gidc 4BC la tam giac vudng can.
Cau 30. Gq:iil A, B, C Tan luot la cac diém bidu dién cic s8 phitc 2z, =-1+3;;

2, =-3-2i; z,=4+1i.Chon két luan diing nhét:

4, B, C théng hang. B. Tam giac ABC la tam giac vudng.

A. Tam gidgc ABC can. B. Tam gidc ABC vudng can.
C. Tam giac ABC vudng. D. Tam giac ABC déu.
Céu 31 Trong mét phing phirc, cho ba di®m 4, B, C Ian lugt biéu dién cho ba s§ phic

z,=1+i,\z, =(1+i) va z,=a—i (a€R).D&tam gidc ABC vubngtai B thi a bing:
' A -3, B. -2. C.3. D. 4.
[Cau 32. Troné miit phing phitc, cic di€m biu dién twong tmg voi cac s8 0; 1; i; —2 tao
© thanh:
A. M6t hirhh vuéng. B. M6t hinh binh hanh.

C. M6t hinh chit nhat. D. M6t hinh khac.

S
Vin d% 4. PHEP CONG - PHEP TRU HAI SO PHUC
| XS

Ciu 33. Thu éon s8 phitc z =i +(2—4i)—(3-2) , ta duoc:

A z=5+3. B.z=-1-2i. C.z=1+2i. D.z=-1-i.
Céu 34. Cho l{ai s6 phie z, =142, 2z, = 2—3{. Téng ctia hai s& phitc la:
A-3-5i. | B.3-i. C. 3+1. D. 3+5:.
Cau 35. Tim sTS'phL'rc w=2z -2z, biétring: z, =1+2i v z,=2-3/.
A w=-3-4i. B.w=-3+8{. C.w=3-1. D. w=5+8i.
Céu 36. Cl‘lohé;isé'pht'xc 2 =1+2i va z, =2-3i . Xac dinh phan 4o ctia s§ phirc 3z, - 2z, .
Al | B.12. C. 10. D. 13.

Ciu 37. Trén hinh vé sau, cic s8 phitc z; w; z+w [an huot la:

A z2=3+iw=-1-2iz4+w=—-2+3i.
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B.z=3-f,w=1+22+w=2+3i
C. z'=3+i;'w$f1+2i; é--f—'ziv"'=2+3if' gy
D.z=3-i;w=—1+2;z+w="2+3i. ’

-

Vin d& 5. NHAN HAI SO PHUC
=0

Céu 38. Thu gon 8 phitc z=(2017—{)(2 —20167), ta duoc:

A. 2017 — 40662747 . B. 2018 +4066274: .
C. 201840662741 . D. 2016 —4066274 .
Céu 39. Dua s phitc z=i(2—7)(3+7) vé dang a+5i ta duoc:
A z=6. B.z2=1+7i. C. z=2+5:. D. z=5:.

Cau 40. Cho hai s6 phitc 2, =3 —4i va z, = —i . Phin thuc va phén 4o clia s8 phiiq 22,2, 1

A. Phan thuc bing 0 va phan 4o bing 8.
B. Phan thyc bing 6 va phan o bing 8.
C. Phan thyc béng —8 va phan 4o bing 6.
D. Phan thuc béng —8 vaphan ao béng —6i .
Ciu 41. Cho hai s6 phitc z=a+5bi va z'=a'+b'i. S8 phitc zz' c6 phan o la:

A. aa'+bb'. B. ab'+a'b. C.ab+a'b'. D. 2(aa'+bb').
Céu 42. K&t qua ctia phép tinh (a+5:)(1-7) (a,beR) 1a: ;

A a+b+(b+a)i.B.a+b+(b—a)i. C.a-b+(b—a)i. D. —a+b-t‘—(b—a)z
Cau 43. Phén tich z =27 +i vé dang tich clia hai s8 phtrc. Khéng dinh nao sau diy ding?

A (3+i)(8+3). B.(3-i)8+3%). C. —;—(3—:‘)(8—31‘). D. —%(3—:‘)(8-*—31‘).
Cau 44. (OF MINH HOA QUOC GIA NAM 2017) Cho s§ phirc . n 214

z thoéa man (1+i)z=3~i Héi diém biéu dién cta z 12 ‘

di€m nao trong cic difm M, N, P, Q dhinhbén?

A.Diém P. B. Diém Q. | z

C.Diém M. D. Diém N. oo

PR
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Céu 45. Cho |hai s8 phitc z=m+3{ va z'=2—(m+1)i. Gié tri thuc cia m d& z.z' 1as§
thuee la:
A. m=2 holic m=-3. B. m=-2 hojc m=3.
C. m=1 hosic m=6. D. m=—1 hoic m=6.
S
Vin d2 6. SO PHUC LIEN HQP
| =
Cau 46. S8 phtrc lién hop ciia s6 phitc z=a+ b1 1a s8 phic:
A z'=—g+bi. B.z'=b—ai. -

sZh=—a—bi. D. z2'=a-bi.

Ciu 47. Cho I‘fs phttc z=a+5i.58 747 luon 1a -

“+ AL S8 thue. B. S8 4o. -C.0. D.2.
Ciu 48. Cho 58 phitc z=a+bi véi b=0.58 phitc z—z luén la:
A. SG thye. B. S8 4o. - C.o0. D.i.

thuyre va phan ao cia s6 phie z.

A. Phan thuc bing —3 va phan 3o bing —27.

B. Phin thyce bing —3 va phin 4o bing —2.

.. C.Phan thyc bing 3 va phin 4o bing 2i.

| D. Phian thuc bing 3 va phan 4o bing 2.

Cau 50. (D MINH HQA QUGC GIA NAM 2017) Cho s6 phitc z =2 +5:.
" Tim s8 phitc w=iz +Z.

Ciu 49. (D“E;JKMINH HOQA QUOC GIA NAM 2017) Cho s& phitc z=3-2i. Tim phin

A w=T-3 B. w=—3-3i C w=3+7. D.w=-7-7i

Cau 51. Cho ;,6 phitc z=5-3i.Tinh 1+E~;~(E)2 ta duoc két qua:
A —22+1L33i. B. 22 +33i. C. 22-33i. D. —22-33i.

Cau 52. Cho ‘isé' phttc z=5-37.Tinh (;)3 ta duoc két qua:
A 10+1981. B. 10—198i. C. —10+198i. D. —10—198i.

. Cau 53. Cho if(z)=z’—3z2+z—1 véi z 1as8 phire. Tinh f(2,)— f(2,) biét 2, =1-2i.

A1+2i | B. —12i C. 24i D.2

Cau 54. Cho %6' phitc z théa man z = (i + \/5)2 (1 - \/El) . Tim phén ao ciia s6 phic z.
A2 B. -2. C. 2. D. 2.

Cau 55. Céc 1Tnénh dé sau, ménh d& nao sai?
“A. Cho x,y lahai s8 phiic thi s§ phiic x + c6s6 phirclignhop x+y.
B.Cho x, iy 14 hai s8 phitc thi s8 phitc x —y ¢6 s8 phitc lién hop x — .
C. Cho x,y 12 hai s& phitc thi s8 phitc xy c6 s8 phiec lién hop xy .
D.S8 phiic z=a+5i thi 2 +(2) =2(a +5).
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Céu 56. 56 phu'c z vasd phu'c lienhop z.
Xét cac phat bleu sau:
' (I) Txch cua Zvazla mot 58 thun &o.
(In) Tong ctia.z va z la s8 phtic lién hop ctia s8 phirc z +z.
Trong hai tinh chat duoc phat biéu (I) va (1) thi:
A. Chi ¢6 (I) dting. B. Chi c6 (II) déing.
C. Ca hai déu dting. D. Ca hai déu sai.
Cau 57. Cho hai's6 phiic 2, z'
'Céip s6 ndo sau day khong la hai s6 phu’c lién hop cta nhau?
A z+Z va z_‘_+_z . : " B.zz'va zz'.
C.oz—z'viz—2z', L D. z''va zz'.
CA' 58. Cho hai s§ phitc z, =4 - 3i+(1=i}’ vA 2, =7+i.

han thyuc ctia 8 phitc 'w = 2z,z, bing:

A.9. B.2: . C.18. D.-74.
Céu 59. 56 phirc z théa man z+2.z=6—3i c6 phin 4o bing:
A 3. B. -3. C 3. D.2.

Cau 60. C6 bao nhiéu 8 phitc z théh man z.z= 10(2_—}—;) va z c6 phan 4o ibz‘“mg ba [an 4
phan thyc?
A 0. B. 2. C. 1. D. 3.
Céu 61. Cho s6 phitc z =a + &/ théa man z;+3(z—;)= S5+12i.

MGi lién hé gitta @ va b la: |

A a=+2b. B.a=3b. C. b=:+2a. D. b=3a.
Céu 62. Cho s8 phitc z théa z—(2+3/)z=1-9;. ‘

Tich phén thue va phén 4o ciia s8 phitc z bing:

A.2. B. 1. ' C 1. D. -2.
Cau 63. Cho s8 phitc z = a+bi théaman (1+i)z+(3—i)z=2-6i.

Hiéu b—a bing:

AS. B. -8. C.1. D. -1.
Cau 64. Cho s8 phirc z théa man (1—i)z+2iz=5+3i.

Téng phan thuc va phian 4o clia s6 phitc w = 2+ 22 bing:

A 5. B.6. C 3. D. 4.
Cau 65. Phan thuc ctia s8 phitc w = 2° —/ béing bao nhiéu:

Biétring z théamén z+2—4i=(2—i)iz.

A 2. B. -3. C. —46. D.-10.
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S
Vin dé 7. MO DUN CUA SG PHUC
=0
Cau 66. (Dﬁ MINH HOA QUGC GIA NAM 2017) Cho hai s§ phitc z, =147 v z, =23,
Tinh mépdun cla s6 phiic z, + z,.
Az +5|=+I3. B. |2, +2,]|= 5. C. |z +2|=1 D. |z, +2|=5.
Ciu 67. Mddun ciia z=a+bi , ki higu J2| Ia:
! — —_—
A, Mét .9;.6' o. B.S8 a+5. C.86 Vzz. D.S6 z.z.
Cau 68. Tro?ng céc két lun sau, két luan nao sai?
A. Mddun ctia s8 phitc z 13 mét s8 thuc.
B. Médun ctia s8 phitc z 1a mdt s8 thuc duong.
C. Méduyn ctia s8 phirc z 1a mét s8 phutc.
D. Méduin ctia s6 phirc z la mét s8 thye khéng am.
- Céu 69. Phdt bigu nao sau day 1a ding?
"A.Moi s6 phtc binh phuong déu khéng am.
B. Hai sd phitc c6 médun bing nhau thi bing nhau.
C. Hiéu clia hai s8 phttc z va s8 phikc lién hop z 1a s6 thuc.

~ D. Hiéu ctia hai s& phirc z va s8 phiic lién hop z 14 thulin éo.

Ciu 70. Xét cdc ciu sau:

() Néu z =2z thi z 13 mét s& thyc.
(II) M6dun ciia s8 phirc z béng khoang cach OM , véi M 1a di@m bidu didn z .
(IIT) Médun ctia mét s& phitc z bing s8 vz .
Trong bajcu trén:
A. Ca bacdu déu sai. B. Ca ba cau déu dung.
C. Chi ¢ mét cdu ding. D. Chi ¢6 hai cdu dung.
Cau 71. Goi| P 1a diém bidu dién cia s8 phitc z=a+bi trong mat phé"mg phitc. Khi d¢,
khoang cich OP bing:

A.l2]. B. Vo' 7. C.la+. D. |’ - &Y.

Cau 72. Trong mit phing phitc cho diém M (\/5 ;3) . Trong céc khing dinh sau, khing

dinh nao sai?

A.Diém M biéu dién cho s6 phirc c6 modun bing 11.
B.Diém M biéu dién cho s§ phiic khéng thuln zo.
C.Diém M biéu dién cho s6 phitc u=+2 +3;.
D.DBiém M bi€u dién cho s& phirc cé phan 4o bing /2 .
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Ciu 73. Tap hop céc diém bigu dién hinh hoc clia s3 phizc z 1a dudng thing A nhu'hmhve

Gia tri ,z[ ntho nhét la: ¥
A2,
B. 1. !

C.v2. 3

1 - 3
1
!

D. —.
Cau 74. Cho hai s8 phitc z,, z, [an lugt biéu dién béi hai diém M va N trén mét phéng

N

phttc. Khi d6 |z, ~ z,| bing:
A.LasSbing médun cia OM +ON.  B.Las6 bing mddun cia MN .
C. L s6 khong phu thudc vio M, N.  D.Biing médun caa OM +ON .
CAu 75. Cac két ludn sau, két luin nao sai?
A. Hai s8 phitc z, va z, 6 |z|=|z,| thi cic diém biéu dién 2, va 2, trén 1i{nét phing
phtc cling ném trén dudng tron géc toa dé.

B. Phin thuc va phin 40 ctia s8 phitc z bang nhau thi z ndm trén duong‘ phaén giac
goc thiz nhét va thit ba.

C. Cho hai s8 phttc %, v va hai s§ phuc lién hop u, v thi ww=uv. |
D. Cho hai s6 phitc z,=a+bi vd z,=c+di thi 2.z, =(ac— bd)+(ad+bc)z véif
a,b,c,d eR.

Cau 76. Trong mit phing phtic, diém M (1;—2) biéu dién s phizc z . Médun ctﬁla s0 phiic

w=iz -z bing: .
A. 26. B.6. C. V26 D.V6.
Cau 77. S8 phitc z ¢6 phan 4o bing bao nhiéuy, biét z théa man 2z+3(1-i)z =r 1-9i.
A 2. B. 3. C. -2. D. -3. |
Cau 78. S8 ndo sau diy la s8 d6i cta s phitc z, biét z <6 phan thuc duo'ng théa man

|2| =2 va thudc dudng thing y— V3x=0.
A 1443, B. 1-+/3i. C. —1-+3i. D. —1++/3.

Cau 79. Tim s§ phizc 2z d& z—z = z° ta dwoc két qua:

A.z=0 hodc z=1. B. z=1 hodc z=—.
C.2z=0 hodc z=1. D.z=0, z=1+1¢ hoécz:l-—i.i
Cau 80. Cho s6 &0 z, va s8 phiic z, thoa mén dieu kién z, = 22 +]z, . Knéng dinh nao
dudi day la dang ? y‘
A. z, las8 thucam. B. z,=0.
C. z, las6 thuc duong. D. z,=0.
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Cau 81. Choirsé' phttc z=a+(a—1)i (a€R).Gia tri thuc ndo clia a d€ |z]=1?
A.a=—;-.;. B.a=—§-. C. Z;?. D. |a=1.
Cau 82, Né’u;médun ctia 8 phirc z béng m thi médun cia s phirc (1—7)’ z bing:
A 4m. | B. 2m. C. V2m. D. m.
Cau 83. Cho|s8 phtzc z =a+bi (4,5 € R). Nhan xét n3o sau diy ludn diing?
A |dVZ&la+]p|. B. |gV2 2o+ C.|e|>VZ|d+]8|. D.|of<2a+b.
Céu 84. C6 bao nhiéu s8 phizc z théa mén |z—2+7=2 va z—i 1458 thuc?
A0, B. 1. C.2. D. 3.
Cau 85. Choi s8 phitc z thoa man zz=1 va |2—1] =2. Tinh t&ng phén thuc va phan 4o

2

cua z.
A0 B. 1. C. -1. D. 2.

| [ — -
- Céu 86. 55 bao nhiéu s phirc z thoa man dong thoi |2’ +22z+(7| =8 va z+z=272
A2, B. 1. C. 3. D. V5 3.
"' Ciu 87. Tong cac phan thuc cia céc s8 phitc z théa mén dong thoi hai diéu kién:
olz—1=1;

ol +z')(zi—i) c6 phan &o béng 1.

A 2, B. 1. C. 3.D.0.
" Cau 88. Cho 56 phitc z théa mén 5z+3~i=(~2+5/)z. Tinh P=[3i(z-1)"|.
A 144. B. 3v/2. C. 12. D. 0.
Céu89.Tinh1:Tn6dunc&as<’>"ph&c w=2" +iz,biét z thoaman (1+2{)z+(2+3i)z=6+2i.
A2 © B.42. C. V74. D. 37.
* Cau 90. Cho 56 phtzc z théa méan (1+2i)z=3+i . Tinh gi4 trj bidu thitc P=|z[* |2 +1.
|
Al B. 13. C. 3. D. 10.
| : 1y 1Y 1,43,
~ Cau 91. Tinh|gid trj bi€u thirc P={z+—1—] +{22+-z-2—] +[z3+—z-3-] Vi z=—— i
; z
A 1. : B. 13. C. 3. : D. 16.
Cau 92. Tim iph‘&“m 40 ctia s6 phitc z=m+(3m+2)i (m la tham sG thuc 4m), bigt z théa
man |z]=2.
? 6 8
. 0. i B. ——. C. —= D. 2.
A0 ‘ 5 5
N e , m+3i N ., |2 , e s ,
Cau 93. Biét s6 phirc z= T (m la tham s6 thuc) cé Iz |= 9. Cac gia tri thuc m 6
! -1
th& nhan {ﬂuqc la:

A.m=4_r!;3. B. m=3. C.m=-3. D.m=-1.
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Céu 94. Trong céc s8 phirc 2 théa mén |iz—3|=|z~2—4], tim phan thuc ctig s8 phic 2

sao cho |z| nhé nhat.

A.l.- B.-—g. C.—l. D. —2—
S 5 5 5
Céu 95. T4t ca céc s& phirc z théamén |z —i| =]z +1|, s§ phitc 2 6 |z—(3-21) nhonhatla:
|
A.zzg—%i. B.z= £—£z. Cz=1-i D.z=3—‘gz.
S
Vin de 8. CHIA HAI SO PHUC
O |
Cau 96. Cho hai s8 phitc z=a+5bi va z'=a'+5'i=0.S8 phirc -i' 6 phan thixc 13
z !
A% +bb B % +bb c 4ta D. 2 |

- a2+b2 ‘ * a'z_l_b-z ‘ * a2+b2 * +b|7"

Céu 97. Cho s8 phitc z=a+bi = 0. S8 phic ! ¢6 phén o la:
. z

A @ +b. B. &’ -5 C 2. D. %,
a’ +b a +5 |

Céu 98. Dang z =z +bi ctia s6 phixc 3_:2' 12 58 phiec ndo duéi day?
. i :

AN B. 22, c -2 I
13 13 13713 13713 13 13

Cau 99. Cho s6 phtic z = 2 . 56 phtic lién hop ctia z 1a:

1+i/3 1

A.%+i%. B.1+i3. C.1-i3. D.%ﬂ'—zii.

Cau 100. Cho s& phitc z=5-3;. Tinh i ta duwoc két qua: !
z

A 5-3. B.> -3 C.3-5. D.2_3;
34 34 54734

Cau 101. Cho s8 phitc z=5~37. Tinh — (z z) ta duoc két qua:
A Q. B. —67. C. -3, D. -3.
A < ox R = at . x(3_2i) 2 i\
Cau 102. Tim céc s8 thue x, y théa man ding thic —2+T+y(1—21) =6-5.
14 i
A x=6y=-5. B.x=12;y=-10. C x=13;y=-2. D.x=2;y:=13.
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Cau 103. tho s6 phirc z =2~ 243i. Khéng dinh nao dudi day la khéng dinh sai ?

A =54, B.l=%+—\/8—§i. C.z=(«/§—i)2. D.z=2+23.
! z
A oo 1+i 11 LA T A Lk B o 4t
Cau 104. Cho s6 phitc z = -1—+I—+— - Trong cdc két luén, két luén nao ding?
! —1 H
A zcR. B. z 1a s thuln ao.
C. Mbdun cira z bing 1. D. z c6 phan thyc va phin do déu khéc 0.
Céu 105. Cho s6 phtec z théa man (1—i)z—1+5i = 0. Gid tri cta biéu thitc 4 =2z.z la:
A3, B.13. C.1+13. D.1-V13.
R S L N, 2(1+27) R o
Ciu 106. Cho s6 phitc z théa man (2 +z)z + 157 =7+8i. Phan thuc ctia s8 d8i cha
; i

s§ phitc lw =z +1+i la:
A3, B. 4. C. 4. D. -3.
Cau 107. Cho s§ phic z thod man (2+i)z=2+11i. Gid tri cia bifu thic

A=z +=H béng:

A5, B.+5. C. 10. D.V10.
o Ciu 108. SS}phl’rc lignhop clia w=(2016+i)z v6i z théa man (1+:)(z—7)+2z= 27 la:
A —i. B.i. C. —1+2016i. D. —1-2016i.

Cau 109. Chj!o s8 phitc z théa mén digu kién (1+27)z =5(1+4)’ . Tng binh phuong ctia
phan thLﬂ;C va phan 4o clia s phtic w = z + iz bing:
A2 B. 4. C.6. D. 8.

Cau 110, Chjlo s3 phiec z théa man diéu kién (1 +i)z (2—7)z=8+i+(1+2/)z. Phan thuc
va phan f;éo clia z la nghiém cta phuong trinh nao sau day.
A. 4x+5€=0. B.x* +x-6=0.
C. #*~2¢" +52-21=0. D.x*+22° -8=0.

Ciu 111. Ch%o s6 phitc z thoa mian digu kién ;—:1 =1+1.Toa d6 diém M biéu dién cta
s8 phire fiv =2’ +1 trén mit phing phic la:
A.M(2%-3). B.M(2;3). C.M(3-2). D.M(3;2).

2_+z=2. Médun cta s§ phtic

Cau 112, tho s6 phirc z théa man ditu kién -
— 4L

w=z? -z bang:

A.]wl = xfﬁ B. ,w[ =4 C. lw, =13 D. Iw' = 2\/i—6 .
Céu 113. Chﬁu s6 phizc z thoa man % = ;—%(3 +1) . Khing dinh nio sau dau ding:

. ! H

A. S8 phire z 6 phian thuc bing 0.
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B. S8 phitc z c6 phén 4o bé hon 0.
C. S8 phitc z <6 phan thuc I6n hon phén &o.
D. S8 phitc z c6 phén thyc bé hon phén do.

2 2 . . .
Ciu 114. S8 phitc z=a+bi théa mén |—Zl—+2iz +_(lz'__-:_)_=0 . Khi d6 ,% bang: |
z -1 :
A -5, B.é. C.—é. D.S§.
5 5
—142(m=1)i .
Céiu 115. Téng cAc gia tri clia tham s8 thuc 7 d€s8 phic Z=T___.1L(”f_)‘ 12 55 thurc bing:
—mi :
A.15. B. -3. C. -1. D. 243.
Ciu 116. Gia trj ctia tham s thuc 7 béng bao nhiéu d€ binh phirong s8 phitc 2= ";+?l
: —1
14 s6 thue? 1
A m=9. B. m=-9,
C.m=429. D. Khéng c6 gia tri m thoa.

&
Vin dé 9. LOY THUA PON VI AO
O

Ciu 117. Ding thitc n3o sau day la ding? ;

A =i, B. i =1. C. =1, D. ¥ =i,
Cau 118. 58 phirc z=(1+i)’ c6 phian thuc va phan o la:

A. Phan thuc bing 2 va phén a0 bing 2.

B. Phan thuc bing 0 va phén 4o béng 2i.

C. Phin thuc bang 0 va phén a0 bang 2.

D. Phan thye bang 1 va phan do bang —2i .
Cu 119. S8 phitc z =(2—2i)' c6 phan thuc va phin o la:

A. Phin thuc bing 14 va phan o bing —14.

B. Phin thuc bing 27 va phian ao béng —27.

C. Phan thyc bing 2" va phan do bing —2%.

D. Phan thuc bing 2" va phan 4o béng 2'°.
Cau 120. Thu gon bigu thic P = [(1 +5{)—(1+ 31‘)]20” ta duoc

A 297, B. 2% 44, C. 227, D. —2*;.
Cau 121. S8 phitc lién hop ciia s6 phire z = (1+4)"° 1

A z=-128-128i. B.z=—i.

C.z=128+128i. D. z=128-128.
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Cau 122, Déng thitc ndo dung trong cic ding thirc sau:

A(+i) =4 B.(+)=4.  C(+)f=-16. D.(+i=I6.
Cau 123. Déhg thitc ndo diing trong cac déng thirc sau:

A (1) =22, B. (1+:)" = —22%;.

c(1 +i)’i'°"‘ =22, D. (1+:)"° =222,
Cau124. Ph‘%tn 40 clia s8 phitc w=1+(1+#)+(1+:) +(1+i) +...+ 1+ bing:

A. 2% 1. B. 2% 41, C. 2%, D. 2°% 11,
Cau 125. Thu gon s8 phitc w =" +i° +i" +...+1" c6 dang a+bi. Tinh tdng a+57

A0 | B. 2" +1. C. 1. D. 2°.
Cau 126. Cho s8 phitc z= %—:—_—l . Phan thyc va phin 4o ctia s8 phirc z°"" béng:
; i

A.Phan Hjhu’c béng 1 va phan 3o béing 0.
B. Phan thuc bing 0 va phan 4o bang —1.
C. Phan thuc bing 0 va phin 4o bing —i.
D. Phin thyrc bing 1 va phin 4o bang 1.
; 2014
Cau 127, TinJ;h gid tri cha [-ll—] , ta duoc:
. —1
1 1 1 1
-__2'207"}- B.'Z—lm'. C-—zm. ._le.
; l+i 2017
.Céu 128. Cho s6 phitc z= [T—] . Khi 46 z.2".z" bang;
- —;
A - B. 1. C.i. D. -1.
| : \5 .
Ciu 129. Cho s phirc z= [-i—-*_—t) .Khidé 2° +2z° +2" +2° bang:

A 0. B. 1. C 3. D. 4.
A i crmt <& i 1+i)° (1=i)
Cau 130. Riaf gon s8 phitc z=|——| +|——| , ta duoc:
| 1—i 1+14
A —i. | B.2. C.i. D. -2.
i . - .78 4
Cau 131. Chc‘b s8 phirc z thoéa mén iz= [%] . S8 phitc w=(2~i)z cé tdng phén thuc
|
va phin 3o bing:
A -16. ‘ B. 16. C.32. D. 48.
| . -
Cau 132. Chp 8 phirc z théa man 2(z-1)(2-i)=(3 +i)(z+2i) . Tim phén thyuc cta s
phtec 2°.
A 1. ‘ B. 16. C -1. D. -16.
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Céu 133. Cho s§ phitc z théaman (2 +2~3/)(1—i) = (1+)" . Khi 46 s phirc w = z +2-3i
6 phan 4o bang: ‘
A 205 B. 2% C.0. D. -2,

C4u 134. Cho s§ phirc tiy y z=1.

o7 _ 2 22—z - -2

Xét cdc s8 phitc @ = ———2* +(z) va 8= +z +(z) . Khi dé:
Z - zZ— 1

A. « lasé thuc, 8 1a s8 thuc. B. « lasd thue, 8 1a s6 ao.

C. o lasdao, 3 1asd ao. D. o las8ao, 8 lasd thuc.

S e,
Van dé 10. PHUONG TRINH
=D

Cau 135. Giai phuong trinh 2> —z++1=0 trén tép s6 phtic.
A.zzgzi:—;-i. B.z=+3%i. C. z=1%+3i. D.z=%i:§i.

Céu 136. Goi z,, z, 1a hai nghiém phitc ciia phwong trinh 22 —4z+5=0. Kl;’u d6 phan
thyc clia s8 phitc w = 27 +2? bang:
A. 0. B. 8. C.16. D.6.

Cau 137.Goi 2 va z, la ha1 nghiém phitc clia phuong trinh 2 +2z+10=0. 11" inh gia tri

bidu thitc 4=z, +

Z.,

A.4V10. B.2V10. C.3Vi0. D.V10.

Céu 138. Trén tap hop s phitc, phuong trinh z° +72+15=0 ¢4 hai nghiém 2z, z,. Gia
tri biu thirc 2, +z, +z,2, bing: |
AL 22, B. 15. C -7. D. 8.

Ciu 139. Cho z,, 2, la hai s& phikc théa man z* —4z+5=0.

Bidu thirc P =(z, -1 +(z, — 1™ 6 gia tri bing:
A 0. B. 21008 C. 2! D. 2.

Céau 140. Goi 2, z, la hai nghiém phitc cia phirong trinh 2° —2z+2=0. Kh‘l d6 gia tri
bidu thirc 4 = 22" + 22 bing:

A. 2\, B. 2%, C. 2. D. 0.

Ciu 141. Goi 2, la nghiém phitc ¢6 phin 4o 4m cia phuong trinh 2° +4z+2j£0 =0. Khi
d6 gié tri bidu thic 4 =|z,[" +2(22 +2}) bing: |
A. 0. B. 2. C. -28. D. —-16.

Cau 142. Biét hai s8 phitc 6 tong bang 3 va tich bing 4. Téng médun ca h}al s& phuc
d6 bing:

A 7. B. 4. C. 8. D. 12.
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Céu 143. Phurohg trinh bac hai ¢6 hai nghiém 14 3/ va 51 c6 phuong trinh la:

A 2 +(8i--1)z+15+3i=0. B. 2% +(15+3i)z+8i—1=0.
C. 2 +(1-Bi)z—15-3i =0. D. 24 —(15+3{)z+(1-8/)=0.
Céu 144. Tim tham s5 thuc m 8 phuong trinh 2! +(2—m)z+2=0 c6 mdt nghiém 13
~ z=1-i.
A6 B4 C. -2. D.2.

Chu 145. Biét ﬁhuong trinh 22 +mz+n=0 (véi m, n la cac tham s6 thuc) cé mét nghiém
14 z=1+i |Mddun ctia s& phitc w =m+ni bing:
A.8. | B. 4. C.2V2. D. 16.

Ciu 146. Biét }phu'orng trinh 2% +az+b5=0 (véi g, b la tham sG thuc) c6 mét nghiém
phircla z = 1+21 Tong hai s6 2 va b bing:
A 0. 1 B. —4. C. -3. D. 3.

Ciu 147. Tharh s8 phirc m bing bao nhiéu d& phuong trinh 2* +mz+3i =0 c6 tong
binh phuodg hai nghiém béng 8 ?
A.m=3+4i.  B.m=-3+i. c.|m=3 p. ["=3%

m=-3—i m=—-3+i

Cau 148. Tharﬁ s6 phic m biing bao nhiéu d& phuong trinh 2> +mz+i =0 c6 tdng binh
phuong hay nghiém bang —4: ?
’ m=1-i m=1-i

A. m—l—x B.m=-1-¢. C. .- D. "
m=—1—1i m=-1+1

Cau 149. Cho phuong trinh 2% +mz—6i=0. D& phuong trinh ¢6 t8ng binh phwong hai
nghiém bsnLg 5 thi m c6 dang m=+(a+bi).Gié tri a+2b bing:

A-1. B. 1. C. -2. D.7.
Cau 150. Phu'o%ng trinh z° =8 ¢4 bao nhiéu nghiém phic véi phéan do dm?
Al ; B.2. C.3. D. 4.
Ciu 151. B6 sé’!thuc (& & ¢) d€ phuong trinh 22 +az’ +bz+c=0nhdn z=1+7 va z=2
lam nghiém 1a:
A. (~46;—4).  B.(4-64). C.(~4-6;—4).  D.(464).

Ciu 152. (PE| MINH HOA QUOC GIA NAM 2017) Ki hidu z, z,, z, v z, la bén
nghiém phirc ciia phuong trinh 2* —z* ~12=0. Tinh tdng T = EARREARR AR EAR
AT=4 B. T =243. C.T=4+23. D. T=2+23.

Ciu 153. Cho p]inuonguinh ( —42)2 —3(z* —42)—40=0. Goi z, 2, z, va z, labdnnghiém
phitc cia p'ihu'ong trinh d cho. Gié tri biéu thitc P =|z,[* +|z,[ +]z,[ +|z.|" bang:

A P=4. B. P=34. C. P=16. D. P=24.
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=
Vin d8 11. TAP HOP CAC PIEM BIEU DIEN s6 PHUC

=2

Cau 154. Trong mit phéng phitc véi hé toa &6 Oxy, tap hop céc diém bigu q;:lién s8 phite
z thoa man diéu kién z 13 s8 ao la: 1
A. Truc do.
B. Truc thuc va truc do.
C. Dudng phan gidc goc phan tw thiz nhat va the ba.
D. Hai duong phén gidc ctia cac géc toa do.

Cau 155. Trong mit phing phitc véi hé toa d6 Oxy , tap hop diém bigu dién §o phitc z cb
phén thye bing 2 1a duodng c6 phuwong trinh:
A x=-2. B.x=2. C x=1. D. x——]

Cau 156. Trong mit phing phtc véi hé toa d6 Oxy, tim tap hop cic difm ;bxeu dién s
phitc z théa méan diéu kién phin thuc bing ba I4n phén 4o ctia né 1a:
A. Parabol. B. Dudng tron. C. Dudng théng. D. Elip.

Cau 157. Trong mt phang phttc véi hé toa 46 Oxy, tap hop céc diém bidu dlén s8 phiic z

théa man diéu kién 2 +( ) =0 la:

4
A. Tryc thuc. %
B. Truc thue va truc ao. ‘
C. Dudng phén giac géc phan tie thit nhat va thi ba.
D. Hai dudng phén giac ctia cac goc toa dd.
Céu 158. Trong mét phang phitc véi hé toa d6 Oxy , tap hop diém M (x;y) bfxeu dién cta
s6 phitc z=x + yi théa mén |z+1+ 3{|=|z —2 -] 12 két qua ndo sau day?
A.Dudng tron tdim O ban kinh R=1
B. Duong tron dudng kinh 4B véi A(-1-3) va B(2;1).
C. Dudng trung true cia doan théng AB véi A(-1;-3) va B(2;1).
D. Dudng thing vudng géc véi doan 4B véi A(=1-3), B(2;1) tai 4. |
Cau 159. Diém M (x ¥) 1a diém biéu dién ctia s8 phitc z=x+ yi (z=1). po hop diém

M saocho 2% Y s8 thuc la:
z—i

A.Dudng trdn (C): #* + y° —1=0 nhung bé hai diém (0;1) va (0;-1).
B. Parabol (P): y=x*.
C. Truc truec.

D. Truc 4o bo diém bigu dién s& phirc z=7.
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Cau 160. Tqung mit phing phtec véi hé toa d6 Oxy , tap hop cic didm bidu dién s8 phitc
z thoa m‘an didu kién |2" +32+32=0 Ia:
A. Duang‘{ trén c6 thm I(—3;0), ban kinh R=3.
B. Dudng tron c6 tam (3;0), bén kinh R=3.
C. Du&mgj tron ¢6 tim 7(—3;0), ban kinh R=9.
D. Dudmg tron cé tam (3;0), bén kinh R=0.

Cau 161. Troj%ng mit phéng phitc véi hé toa d6 Oxy, tim tp hop céc diém biéu dién s§
phirc z t};\éa man diéu kién (2 —z)(; +i) 12 8 thuin 3o0.

¥

2

B. Ducmgjthéng ndi hai diém A4(2;0) va B(0;1).

A. Duong tron c6 tdm I( 2] ban kinh R=

C. Duongl tron ¢6 tim I[ ] ban kinh R—g nhung bé di hai diém (2;0) va (0;1).

D. Duong trung truc clia doan thdng AB véi A(2;0) va B(0;1).
Cau 162. Chq s6 phirc z thdéa mén |z+7|=1. Biét ring tap hop cdc diém bidu dién cdc s&
phitc w =‘ z~2{ 1a mét dudng tron. Tam chia dudng tron dé la:
A I(0;-1). B. 1(0;-3). C. 1(0;3). D. I(0;1).
Cau 163. (PE MINH HOA QUOC GIA NAM 2017) Cho s8 phiic z thoa man |o| =
Biét rﬁngT@p hop cac diém biu dién céc s8 phiec w =(3+4i)z+7 1a mot dudng tron.
Tinh bén kinh 7 clia dudng trén d6.
A r=4. B. r=5. Cr
| c
Vin d& 12. CAU HOI TONG HOP

&2,

Cau 164. Chd‘ hai s6 phitc z, =1+i va z, = 1—i. K&t ludn nao sau day la sai?

20. D. r=22.

=8

=2. D.z 4z =2.

A. Izl—zzl-\/_ B. 2. C. |22,

2
Cau 165. Trox*\g cac ménh dé sau day, ménh dé nao sai?

Az =zzlc) |z,[=|zzl .
B.lz|=0 <=> z=

C. Tap hop diém biéu dién céc s§ phirc z théa man diéu kién |2]=1 1a mét dudng
tron tdim 0(0;0), bankinh R=1.

D. Hai s§ jphfxc bing nhau khi va chi khi phan thuc va phan a0 tuong ing bing nhau.
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Ciu 166. Ménh dé nao dudi day 1a sai?

A z+z 13 mét s8 thuc. B.ztz' =z+42'.
C. —1-+—1— 1a mét s8 thue. D. (1+z')'° =21,
1+7 1-i

Cau 167. Xét cac cu sau: }
() Néu z=1z thi z ]améts§ thue. :
(i) Mddun chia mét s8 phirc z bing khoang cach OM , véi M 1 diém blé’u dién ctia
s phuc z . ?
() Médun ctia mét s phitc z bing s8 Vz.2 .
Trong ba cau trén: )
A. Ca ba cdu déu ding. B. Chi ¢6 1 ciu ding.
C. Chi ¢6 hai cdu ding. D. Ca ba ciu d@u sai.
Cau 168. Cho s8 phitc « =2(4 —3{). Trong céc khing dinh dudi day, khing dinh nao sai?
A. S8 phitc u c6 phan thuc béing 8, phan 20 bing —6.
B. S8 phirc  c6 phan thyc bang 8, phan 4o bing i .
C. Médun ctia « béng 10.

D.S5liénhop clia u 13 u=8+6;.
Cau 169. Trong céc khing dinh sau, khing dinh nao sai?
A. li|=]-].
B. i =1.
C. Trong tép hop s6 phitc, moi s8 déu c6 s8 nghich déo.
D. Cin bac hai ctia mdt s6 thue Am 14 s8 phirc.

Céu 170. Trong cic khing dinh say, khéng dinh nio ding?
A. Téap hop s8 thyc 1a tép con ctia s8 phic.
B. Néu tdng ctia hai s6 phitc 1a s8 thuee thi ca hai s8 &y deéu l1a s8 thuyec.

C. z=(1 —z) la mét s& duong.

D. S8 phttc u=1-7i 6 s8 nghich ddo la £ =1+7;.
u
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CHl BE
5.

BAT BANG THUC - BAI TOAN CU'C TR|

TONG HQP KIEN THUC
1. Bat déng thitc AM — GM cho hai s khong am
a+5>2Jab .Ddu "=" xayrakhi a=5.
- a+bc>3%Yabc .Ddu "=" xdyrakhi a=b=c.
2. Bt ding thirc Cauchy - Schwarz

(ax +by) <(a +5)(x* +57). Déiu * =" xéy ra khi f=%'

3. B4t ddng thirc Cauchy ~ Schwarz dang cong miu

@ B (a+b)

—+—

x y x+y

& B & _{a+b+e) a,b ceR

Ll 70

x ly z x+y+z x,y,z>0
1 4 >

Hé qua: -1~+ 3 e —
x ¥y x+y x y z x+y+z

4. Dang b4t ding thirc trén khoang xac dinh

B | i (x-

2
= =
=
R
|
o
N

s
5. Mot s6 bd dé co ban
(x+2) 4y

,e . :‘\l: S
Véi hai sb xy " 3

Ly 5 S
1 1 8
St :
P yz /(x+y)z
v i bV
Véi ba s&: & +B +ct ng—i—j-—c-)— >ab+bc+ca >33 (abr)2

a* +b* +c* >abe(a+b+c)
1,113 343 9

33

Skt > >
b s/abc Jab+bc+ca a+b+c

2 2
V& +6 +¢2
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6. Mot s6 bt ding thizc phu thuong ding
1 1 2
+ P )
4z 1+y 14y
1 + 1 2
l1+x 1+y 1+J—
1,+ 1,2 L , Vx,y 2L ‘
(I+%) (1+y)y 1+w
1 1

+ <
Ji+x2 1457 \w/1+x}'

CAU HOI TRAC NGHIEM

Ciu 1. Cho hai s8 thuc x, y théaman x° + 3> +xy =3,

Vxy 2 1.

, Vx,y €[0:1].

Tap gia trj clia biéu thitc S=x+y 1 |
A. [0;3]. B. [0;2). C. [-22]. D. {-22}.

Ciu 2. Cho hai s6 thuc x, y théaman x* +y* +xy=1. 5
Tap gia tri clia bidu thitc P = xy la:

B. [~11]. c [1;1]. D. {_1;11.

A. iO;— .
3

3

Céu 3. Cho hai s8 thuce x, y théa man (x+ y) +4xy 22 . Gia tri nho nhit cug biéu thirc
S=x+y la:
A 2. B. 1. C.8. D. 2.

Cau 4. Cho hai s§ thuc x, y théa man (x—4) +(y—4) +2x <32. Gia tri dho nhat va
gid tri I6n nhat ctia bidu thie § = x +y lan leot la: :
A.0vad. B.0vasg. C.4vas8. D—4Vé4

Céu 5. Cho hai s§ thyc x, y thoa mdn x*+y* =x+y+xy. Tap gia tri Cuat bi€u thixc
S=x+y la:

A. [0;400). B. [-o0;0]. C. [4;+00). D. [0;4].
Cau 6. Cho hai s6 thuc x, y théa man x° + 3 —3(x+y)+4= 0.
Tépgidtricia S=x+y la:
A {2;4}. B. [0;4]. C. [0;2]. D. [2;4].
Cau 7. Cho hai s8 thyc g, b théa mén 3(a+5)+2(ab+1)>5(a* +5).
Tép gia triciia S =a+b la:

A.[0:2]. B. ‘—%;01. . c {-%;2]. | D. {-%2}
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Cau 8. Cho }'ilai s8 thuc x, y thoa min 7x+3y+xy>x* +y* +17 . Gia tri nhd nhét cua
biu thtc P=x+y +xy [an luot la:
A 7. ‘ . 17. C. -7. D. 0.

Cau 9. Cho h!al s8 thire x, y khéng 4m va théa man x* +3y® =2. Gia tri nho nhét va gia

- tri lén nhqt ctia biéu thire § = 2° + y* [an luot Ia:
A2va2T. B.Ova2yZ. C.0va2. D.1va2V2.

E Céu 10. Cho hai s§ thyc duong , y théamén x+y =1.Gidtrinhonhatctia § =+ + 2 bing:
i x y

A 4. B.:5. C. 9. D.2.

Cau 11. Cho hai s6 thye duwong x, y thoa man x+y+xp=3. Tap gia tri ctia bidu thic
S=x+yla
A. (—o0;—6]. B. [2;+00). C. [2;3). D. (~o00;—6]U[2;3).

Cau 12. Cho hai s8 thuc duong ¢, b théa min Z(a2 +b2) =a"8.

Gid trinhé nhdtcta S=a+5 la:

A Q. ‘ B. 4. C. 16. D. 32.
‘Ciu 13. Cho l;hai s8 thare duwong x, y thoa man digu kién x*y + x® = x + y+ 3xy . Gia trj
- nho nhat cha bidu thie S=x+y I
" Al B.2. C. 3. D. 4.

] Ciu 14. Cho Hai s& thyc duong #, y théa man 3+ 32 _ oy 3,3, Gig trinhe
nhit ctia bigu thire P = xy La:
A.%. ; B.%. C.1. D.9.

o R ~ 1 VI
Cau 15. Cho hai sd thue dueong », y théa man x* + y* +—=xy +2. Gia trj nho nhit va
xy

gia tri I6n nhit ctia biéu thite P = xy [an luot 1a:

A.—;-vél‘. B.Oval. C.%vél. D.1vaz2.

Céiu 16. Cho hai s§ thuc duong x, y théa man x+y+xy>7. Gid tri nho nhét cta
S=x+2yla:
A 8. : B. 5. C.7. D. —-11.

Cau 17. Cho hai s8 thuc duon x,y thdamin £°y+x°+2< xy+12.Té ia tri cla
g pP &

- bidu thirc P = xy c6 do dai biing;

AL B.1. C.
2 i

W |-
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Cau 18. Cho hai s& thuc x, y khéng nho hon 1 va théa man 3(x +y)=4xy. Tap gia tri
ctia biu thirc P = xy bing: i
9

—;3]. C.

A. [1;3]. B. n

1;—] . D. [2,3].

Cau 19. Cho hai s6 thuc x, y thude doan [0;1] va théa man x+ y =4xy . Tap gia tri clia :

bi€u thitc P = xy c6 d6 dai bﬁng:

A.%. B.%. C.%. D. 1.
Ciu 20. Cho hai s& thuc g, b thudc khoang (0;1)
va théa man (a* +5°)(a +5)—ab(a —‘1)(!:—1) =0.
Gia tri 16n nhat cia biéu thitc P =ab bé’mg: !

A.l. B.—l—. C.l. D. 1.

9 4 3
Cau 21. Cho hai s6 thyc x, y théaméan 2x+3y<7.
Gia tri 16n nhat ctia biéu thitc P=x+y +xy la:
A 3. B. 5. C.6. D. 2.
Cau 22. Cho hai s8 thuc x, y khong dm va théaman x* +2y=12.
Gid trj 16n nhat ctia P=xy la:

A.%. B. 4. - C.8. D. 13.

Ciu 23. Cho hai s8 thuc duong x, y théamén x+2y—~xy=0.
Gid trinhonhitca S=x+2y la:

A2 B. 4. C.s. p. L.

4
Cau 24. Cho hai s6 thuc x, y théa man x* +y* —6x—2y+5=0. Goi m, M Tan luot 1a
gi4 tri nho nhat va gid trj 16n nhat clia biéu thite § = x+2y. Khi d6 2M —m bing:
A.0. B.5. C.10. D.20.
Cau 25. Cho hai s6 thuc @, b théa mén 22’6 = (a2 +bz)(ab +1).
Gia tri nho nhit cua P=a* +5° la:
A 0. B. 2. C 4. D. 8.
Cau 26. Cho hai s6 thuc 2, b khéng am dong thoi thoa man 2 < 2b

va b(V65" — ab + 26" —ab) = 2.
Gié tri 1on nhat cta g, b Tan luot 1a: ‘
A 1va2. B.2val. C.1vad. D.4val.
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Ciu 27. dho hai s8 thuc dirong x, y

théa mén (x+2y—3){/2016x* 4+ 3* + 52y + y* = 3{x+y)
Gia trj ‘nho nhét ciia biu thirc § = x+2y 1a:

3
A.E. B. 3. C.6. D. V2016 .

Cau 28. Cho hai s8 thuc x, y khéng 4m v théa man i+ +1+2y = 4. Gi trj 161
nhét clia biéu thie P =x" +2y bing:
A 6. B. 8. C.2. D.14.

Céu 29. CHo hai s8 thyc #, y thoaman (x* + 5 +1) +32%y* +1=4x +5y*. Goi m, M I

luqtlégéninhénh&vagiétr;lénnhstcaabié’u thic P = »* +y2.Khid6tisé'§2% béng;
Al B. 2. C. 3. D. 6.

Céu 30. G“ho hai 5§ thue x, y thoa min x+y+1=2(Vx—2+yy+3). Tép gid trj cus
S=x4y la
A. [—1{,7]. B. [37]. C. [37u{-1}. D. [-7;7].

Ciu 31. Cl;w ba s6 thuc x, y, z théa man xy+ yz+2zx=3. Bibu thitc S=x*+* +2°
gid tri nhé nhat bing:
Al | B. 3. C. 6. D. 9.

Cau 32. Cl’;lo ba s8 thuc x, y, z théaman x+y+2=3. Bidu thitc P=xy + yz+2zx c6 giz
tri 16n nthét bing:
Al B. 3. C. 6.D. 9.

Cau 33. Cb‘}o ba s6 thuc duong x, y, z théa man x+ y+z=3xz.
Bifu thitc S =x+ y+2z c6 gid tri nhé nhét bing:
Al . B. 3. C. 6. D. 9.

Cau 34. Ch‘io ba s8 thye duong g, b, ¢ théa man didu kién a+b+c=1.

Bidu thﬁ“rc S=a* +8 +c* cé mién gia tri:

A i3] | B. (0;1). c. [%1] D. [o;l}.

Cau 35. Cho ba 58 thuc duong 4, b, ¢ théamian a+b+c=1.
Biéu thitc §=¢*+4° +¢* c6 gia tri nho nhét bing:
L B L cl D. 1.
27" 9 3
Cau 36. Cha basSthire , 3, z thoa mén x(3x ~ 2016)+ y(3y — 2016) + z(3z — 2016) < 2017 .
Goi m, wM l‘énluotlaglatnnhonhatva gid tri I6n nhat cia bi€u thiic S=x+ y 4 z.
Khi dé M +2m bing:

A. 2015; B. 2016. B C. 2017. D. 2018.
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Cau 37. Cho ba s6 thuc g, b, ¢ khéng 4m va théa man @® +4° +¢* +abc=4. éGié tri nho
nhét va gia trj 16n nhét cta bidu thire S =a® +5 +¢* [in luot Ii: j
A lva3. B. 2 va 4. C.2va3. D.3Vé4.i
Céu 38. Cho ba s& thuec g, b, ¢ théa man 9(:14 +5* +c'4)—25(a2 +5° +c2)+48 ~‘=0 .Gid tri
I6n nhét cta biéu thic S=a+b+¢ la: i
A.3. B. 343, C 4. D. 3V2.

Cau39. Chobasthyc x, y, z théaman (x+y)' +(y+2)° +(z+x)’ =6. Gid i Ion nhit
ctia biéu thirc §=3x+3y+2z bing: 3

A. 5. B. 6. C. ﬂ D. —i

Cau 40. Cho ba s8 thuc x, y, z théa man x° +y + 2 +xy+yz+zx 6. Glaqnlornnhat
cua biéu thite S =x+y +2z béng:

A3, B. 6. C. 9. D. 18.
Cau 41. Cho ba s6 thuc x, y, z théa man x> +y° +2 =1.Bifuthtc P= xy+yz +2zx cb
gid tri nhoé nhét bing:
Al —l. B. -1. C. 1. D. i
. 4 4

Cdu 42. Cho ba s8 thuce duong 4, b, ¢ thdéa man a® + 5% +¢* +3 = 6abe .
Biéu thitc S =a+b+c¢ 6 gid tri nho nhét bing:

%. C. V3. D. 3.3.

Céu 43, Cho ba sd thuc g, b, ¢ théaman ¢+b+c=0 va a P40+t =6, Khlqlocacblen
a, b, ¢ nhan gia trj trong doan:

A [0:2]. B.[-V2;¥2]. C. [-2:2]- D. [0;4].

“du 44. Cho ba s& thuc g, b, ¢ thude doan [1;3] va théa mén a+b+c=6. Gia tri nho

nhét va gid tri 1on nhét ctia biéu thirc P =ab+be +ca [an Iuot 1a:

A.3va27. B. 11 va 12. C.9valz. D.3val2.

“au 45. Cho ba s8 thuc g, 5, ¢ thudc doan [;3] va théa min a+b+c=6. Gia tri nho
nhét va gia tri Ion nhét ctia bidu thitc § = ® + 5% +¢? lan luot Ia:

A. 3 val2 B. 11 va 12. C. 12 va 14. D. 11 va 14,

“du 46. Cho ba 5§ thuc @, b, ¢ khong 4m va théa man a+b+c +ab+bc +ca = 5. Téap gid
tri cha biéu thitc S=a+b+¢ la:

A 3. B.

A. —m;_3—@]U _3+J6_9;+w . B. _3_J6_9;—3+J6—9 .
2| 2 2 2
C. ———_3‘;\/63&00]. D. ————32\/6_9.;5}.
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Ciu 47. Chc» ba 56 thuc a, b, ¢ thoa man a+b+c=4, abc=2 va ce[l;4]. Tap gid tri

ctia bidu thu'c P=ab+bc+ca la:

A Y B, 1+\/§;—1+5\/§'
2 2 2
C.[L3] | D. ls;ZlesJ_g.

Cau 48. Cho;ba s8 thue x, y, z khéng am thoa man 4(xz+y)2 ¥y +4.
Biéu tht'rq\ §=2x+y+2z cobgid trj nho nhat b:i'mg:
A 32, B. 3. C.2 D. 6.
Cau 49. Cho}ba s thiee dwong x, y, z théa man 4(x —x+1) 16\/x_; 3x(y+z .Gia

tri nho nﬂat va gié tri 16n nht ctia bidu thic P = yz 1an luot bang:

A.lva3*. B.lva3. C.—vél. D.——va‘ll.
9 3 9
Cau 50. Cho iba s8 thuc duong a, b, ¢ théa man a(a—c)+b(b—c)=0.
Tép gid tri cia P =222 13
| ¢
AL2] B. (0;1]. C. (0;2]. D. [1:3.

Cau 51. Cholba s& thuc duong g, b, ¢ théa man didu kign a* +bc =4 +¢*. Gia tri nho

nhét ciia bidu thie P=—2— 1:
? b+c
AL B.1. c.l p. 3.
7 5 2
Cau 52. Cho|ba s8 thuc duong a, b, ¢ théa man @* +5° +¢* +ab—2bc—2ca =0 . Gié tri
. | |
nhé nhit VA g tri 1on nhét cia bigu thirc £= 22 1
! c
Alvai B.Lvwa2, c 2o, D. Luan.
2 2 723 3 9

Céu 53. Cho lPa s8 thyc duong g, b, ¢ théa man 4(a’ +8°)+¢* =2(a+b+c)(ac+bc—2).
Gié tri nho nhit ctia bigu thitc P=a+b+c L ‘

A3 B. 342. C % D. 4.
Cﬁu%&ob&ésﬁ'ﬂuxduong x, v, z thdbaman
2
2 =(x+y)(x+2).

3x+2y+z+1 3x+2z+y+1
Gia tri nhd nhét cua bifu thiec P=2x+y+2z la:
A2, B. 3. C4 D. 4V2.
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1_2 |
Cau 55. Cho ba s8 thuc duong x, y, z thoa mén diéu kién 1 +—== |
x y z
Biéu thitc P =212 6 gid tri nhé nhat bing: |
A 2. B. 3. C. 4. D. 42.

Cau 56. Cho ba s6 thuc duong 4, b, ¢ théa man a 4B e 2ab= 3{a+b ‘i—c) Tap gia
tri ciia biu thitc S =a+b+c¢ 1a:

A [0;6). B. (0;6]. C. (0:3]. D. [o;g].

Céu 57. Cho ba sé thuc x, y, z théa man x? +y* +2° <3y . Bidu thic P= 2x+y+22 co
gid tri I6n nhét béng:

A.S. B.6. C. 52. D. 9.

Cau 58, Cho ba s6 thuc x, y, z thdéaman x* + y* 4+ 2% <3y . Bidu thitc P= xw+y +2% cb
gia tri 16n nhét bing: .
A 3. B. 4. C. 6. D. 27.

Cau 59. Cho ba s8 thyc 4, b, ¢ théa méan (bc+1) +a* =2(1+a)+bc . Gid trj nhé nht va
~ gié tri 16n nhét ctia bidu thirc P =be 1a: |
A -2vao0. B. -2 va 2. C.-2val. D.0val.
Céu 60. Cho ba s6 thuc duong x, y, z théa man (x + y)(xy—zz)= 3xyz. ‘

Biéu thiee P =217

6 gia tri nhé nhét bing: :
A 2. B. 4. C. 6. D.2V2. |
Cau 61. Cho ba s& thuc dwong 4, b, ¢ thoa man 24° +3(b” +¢*) = 4ab+3ac.
Bidu thirc P =§ cé mien gi4 tri la:
A. [0;1]. B. (0;1]. C. [12). D. (0;2}. ‘
Cau 62. Cho ba s8 thuc duong x, y, z théa man x° +y* +2° = xy+ 2z +10pz . Mién gia

tri cia biéu thirc P = 1a:

y+z :

A. ;11 B. (0;1]. C. [12]. D. (0;2].
Cau 63. Cho ba s§ thyc duong o, b, ¢ thoa man dieu kién &’ +5 =c!. Biéu thirc
P a+b ‘

¢6 gia tri 16n nhat 1a:
c i
A 3. B. 2. C i3 D. Y4

Cau 64. Cho ba 56 thure dwong , b, ¢ théa mén (a+b)(a+c)=44"
Biéu thtc S = Lhal 6 gia tri nho nhét béng:
a

B. 2. C. & D. 4.

3

A.

W
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Cau 65. Chd ba s6 thuc g, b, ¢ théa man dieu kién a+b+c-2=va-1+vb—1+c.
Tap gié trji clia biéu thitc S =g +b+c la:
A. [23]. B. 3;5]. C. [35]u{2}. D. [25].

Cau 66. Cho hai s6 thuc duong x, y théaman x+y=2.

x+1+y+1

y x

A 4. B. 2. C. 2. D. 2\2.

Cau 67. Cho hai s8 thuc duong x,y théaméan x + y<1.

Gia tri nhp nhit cia P = la:

Bi€u thirc P=—"—+—— c6 gié tri nhé nhat bing:

2 +1 Yy +1
1 4 5
A —-. B. -. C =. D. 1.
2 5 4

Cau 68. Cho ihai s0 thyc duong x,y théamian x+y<1.
Biu thitc, P = 1y +—+— 6 gid tri nho nhéit bing:
| o

A.l. B. 1. C.E. D.ﬁ.
2 ‘ 4 4
“Cau 69. Cho !hai s8 thuc g, b thude doan [0;1]. Bidu thitc P=(1-a)(1-b)(a+b) dat gia
trilc'mnh%’tkhi:
|
Aa=b2l Ba=p=l Ca=p=1, D.a=i;p=1
2 3 4 2 3

Cau 70. Cho hai s6 thire duong x,y thoa man x+y=(x—y)\/5.Bié’u thtc S=x+y ¢
gia tri nhd nhét bing:
A 2+2, B. 4. C.3. D.2-42.
Ciu 71. Cho $a s6 thirc duong a, b, ¢ théaman a+b+c=1.
(1-a)1-5)(1c)
abe
A 0. ‘ B. 8. C. 9. D. 27.
Cau 72. Cho ba s8 thye duong x, y, z.

Biu thirc |P = ¢6 gié tri nho nhit bing:

Biéu thite §P=%(x2 +y° +zz)+i+ Y

2+ £ 6 gia tri nhé nhat bing:
yz oz xy

1 5 9

L=, B.—. C -. D. 9.

A 2 ‘ 2 2

‘Céu 73. Cho ba s8 thirc duong x, y, z théa man digu kién x+ y +2z=3. Gia tri Ién nhat
clia bidu thie P=* +* +2° +3(3/;+%/;+3/;) bing:

A12. | B.3. C.s5. D.lzl.
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Céu 74. Cho ba sé thuc duong x, ¥, z théa man diéu kién x+y+z=1. Gxa‘m 16n nhat
ctia bigu thitc P=+1—x +/1—y +v1-2 bing:
A 3. B. 3. “C. 2. D. 6.

Cau 75. Cho ba sg thuc duong x, y, z théa man diéu kién x+y+2z=2. Glaitn Ién nhat
ctia biéu thitc P=\x+y +y+z+yz+x bing: ‘

A 3. B.Z/-}. C. 243. D. 1.

Cau 76. Cho ba s8 thuc duong x, y, z thdéa man dieu kién x+y+2z< % .Gia hx nho nhat

2 2 2
o yx a1l 1 1 1,
ctiabiduthiee P=2-4 2 2 L2 242 bang:
y z z x y z

A9, B.12. c.lzi. . D53

Céu 77. Cho ba s& thuc duong x, y, z thdéa man diéu kién x+y+z<—;-.Gié hl nhé nhit

| :

2 2 2 |

clia biéu thixc P=§_+y_+z_+l+_1_+_1_ béng:
y z z x y z

A. 8. B.5. C. 13. D. 20.
Céu 78. Cho ba s thuc duong a, b, ¢ théaméan a+b+c=1.
s 1 1 1 R .
Biéu thitc P = + + ¢6 gia tri nhé nhit bang:
' 2+4a 3195 61360 BT &
A.—;—. B. 2. c.—‘/zz. D.1.

Cau 79. Cho ba s6 thuc dwong x, y, z thoéa mén diéu kién -1—-+-—1-+l =4. Gid trj 16n nhat
x ¥y z ;

1 1 1 . !

cua bidu thtc P = + + bang:
2x+y+z 2y+z4+x 2z+x+y
A.l. B. 3. C. 1. D.§-.
3 2

Cau 80. Cho ba s§ thuc duong a, b, ¢ théa man diéu kién ¢* +8 +¢* =12. Gid tri Ién
nhét ciia bidu thite P =ad/b? +¢° +bYc* +4° +c¥a* + 5 béng: |
A 6. B. 9. C. 12. D. 3v3.
Céu 81. Cho hai s& thuc x, y théamin x> +x=y+12 va y<0.

Biéu thitc P =xy+x+2y+17 cé gia tri nhé nhit va gid tri 16n nhét fan lu’gt la:

A. -12 va 13. B. —12 va 20. C. 13 va 20. D. 10 va ]} .
Cau 82. Cho hai s6 thuc x, y khéng &m va thdéaman x+y=2. ‘

Biéu thitc P =xy+ ! ] c6 gia tri nho nhat va gid trj 16n nhit fan heot 1a 1m vaM.
xy+
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Khi d6 m™* +2016M béing:
' 2016
A. 3025. B. 2016. C. [-] . D. 5040.

Ciu 83. Ché hai s8 thuc x, y khéng nhé hon 1.

g Bidu thie =2 ¥ . D _ (124 2} 4 gia i Iém nhat bing:
: y+1 x+1 x+y

L B. 1. C.2. D. 3.
. 20 2

Cau 84. Cho hai s8 thuc x, y thoa man (x—4)° +(y—4)° +2xy < 32. Gi4 tri nho nhat va
gid tri 16m nhét ctia bigu thitc P=x" + 5 +3(xy —1)(x + y —2) Ian luot 1a:

A.6v‘a.j398. B.-17——45l/—2vé398. C.0vas. D.1—7-—:—\/§-vé8.

Céiu 85. Cho} hai s8 thuc x, y thoaman 4x° +y° <8.
(22 +6) +(y+6) +4xy—32

Biéu thire P = 6 gia tri nho nhét va gia tri lén nhat [an
| 2x+y+6
luotla 7 va M .Khidé M —m bing:
A.E. | B. 4. c. 2. D. 1.
5| 5

Cau 86. Chojhai s& thuc x, y khong 4m va thoa man x+ y = 1. Gi4 tri nhé nhét v gi4 tri
I6n nhat etia biu thitc P = (4 +3y)(4y* +3x)+ 252y Tin huot la:

A 12 va‘zzg B.%v‘a -2;1 C.%vé 12. D.Ové%.

Ciu 87. Choj}hai s6 thyre x, y thdamin x> »>0 va x+y+xy >7. Gia tri 1én nhat cta

biéu thirq P=ln(1+10xy——5yz)—x2 —%(x+5y)z béng:
A 25, - B. 25+1n26. C. -25+1In26. D. In26.

| 2 3
Cau 88. Cho ba s6 thuc duong g, b, ¢ théa man & +5% +¢* < e

Gid trj nhp nhét ctia bidu thirc P=(a +b)(b+c)(c+a)+—1? +bi3 +—Cl? béng:
i a

A 25. B. C.11. D. 24.

00 | =

Ciu 89. Cho %ba s6 thuc g, b, ¢ thude doan [1;2].

(a+l7)2
¢* +4(ab +be + ca)

By

Gi4 trj nhé nhét ciia biéu thic P = bang:

Al B. C.4. D.

O\ | =
[NYES
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"3u 90. Cho ba s thuc a, b, ¢ thudc doan [1;4] va thda man a+b+2c=38. Gia tri Ion
nhét ctia biéu thitc P =a® +5° +5¢* bing:
A.137. B. 344. C. 56. D. 294.
'du 91. Cho hai s8 thuc duong ¢, b théaman a+b=4.

Biéu thic P==Ja2 +L2 +,’b2 +;12— c6 gia tri nho nhat bang:
a
A 27 B VT7. cs. p. %2, 5.

41 92. Cho hai s8 thuc a, 6 théaman &° +5* =1.
Bidu thitc P =a/1+a +b\1+5 c6 gid tri nho nhét béng:

AVZ+2. B.\2-+2. c Y22 D. ——“2“;‘5

2
"au 93. Cho hai s8 thuc x, y thdoa min 2x° +3y° =4.

Gia tri 16n nhat ctia biéu thikc P=3x-2y+35:

A.\/E-i—s. B.\]Z—Q—S. C. —\/E—S. D. - 7—0-+f.
3 3 3 3

“au 94. Cho ba s6 thuc duong a, b, ¢ .
Bidu thite P = —2—+ 2+ % 6 gid tri nho nhat bing:
b+c a+c a+bd
AY B2, c. 2. p. 2.
2 2 . 2 2
Cau 95. Cho ba s§ thuc duong a, b, ¢ .

a+3 c+3a 4b

Bigu thirc P = + + c6 gié tri nhé nhat béng:
+b b+c c+a
A. -10. B. 4v2-4. C. 10. D. 442 +6.
iu 96. Cho ba s8 thuc dwong a, b, ¢ thoa méan diéu kién e¢+b+c<1. Gia trj nho nhit
cta biéu thitc P = — ! +— ! +— ! bang:
a +2bc b +2ac ¢ +2ab
A 8. B. 343. C.9. D.9V2.

Cau 97. Cho ba s8 thuc duong x, y, z thoéa min diéu kién x + y +z=1. Gia tzi nho nhit

cha biéu thitc P = (y+z) 4 (z+x)+ x+7) béng; ‘
yz zx xy ‘
AL B. 2. C 2. D.3.

2" 2°
Cau 98. Cho hai s8 thuc x, y khéng 4m va thoa mén diéu kién x+y =1.Gia U"l nho nhit

ctia biéu thiic P = 3v1+2x +2\/40+9y béng:

A. SVIT. B.i‘?i. C. 14+3V2. D.3+4~/1_0[.
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Cau 99, Cho Ya s8 thiee duong g, b, ¢ thoa man diéu kién a+b+c=3. Gia tri nhé nhat

e a b c .
clia biéu thitc P = + bang:
be+1 ca+1+ab+1 ang
A2 B.2. c.3 D. L.
2 i
Céau 100. Cho pa s& thyre dwong x, y, z.
Bidu thirc P = d + A + z 5 gi tri nho nhat bing:
D 3x+7(y+2) 3y+7(z+x) 3z2+7(x+y) €0 gla frl nho nt beng
-3 B.2. c.l. S
7 2 9 17
Cau 101. Choba s6 thyc duong g, b, ¢ thoéa mén diéu kién abe =1. Gia tri nhé nhét clia
~ 1 1 1 . .
biéu thitxc P= + + bang:
@(b+c) P(c+a) c(a+b) ang
1 3 3
A —. B. 1. C.=. D. —.
2 2 2
Cau 102. Cho|ba s8 thire duong x, y, z thdéa méan \/_x; +\/;;+\/z_x =1. Gia tri nhé nhét
2 2 2
ctia biéu thic P = +X— = béng:
x+y y+z z+x
? Al B.2. cl. p. L.
” 2 3

Céiu 103. Cho ba s& thuc dwong g, b, ¢ thoa man diéu kién ¢ +&+c¢ =1. Gia tri nhé nhat
2 2 2
ctia biéu thiee P = (a +l] +[b +~[1’-] +[c+l] béng:
a c
101 5. 100 3 13
3° T3 T100° T100°
Ciu 104. Cho ba s6 thuc ¥, y, z khong nhé hon 1

vathéamén 3(x+y+2z)=x" +y +2° +2xy.

2

Gié tri nhd nhit cita bi€u thitc P = —— X bing:
(x+y) +x Z+x
5 1 1 7
.= B. -. C -. D. —.
A 9 9 5 10
Cau 105. Cho hai s8 thue duong x, y thdamén x+y=2.
2 2
Biéu thitc P =(2_;:1:)£(’_2i’l_1-)-+i 6 gia tri nho nhdt bé‘ing:
x° 4+ y + xy
S B. 2. c.3. D.2.
4 3 2 4
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C&u 106. Cho ba s6 thuc duong x, y, z thdamin x+y+2z=1.

oy x ¥ e Lk
Biéu thitc P = ——+—— +—— ¢4 gia tri 16n nhit bing;
e o= T T "oy o mionnhatbang
Al B. 2. c.3. p. 4.
2 3 4 5
Ciu 107. Cho ba s6 thuc duong a, b, ¢ théaman a+b+c=3.
2 2 2
Bigu thite =29 378 37C 4 14 trj nhé it bing;
b+c c¢c+a a+d
A% B. 6. 3 D.5.
5 5

Cau 108. Cho ba s8 thuc duong x, y, z théamén x>+ y* +2? =3. Gid tri nl

biéu thixc P=3(x+y+z)+2{l+-l—+l] béng:
: x y z

A 112, B. 13. C.13V2. D. 15.
Céu 109. Cho ba sd thuc duong g, b, ¢ théamén a+b+c=1.
Bidu thire P=—2— 40 c6 gi4 tri nhé nht bing:
14+bc l4ca 1+4ab
2 B 10, c . p. 19,
10 9 10 3

Céu 110. Cho ba s§ thuc duong a, b, ¢ théamédn a+b+c=3.

a’+1 bz+1 r:2+1 c6 gia tri nhé nhét bang:
b +1 f+1 ot +1

A.3—9. B. 3. C.l—7—§-. D. 2.
10 52

Biéu thitc P =

hd nhit caa

CHU BE
5.

KHO1 BA DIEN VA THE TicH KHOT BA méu

NHAC LAI MOT SO PINH NGHi:

song song v&i nhau va cdc mit bén déu 1a cac hinh binh hanh.

Hinh 1ang tru 12 hinh ¢6 hai d4y 13 hai da gi4c bing nhau ndm trén hai mt phing

1. Hinh ling tru ding
Dinh nghia. Hinh ldng tru diing 14 hinh ling tru c6 canh bén vuéng géc vé

mat day.
2. Hinh ling tru déu ‘
Dinh nghia. Hinh lang tru déu 12 hinh ling tru dimg c6 day 12 da gidc d‘éu.l

1486

mat ddy.

Tinh chat. Cac mit bén cia hinh lang tru dimg la cdc hinh chi¥ nhit va vuc‘rng goc véi
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Tinh chﬁ:. Céc mét bén cta hinh ling tru déu 13 cac hinh chit nhit b%ng nhau va
vudng géc véi mat ddy.

. LHmh hép 12 hinh léng tru ¢6 ddy 14 hinh binh hanh.
1. Hinh hgp ding
Pinh nghia. Hinh hdp dirng 13 hinh hép c6 canh bén vuéng géc véi mit day.

Tinh chit. Hinh hdp dimg c6 2 ddy Ia hinh binh hanh, 4 mit xung quanh 13 4 hinh
chi¥ nhat.
2. Hinh hdp chit nhit

Dinh nghia. Hinh hép chi nhit 12 hinh hép dimg cé day 13 hinh chi nht.

Tinh chét. Hinh hép chit nhit c6 6 mitla 6 hinh chit nhat.

3. Hinh l4p phuong
Pinhn Hinh 18p phuong 13 hinh hdp chirnhit 2 ddy va 4 mit bén déu 1 hinh vudng
Tinh chit. Hinh 13p phuong ¢6 6 mit déu 13 hinh vuéng.

Hinh ché*) 1a hinh c6 ddy 1a mét da gidc va céc mit bén Ia céc tam gidc ¢ chung mét
dinh. f

I.THE TiCH

1. Cong thixc tinh th€ tich khdi chép

V=lS.h
3

Trong dé:| S 13 dién tich day,
h 14 chigu cao khéi chép.
2. Cong thizc tinh thé tich khéi ling tru
" =Bx
Trong dé:| B 1a dién tich day,
7 12 higu cao khéi ling tru
® Theé tich khéi hop chit nhit: ¥V =a.b.c
vdi a, b, ¢ la ba kich thuede ctia khéi hdp chir nhit.
o Thé tich khéi lap phuong: ¥V = o’
véi a la d6 dai canh.
Il. KHOANG CACH TRONG KHONG GIAN
1. Khoang cdch tir mét diém dén duwong thing (mit phing) bing dé dai
doan vudng goc ké tir diém d6 dén dudong thing (mit phing).
2. Khoang cach giira hai dwong thing chéo nhau
» Bing d% ‘ ai doan vuéng géc chung ctia hai dudng théng d6.
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* Bing khoing cich giita mét trong hai dudng thing v6i mit phing chira duong .

thing kia va song song véi duong thing thit nhat.

» Bang khoang céch gifta hai mt phing, ma mi mit phing chira dudng thing nay va

song song v6i duong thing kia.

III. GOC TRONG KHONG GIAN

1. Goc giita hai duong théng a va b 1a géc gifra hai dudmg thing a'|va b' cling

di qua mdt diém va [in ot cing phuong véi a va &.

2. Géc giita dwong thing ¢ khéng vuéng goéc véi mit phing (P) 12 goc

gitta a vahink chidu @' clia né trén mit phing (P).

3. Géc giita hai mit phing 1a géc gitra hai dudng thing Ian luot vuéng gdc véi hai
mit phang d6 hoic 1a géc gifra hai dudng thing ndm trong hai mit phing cing

vudng goc voi giao tuyén tai mot diém.
Iv. Ti SO THE TiCH

Cho khdi chép S.4BC va 4°, B', C' la cac diém thy y
Tan luot thude S4, SB, SC tacod

Vsuse _S4° SB' SC'

Viwsc SA SB SC’

Phuong phap nay dugc dp dung khi khéi chép
khong xac dinh dugc chidu cao mét cich dé dang
hodc khéi chép can tinh 1a mét phan nho trong khéi 4
chép 16n va can chi ¥ d&n mét s8 digu kién sau

o Hai khéi chép phai ciing chung dinh.

» Day hai khéi chép phai la tam giac. c

o Cic diém twrong Gmg ndm trén cic canh tuong ting.

CAU HOI TRAC NGHIEM
S
Vin d& 1. TINH THE TICH

&> i

Cau 1. Cho hinh chép S.4BCD c6 ddy ABCD la hinh vudng canh a, canh bé 54 vuéng

gdc véi mit phing ddy va S4 = /2. Tinh th8tich ¥ cia khéi chép S.AB?D.
N o ) C. V=22 D V=i‘?
5 1 . . . 7

Cau 2. Cho hinh chép S.ABCD <6 ddy ABCD 1a hinh chix nhat ¢é can
BC =24 . Hai mt bén (SAB) va (SAD) cling vuéng géc véi mit phing day (
canh SA4=a+/15 . Tinh thé tich ¥ ctia khéi chép S.4BCD.

2415

3 3
A.V=2“(;/E. B.V:zL;/l—_s. C.V=24415. D.7 =23
9

|
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Céu 3. Chojhinh chép S.4BCD 6 ddy ABCD 1a hinh vudng canh @ . Canh bén S4 vuéng
gdc v6i mit phéng (ABCD) va SC = av/5 . Tinh thé tich khéi ch6p S.4BCD theo a.

A V=

23 af

B.V=

3
C.Vv=d43. D.V:“‘3/1_5.

- Cau 4. Chg hinh chép S.4BC 6 day ABC la tam gidc vudng tai B va B4=BC=a.
Canh bén S4=2a va vudng géc véi mit phing day. Tinh theo a thé tich khéi chop

S.ABC.

A V=

3 3
J_ C.V=£—- D,V:z_a_

a. B. V— . .
3 3

Cau 5. Cha hinh chép §.4BCD c6 day 1a hinh thang vuéng tai 4 va B, A4B=BC=1,
AD =2, Canh bén S4 =2 va vudng géc vdi ddy. Tinh thé tich khéi chép S.4BCD.

A V=

L. B.V=g. C.V=§. D.Vv=2.

Cau 6. Chg hinh chép S.4BC c6 didy ABC la tam gidc vudng tai 4 va c6 AB=a,
BC = a3 . Mt bén (SAB) 1a tam gidc déu va nim trong mit phéng vudng goc véi

miét ph

A V=

tai § v

A V==

éng (ABC). Tinh theo a thé tich ctia khdi chép S.4BC .
3 3 3
fT‘z/—g. B. V_“‘/_ c.v:zalz‘/g. D.V:“f.

Céu 7. Cho kh01 chSp S.4BCD c6 day ABCD la hinh vudng canh @, tam gidc S4B cin

4 n3m trong mit phing vudng goc voi mat ddy, S4=2a.Tinh theo a th€tich
khéi chép S.4BCD.
3 3 3
“%ﬁ-. B.V=af§. C.V=22. D.V=2—;-.

ay21

Cau 8. Cho hinh chép tam gidc déu S.4BC <6 canh déy bing a va canh bén bing 5

Tinh theo a thé tich khé&i chép S.4BC .

A V=

13 3 3
"8—‘/5. B. V-‘“/_ cv:%. D.V=¥.

Céu 9. Cho jhinh chép S.4BC c6 ddy ABC la tam gidc vudng can tai B, 4B=a. Canh

bén S4 = a2, hinh chiéu ctia diém S 1én mit phéing day tring vdi trung diém ca
canh huyén AC . Tinh thé tich khéi chép S.4BC theo a.

<] 3 3 3
AR R cy=22¥  p oy

12 4 12 6

Cau 10. Cha hinh chép S.4BCD c6 ddy ABCD 12 hinh thoi canh bing 1, géc ZBC = 60°.

thudc &

AV=—

Canh bén SD = V2. Hinh chigu vudng goc cha § trén mit phing (4BCD) la digm H

ogn BD sao cho HD = 3HB. Tinh thé tich khéi chép S.4BCD.
i B.y=J13 cy=3i5 p.y=i5
24 24 8 12
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giac vudng tai § va ném trong mit phéng vudng géc véi day Hinh chxeu ng géc cia
S trén A ladiém H saocho AH =2BH . Tinh theo a th&tich khéi chép S.4BCD. ;
3
Av=22 gy “‘/_ cr=28 D.v=2%
6 9 9
Cau 12. Cho hinh chép S.ABCD c6 ddy ABCD la hinh vudng tam O, canh 4. Canh bén
S4 vudng géc véi ddy, goc SBD = 60° . Tinh theo a th& tich ctia khdi chop S.4BCD.
3 3
AV=2d. B.V= ‘“/_ C.V=33-. D.V=2—;"-.
Céau 13. Cho hinh chép S.ABC c6 ddy ABC la tam giac vudng tai Bi( AC =2a,

AB=SA=a.Tam gidc SAC vudng tai S va nim trong mjt phing vuc‘Tng goc vai

dédy (ABC). Tinh theo a th& tich khéi chép S.4BC . |

34 24°

3
Av=2. B.v=2. Cv=d. D.v=2
4 4
Cau 14. Cho hinh chép S.4BCD c6 ddy ABCD 1A hinh vuéng. Canh bén

@2
2

vudng géc voi day; dién tich tam gidc SBC bing

(dvdt). Tinh theq
clia khéi chop S.4BCD.

a’ \/5 a 24’

AV=d. B.V=

CV=—. D.V=—.
3 3

SA=a va

a thé tich

Cau 15. Cho hinh chép S. ABC c0 ddy ABC la tam gidc vubng cin tai C, ¢canh huy‘éﬁ
bang 3. Hinh chifu vuéng goc clla § xubng mit ddy tring vdi trong tim clia tam

gidc ABC va SB:—J;E.

Tinh thé tich khéi chép $.4BC .

A.V=E. B.V=1. C.V=§-. D.vV=I1.
2 4 4

Cau 16. Cho hinh chdp tir gidc déu S.4BCD c6 canh ddy bing a, canh bén hop véi mat

ddy mét gée 60° . Tinh theo @ thé tich khéi chép S.4BCD.
3\/_ a*\6 26
2 3

A V= B. V=

3
D.v=2|

CV=
. 3

Cau 17. Cho hmh chép $.4BCD c6 ddy la hinh chit nhit ¢6 4B=a, AC =5a. Dudng

thing S4 vudng géc véi mit ddy, canh bén SB tao véi mit day mét go
theo a thé tich khai chép S.4BCD.
A V=622, B.V=422". C.V=222. D.V=24
Cau 18. Cho hinh chop S.4BC <6 ddy ABC 14 tam gidc déu canh ¢, S4 vud
mit phang (ABC); goc giita duong thing SB va mit phing (4BC) bing
theo a thé tich ctia khéi chép §.4BC .
3¢’ a

3
Av=2, B.Vv=22, cv=%, D.V=4d.
4 4 2
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: Cau 19. Cho‘ hinh chép $.4BCD ¢6 ddy ABCD la hinh thoi canh a, géc B4D =120°.
 Canh bérJ{ S4 vuéng gdc voi ddy (4BCD) va SD tao véi déy (4BCD) mét goc 60°.
Tinh the% a thé tich khdi chép S.4BCD.
A.Vﬁi‘;-. N B.V=34i3. A C.V%—i. ..ru_{.ll’?.V=a3.
Ciu 20. Cho hinh ‘};‘l‘lép SABCDw::oday ,;IBCD ié'.ﬁ‘mh ;/uﬁng canl'; béng 1. Hinh chiéu
vudng gdc cia § trén mit phing (4BCD) la trung diém H clia canh 4B, goc giira
SC va mit ddy béing 30°. Tinh th& tich khéi chép S.4BCD.

A.V=i§-. B.V:-‘@. crv=1 'D.V=£.
6 18 3 6

Cau 21. Cho hinh chép S.4BCD c6 ddy ABCD la hinh chix nhat véi AC =24, BC=a.
Dinh § cich déu céc diém 4, B, C. Biét goc giita duong thing SB va mit phing
(ABCD) bing 60°. Tinh thé tich khdi chép S.4BCD theo a.

aa

R

Céu 22, Cho hinh chép §.4BC c6 day 4BC la tam gidc vudng cintai 4, AB=AC=a.
Canh bén S4 vudng géc véi day (4BC). Gei I 1a trung diém cia BC, SI tao vdi

miit phéng (ABC) mét géc 60°. Tinh theo a thé tich khéi chop S.4BC .

@6 26 26
—_ B. V= . .

4 6 12

Céu 23. Cho hinh chép S.4BC c6 ddy 4BC la tam giac déu canh ¢, hinh chiu vudng géc
cia dinh S trén mét phing (4BC) 12 trung di®m H clia canh BC . Goc giita dudng
théng S4 |va mt phing (ABC) béng 60° . Tinh theo a th& tich khsi chép S.4BC .

3 3
A.V=i-;—/_3i. #.

34

, ,
Av=2, B. V=22, C.v= D.V=4d.
4 4

3
cr=%<. D.V=
2

B. V=

Céu 24. Cho jhinh chép §.4BC c6 ddy ABC la tam giac vudng tai B; dinh S céch déu
cic diém |4, B, C.Biét AC = 2a, BC = a; gbc giita duong thing SB va day biang 60°.
Tinh theo|a thé€ tich khéi chép S.4BC .

Ay gy 2 cr=2. .y
4 6 2 12

Cau 25. Cho hinh chép S.4BCD <6 ddy ABCD la hinh vuéng tdim O, BD =1. Hinh chiéu
vuéng géc H chiadinh § trén mit phing ddy (4BCD) I trung diém OD . Pudng thing
SD tao vdi mit day mét goc béng 60° . Tinh thé tich khéi chép S.ABCD.

V3 V3 V3

AV=—. B.V=—. C.'V=-1-. D.V=—.
24 8 8 12
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Céu 26. Cho hinh chép S.4BCD 6 ddy ABCD 1a hinh thoi canh o . Tam gidc ABC déu,
hinh chidu vudng géc H cta dinh'S trén mt phéng (ABCD) tring vdi trong tim
ctia tam giac ABC . Pudng thing SD hop véi mit phing (4BCD) goc 30°. Tinh thé
tich khéi chép S.ABCD theo a.

23
3

24’3
5

Céu 27. Cho hinh chép §.4BCD c6 ddy ABCD 14 hinh thang cin véi canh d4y AD, BC;
AD=2a, AB=BC=CD=a, BAD =60°. Canh bén S4 vudng géc véi mat phéng
(ABCD) va SD tao véi mit phing (ABCD) gbc 45°. Tinh theo a thé t1 Kkhai chop -
S.ABCD. . ‘ '

R N N =)

. 6 I 2 |

Cau 28. Cho hinh chép S.4BCD 6 ddy ABCD la hinh chir nhit, mit bén FAD la tam ..
gidc vudng tai §. Hinh chiéu vudng géc:cia S trén mit ddy la diém H| thudc canh
AD sao cho HA=3HD. Biét tiing S4 =223 va SC tao véi day mét gﬁc béng 30°.

A.V= D_V:

PN
—

3
Bv=%. CV=
3

A V=

D.V= a’-,L/g

Tinh theo a thé tich khdi chép S ABCD

)]

a}

B.V=822.  C V=86 D=

y

Cau 29. Cho hinh chép S. ABCD ¢6 ddy ABCD la hinh chi¥ nhit, canh bén SA vudng gécy
~v6i day va SA=AB=a.Goi N latrung di¢m SD, dudng thing AN hop vdi day

ABCD} mot goc 30°. Tinh theo ¢ th& tich khéi chép S.ABCD.
3 3
N3 B.V=a;/§. C.V=d3. D.V:-‘f—,—‘/-g-.
. 5
Céu 30. Cho hinh chép S.4BCD c6 ddy ABCD 1a hinh vudng canh béng 3, tam giac

SBC vudng tai § va ndm trong mit phing vudng goc véi day, duong t]'wéng SD tao
v6i mit phing (SBC) mét géc 60° . Tinh thé tich khdi chép S.4BCD.

V6

AV=—t. B.V=46. cy=2X. D.V=+3.

J6 ‘ 3

Céu 31. Cho hinh chép déu S.4BC c6 canh day bing a, géc giita mit bén véi mit day
béng 60° . Tinh theo a thé tich khdi chép S.4BC .
a3 asﬁ a 3«/3T

. a .
AV =—xorr0. B.V=—"wu. CV=—. DV=-—r.
24 . 8 8 12

‘ Cau 32 Cho hmh chop S. ABCD c6 day ABCD la hinh vuéng canh a . Duong thing S4
.‘ ' \0t:g6c bang 60°. Tinh theo a thé
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Cau 33. C}}\o hinh chép S.4BCD c6 ddy ABCD 13 hinh vudng canh @, canh bén S4
vudng $6c véi mit phing ddy, goc gita mit phing (SBD) va mit phing (4BCD)
bang 60°. Tinh theo  th&tich ctia khéi chép S.4BCD.

3 . 3
V={’1‘2/g. B.V=2. C. V_“‘/_ —#_

D.V=

Cau 34. Ch}o hinh chép $.4BCD c6 day ABCD la hinh thoi canh a, dwdng chéo 4C =a,
tam gidc S4B cintai $ va ndm trong mt phing vuéng géc véi ddy, goc giita (SCD)
va ddy bing 45°. Tinh theo a th& tich kh&i chép S.4BCD.

3 3 3
Av==L, B.y=32 cr=%. D.v=2.
IL‘I 4 2 12

Ciu 35. Cho hinh chép S.4BCD <6 day ABCD 1a hinh thang vuéng tai 4 va D,
AD=DC=1, AB=2; canh bén S4 vudng géc véi day; mit phang (SBC) tao véi
mét déy (ABCD) mét géc 45°. Tinh thé tich khdi chop 5.4BCD.

A.V=~L/§. B. 2 2 V2

V-—— CV=—. D.V=—.
2 6

Cau 36 (PE MINH HQA QUOC GIA NAM 2017) Cho tt dién ABCD c6 cic canh
AB, AC| va AD d6i mét vudng goéc véi nhau; 4B =6a, AC =7a va AD =4a. Goi
M, N, £ tuong ung la trung di€m céc canh BC, CD, BD. Tinh thé tich V' cta it
dién AMNP.

A V=%—a3. B. V =14c". crv=2, D.V=7d

Cau 37. Cl-*o hinh chép S.4BC 6 ddy ABC i tam gidc vudng can & B, AC=av2,
SA=a ya vudng géc véi day (4BC). Goi G la trong tam tam gidc SBC. Mt phing
(@) qual AG va song song véi BC cit SB, SC lanluottai M, N .

Tinh thep a thé tich khéi chép S.AMN .

2a’ 24° a a
A V=—. B.V=— C.V=—. D. V—
27 29 ° 9 27°

Cau 38. Cho hinh chép S.4BCD c6 ddy ABCD la hinh vuéng canh @ .Goi M va N [an luot
Ia trung ti€m ciia cic canh 4B va AD; H lagiao difm ciia CN va DM .Biét SH vudng
gbc véi mit phing (ABCD) va SH = a+/3 . Tinh theo a th& tich khdi chép S.CDNM .

3a°\3 5q4°3 5a° 5233
V=" B V=—. CV=—. D.V=—ovwuw—m.
AV 8 24 8 12

Chu 39. Cho hinh chép ti gidc déu S.4BCD c6 ddy ABCD la hinh vudng canh 2a. Mt
bén tao v6i day goc 60°. Goi K 14 hinh chidu vuéng goc cia O trén SD . Tinh theo a
thé tich khéi tir dién DKAC .

2443 42’3 , 42°\3

A V=1 . B V=——. Cv=
15 5 15

D. V=23,
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Cau 40. Cho hinh chép S.ABCD <6 ddy ABCD la hinh thang vudng tai |4 va B,
BA=BC=1, AD=2.Canh bén SA4 vudng goc vdi day va SA= V2. Goi |H 13 hinh
chiéu vudng goc cia 4 trén SB . Tinh th&'tich khéi chop S.4HCD .

Y - -

Cau 41. Tinh thé tich V' cta khéi 1ap phuong ABCD.A'B'C'D', biét AC'= V3.
3

AV=d. B. V=3‘/f“ : C. V=33 D. V=%a33

4u 42. Cho hinh ling tru dttng ABCD.4'B'C'D' c6 day 1a hinh vudng canlL 2a. Tinh

th& tich khéi lang tru 4BCD.4'B'C'D’ theo a, biét 4A'B=3a.

4/5¢°
3

AV=

B. V =4454". C.vV=2J54. D.V =1247.

Cau 43. Cho hinh hdp chit nhit ABCD.A'B'C'D' 6 AB=a, AD=av2, MB'=ay5.
Tinh theo a thé tich kh&i hop ABCD.4'B'C'D’ .

24° \/_2-

=

A V=2aJ10. B.V= C.V=d2. D. V=242

Cau 44. Cho lang tru dting ABC.A'B'C’' c¢6 day ABC li tam gidc véi AB=a, AC =2a,
BAT =120°, AA'=2a+/5 . Tinh theo a th& tich khdi léng tru ABC.A'B'C". |
2\15 4q ‘Jg
3 3
Céu 45. Cho lang tru diing 4BC.4'B'C' c6 ddy 1a tam gidc vudng tai B vi B4 =BC=1.
Canh A'B tao véi mit ddy (4BC) goéc 60° . Tinh thé tich khéi lang tru ABC‘E'.A'B'C’ .

\
A V=13 By=3 NER D.v=1|
6 } 2 2
Cau 46. Cho ling try dtng ABC.4'B'C' c6 day Id tam gidc déu canh <. M3t phing
(4B'C") tao v6i mit day géc 60°. Tinh theo a thé tich ling tru 4BC.4'B'C".
PN 34°43 23 32* f_?:
7 = .

A V=, B.V= C.V= D.V=—
2 8

A V=4dV5. B.v=a4I5. CV= D.V=

Cv=

Céu 47. Cho hinh hop chit nhdt ABCD.A'B'C'D' ¢6 AB= AA'=a, duong|chéo 4'C
hop véi mit ddy (4BCD) mdt goc o théa man coter=+/5. Tinh theo a thé tich khéi
hép ABCD.A'B'C'D’.

3

A V=24,  By=2%. C. ¥V =+5d°. D.v=2_

3 V5
Ciu 48. Cho hinh ling tru ding ABC.A'B'C' ¢ déay la tam gidc cAn, 4B=a va
BAT =120°, goc giita mit phing (4'BC) va mit day (4BC) bing 60°. Tinh theo a
thé tich khéi lang tru.
3 3 3 3
Av=L, B.y=3%. cv=32. p.v=3%
8 8 4 24
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Cau 49. Cho hinh hdp chit nhit 4BCD.4'B'C'D'. Mit phing (4'BC) hop véi day
(ABCD)|mt géc 60°, A'C hop véi ddy (4BCD) mét géc 30° va AA'=a/3. Tinh
theo a thé tich khdi hdp.

C. V=282, D.V=4d.

3
A V=26, B.V=Z“3—‘/g.

Céu 50. Cho ling tru dimg ABCD.4'B'C'D' c6 day la hinh thoi canh bing 1,
BAD =120° . Géc gitra dudng thing AC' va mit phing (ADD' 4') bing 30°. Tinh thé
tich khéi/ling tru.

A V=v6. B.V=—‘/6§. c.r&@. D.V=43.

Céu 51. Cho ling tru 4BC.4'B'C' 6 ddy A4BC 1 tam gidc déu canh <. Hinh chidu
vudng goc ctia diém A' 1én mit phing (4BC) tring véi tim O ctia dudng tron ngoai
ti€p tam gidc ABC ,biét 4'0 =q.Tinh theo a thé tich khdi lang tru d3 cho.

B 3 3 3
av=2B py_2B cr=2. D.v==.

12 4 4 6

Cau 52. Cho hinh ling tru ABC.A'B'C' ¢6 ddy la tam gidc déu canh 222 va
A'A=a+/3 . Hinh chi€u vudng géc ctia diém 4' trén mit phing (A4BC) trung véi
trong tdim G cua tam gidc ABC . Tinh theo « thé tich khéi ling tru 4BC.4'B'C".

] 3 3

Av=L. By =2L cr=2. D. V=24

» 2 3 6

Cau 53. Cho lang tru 4BC.A'B'C’ ¢6 ddy ABC la tam gidc vudng tai 4, AB=AC =a.

Biét rﬁng A'A=A'B= A'C =a.Tinh theo ¢ th&tich khéi lang tru 4BC.4'B'C".

3 3 3

233 cy=232. p.y=2L2

4 4 12

Cau 54. Chg hinh lang tru 4BC.A'B'C’' c¢6 ddy ABC la tam gidc vudng can tai B va
AC =2a|. Hinh chiéu vudng géc cia 4’ trén mit phing (4BC) 1a trung diém H cua
canh ABlva A'A= a~2 . Tinh thé tich khéi lang tru ABC.A'B'C’ theo a.

3 3
A V=a"3. B.V=“;/g. cm:“f. D.V=242.
Cau 55. Cho hinh léng tru 4BC.A'B'C' c6 day la tam gidc déu canh c6 46 dai bﬁng 2. Hinh
chiéu vudng géc clia 4" 1én mit phéng (4BC) tring véi trung diém H ctia BC . Goc tao
bdi canh bén 44" voi mét day la 45° . Tinh th& tich khéitru ABC.A'B'C'.

J6

A V=3l B.V=1. C.V=?. D.V

Av=2, B.V =
2

_Je
24
Cau 56. Cho) lang tru ABCD.A'B'C'D' ¢6 ddy ABCD 1a hinh vudng canh a, canh bén
AA'=a, hinh chi&u vudng géc ctia 4' trén mit phing (4BCD) trung véi trung diém
H ctha AB.
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Tinh theo a thé tich khdi ling try d cho.

3 3 3
R 0 £ C.V=d. p.v=%
6 2 3

A V=

Cau 57. Cho ling try ABCD.A'B’'C’D’ ¢6 day ABCD la hinh chit nhat tim O va 4B=a,
AD=a\3; A'O vudng géc véi day (ABCD). Canh bén A4' hop véi mit day -
(ABCD) mét goc 45°. Tinh theo a thé tich khéi léing tru d cho.

R § 2 -

Av=2Y" B.V = D. V=a’VF

CV=

Céu 58. Cho hinh hp ABCD.A'B'C'D' ¢6 t4t ca cic canh déu bing 2a, daiy ABCD la
hinh vuéng. Hinh chigu vudéng géc ctia dinh 4' trén mit phing day tring véi tam
ca day. Tinh theo a th€ tich kh&i hép da cho. |

44° «/5 82°

AV="0 By =T C.V=82. D.V=4a’V§.
) |
Céu 59. Cho ling tru ABCD.A'B'C'D' <6 day ABCD 1a hinh thoi canh a,|tim O va
ABC =120°. Géc gitta canh bén A4' va mit day bang 60°. Dinh 4' ca’ch déu cac
diém A, B, D.Tinh theo a thé tich khé&i lang tru da cho.

3 |
A V—3‘2z B.V=’“/_. c.V=“‘/—. D.V=a3

I

Cau 60. Cho ling tru ABC.4'B'C' 6 ddy ABC la tam gidc vu g tai
AB=1, AC=2; canh bén A4'=+2. Hinh chiéu vubng goc cia A4' ;in mat day
(ABC) tring v6i chan dudng cao ha tir B ctia tam gidc ABC . Tinh th8 t1 khéi lang
tru da cho.

av=YL gy 2 cr=Y, D.V=3“/:".
4 12 4 4
S |

Vin d& 2.1. KHOANG CACH TU DIEM DEN MAT PHANG
=0
Céu 61. Cho hinh chép S.4BC c6 ddy ABC la tam gidc déu canh g. Canh bén S4 = a3
va vubng géc véi mat ddy (4BC). Tinh khoang cach tir 4 déh mt phing (SBC).

A. -‘%1—3 B. a. C. “‘5/5. D. ”‘2/5.

Céu 62. Cho hinh chép S.4BC <6 déy ABC latam gidc vudng tai A, 4B =g,/ AC =a+/3.
Tam gidc SBC déu va nim trong mit phing vudng véi ddy. Tinh khoang|cach tir B -
dén mit phing (S4C).

N c. 224% p. &

. B.a . . Ly
13 ¢ 13 2
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Cau 63. Cho hinh chop §.4BCD c6 day ABCD la hinh vudng canh @, céc canh bén clia hinh

chép béing nhau va bing 2¢. Tinh khoang céch tir di€m A dén mit phing (SCD).
a2l p. 2207 ct D. &2
30 30 2 2
‘Cau 64. Cho|hinh chép S.4BCD <6 ddy ABCD la hinh chit nhit ¢ 4B = a+/2 . Canh
bén S4=2a va vudng géc véi mit ddy (ABCD). Tinh khoang cich tir D dén mit
phéng (SBC).
A —“‘éﬁ. B. V2. C. -—2"3‘/5. D. g
Céu 65. Cho hinh chép S.4BCD c6 ddy ABCD 1a hinh vuéng canh bing 1. Tam giac
SAB déu|va ndm trong mit phing vudng géc véi day (ABCD). Tinh khoang céch tir
A4 dén (SCD).
Al B. 2. C. % D. —‘/31
Cdu 66. Cho hinh chdép S.4BCD c6 ddy ABCD 14 hinh vudng tdm O canh z. Canh bén
SA=a+2| va vuéng géc véi day (ABCD). Tinh khoéng cich tir diém B d&n mat
phéng (S¢D).
A a. B. %. C. av/3. D. #
?Cﬁu 67. Cho hinh chép §.4BCD ¢6 ddy ABCD 14 hinh vuéng tim O, canh 4. Canh bén
- sa=t b va vudng géc véi mit ddy (4BCD). Tinh khoang cich tit O d&n mat
phéng (SBC).
|
a/285 /285 2285 a2
A. . B. —. C. —. D. —.
19 38 38 2 )
Ciu 68. Cho |hinh chép tam gidc déu S.4BC c6 canh ddy bing a va canh bén bing
aJ_ .Ti Ah khoang cach tir dinh 4 dén mit phing (SBC) .
| o3
bl - c.l. D. —.
o 4’ B 4 6
Céau 69. Cho hinh chép S.ABCD c6 ddy ABCD la hinh vuéng canh bang a . Canh bén
SA vudng gbc véi day, SB hop véi mat ddy mét goc 60°. Tinh khoang céach tir diém
D dén mit phing (SBC).
A. f-‘z/—g- B. % Ca D. a\3.

Cau 70. Cho hinh chép ti& gidc déu S.4BCD c6 canh ddy béng 1, canh bén hop véi mit

day mét g

AL
2

5c 60°. Tinh khoang cach tir O d&n mit phing (SBC).
B2 ¥ p. Y2
2 2 14

157



http://www.facebook.com/groups/TaiLieuOnThiDaiHoc01
http://www.facebook.com/groups/TaiLieuOnThiDaiHoc01

Cau 71. Cho hinh chdp S.4BC c6 day ABC la tam gidc déu canh ¢, SA vudng goc voi
mit phing (4BC); goc giita dudng thing SB va mit phing (4BC) bing 60°. Goi
M 13 trung di8m ctia canh AB . Tinh khoang cach tir di€m B dén miit phéng (SMC).

A. ax/g. B. a~/3—9' C.a p. &

13 2

Céu 72. Cho hinh chép §.ABCD c6 day ABCD la hinh chit nhat véi AC =24, BC=a.
DPinh § cach déu cac diém 4, B, C . Tinh khoang cach tir trung diém M cha SC dén
mit phing (SBD).

A #. B. %g-. C. aVf5.

Céu 73. Cho hinh chép S$.4BCD ¢6 ddy ABCD 1a hinh thang vudng tail 4 va B,
AD=2BC, AB= BC =a+3 .Dudng thing SA4 vudng goc véi mit phing (4BCD). Goi
E la trung diém ctia canh SC . Tinh khoang céch tir diém E dénmit phing (S4D).

A. aV3. B. —‘/ZE C. -“—2‘@ D. 3. ‘

Cau 74. Cho hinh chép S.4BCD c6 ddy ABCD l1a hinh chit nhat véi AB=g, AD=2a.
Canh bén §4 vudng goc véi déay, gbc gilta SD véi ddy bang 60°. Tinh oang cach
tlr difm C d&n mét phéng (SBD) theo a.
A 2B p. 205 b 0.8,

2 5 2 2

Céu 75. Cho hinh chép §.4CBD c¢6 day ABCD la hinh thang vudng tai 4 va B. Canh
bén SA vudng goc véi ddy, SA=AB=BC =1, AD=2. Tinh khoang cich tir di€ém
A d&n mit phéng (SBD).
Al p. 25 c D.1.

3 5 3

Cau 76. Cho hinh chép §.4BCD c6 ddy ABCD la hinh vudng canh a . Hinh chiéy vudng géc

clia S trén mit phing (4BCD) la diém H thudc doan 4B thda min AH =2BH , biét

D. a

SH =9—£ Goi I Ia giao diém cta HD va AC . Tinh theo a khoang cich tir I dén
mit phang (scD).
A a\/_ZE. B. Za\/ﬁ' C. 2a~/2_2_ D. 3ax[2—5_

11 11 55 55

Céau 77. Cho hinh chép S.4BCD cé day ABCD la hinh thoi canh a . Tam gidc ABC deu,
hinh chidu vuéng géc H cta dinh § trén mit phing (4BCD) tring vdi trong tim
ctia tam gidc ABC . Puong thing SD hop véi mit phing (4BCD) gée 30°. Tinh
khoang cach tir B d&n mit phéng (SCD) theo a.

A 2“2‘/13 B. “*/?. Ca D. 3.
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Cau 78. Chp hinh chép $.4BCD c6 day ABCD 13 hinh thang vuéng tai 4 va B véi
AB=BC=a, AD=2a.Canh bén S4 =g va vuéng géc véi mt phing (4BCD). Tinh
khoang dach tir di€m 4 dén mit phing (SCD).

A. % B. aV2. ‘ C. “—3‘@ D. 2a.

Céu 79. Cho hinh chép S.4BCD <6 ddy ABCD 1a hinh chit nhit véi AD =248 =2a.
Canh bén S4 =24 va vuéng gbc véi ddy. Goi M, N [an luot 1a trung diém ctia SB
va SD. Tinh khoang cich tir § dén mit phiang (4MN).

A % B. 2a. C. 32“- D. a5.

Céu 80. Cho hinh ldp phuong 4BCD.4'B'C’'D' ¢6 canh béng 1. Tinh khoang cich t&
diém A dén mit phing (BDA').

V2 NE) V6
A = B. 5 C. + D. 3.

Ciu 81. (PE MINH HOA QUOC GIA NAM 2017) Cho hinh chép ti gidc S.4BCD 6
ddy 1a hinh vuéng canh bing av2. Tam gi4c (84D) cén tai S va mit bén (SAD)

vubng goc véi mit phing ddy. Biét thé tich khéi chép S.4BCD bang ﬁ;'aB' Tinh
khoang cich & tir B d&n mit phing (SCD).

A h=%4 B. k=2, “con=ls D. h=
3 3

> w

; cS=
Vin d# 2.2. KHOANG CACH GIUA HAI PUONG THANG CHEO NHAU
S
Cau 82. Cho 1h‘mh chép S.4BCD c6 ddy ABCD la hinh vudng véi AC = a—-sz. Canh bén

SA vubng gbc véi ddy, SB hop véi day géc 60°. Tinh theo « khoang cach gita hai
duong thang 4D va SC.
i 3
asl o gl c p. 28
4 2 2 2
Cau 83. Cho hinh chép tir gidc déu S.4BCD c6 canh ddy bang a . Biét thé tich kh&i chop

3

béng % . Tinh khoang cach £ giia hai duong thing BC va $4.
a 2a

== B. a. C. —. D.

N! N

‘ 159


http://www.facebook.com/groups/TaiLieuOnThiDaiHoc01
http://www.facebook.com/groups/TaiLieuOnThiDaiHoc01

Cu 84. Cho hinh chép S.4ABCD c6 ddy ABCD la hinh vudng tdm O, canh 2. Canh bén
84 vudng goc voi day, goéc SBD =60°. Tinh theo @ khoang cach giira hai duong

thing 4B va SO. .
A _.ji a6 c o2 p. &5

B. . .
4 2 5

Cau 85. Cho hinh chép §.4BCD c6 ddy ABCD la hinh vudng tdim O, canh bﬁng 2.

Pudng thdng SO vudng géc véi mit phing ddy (4BCD) va SO = /3. Tinh khoang

cach gifta hai duong thing SA4 va BD.

A 2. B. —‘/Zli C. 2V2. " D.A2.

Cau 86. Cho hinh chép S.ABC <6 day ABCD la hinh vudng canh a, tim O . Canh bén
SA4 = 2a va vudng géc véi mit day (ABCD).Goi H va K tan luot la trung diém cta

canh BC va CD. Tinh khoang cach gitta hai duong thing HK va SD.

AL B. 22 C. 2a. D. £

3 3 2

Ciu 87. Cho hinh lang tru ABC.A'B'C' cd day la tam gidc déu canh c6 do déi bing 2a.

Hinh chiéu vudng géc ctia 4' lén mit phing (4BC) trung véi trung di
BC . Tinh theo a khoang céch giita hai duong thing BB' va A'H.
a3 a3

A. 2a. B. a. C.—. D. .
2 3

m H cha

Cau 88. Cho hinh hdp chit nhat ABCD.A'B'C'D' ¢6 ddy ABCD 12 hinh v?.xc‘mg canh

a2, AA' = 2a . Tinh khoang cch giita hai dudng thing BD va CD'.
A. aV2. B. 2a. C. —2%5-. D. %.
Cau 89. Cho hinh chép S.4BCD ¢6 ddy ABCD la hinh vuéng tdm O, canh
Canh bén S4 =2a. Hinh chidu vudng géc ctia dinh § trén mit phing
trung diém ctia H clia doan thing 40 . Tinh theo a khoang cich giita

thing SD va AB.

4a\22 32
. B. .

11 Vit

Cau 90. Cho hinh chdép S.4BCD c6 ddy ABCD 1a hinh vuéng canh béng 10

A.

C. 2a. D. 4a.

béng 4a.
ABCD) I

cac duong

Canh bén

SA vuéng goc véi mit phing (4BCD) va SC=105. Goi M, N Tan lupt 13 trung

diém ctia S4 va BC . Tinh khoang cach giita BD va MN .
A. 3\5. B. 5. C.s. D. 10.

Céu 91. Cho hinh chép §.4BC <6 day 4BC la tam giac vudng tai B,
BC =4a. Canh bén S4 vudng goc voi day. Goc tao béi gilta SC va ddy

Goi M 1a trung diém ctia AC, tinh khoang cach giira hai dudng thing 4B
A. a3, B. 543 c p, 10a3
2 V79
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Ciu 92. Cho

hmh chép S.ABCD c6 ddy ABCD la hinh vudng canh a, tam gic SAD déu

va ndm trong mit phing vudng géc voi ddy. Tinh khoang cach giita hai duong thing

SA va B,
a~/2— i
14 °
Ciu 93. Cho
AB=2a,
Goc giira ¢
A. ﬂ_"’-. ‘

2

Céu 94. Cho
goc vai dd

C. “‘]ﬁ.

7
hinh chép S.4BCD ¢6 ddy ABCD 1i hinh thang vudng tai 4 va D vdi
AD = DC = a. Hai mit phing (S4B) va (SAD) ciing vuéng géc vdi day.
'C vamit day bing 60° . Tinh khoang cich gitta hai duong thing 4C va SB.
C. a2 ZaJ_

5

hinh chép S.4BCD c6 day ABCD 14 hinh vuéng canh a. Canh S4 vuéng
y, goc gitra SC véi ddy bing 60°. Goi I I trung diém ctia doan thing SB.

a.

B. % D.

B. 2a.

Tinh khodng céch tir diém § dén mit phang (4DI).

A. a\/g.

o7

a4z
= :

7

C. D. 24/7.

Céu 95. Cho ling tru ABC.4'B'C' c¢6 ddy ABC 1 tam giéc déu canh bing 4. Hinh chiéu

vudng gog

tam giac

A 2.

théng BM

5

clia A' trén mit phing (4BC) triing véi tim O clia dudng tron ngoai tiép
ABC . Goi M la trung di€m canh AC, tinh khoang cich gifta hai dudng
va B'C.

B. 24/2. C. 1.

S

Vin dé 3.1. GOC GIUA PUONG THANG VA MAT PHANG

D. V2.

&S

Ciu 96. Cho| hinh chép S.4BCD c6 diy ABCD la hinh chit nhit c6 canh AB=a,

BC=2a.
canh S4 =
A. 30°.

Hai mit bén (S4B) va (SAD) ciing vudng géc v6i mit phing day (4BCD),
=a+/15 . Tinh gbc tao boi dudng thing SC va mit phing (ABD).
B. 45°. C. 60°. D. 90°.

x

Cau 97. Cho hinh chép S.4BC 6 ddy ABCD la hinh vuéng canh a, tdim O . Canh bén

SA=2a
phing (
A 242,

sa=2

Cau 98. Cho |
15

4 vudng goc véi mit ddy (4BCD). Tinh tan cia goc gita SO va mit

AECD).

B. 3. C. 2. D. 1.
hinh chép S.4BCD c6 ddy ABCD la hinh vudng canh bang a. Canh bén

va vudng géc véi mit ddy (4BCD). Goi M la trung diém BC .
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Tinh goc gitta dudng théng SM vamit phéng (4BCD).

A. 30°. B. 45°. C. 60°. D. 90°.
Cau 99. Cho chép déu S.4BCD c6 canh ddy bing 2, canh bén béing 3 . Tinh |tan cta géc

gitta canh bén va mét day. :

AT, B. 3. C. 1. D.-‘/l—_4.

2
Cau 100. Cho hinh chép §.4BC c6 day ABC la tam gidc vudng tai 4, 4BC = 60°, tam
giac SBC 1a tam gidc déu c6 béng canh 22 va nim trong mit phing vudng véi day.
Tinh géc gilta duong thing S4 va mét phing day (4BC)
A. 30°. B. 45°. C. 60°. D. 90°. |
Céu 101. Cho hinh chép S.4BCD c6 ddy ABCD Ia hinh vuéng canh ¢, tag-n gidc SAD
déu va ndm trong mit phing vudng goc véi day. Tinh tan cia goc giita dudng thing
SB vamit phang (ABCD). ;

A 3. B c.-\}-3.-. D. 5. l

Céu 102. Cho hinh chép S.4BCD c6 ddy ABCD la hinh vuéng canh «. Tam gidc S4B
déu canh @ va ndm trong mit phing vudng géc véi day (ABCD). Tinh |cot cta géc
gitta SD va (ABCD).

A B. Y15 C. V3. p. 8.
V15 5 2
Céu 103. Cho hinh chép §.4BCD 6 ddy ABCD 1a hinh vudng tim O, canh béng 4a.
Canh bén S$4=2a. Hinh chi€u vudng géc ctia dinh § trén mit phing| (4BCD) la
trung diém clia H ctia doan thing 40 . Tinh tan cua géc gitta dudmg thdng SD va
mit phang (4BCD).
A. 5. B.1. c.is_s-. D. 3.

Céu 104. Cho hinh chép S.4BCD 6 ddy 4BCD 1 hinh chit nhat véi 4B=a) AD = 3.
Hinh chi€u vuéng géc H ctia § trén mit ddy tring vdi trong tAm tam gidc ABC v

|
W

SH = %. Goi M, N lan luot i trung didm céc canh BC va SC. Tinh tan cua goc ‘
gitta dudng thing MN véi mit day (4BCD).
A2 B.é-. C.g. D. 1.
3 4 3
Cau 105. Cho hinh chép S.4BCD c6 ddy 4BCD 1a hinh vuéng tim O canh béng 2, SO
vubng goc v6i day. Goi M, N Ian luot 1a trung diém S4 va BC. Tinh géc giia
a~/10
7
A. 30°. B. 45°. C.60°. D. 90°.

dudng thing MN véi mit phing (4BCD), biét MN =
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Cau 106. (ﬁ\o hinh chép S.4BCD <6 ddy A4BCD 1la hinh thang vudng tai 4 va B,
AB=BC=a, AD=2q. Canh bén S4=4aV2 va vudng gbc véi day. Tinh goc giira
dudng thing SC véi mit phing (84D).

A. 30°.

B. 45°. C. 60°. D. 90°.

. Cau 107. Chp hinh chép §.4ABC 6 ddy ABC la tam giac déu canh @, canh bén S4 =24
va vuéng géc véi ddy. Tinh sin clia géc gitra dudng thing SC v&i mit phéng (SAB).

o B

“To0 "

Ciu 108. C

g, YL, c B p YIS
17 2 10

ho hinh chép S.4BCD 6 ddy ABCD la hinh vudng canh 2. Hai mit phéng

(S4B) va (SAC) cing vubng goéc vdi ddy (ABCD) va SA=2a. Tinh cosin cta goc

gitra duong thing SB va mit phéng (SAD).

5
s
Céu 109. C

A.

25 cl. D. 1.
5 2

ljo hinh chép S.4BCD c6 ddy ABCD la hinh vuéng canh 2a. Canh bén S4

B.

vudng gdc véi ddy, géc gita SC va mit ddy (4BCD) béng 45°. Tinh tan cia géc gitta

dudng thing SD va mit phing (SAC).

¥5
S
Cau 110. C

A.

B.5. C. 3. D.1.

ho hinh chép §.4BCD cé ddy ABCD la hinh vudng canh a. Tam gidc S4B

déu va ndm trong mit phing vudng géc vdi day. Goi H, X Ilan luot 1a trung diém

clia cac
phéng (

A 7.

canh AB vd AD. Tinh tan clia gbc tao boi gilta duwdng thing S4 va mit
SHK).
B 32 c . o Y
4 7 4

Céiu 111. Cho hinh hép chit nhdt ABCD.A'B'C'D' ¢6 ddy ABCD la hinh vudng canh
aN2, A4'=2a . Tinh géc gitta dudng thing 4'C véi mit phéng (4BCD).

A. 30°.

B. 45°. C. 60°. D. 90°.

Ciu 112. Cho ling try ABCD.4'B'C'D' ¢6 day 1a hinh thoi canh a, BAD = 60°. Hinh
chidu vudng géc chia B' xudng mit day triing véi giao di€m hai duong chéo cia day

va canh
A. 30°.

bén BB'=a . Tinh géc gilta canh bén va mit day.
B. 45°. C. 60°. D. 90°.

Cau 113. Cho hinh hdp chit nhat ABCD.4'B'C ‘D’%é day ABCD la hinh vudng canh
bing 2V, A4'=4. Tinh géc giita dudng thing 4'C véi mit phing (44'B'B).

A. 30°.

B. 45°. C. 60°. D. 90°.
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A=)

Vin d2 3.2. GOC GIU'A HAI MAT PHANG

=

Ciu 114. Cho hinh chép S.4BC c6 ddy ABC la tam giéc vudng tai 4, 4BC|=60°, tam
gidc SBC 1a tam gidc déu c6 bing canh 22 va nim trong mit phing vuétrg véi day.

Tinh tan ctia géc gitta hai mit phing (SAC) va (4BC).

A 3. B. 24/3. c.%. D.%. :

Céu 115. Cho hinh chép S.4BC c6 ddy ABC la tam giac déu canh a.

Canh bén

SA=ay3 va vudng géc véi mit ddy (4BC). Tinh sin ctia gdc gitta hai mit phing

(SBC) va (4BC).

AL B Y2 c. ¥ p. 25
2 5 2 5

Cau 116. Cho hinh chép $.4BCD c¢6 ddy ABCD 1 hinh vudng canh «.

Canh bén

SA=av2 va vubng géc véi ddy (ABCD). Tinh cot cha géc gifta hai mit phing

(SCD) va (4BCD).

A V2. B Y2 C. 1. p. 5.
2 3
Cau 117. Cho hinh chép S.4BCD c6 dady ABCD 1a hinh vuéng tdm O, canh
a3

a . Dudng

thing SO vudng géc véi mit phing day (4BCD) va §0=—=. Tinh gdc gika hai

mét phing (SBC) va (4BCD).
A. 30°. B. 45°. C. 60°. D. 90°.

Cau 118. Cho hinh chép S.4BCD ¢6 ddy ABCD la hinh thoi tdim I, ca
BAD=60°, SA=SB=SD= %3— . Tinh tan clia géc tao bi giita hai mit ph
va (A4BCD). _

A5, B.%. c.?. D.1.

nh a, goc

ing (SBD)

Cau 119. Cho hinh chép 5.4BCD c¢6 day ABCD 1a hinh vuéng tim O, canl bing 4a.

Canh bén S4 =2q. Hinh chiu vuéng géc cia dinh § trén mit phing
trung diém clia H ctia doan thing 40 . Tinh tan cta géc giia hai mit ph
va (4BCD).

Ch

A 3. B. 2. c.g. D.-‘éz.
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Cau 120. Jho hinh chép S.4BCD c6 ddy ABCD 13 hinh vudng tdm O, canh bing 3,
tam gidc SBC nim trong mit phing vudng goéc véi ddy. D6 dai dudng cao cua hinh

chép bing % - Tinh géc giira hai mjt phing (SBD) va (A4BCD).

A.30°. B. 45°. C. 60°. D. 90°.
Cau 121 Cho hinh chép SABC o6 dby ABC 1i tam gide vudng tai B, AB—2,

BC =if; canh bén S4 =§ va vudng gbc véi mit day (ABC). Goi M Ia trung

diém 7, tinh tan chia géc gitra hai mit phing (SMC) va mit day (4BC).
AL g Y3 c.1. p. 2.
NER 4 2

Cau 122. Cho hinh lap phuong 4BCD.4'B'C' D' . Tinh cosin clia goc gitra hai mit phéng
(BDA'") va (ABCD).

N B %3, ¥ 2.
3 2 3 2
Ciu 123. Cho hinh chép S.4BC c6 déy ABC la tam gidc vudng tai 4, AB= AC =a:
canh béry S4=a va vudng géc véi ddy. Tinh cosin clia gbc gilta hai mit phing
(s4C) va (SBC).
NS B %2 c ¥ p. L.
3 2 3 2

Cau 124. Cho hinh chép déu S.4BCD c6 tit ca céc canh déu bing 2. Tinh tan cta goc
gitta hai mit phing (SBD) va (SCD).

A 6. B.g. c.g. D. 2.

Cau 125. Chg hinh chép S.4BC c6 ddy ABC la tam gidc vudng tai 4, 4B = AC =a.Hinh
chiéu vudng géc H cha § trén mit dy (A4BC) triing véi tim dudng tron ngoai tiép tam

giac ABC| va SH=%.Tinh cotan ciia géc gitra hai duong thing SB, AC .
14
AL B. 7. e 7. p. Y4
4 7 4
=

Vin de 4. Ti $O THE TicH
O |
Cau 126. Cho khdi chdp S.4BC . Goi 1, J, K Tan luot 1 trung diém cac canh S4, SB, SC.

Khi d6 ti s8 th tich 252 bing:

S.ABC
Al Bl cl p.l.
3 6 2 3
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Cau 127. Cho tz dién ABCD c6 B' la trung diém AB, C' thudc doan 4AC vh thoa man
2AC'=C'C. Trong cac s& dudi day, s6 nao ghi gid tri ti s& thé tich gitra khéi tit dién
AB'C'D va phén con lai cta khéi tir diégn 4BCD ?

AL Bl c.l. p.2.
6 5 3 5

Céu 128. Cho khéi chép S.4CB. Goi G 1a trong tdm gidc SBC. M3t phing («) qua 4G
va song song v6i BC cit SB, SC lan luot tai I, J. Goi ¥y, Vs e 18n|luot 13 the

tich ctia cac khéi tir dién SALJ va SABC . Khi d6 khing dinh nao sau day 13 dtng?

A. Vs =1. B. Vsau =E . C. Vs.an =f£‘ D. Vsav ___i_
Vs.a8c Vsasc 3 Vsae 9 Vsasc |27

Ciu 129. Cho khéi chép S.ABC cb ddy ABC 1a tam giac déu canh @, canh bén bing 2z.
Goi M la trung diém SB, N 1i diém trén doan SC sao cho NS=2NC . Thé tich
khéi chop A.BCNM c6 gia tri nao sau day?

V11 2\11 c 211 D 2*\11

18

A. B. .

36 16 24
Cau 130. Cho tam giac 4BC vudng can & A va AB = a . Trén duong thing qua € va vudng
goc véi (4BC) 14y diém D sao cho CD = a. Mt phing (a) qua C va vudng goc véi BD,
cét BD tai F vacit AD tai E.Thétich khéi tit dién nhan CDEF gid tri ndo sau day?
A a’ a a’ a
. 6 . . E'i' . . 36 . . 54 -
Cau 131. Cho khéi chép S.4BCD. Goi A4', B', C',D' [&n luot 1a trung diém cia
S4, SB, SC, SD . Khi d6 ti s§ thé tich ctia hai kh&i chép S.4'B'C’ D' va S.ABCD bing;
Al B.L. cl. L.
2 4 8 16
Céu 132. Cho khéi chép S.4BCD c6 thé tich bing ¥ . Liy di€m A4’ trén canh |S4 sao cho

S4'= -;:SA . Mit phing (a) qua 4' va song song véi day (ABCD) cit cac canh
SB, SC, SD lan lugt tai B', C*, D'. Khi d6 th& tich khéi chép S.4'B'C'D’ bf?mg:
AL B.Z. cZ. p.L.
3 9 27 81
Céu 133. Cho kh&i chép ti gidc déu S.4BCD . Mit phing (a) di qua 4, B vajtrung diém
M chia SC.Tis6 thé tich ctia hai phin khéi chép bi phan chia boi mit phing dé 1a:
A B.2. c.2. D.2.
4 8 8 5
C4u 134. Cho liang try diing ABC.4'B'C". Goi D la trung diém A'C', k la tj s6 thé tich
khi ti dién B'BAD va khéi ling tru dé cho. Khi ¢6 £ nhén gia tri:
N bl el bl
4 12 3 6
Cau 135. Cho lang tru diing ABC.4'B'C'. Goi M 1a trung diém A'C', I la gipo diém ctia -
AM va A'C .Khidé ti s8 the tich cha khéi tir dién L4BC vdi khéi lang tru da cho 1a:
2 2 1

A= B.—. C.:l-. D.—-.
3 9 9 2
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TONG HOP KIEN THUC

éE MAT CAU - MAT TRU - MAT NON
\
|
\

MAT CAU - KHOI CAU

L. DINH NG‘HTA
L. Mitciu | .

Téap hop j:éc di€m trong khéng gian cach diém O ¢6 dinh mét khoang R khéng d6i
goi la mat cau ¢é tdm l1a O va ban kinh béng R.

Ki hiéu: ‘(O;R) ={M|om = R}.
2. Khéi ciu |

Mit cau S"(O;R) cling v6i cac diém nim bén trong né duoc goi 1a mét khéi cau tam O,
bankinh R. ;

Ki higu: J,(O;R) ={M|om < R}.

N&u 04, OB 1a hai ban kinh ctia mt cau sao cho 4, O, B thing hang thi doan thing
AB goi 1a duong kinh ctia mit cau.

Dinh Ii. Cho hai diém c8 dinh 4, B. Tap hop céc diém M

trong khang gian sao cho ZMB = 90° 13 mit cau dudng

kinh 4B.
2 A€ S(O;R) < 04=R.

° 04, <Re A, ndm trong mit ciu.
°04, j R & 4, ndm ngoai mit cau.
IL MAT CAU NGOAI TIEP KHOI DA DIEN

Dinh nghjr Mt cau di qua moi dinh cia mét hinh da dién (H) goi 1a mit cau ngoai
S

ti8p hinh da dién (H) vakhi 46 (H) duoc goi la ndi tidp mit cau dé.

Djéu kién £4n va da ¢€ mét hinh chép c6 mit cau ngoai
tiép 12 ddy clia n6 12 mot da giac ndi tiép mot duong tron.
Moi tit dién déu c6 mit cau ngoai tiép.

-
}
[}
+
i
1}
1
.

)

1. MAT CAU NOI TIEP HINH CHOP
1. M3t cAu|ndi tiép hinh chop 12 mét cau ndm bén trong hinh choép va tiép xic véi véi
t&t cdc mit ctia hinh chép. _
2. Tam mat cau ndi ti€p hinh chdp cdch déu t5t ca cac miit cia hinh chép.
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IV. VI TR TUONG POI GIUA MAT CAU VA MAT PHANG
Cho mit cau S(O;R) va mit phing (P), goi d la khoang cich tir O dén (P) va H
1a hinh chi&u vudng géc cia O trén (P). Khi dé

---.._.---. )

(P)

(P)

e N&éu d <R thi mit phing (P) cit mit cdu S(O;R) theo giao tuyén 1y dudng tron
nim trén mét phing (P) cétdm d H vacébankinh r =vR* —d* .
Khi =0 thi mit phing (P) di qua tim O ctia mit ciu, mit phing d6 goi 1a mit
phéng kinh; giao tuyén ctia mit phing kinh véi mit cau la dudng tron c6 t3m O va ban
kinh R, dudng tron d6 goi la duong tron 1én cia mit cau.
eNéu d = R thi mit phing (P) vamitcau S(O;R) c6 mét diém chung duy nhét H .
Khi d6 ta n6i (P) ti€p xtac v6i S(O;R) tai H va (P) goi la tiép dién ctiajmijt cau, H
goi Ia tiép diém.
Chii . Cho H 1a mét diém thudce mit cdu S(O;R) va mit phing (P) qua H . Thé thi
{P) tiép xuc v6i S(O;R) < OH L(P). '
eNéu 7> R thi mit phing (P) va mit cau S(O;R) khong ¢6 diém chung.
V. VI TRI TUONG POI GITUA MAT CAU VA PUONG THANG
Cho mit cau S(O;R) va dudmg thing A.Gei H 1a hinh chidu vudng gét clia O trén
A va d=0H lakhoang cachtir O dén A.Khidé

« N&u d <R tht A cit S{O;R) tai hai diém 4, B va H latrung diém Cﬂia AB.

> Néu d =R thi' A va S{O;R) chi c6 mét diém chung H, trong trudng hop nay A
goi ia t1&p tuyén cia mit cau S(O;R) hay A ti€p xic véi S(O;R) va H la tl%p diém.

& Néu 7> R thi A va §{O;R) khéng ¢6 diém chung.
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VI.DIEN T
GoiR1a

e Dién t

o Thé ti¢

iCH MAT CAU VA THE TICH KHOI CAU
ban kinh cia mit cau thi
ich mit cAu: S = 47 R>.

h khéi cau: ¥V = %wR’.

CAU HOI TRAC NGHIEM

Ciu 1. Cho|dudng tron (C) dudng kinh 4B va dudng théng A . D& hinh tron xoay sinh
béi (C) khi quay quanh A 1a mét mét cau thi cin c6 thém digu kién nao sau day:
()Puimg kinh AB thudc A .

(I} A c§ dinh va duong kinh AB thudc A.
(D) A c& dinh va hai diém 4, B 8 dinh trén A .
A. Chi (0). B. Chi (D).
C. Chi (I[1). D. Khéng can thém diéu kién nao.
Cau 2. Chomit cau (S) tdm O, ban kinh R va mit phing (P) c6 khoang cich dén O

bing R,Mbt diém M tiy y thude (S). Duong thing OM cit (P) tai N.Hinh chiéu
cta O r]én (P) 1a I.Ménh d% nao sau diy ding?
A. NI ti8p xuac véi (S).
B.ON=RV2 & IN=R.
C. Ca A va B d@éu sai.
D. Ca A jva B déu ding.
(2)
Céu 3. Cho|mit cdu S(O;R) va rﬁét diém A4, biét OA =2R.Qua 4 ké mot ti€p tuyén
ti€p xtic v6i (S) tai B. Khi d6 d6 dai doan 4B béng:
A R. B.%. C. RV2. D. R\3.
Céu 4. Cho rndt ciu S(O;R) vamét diém A, bidt 04 = 2R . Qua 4 ké mdt cat tuyén cdt (S)
tai B va|C saocho BC = R«/I; . Khi d6 khoang cach tir O dén BC béng:
A R. B.% C. RV2. D. RV3.
Cau 5. Cho|mit cau S(O;R) va mit phing (a). Biét
khoang ¢ach tir O dén (o) bing -’2-2-. Khi 6 thidt
dién tao béi mit phing (@) véi S(O;R) la mét 0
dudng trpn c6 dudng kinh béng:
A R. B. RV3.
(@)
c X p. B3
2 2
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Cau 6. Cho mit cAu tam I ban kinh R = 2,6cm . Mt mit phéng cit mit cau va cach tam
I mét khoang béng 2,4cm . Thé thi ban kinh ctia dudng tron do miit phéng cit mit

Cau tao nén la:
A.l,2cm. B. 1,3cm. C. lem. D. l,4cm.

“au 7. Dién tich hinh tron Ién cliia mét hinh cau la p. Mot mét phing () ‘it hinh cau theo

mét hinh tron ¢6 dién tich 1a % . Khoang céch tir tim mit ciu dén mit phéng {@) béng:

A2, B. L. c 2. D. |2,
T T T 27

“au 8. Mot hinh cdu 6 ban kinh 1a 2m, mét mit phéng cit hinh cau theo mét
c6 dd dai la 2,47m . Khoang cach tir tim mit ciu dén mit phéng la:
A.LLém. B. I,5m. C. 1,4m. D. 1,7m.

hinh tron

“4u 9. Cho mit cdu S(O;R), 4 1a mét diém & trén miit ciu (S) va (P) 1a mit phing qua

4 sao cho géc gitra 04 va (P) bing 60°.

Dién tich caa dudng tron giao tuyén béng:

A. TR, B. _711_!:
2

2 2

c. ™ p. &
4 8

(£)

“&u 10. Cho hinh chép it gidc déu S.4BCD c6 canh bén bing canh day bing
mét cau ndi tiép hinh chép §.ABCD 6 ban kinh bing:

a<1+«/§> a(sfg—ﬁ) ﬂ('\[6-+\/5) a(x/?—l]
-

A — B. C -

V2

. D, ———,
7 7

“du 11. Cho hinh chép §.4BC c6 ddy ABC la tam gidc vudng tai B va BA=BC=a.
Canh bén S4 =2z va vudng géc véi mit phing ddy. Ban kinh mit cAu ngoai tiép

hinh chép §.4BC la:

A. # B. 3a. C. %. D. a6,

“4u 12. Cho hinh chép S.4BCD <6 ddy ABCD 13 hinh vudng canh a. Canh bén
SA=a6 va vudng gbc véi ddy (4BCD). Tinh theo a dién tich mit cdu ngoai tiép

hinh chép $.4BCD ta duoc:
A. V2. B. 874 C. 24%. D. 2n4°.

“8u 13. Cho hinh chép §.4BC ¢6 ddy ABC la tam gidc vudng cin tai B, AB=ga.Canh

bén SA =a+2, hinh chifu ca diém S lén mit phing day tring véi trung
canh huyén 4C . Ban kinh mit ciu ngoai tiép khéi chép S.4BC la:
A &2 g V6 a6 a2

. . . C. —. D.
2 3 2 3

diém cua
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o

Cau 14. Cho

hinh chop tam gidc déu S.4BC c6 canh ddy bing z va canh bén bing

aV21

Goi % la ¢hiéu cao ctia khéi chép va R la ban kinh mét cau ngoai ti€p khdi chép. Ti s§

R .
— bang:
P
A
"12

Cau 15. Cho
day mét g

4rad’
3

Céu 16. Cho
AB = BC

cau ngoai

A a2,

Cau 17. Cho
Canh bén
diém S4
kh&i chop

A. 4R =-3h.

Ciu 18. Cho

SA=a\2

qua hai d
Béan kinh

A. a«/f.

Cau 19. Cho
vudng go

B. . el
24 6
hinh chép ti gidc déu S.4BCD 6 canh ddy bing @, canh bén hop véi mit

D. .
2

6c 60° . Thé tich ciia khéi ciu ngoai tiép khdi chép S.4BCD la:
27’6 87a’ 6 872’\/6
B, ——. C. —. D. .

9 9 27

hinh chép S.4BCD c6 day ABCD la hinh thang cén, day Ién AD =2a,
=CD =ga.Canh bén S4 =2a va vudng goéc vdi day. Goi R la ban kinh mét

tiép khéi chop S.ABCD . Ti sé R nhén gié tri nao sau day?
a

B. a. C.1 D. V2.
hinh chép S.4BCD ¢ ddy ABCD la hinh chit nhat véi AB=2a, AD =a.
SA vudng goc véi day va goc gitta SC véi day bing 45°. Goi N 1a trung
k 1a chidu cao ctia khéi chép S.4BCD va R 1a ban kinh mat cdu ngoai tiép
N.ABC . Biéu thirc lién hé gitta R va # la:
C. R:zih. D. R=z\-§—h.

5V5 4
hinh chép S.4BCD c6 ddy ABCD la hinh vudng canh béng a. Dudng thing
vuéng goc véi day (4BCD). Goi M la trung diém SC, mit phang (o) di
i®m 4 va M dbng thoi song song véi BD cat SB, SD lan luot tai E, F.
mit ciu di qua ndm diém S, 4, E, M, F nhén gia tri nao sau day?
c &2 D. 2.
. 2 2
hinh chép S.4BCD <6 ddy ABCD la hinh vudng canh a. Dudng thing S4
c day (ABCD). Goi H 12 hinh chi€u ciia 4 trén dudng thing SB . Ban kinh

B. V5R =44

B. a.

mit cdu nigoai tiép tur dién HBCD c6 gia tri nao sau day?

A. a2

Cau 20. Cho
Canh bén

ciia A lérn

C. & D. 2.

2 2
hinh chép $.4BC cb ddy 4BC la tam giac vudng cdn tai B va BC=qa.
SA vudng goc voi day (4BC ) Goi H, K Ian luot 13 hinh chidu vuéng géc
canh bén SB va SC. Th& tich clia khéi cau tao bdi mat ciu ngoai tiép hinh

B.a.

chép A.HKCB la:

3
A. ﬁsﬂ

7'{'(13

C.—.

B. \/Emz’. 5
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Céu 21. Cho hinh chép S.4BCD ¢6 ddy ABCD la hinh vuéng tdim O, BD=qa. Hinh
chi€u vuéng géc H ctia dinh S trén mit phing day (ABCD) 1a trung diém OD.
Dudng thing SD tao véi mit ddy mdt géc bing 60°. Ban kinh mit cau ngoai tiép
hinh chép §.4BCD nhén gié tri ndo sau day?

A2 B. <. c . D.a.
4 3 2

Cau 22. Cho hinh chép S.4BC c6 ddy ABC 1a tam gisc déu canh , hinh ¢hidu vudng
goéc ciia dinh S trén mit phing (4BC) 1a trung diém H ctia canh BC. Goéc gitra
duong thing S4 va mit phing (4BC) bing 60°. Goi G 1a trong tdm tam gidc SAC,
R 1a bén kinh mdt cdu c6 tAim G va tiép xuc véi mit phéng (54B). Dél#g thitc ndo
sau day sai?

A. R=d|G,(S4B)]. B. 3VI3R=25H.
K43 .23
SAABC 39 i
Cau 23. Cho hinh chép §.4BCD c6 ddy ABCD 1a hinh vudng canh 2. Mit bén S4B Ia
tam gidc vudng tai S va ndm trong mit phing vudng gbc voi ddy. Thé tich khéi ciu
ngoai ti€p hinh chép S.4BCD la:
3 3

a2 p. Wl c = D. I,

3 162 6 "3

Cau 24. Cho hinh chép S.4BC 6 ddy 4BC 1a mét tam giéc déu canh bing 4. Canh bén
SA=aJ3 va vudng gdc véi ddy (4BC). Ban kinh mit cau ngoai tiép khéi chép Y
S.ABC la:

ALl p. VI3, c a3 p. &5
2 2 6 4

Cau 25. Cho tit dién O4BC 6 cac canh OA, 0B, OC dbdi mét vudng géc va Od=a,
OB =2a, OC = 3a . Ban kinh miit cu ngoai tiép t dién 0.4BC la:

A a3 B. 32 c. s D &V

2 2 2 |

Cau 26. Cho hinh chép S.4BC ¢6 day 4BC 1a tam gidc vudng tai 4, AB=AC=a.
Canh bén S4 vuéng géc véi ddy (ABC). Goi I 1a trung didm cta BC, ISI tao véi

day (4BC) mét géc 60°. Goi S, V Tan luot Ia dién tich mat cau va thé ti«IFh khéi cau

ngoai tiép hinh chép S.4BC . Ti s % bing ? |

A. a1d B. “‘1/;_4. C. 3"—;/1——4. D. “f. ‘

Cau 27. Cho hinh chép S.4BCD <6 day ABCD i hinh thoi canh «, goc F}@b =120°.
Canh bén 54 = a3 va vudng géc véi ddy (4BCD). ‘
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Ban kinh mét cdu ngoai ti€p kh&i chép S.4CD nhan gi tri:
A. a\/l_3' B. E. C. axfﬁ. D. a\/ﬁ.
23 3 3 33
Céu 28. Chg hinh chép S.4BC cé ddy ABC la tam gidc vudng tai C va BC=a. Mit
pha"ing (.SAB) vudng géc véi ddy, SA=SB=a, A4SB =120°. Ban kinh mit ciu ngoai
ti€p hinh|chdp S.4BC la:
a a
A —. B. —. C. a . 2a.
2 > a D. 2a »
Ciu 29. Cho ling tru déng ABC.A'B'C' b ddy ABC la tam gidc vudng tai B,
AC=av/3, géc 4CB bing 30°. Géc gitta duong thing 4B’ va mit phing (4BC)
béing 60° | Ban kinh mat cau ngoai ti€p tir dién 4'4BC bing:
A2z B. V2L c &2 p. 221
4 4 2 8
Cau 30. Cho lang tru dimg ABC.4'B'C' 6 day 1a tam gidc déu canh a. Mit phing
(4B'C') tao v6i mit ddy géc 60° va didm G la trong tam tam gidc 4BC . Béan kinh
miit cau ngoai ti€p khéi chép G.4'B'C" bing:
B B. 2 c p. 21,
108 2 4 36
O Bai 02
MAT TRU - HINH TRU - KHOI TRU
L MAT TRU|TRON XOAY
Cho hai dudng thing £ va A sao cho ¢ song song véi A va d [£,4]= R . Khi ta quay
£ quanh truc A mét géc 360° thi ¢ tao thanh mét mit tru tron xoay (T) (hodc don gian

hon la mét try).
® A goi Iﬁl truc cia mit tru (7T) .

o/ goila

®R goila

II. HINH TRILY VA KHOI TRU TRON XOAY

1. Pinh nghi

K)én kinh ctia méit tru
|

¢

o~

-

et

udng sinh ctia mit tru (7).
(7).

| .-

L

S~

 hinh tru

Cét mit rr{? (T) truc A, bén kinh R béi hai mt phing (P) va (P') ciing vuéng géc

vdi A, ta dw

oPhin cia

va (C') goila

c giao tuy&n 13 hai dudng tron (C) va (C).
mit tru (T') ndm giita (P) va (P} cling véi hai hinh tron xéc dinh béi (€)
hinh tru.
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e Hai duong tron (C) va (C') goi 1a hai duong tron ddy ctia hinh try .
¢ 00’ goi la truc ctia hinh tru.
» D9 dai 00" goi 1a chidu cao ctia hinh tru. P
e Phén gitta hai day goi 1a mit xung quanh
cuaa hinh tru.
* V6i mdi diém M €(C), c6 mdt diém M'¢ (C") sao cho
MM'||00". Céc doan thing nhu MM' goi la duong sinh
cua hinh tru.

N,
N,

L

[
\

. (2)
2. Nhén xét
Cac dudmg sinh ctia hinh tru déu béng nhau va béng véi truc ciia hinh tru
Céc thiét dién qua truc cua hinh tru 12 cac hinh chix nhat bi’mg nhau.

C

Thiét dién vudng goc voi truc clia hinh tru 13 mét hinh tron béng hinh tron day.
Néu mét diém M di ddng trong khéng gian c6 hinh chidu vudng goc M’ 1&n mét
mit phing () va M’ di d6ng trén mét dudng tron (C) o8 dinh thi M thudc mdt mit

tru ¢ dinh (T') chia (C) va cé truc vudng géc (@).
3. Khoi tru

Dinh nghia. Hinh tru cing véi phan bén trong né duoc goi 1a khéi tru.
IIL. DIEN TICH HINH TRU VA THE TICH KHOI TRU

Dién tich xung quanh ciza hinh tru ¢é ban kinh R va chidu cao # 1a: S,

=|2xRhA.

Dién tich toan phan ctia hinh tru br?mg tdng dién tich xung quanh hinh tru véi dién

tich hai day cia né.

Theé tich cia kh&i tru 6 ban kinh R va chidu cao & 1a: ¥V = nR*A. |
CAU HOI TRAC NGHIEM

(D) Tap hop cac dudng thing d thay d6i nhung ludn luén song song va
thing A c8 dinh mot khoang khéng d6i 1a mét mit tru.

(I) Hai diém 4, B 8 dinh. T4p hop cic diém M trong khéng gian ma d
gidc MAB khdng d5i 1a mdt mit tru.

Trong cac ménh d@ trén, ménh dé nio ding?

A. Chi (D). B. Chi (II).

C.Ca(hva . D. Khéng c6 ménh d& dung.
Cau 32. Mt phéng di qua truc hinh try, cit hinh tru theo thiét dién 1a hinh

bang z . Thé tich khdi tru bing:

Cau 31. Xét cdc ménh dé

3
A. wd. B. E—. C. Wi. D. za—.
2 3 4
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Cau 33. Cho mét hinh tru ¢6 ban kinh ddy bing R v ¢ chigu cao bing R+3. Dién tich
xung quTnh va dién tich toan phin ctia hinh Iin luot ¢4 gia tri 1a:

A 2(\/5‘-%1)7?12 va 243%R?. B. 2437R? va 2(J_+1)wR3.

C. 237R* va 27R’. D. 237R* va 237R? + R?.

Cau 34. M3t phing di qua truc hinh try, cit hinh try theo thiét dién la hinh vuéng canh c6
canh ba 2R . Dién tich toan phan ctia khéi tru bang:
A. 47R .1 B. 67R’. C. 87R%. D. 27R%.

Ciu 35. M@ﬂ hinh tru ¢6 ban kinh ddy R = 70cm , chigu cao hinh tru /2= 20cm . Mot hinh
vudng co cac dinh nfm trén hai dudng tron déy sao cho c6 it nhdt mét canh khéng

song song va khdéng vuéng gbc véi truc hinh tru. Khi dé canh ciia hinh vudng bing
bao nhiédu?
A. 80cm. B. 100cm. C. 100+2cm. D. 140cm.

Cau 36. Ban| kinh d4y hinh tru bing 4cm, chiu cao béng 6cm . D6 dai duong chéo cua
thiét dién qua truc bing:

A. 10cm. B. 6cm. C. 5cm. D. 8cm.

Cau 37. Cho mét hinh try ¢6 ban kinh déy bdng R va c6 chiéu cao bing R+/3. Hai di&m
4, B Tan|luot ndm trén hai duong tron day sao cho goc gilta AB va truc cla hinh tru
bang 30°| Khoang cach giita 4B va truc ctia hinh tru béng:

A R B. R\3. C. RT‘E. D. RT‘/E.

Cau 38. Cho hinh tru ¢6 ddy 12 hai dudng trén tim O va O', ban kinh bing chidu cao va
bing a. Trén dudng tron tdm O 1y diém A4, trén dudng tron tam O' 13y diém B
sao cho 4B =2a . Th&tich ctia khéi tir dién O0' 4B béng:

V32 V32 V32 32
A. . B, —. C. . D. .
12 6 4 2
Cau 39. Cho hinh tru ¢6 hai ddy la hai hinh tron (O) va (0'), thiét dién qua truc ctia hinh

tru 12 hinh vuéng. Goi 4, B 13 hai diém [an lwot nim trén hai dudng tron {0) va

8 N 3 .
(0'). Biét| AB = 2a vakhoang cach giira hai dudng thing AB va 00’ bing E—\z/-: . Ban

kinh day béng:
a14 aV14 N7 aV14
A= B.—— C. = D. =~

Ciu 40. (DE MINH HQA QUOC GIA NAM 2017) Trong khéng gian, cho hinh chi¥ nhat 4BCD
€6 AB=1va AD=2.Goi M, N [an luot 1a trung diém ctia 4D va BC . Quay hinh
chix nhéat [dé xung quanh truc MN, ta dugc mét hinh tru. Dién tich toan phan cta
hinh tru b%ng:

A2n. B. 3r. C.4r. D.8x.
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Cau 41. M6t tfim nhom hinh chit nhét ¢6 hai kich thudc 13 a va 2a (2 13 45 dai c6 sin).
Nguwoi ta cudn tdm nhdém dé thanh mét hinh tru. Néu hinh tru dugc tao thanh ¢6 chu
vi ddy biing 2a thi thé tich cia né béng:

3

AL B. wd’. cZ, D.2nd.
T 27

Céiu 42, M6t tdm nhém hinh chit nhét ¢6 hai kich thwdc 1a ¢ va 2a (@ 1a d6 dai 6 sin).
Ngudi ta cudn tdim nhém dé thanh mét hinh tru. N&u hinh tru duge tap thanh ¢6
chiéu dai dwong sinh béng 2a thi ban kinh d4y bang:

3

AL B. 2. cZ.

T S 2 2 |

Cu 43. (DE MINH HQA QUOC GIA NAM 2017) Tiz mét t&m ton hinh chig nhét kich
thudc 50cm>x240cm , nguoi ta lam cac thing dung nudc hinh tru ¢é chié
50cm, theo hai cach sau (xem hinh minh hoa sau day):

I

o Céch 1: GO tdm ton ban dau thanh mét xung quanh ctia thiing.

o Céch 2. Cit t&m ton ban du thanh hai t&m tén bing nhau, roi gd méi t&m d6 thanh
mét xung quanh ctia mét thung.

D.27a.

cao bing

Ki higu V] la thé tich ctia thiing go dwgc theo cich 1 va ¥, la th tich ctia thing go 3

duoc theo cach 2. Khi d6 ti s8 L[:L béng:

2 |
1 |
A B. 1. c.2. D.4.

Céu 44. Mot hop sira hinh try c6 th€ tich ¥ (khéng d8i) dwoc lam tir mét tdm 6n c6 dién
tich di1 16n. N&u hop sita chi kin mét ddy thi ¢€ t8n it vat lidu nhat, hé thuc gitta ban
kinh ddy R va dudng cao 4 bing: ‘
Ah=R. B. h=+2R. C.h=+3R. D.h=2R.| -

Cau 45. Cho hinh tru ¢6 hai d4y la hai hinh tron (O) va (0'), chiéu cao 2R va ban kinh
day R.Mot mit phing (a) di qua trung diém ctia 00" v toa véi 00' m
Hoi (o) cit dudng tron ddy theo mdt ddy cung c6 d6 dai bing bao nhiéu?

2R, . 28 c 2RV2 p.2k.

3 33 V3 3

5t goc 30°.

A
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O Bai 03
. MAT NON - HINH NON - KHOI NON
L. DINH NGHIA MAT NON
Cho dudng thing A . Xét mot dudng thing d cit A
tai O tao thé.r*.h motgoc & véi O<a< er— . M&t tron xoay
sinh bdi dudng thing ¢ nhu thé khi quay quanh A goi
la mét nén tron xoay (hay don gian hon 1a mit nén).

® d goi la duong sinh ctia mit nén.

® A goi la truc cia mit nén.
®0 goila %!inh ctiia mét noén.
® Géc 20 goi la goc & dinh ctia it nén.
- IL HINH NON VA KHOI NON
1. Hinh nén
Cho mét nén N vdi truc A, dinh O, goc &
dinh 2¢ . Goi|(P) 1a mit phing vudng goc véi A
tai diém I
theo mét dudng tron (C) c6 tam 1. Lai goi (P’) la
’mﬁt phéng vuéng géc véi A tai 0.
- ® Phan cla mit nén N giéi han boéi hai mit
phing (P) va (P') cling véi hinh tron xac dinh
bai {C) duoc goi Ia hinh non. (P)
00 goila jimh ctia hinh nén.
® Dudng tron (C) goi 12 dudng tron ddy cua hinh nén.

4c O.Mit phang (P) cit m4t nén

e Véi méi di€m M nim trén duong tron (C), doan thing OM goi 1a dudng sinh clia
hinh nén. |

e Doan thing OI goi 14 truc clia hinh nén, &6 dai Of goi la chiéu cao ctia hinh nén
(d6 chinh la khoang céch tir dinh O dén miit day.)
2. Khéinén

M&at hinh Lin chia khéng gian thanh hai phan: phén bén trong va phan bén ngoai ciia
nd. Hinh nén cung véi phan bén trong clia nd goi 1a khdi nén. '
IIL KHAI NIEM VE DIEN TICH HINH NON VA THE TICH KHOI NON

M6t hinh

® Py ctia hinh chép 1a da gidce ndi ti€p ddy cia hinh non.

 Binh cta hinh chép 1a dinh ctia hinh nén.
1. Dinh nghia

Dién tich xung quanh ctia hinh nén la gidi han caa dién tich xung quanh cta mét hinh
chép déu ndi tigp hinh nén d6 khi s5 canh day ting lén v6 han,

|

Sp goi 1a ndi tidp mdt hinh non néu:

\
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Thé tich ctia kh&i nén 1a giéi han cia thé tich ctia khdi chép déu ndi tigp khéi nén dé -
khi s8 canh ting 1én v6 han.
2.Pinhlil

Dién tich xung quanh ctia hinh nén ¢é ban kinh ddy R va duong sinh £ 1a

S, =7RE.
3.Pinhli2
Thé tich ctia khéi nén ¢6 bén kinh ddy R vachiducao 4 1a

|
V=l7rR2h. |
3 i

CAU HOI TRAC NGHIEM

Cau 46. Hinh nén ¢ duong sinh £ =22 va hop véi ddy géc o = 60°. Dién tich toan phiin
cta hinh nén béng:
A. 4nd’, B. 3nd’. C. 2nd’. D. nd’.
Cau 47. Cho hinh nén dinh § c6 ban kinh ddy R=a+2, gdc 6 dinh béng 60° . Dién tich
xung quanh c@ia hinh nén bing: ‘
A. 4nd’. B. 3na’. C. 2nd. D. md’.
Cau 48. (PE MINH HOA QUOC GIA NAM 2017) Trong khéng gian, cho tam giac 4ABC
vudng tai 4, AB=a va AC= a3 D§ dai duong sinh £ cta hinh nén nhan dwoc
khi quay tam gidc 4BC xung quanh truc 4B béng: ’
A f=a B. (=av2. C. t=a3. D. (=24
Céu 49. Thiét dién qua truc hinh nén 12 mét tam gidc vudng cn c6 canh géc| vudng bing’
a. Dién tich toan phan va thé tich hinh nén c6 gia tri Tan lwot 1a:

A (1+‘/E)7m2 va \2ra® V2ra 2na

B. —— va

2 12 2 4

(1+\/5)71'a2 . 2nd V2ra® | 2nd

C. va . D. va ———.
2 4 2 12

Cau 50. Canh bén ctia mét hinh nén béng 2a . Thiét dién qua truc cia né 1a mot tam giac
cén c6 goc & dinh bé’mg 120°. Dién tich toan phén ctia hinh nén la: .

A.w? (3+\/§). B. 27na’ (3+'\/§). C. 6md*. D.#d? (3 —}LZ\B)-.

Cau 51. Cho mit cau tdm O, ban kinh R = a. Mdt hinh nén ¢6 dinh 13 S & frén mit ciu
va ddy 1a duong tron tuong giao ctia mét cu d6 véi mit phéng vudng géc véi dudmg

thing SO tai H sao cho SH =-32£. D§ dai duong sinh £ cia hinh nén béng:

At=a B. £=aV2. C. t=ay3. D. £ =24
Céu 52. Cho hinh nén dinh § ¢6 déy 1a hinh tron tdm O, ban kinh R. Dyng hai duong .
sinh S4 va SB, biét AB chin trén duong tron ddy mét cung c6 s§ do bing 60°,

Khoang cach tir tim O dén miit phing (S4B) bing g.
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Duong cao k clia hinh nén bing:
A k= ;/_g B.h:-@zﬁ. C h=a3. D. h=a2.

Cau 53. Cho hinh nén dinh § ¢ day 13 hinh tron tim O. Dung hai duong sinh S4 va
SB, biét tam gidc SAB vudng va c6 dién tich béng 44*. Géc tao boi gitta truc SO va
mit phing (SAB) bing 30°. Dudng cao % ciia hinh nén béng:

o ]

A k=22 B. k=", C. h=af3. D. h=aV3.
Ciu 54. Cho j‘unh nén dinh §, dudng cao SO . Goi 4, B 13 hai diém thudc duong tron day cia
. N A~
hinh nén sao cho khoang cach tir O dén 4B bang @ va SAO =30°, SAB=60°. D dai
dudng sinh £ ctia hinh nén bang:
A t=a| B. £=a2. C. t=a\3. D. {=2a.
Cau 55. M6t hinh nén ¢6 ban kinh ddy R, géc & dinh 1a 60° . Mot thiét dién qua dinh nén
chin trén ddy mét cung c6 s8 do 90°. Dién tich ctia thiét dién la:
2 2 2 2
A B B B3 c &, p. BN6
2 2 2 2
Cau 56. Cho hinh chép tam gidc déu S.4BC c6 canh day bang 22, khoang cach tir tim

O ctia dudng tron ngoai tiép ciia ddy 4BC dén mot mit bén la % . Thé tich ctia khéi
nén ngoai tiép hinh chép S.4BC bing:
3 3 3 3
4dma | B. 4dra ) C. 47ma . D. 2ma
3 | 9 27 3
Cau 57. Cho ‘hinh nén ¢ dinh §, dudng cao SO =4, dudng sinh 4. Nbi ti€p hinh nén
la mét hinh chép dinh §, day 1a hinh vuéng 4BCD canh a . Nita goc ¢ dinh ciia hinh
nén ¢6 tan bing:

A.

NS ! B, &2 c &2 p. 12

2a 2h h a
Cau 58. Cho ‘unh tru ¢6 hai ddy la hai hinh tron {0) va (0'), chigu cao R+/3 va ban kinh
day R. t hinh nén ¢6 dinh 1a 0' va day la hinh tron (O;R). Ty s6 dién tich xung
quanh cﬁa hinh tru va hinh nén bing:
A2, | B. 2. C. 3. D.3.
Cau 59. M6t nén c6 dudng cao bing 9cm néi ti€p trong mét hinh cau ban kinh bing 5cn.
Ti s6 gitra thé tich khéi nén va khéi cau la:

27 B. 3L 27 p. 3L
500 500 125 125
Céu 60. Cho hinh nén ¢6 ban kinh day 1a 52, d6 dai duong sinh 14 132. Thé tich khdi cau
ndi ti€p hinh nén béng:
5 3 3 3
A 400072 B. 40007a ) C. 407a ‘ D. 4007a
81 27 9 27

179


http://www.facebook.com/groups/TaiLieuOnThiDaiHoc01
http://www.facebook.com/groups/TaiLieuOnThiDaiHoc01

TONG HOP KIEN THUC
O Bai 01

HE TOA PO TRONG KHONG GIAN

1. Toa dd cta vecto
a) Pinh nghia: %= (x;y2)e u=xi+ y}+z; voi ;, }:, % la cic vecto don vi) tuong g
trén cac truc Ox, Oy, Oz.

b) Tinh chét: Cho hai vecto z = (a,;0,3a,), b= (b;;b, 1b;) va k 1488 thyc fly v, ta c6:

-~ - z
ca+b=(a +b;a,+ba,+5b).
©a~b=(a,—b;a,—bya, —b,). k(0;0;1)
- 7,
* ka=(ka;ka,;kay). ,,’ _-;:()'1'0)
L. |a=h " T /io y
*a=b & {a,=b
=5 !
“=5 x /H(1:0,0)
a, = kb, :
oa cung phuong b (5:5)@ a, = kb, eiB.5 b,b,, b, =0.
a _kb bl bZ b3
3 3

sab=a.b +a,b +a.b,.

ealb & ab=0 & a.b +ab, +a,b,=0.

°q =a’ +d +a.,suyra Ial:\/a = a +a; +d} .

e =7\ _ ab _ ab, +a,b, +a,b, )
AT iy b

2. Toa d6 ctia diém !
a) Pinh nghia: M(x; y; z) = O0M =(x;y;z) (x :hoanh 46, y tung dd, z cao ‘f).
Chit §: Trong hé toa dd Oxyz, cho diém M (x; y;2) ta cd cic khéng dinh saut
o M =0 < M(0,0;0).
* Me(Owy) e 2=0, ticla M(x;y;0).
o Mc(Opz) & x= 0., tixcla M(0;;2).
o Me(Oxz)e y=0, tircla M(x;0;z).
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e MeOx & y=2=0, tircla M(x;0;0).
e McO)w x=2=0,trcla M(0;20).
e McOlox=y=0,ticl M(0;0;2).
b) Tinh chit: Cho bdn diém khéng ddng phing
A3 70524)s B(25395325), Clociveize) va D(xp39532,).

QA_B’=(3‘:B—xA;y5—yA;zB——zA).

'AB=| §|=J(x5_x4)z +(y,—y,4)2 +(ZB_ZA)2 :

2 ! ’

¢ Toa d6|trung diém I cla doan th:fmg AB lar ( 3

* Toa do|trong tdm G chia tam giac ABC la

G H ?
3 3 3

* Toa détrong tdm G clia tiz dién 4BCD 13

Xyt xpt X Y+ VstV .2, +za+zc’]

G

Xyt Xt XXy Yyt Vst Yty 222 +ZD]
4 4 ' 4 ’

3. Tich ¢6 hwdng ctia hai vecto

a) Dinh nghia: Trong khong gian Oxyz, cho hai vecto a = (g,;4,;4,), b=(b;b,;b,). Tich c6

hudng ctia hai vecto @ va & 13 mét vecto, ki hiéu 1 [Z,Z} v duoc xéc dinh nhu sau:

pz=[
b) Tinh chit

* 2 ciing phuong véi & @[Z,; =0,

2 4
b, b

2 4
b b

4 4
b, b,

H

3

]= (a6, —asb,;a,5, —aby;a,b, ’asz> -

®la,b| vubng gbc vdi ca hal vecto 2 va b.

e[5a]=-[a5)-

« 23] =[e| jsn(25)-
|

o) Ung dun. ;
* Xét sy ddng phéng ctia ba vecto:

+)Ba vécto z; B; ¢ d‘c‘mg.phéng & [Z,Z}.Z: 0.
+)Béndidm 4, B, C, D tao thanh ti dién < [E, ZE].A—D =0.
* Dién tiJ‘h hinh binh hanh: S, ,,c, = | 4B, 4D) .
|
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* Tinh dién tich tam gidc: S, 5 = %‘[E,A_C‘]l .
« Tinh the tich Rinh hop: ¥ e rpep = l[ZE,Z?}.EI .
« Tinh th& tich t&t dién: V0 = %"E, ac) D).
4. Phwong trinh mit ciu
® Mit cdu tim I(a;6;c), bankinh R c6 phuong trinh
($):(x=a) +(y—b) +(z—c) = R*.
® Xét phuong trinh x° +y* + 2% +2ax +2by +2cz +d = 0. (*)
Tacs (*) = (:cz +2ax)+(y2 +2by)+(z2 +2cz) =—d
& (x+a) +(y+8) +(z+¢) = —'d'-!-a2 +82 + ¢
Bé phucng trinh (*) 12 phuong trinh mit Gu & & +4° +¢* >d . Khi d6 (
' tam I (—a;—b;—c)
. [bén kichR=vJa* +6° 4+ -d
e Dicbiét: (S): #° +y° +2° =R*,suyra (S) 6 [::::u(&%o)
S
Van dé 1. TQA PO CUA VECTO
=0
C&u 1. Trong khéng gian v3i hé toa 48 Oxyz, cho ba vecto
a=2i+3j—5k, b=—-3j+4k, c=-i-2}.
Khéng dinh nao sau day dang?
A a= (2;3;-5), b= (—3;4;0), c= (-1;—-2;0).
B. a=(2;3-5), b=(-3:4;0), ¢=(0;—2;0).
C.a=(23;-5), b=(0;—-34), ¢ =(-1;-2;0).
D. a=(23%-5), b=(5-3;4), ¢ =(~};-21).
Ciu 2. Trong khéng gian véi k& toa d& Oxyz, cho hai vecto a2 = (0;1,3) va A
N&u 2x +3a2 =45 thi toa dd clia vecto x 1a:
9 5]

A. ;=[—4;—;—- .
2 2

B. ;=[4;—2;§ .
22

e
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C. ;=[4;

Cau 3. Trong

Goi = lav

A.(2;31).
Cau 4. Trong

Trong cac

A fil= JE
|

Cau 5. Trong

Trong céc J(

A agc=1.

Cau 6. Trong

r=(21,-3
A c=3p-

Cau 7. Trong

c=(4-13

A x=22+

Cau 8. Trong

c= (—4;3;5

A m=2%n

95

_)'

2._2]
’ 2’2

2’ 2
khéng gian véi hé toa do Oxyz , cho ba vecto

a=(2-13), b=(-3;2) va c=(3;2;-4).

D. §=[—4;—

-

x.a=-5
recto thda man: {xb=—11. Toa d6 ctia vecto » Ia:
xe=20
B. (2;3;~2). C. (3;2;-2).
khéng gian véi hé toa d6 Oxyz, cho ba vecto
a= {-110), b= (13;0) va c= (LL1).
khéng dinh sau, khing dinh nao sai?
B. [d=+5.
;khémg gian v6i hé toa d6 Oxyz, cho ba vecto
;=(—1;1;O), Z:(I;I;O) va ;=(1;1;1).
héng dinh sau, khéing dinh nao dang?

D. (1;3;2).

C.alb cLlb

- s - 2 - - -
B. g, 5 ciing phuong. C. cos(b,c)—-\/?. D.a+b+¢=0.
<hdng gian v6i hé toa d6 Oxyz, cho cac vecto ; =(3,-2,1),
) va ¢=(11,-6,5). Khing dinh ndo sau day 13 diing ?

29+7.B. c=2p-3g+7. C.c=2p+37+7. D.c=3p-2¢9-2r.

khéng gian véi hé toa d6 Oxyz, cho cdc vecto ;=(2;3;1), Z:(—I;S;Z),
) va x= (=3,22,5). Déng thitc nao ding trong céc déng thirc sau?

35—C.B. x=-22+3b+¢. C.3=2s-3b+2. D.2=23-35—7

khong gian véi hé toa d6 Oxyz, cho ba vecto ;=(1;0;-2), 5:(—2;1;3),

) . Tim hai s8 thuc 7, 7 sao cho ma+nb=¢ ta duoc:

=-3. B.m=-2,n=-3. C.m=2n=3. D.m=-2;, n=3.

Cau 9. Trong khéng gian véi hé toa d6 Oxyz , cho hai vecto 2 = (Zm+1,-1) va b= (1,-3;2).

Véinhiing
A —4.
Cau 10. Trong

3i4 tri nguyén ndo cia m thi ’5(22 - Z)} =47
B. 4. C. -2.
khdng gian véi hé toa db Oxyz , cho hai vecto

u=(m-2Zm+1) va v =(Om—2;1).
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T4t ca gid tri ctia m c6 thé c6 d& hai vecto x va v cung phuong la: ‘
Am=-1. B. m=0. C.m=1 D. m=2,

Cau 11. Trong khéng gian véi hé toa d6 Oxyz, d€ hai vecto ;=(m;2;3) v

cling phurong, ta phai ¢6:

3

m= m=5
C. .

2

n= n=—

=-]
W oW

|
==
3 3

Cau 12. Trong khong gian vSi hé toa d6 Oxyz, cho hai vecto Zz’:!;( 2;1;-2) va
= (0;—2;+/2) . T4t ca gié tri ciia m d& hai vecto &= 24 +3mb va 7 =hd—b vuéng.

goc la:

A =26 ++2 +26 +2 2642 V2
i —=. :

B. . C.——=. D. +—
6 6 6

Cau 13. Trong khéng gian véi hé toa dé Oxyz, cho vecto # = (1;,-2) va y= (1;0;m) . Tim

tat ca cc gid tri clia m d& gc gitra hai vecto # va v ¢6 s8 do bing 45°:
Mbét hoc sinh giai nhw sau:

1-2m .
J6m® +1 . : 1
Budc 2: Géc giita hai vecto u v v ¢6 s6do béng 45° nén suy ra ‘

J_I\/ﬂ_ J_@l ~2m=\BAm? +1. (¥

Buoc 1: cos(;,;) =

3 b= (L rz;2)"‘

mg'

Budc 3: Phurong trinh (*) & (1-2m)' =2(m* +1) & m* —4m—2=0= " .
m=2+ «/g

Bai giai trén dung hay sai? N&u sai thi sai & budc nao?

A.Ding B. Sai ¢ budc 1 C. Sai ¢ buoc 2 D. Sai ¢ budc 3

Cu 14. Trong khong gian voi he toa dd Osyz, cho hai vecto a va § théa man [4
va (a,5)=30". D6 dai ciia vecto 32—25 bing:
A -54. B. 54. C.o. D. 6.

C : 15. Trong khéng gian véi hé toa 46 Oxyz, cho vecto = (2:-1;2) va vecto don vi v

20a man ‘u - vl =4. D) dai ctia vecto « +v bing:

4. B. 3. C. 2. D. 1.

C . 16. Trong khéng gian véi hé toa d6 Oxyz, cho hai vecto a va r? théa man

_! =2, '5, =5 va (Z, Z) =30°. D6 dai ctia vecto [Z,Z] béng: ‘

\
.. 10. B.5. C.3. D. 5V3. |

18«

2| = 2\[3_, IZI=3
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Cau 17. Trong khéng gian véi hé toa d6 Oxyz , cho hai vecto 2 va b thoa man ]Zl =243, IZI =3
va (2,5)=30°. D§ dai cuia vecto [52,~28| bing:
A. 3.3, B. 9. C. 3043. D. 9.

Cau 18. Trpng khong gian véi hé toa d6 Oxyz, cho hai vecto z va » théa man |;l =2

|;| =1va (;,37 =60°. Géc gitra hai vecto v va u—» bing:
A. 30° B. 45°. C. 60° D. 90°.
=
Vin d& 2. TOA PO CUA PIEM
SRS
Cau 19. Trong khéng gian vdi hé toa d6 Oxyz, cho bdn didm A(2;0,0), B(0;2;0), C(6;0;2)
va D(2;2;2).Goi M, N Ian luot 1a trung diém ctia AB va CD. Toa d6 trung diém 7
cuia MN la:
A. I(%;‘%;IJ. B. I(1,1;0). C. I(1-52). D. I(LL1).
Ciu 20. Tr$ng khéng gian véi hé toa d6 Oxyz, cho hai vecto 2 = (11-2), 13:(—3;0;—1)
vadiém| 4(0;2;1). Toa d6'dim M théaman AM =2a-b la:
A M(-5L2).  B. M(3;-21). C. M(L;4;-2). D. M(5;4;-2).
Cau 21. Trong khéng gian véi hé toa 46 Oxyz, hinh chidu cia dié’rﬁ M (l;—3;—5), trén
mit phing (Oxy) c6 toa db la:
A.(-335). B.(1;~3;0). C.(L-31). D.(-32).
Céu 22. Trong khéng gian véi hé toa d6 Oxyz, cho diém M(-3;2;—-1). Toa d6 diém M’

déi xtmg v6i M qua mit phing (Oxy) la:
AM'(-321).  B.M'(321). C.M'(3;2-1). D. M'(3;-2-1).

Cau 23. Tro\ g khéng gian voi hé toa d§ Oxyz, cho di€m M (2016;—1;-2017). Hinh chiéu
vudng goc ctia diém M trén truc Oz 6 toa do:
A.(0;0;0) B.(2016;0;0) C.(0;—10) D.(0;0-2017)

Ciu 24. Trjng khéng gian véi hé toa d6 Oxyz, cho di€ém A(-3;2;—1). Toa dd diém A’
d&i ximg véi 4 qua truc Oy la:
A.A'(—Ii;z;l) B.A4'(3;2~1) C.4'(321) D. 4'(3-2;,-1)

Céu 25. Trobg khéng gian véi hé toa d6 Oxyz, cho di€m A(1;2;3). Khoang cich tir 4 dén
truc Oy

ing:

A. 10. 1 B. +/10. C.2. D. 3.
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Céu 26. Trong khéng gian véi hé toa d6 Oxyz, cho diém M (3;—1;2). Trong ca
sau, phat biéu nao sai?
A. Toa d6 hinh chiéu cia M trén mit phang (xOy) 1a M'(3;,—10).
B. Toa d9 hinh chi€u clia M trén truc Oz 1a M'(0;0;2).
C. Toa d6 d6i xtmg cia M qua gbctoadd O 1a M'(-3;1;-2).
D. Khoang cach tir M dén gbc toa dd O bing YT4.

> phat biéu

Cau 27. Trong khéng gian véi hé toa d6 Oxyz, cho diém M (2;—5;4). Trong ca¢ phat bidu

sau, phat bidu nao sai?
A.Toa d di€m M' d6ixing véi M qua mit phing (y0z) 1a M(2;5,-4).
B. Toa d6 di€m M' d&i xitng véi M qua truc Oy la M(-2;-5,—-4).
C. Khoang cach tir M d&n mit phing toa (x0z) bing 5.
D. Khoang cach tir M dén truc Oz bing /29.
Cdu 28. Trong khéng gian véi hé toa d§ Oxyz, cho diém M (1;—2;3). Trong cég
sau, phat biéu nao sai?
A. Toa d6 d6i xting cia O qua diém M 1a 0'(2;-4;6).
B. Toa d6 di€ém M d6iximg véi M qua truc Ox 1a M'(-1;-2;3).
C. Khdéng cach tir M d&n mit phiing toa (yOz) bing 1.
D. Khoang cach tir M dén truc Oy bﬁng J1o.

phat biéu

Cau 29, Trong khong gian véi hé toa d6 Oxyz , cho ba diém A(-3:4;2), B(~56;2), Ci—4,7,-1).
Tim toa ¢ didm D théa man AD = 24B +34C.

A.D(-16;17;-7) B.D(10;17;—7) C.D(10;~17;7) D.D(-10;-17;7)

Cau 30. Trong khéng gian véi hé toa d6 Oxyz, cho sdu diém A(5,2;3), B(2;—1L1),
C(3;3;-3), 4', B, C' théa man AA+BB+CC=0.N& G' Ia trong tdm tam gidc
A'B'C' thi G' ¢6 toa @0 la:

A. (2;3;—1] B.[Z;—i;l] C [2;3;1] D.[—Z;é;l
33 33 3'3 33

C8u 31. Trong khong gian véi hé toa dd Oxyz, cho bén diém M (2-3;5), N(47,~9),
P(3;2;1) va Q(1;—8;12). B4 ba diém nao sau day la thing hang? ‘
AM,N, P B.M,N, Q CMPQ D.N, P, Q

“du 32. Trong khéng gian voi hé toa dé Oxyz, cho ba diém A4(2;—13), B(—10;53) va

M(2m—1,2;n+2).D€ 4, B, M thing hang thi gia tri cha m, = la:
3 3

Am=Ln== Bom=-=,n=1 C.m=—1,ﬂ=—-31 D.m=g,n==2
2 2 2 3 2
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Cau 33. Trong khong gian véi hé toa 46 Oxyz, cho hai di€m A4(L,-3;5) va (3;-2;4).
Diém M |trén truc Ox cich déu hai difm A4, B <6 toa dd 1a:

A.M[%;O;OJ. B.M[——;-;O;O). C. M(3;0,0). D. M(-3;0;0).

'Cau 34. Trong khéng gian véi hé toa dd Oxyz, cho ba diém A(LL1), B(-LL0),
C(3;1;—1).Diém M trén mit phéng (Oxz) cach déuba dim 4, B, C ¢6 toa db li:
A.[O;E;ZJ. B.[Z;O;—i]. C.[E;O;—Z]‘ D.[E;O;—g].

6 6 6 6 6 6 5 7

Céu 35. Trong khéng gian véi hé toa dd Oxyz, cho tam gidc ABC biét (1;,0,-2),
B(2;1,-1), C(,~2;2). Tim toa db trong tAm G ctia tam gidc ABC.

A.G(4-15-1) B.G(i;——l—;—l] C.G[Z;:I-;—lJ D.G i,l,l]
33 3 2 2 333

Céau 36. Trong khéng gian véi hé toa d6 Oxyz, cho tam gidc ABC <6 A(0;0;1),

B'(—l;—Z; 0), €(2;1;-1). Khi d6 toa d6 chan dudng cao H hatlt 4 xudng BC la:

A, H(i;_f_;_i) B. H(é;l;l)
197 19 9

C. H(I;l;—g) D. H(l;i;lj

Céu 37. Trong khéng gian véi hé toa d6 Oxyz, cho tam gide 4BC 6 A(1;2;-1), B(2;-1,3),
C(—4;7;5) . Toa d6 chan dudng phén giéc trong géc B ctia tam gide ABC la:
A.[—Z;q;ll B{Z,H,l] C.[H;—Z;l] D.(-2;151)

33 333 3
Cau 38. Trorlg khéng gian véi hé toa d§ Oxyz, cho 4(2;—1;3), B(4;0;1), C(-10;53). Do

dai duong phén giac trong goc B ctiatam gidc ABC bf?mg:
2 2
A.2\3 B.2V5 C.-= D.-
5 Ng

Céu 39. Trong khong gian véi hé toa dé Oxyz , cho tam gidc 4BC o6 A4(0;,—4;0), B(-5;6;0),
C(3;2;0).Toa d6 chan dudng phan gidc ngoai géc 4 cua tam gide 4BC la:
A. (15~140) B. (15;4;0) C. (~15;4;0) D. (-15;—14;0)

Céu 40. Trong khdng gian vdi hé toa dé Osxyz, cho ba difm M(2;3;-1), N(-LL1),
P(1;m—1;2) . V&i nhitng gié tri ndo chia 7 thi tam gidc MNP vudng tai N ?
Am=3 | B.m=2 Cm=1 D.m=20

Ciu 41. Trong khéng gian véi hé toa d6 Oxyz, cho tam gidc 4BC ¢6 dinh C (-2;2;2) va
trong tdm| G(~11;2). Tim toa 4 céc dinh 4, B clia tam gidc 4BC, bidt 4 thudc mit
phéng (Oxy) vadim B thudce truc tung.
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A.A(-1,-1%0), B(0;0;4) B. 4(-1,1,0), B(0;0;4)
C. A(-10;1), B(0;0;4) ~ D. A(~4;4;0), B(0;0;1)
Cau 42. Trong khéng gian véi hé toa dd Oxyz , cho tam gidgc ABC o6 A(~4~-12),

B(3;5;—10).

Trung di€m canh 4C thuéc truc tung, trung diém canh BC thudc miit p'héng (0x2).

Toa d6 dinh C la:

A.C(4-5-2). B.C(45;2). C.C(4-52). D.C(4;5;~2).

Cau 43. Trong khéng gian véi hé toa 46 Oxyz , cho tam gidc ABC c6 A(2;,~1;6), B
C(5-10). Trong céc khéng dinh sau, khéng dinh nao ding?
tam giac ABC la
A, Tam giac can. B. Tam giac déu.
C. Tam giac vuéng. D.CaAvaC. |
Cau 4. Trong khéng gian vi hé toa dd Oxyz , chobadiém A(1;2;0), B(1;0;~1) val
Ménh dé nao sau day l1a diang? ‘
A.Badiém 4, B, C théng hang.
B.Badi€m 4, B, C tao thanh tam giac can.
C.Badiém 4, B, C tao thanh tam giac c6 mdt géc béng 60°.

D.Badiém 4, B, C tao thanh tam gidc vudng.

Cc(0;,-1;2).

Cau 45. Trong khong gian véi hé toa d6 Oxyz , cho cac diém A(2;0;1), B(0;2;0) ¥a C(1;0;2).

Ménh d& nao sau day ding?

A.Badiém 4, B, C thdng hang.

B.Badi€m 4, B, C tao thanh tam gidccin & 4.

C.Badiém A4, B, C tao thanh tam gidccAn & B.

D.Badiém 4, B, C tao thanh tam giac vudng.
Cau 46. Trong khéng gian v6i hé toa dd Oxyz, cho cac diém 4, B, C 6 toa d

6 théa man

OA=i+j+k, OB=5i+]—k, BC=2i+8j+3k.Toa dd diém D d& tic gidc ABCD

1a hinh binh hanh la;

A.D(3;1;5) B.D(1;2;3) C.D(~2;8;6) D.D(3;9;4)
Cau 47. Trong khéng gian véi hé toa d6 Oxyz , cho ba diém M (2,0,0), N(0;—3;0),

Néu MNPQ 1a hinh binh thanh thi toa dé cia diém Q 1a:

A.(-2;-3;4) B.(3;4;2) C.(234) D.(-2;-3;~-4)
Cau 48. Trong khong gian vdi hé toa d6 Oxyz , cho ba diém A(1,2;,-1), B(2;3;-2), C(6;0;1).

Trong céc diém sau day, diém nao 1a dinh thit tw ctia hinh binh hanh 6 ba dinh
M(4;3-2) ; N(-2;-10) ; P(21;-1)

A. Chi ¢6 diém M B. Chi ¢ diém N

C. Chicé diém P D.Cahaidifm M va N
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Céu 49. Trong khéng gian véi hé toa d6 Oxyz, cho hinh binh hanh O4BD ,c6 Od = (-1,10)
va OB =(L;1;0) véi O la géc toa dd. Khi d6 toa dé ctia D 1a:
A. (0;1,0) B. (2;0;0). C. (L0;1). D. (1;1,0).

Cau 50. Trong khéng gian véi hé toa d6 Oxyz , chobdn digm A4(1;0;-2), B(2;1;~ 1, C(,~2;2)
va D(4;5-7). Trong tdim G ctia tir dién ABCD c6 toa d6 la:
A.(-2;1;2) B.(8;2;—8) C.(8-1;2) D.(2;1;,-2)

Céu 51. Trong khdng gian vdi hé toa dd Oxyz , cho hinh hép ABCD.4A'B'C' D" .Biét 4 (2,4,0),
B(4;0;0), C(-1,4;,-7) va D'(6;8,10). Toa d6 diém B' la:
A.(10;8;6)‘. B.(6;12;0) C.(13;0;,17) D.(8;4;10)

| =

1 Vin dé 3. TICH CO HUONG CUA HAI VECTO

Cau 52. Trong khéng gian véi hé toa dd Oxyz, cho hai vecto  va § khic 0. Két luén

nao sau ddy sai?

A I[E ZH =“Z||Z[ sin(2,5) B. [4,3%] =3[2;3]
’ C. 23] 4 2[a,f] D. [22,28]= 2[a,3)

Cau 53. Tron‘ khéng gian vdi hé toa d6 Oxyz, cho hai vecto 2 va v khac 0. Phat biéu
nao sau day 1a sai?
A. [;,;l c6 d6 daila ‘;”;lcos(;,;) B. [;,;J = 0 khi hai vecto %, ;ctmg phuong
C. [;,;I vu “ng gbc véi hai vecto ;, v D. [;,;] 1a mét vecto

Cau 54. Tron | khéng gian véi hé toa dd Oxyz, cho ba vecto z, b va ¢ khac 0. Digu kién
can va da ji'e" ba vecto a, 5, ¢ dong phing la:
A35i=0 B [£5]3=0

C. Ba vectq d6i mét vudng géc véi nhau D. Ba vecto ¢6 d6 16n bing nhau
Céu 55. Tron; khéng gian véi hé toa 46 Oxyz, trong cic bd ba vecto a, 5, ¢ sau day, bd
nao thoéa ﬂh tinh chét [Z, Z]Z =0 (hay con goi la ba vecto g, 5, ¢ dbng phing).
A. a=(1;-i1;1), b=(01;2), 7=(42;3). B.3=(434),b=(%-12), =(1;21).
o a:(z;ﬂo), b=(L,-1;2),7=(2;2;-1). D. 3=(L~7;9), b = (3;—6;1), 7 =(2;1;-7).
Ciu 56. Tronl; khéng gian v6i hé toa dd Oxyz, cho bdn vecto a=(2,3,1), b=(5,7,0),
c= (3,-2,1‘1) va d =(4,12,-3).
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Ménh dé nao sau day sai?
Ad=a+b-¢ B.a,5, ¢ laba vecto khéng déng phéng.
C.[a+8/=[i +7] D.23+35=d-2¢

Céu 57. Trong khoéng gian véi hé toa d6 Oxyz , cho hai vecto @ va b khic 0. Goi = [;, Z]
Meénh d@ sau dy la déng? | '
A ¢ cling phuong véi z . B. ¢ cting phuong véi & .
C. ¢ vudng géc vi hai vecto 2 va b. D.CaA va B déu ding. 1
Céu 58. Trong khéng gian véi hé toa d6 Oxyz, cho ba vecto a =(1;2i-1), 5= (3,-1,0) va
¢=(1;-5;2). Khng dinh nio sau déy la ding? |

A. g cing phuong véi 5. B.2,b,¢ khéng ddng phéng. -
Ca,b,c dong phéng. D. a vuéng goc b. 1
Céu 59. Trong khéng gian véi hé toa d6 Oxyz, cho ba vecto &= (3 -1;-2 ),‘ =(L2;m)
va ¢ =(51;7). Glatrlcuamdec—[ab] la: i
A -1 B. 0 C.1 D. 2. 1
Cau 60. Trong khéng gian véi hé toa d6 Oxyz, cho ba vecto 7= (2-11), v= (m:3;-1) va
=(1;2;1). D& ba vecto da cho ddng phing khi m nhan gié tri ndo sau déL’?

A -8 B. 4 C. I D. -2
3 3

Chu 61. Trong khéng gian véi hé toa dd Oxyz, cho ba vecto 7 = (Lm;2), b = (m+1;2;1)
va & =(0;m~-2;2) . D&ba vecto di cho ddng phéng khi m nhan gid tri nao|sau day?

A.m=§ B.m=% Cm=-2. D.m=0.

Cau 62. Trong khéng gian véi hé toa dé Oxyz, cho ba vecto 2 = (-2,0,3), b= (0,4,—1) va
= (m -2, mZ,S) .Dé&ba vecto di cho dong phéng khi m nhén gia tri ndo sau day?
A. m=-2 hodc m=—4 B. m=2 hodc m=4
C.m=1holic m=6 D.m=2 hodc m=5

Cau 63. Trong khéng gian véi hé toa dé Oxyz, cho bén diém A(,-2;0),| B(3; 0;-1),
C(0;~1;2) va D(0;m; p). H thitc gitta m va p d€bén diém 4, B, C, D dong phing l:
A2m+p=0 B.m+p=1 Cm+2p=3 D.2m—-3p=0

Céu 64. Trong khéng gian véi hé toa d6 Oxyz , cho cic didm 4 (0;0;4), B(2;1;0), C(1;4; 0) va .
D(a;5;0} . Ditu kién can va dui cia q, b d8 hai dudng thi’mg AD va BC cung thudce
mot mit phéng la:
A3a+b=7. B.3a—~-56=0. C.4a+3b=2. D.a—2b=il.
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Cau 65. Troleg khéng gian véi hé toa d§ Oxyz , cho ba diém A(L;2;-1), B(5,0;3) va €(7,2, 2).
Toa d6 giao di€m M ctia truc Ox véi miit phing di qua diém 4, B, C 1a:
AM(-50:0).  B.M(50,0). C. M (2,0,0). D. M(~2,0,0).

Céu 66. Trong khéng gian v6i hé toa dd Oxyz , cho bén difm

| A(0:2-1), B(-3,L-1), C(43;0) va D(1;2;m).
Tim m c?@ bdn diém 4, B, C, D déng phéng. Mt hoc sinh giai nhu sau:
Budc 1.-11173 =(-3-11), 4C =(41L2), 4D = (1,0;m +2).

s -1 111 -3|-3 -1
Buéc 2: 4B, Ci= ; ; =(=310,1).
Su)ii'ra {E,E].E=3+m+2=m+5_

Bttéc.’:’:/.;!, B, C, D déng phing @[E,ZZ‘J.E:O@m+5=O@m=—S.
i

Pap dn: ;m =-35.
Bai giai tirén dung hay sai? Néu sai thi sai & buéc nao?
A. Dﬁngi B. Sai & Buoc 1. C. Sai & Budc 2. D. Sai & Bude 3.
Cau 67. Troipg khéng gian véi hé toa 46 Oxyz, cho tam gidc 4BC . Tap hop céc diém M
théa mér‘i [(m+M_B),E] =0 la:
A. Du’bnig théng qua C va song song véi canh 4B.
B. Buon ‘ théng qua trung diém I cia AB va song song véi canh AC .
C. Pudng thing qua trung diém I ctia 4B va vudng géc véi canh 4C .
D. Dubn% thing qua B va song song véi canh AC .
Cau 68. Trorﬁg khéng gian véi hé toa ¢ Oxyz, cho tam gidc 4BC 6 A(L;0;0), B(0;0;1),
Cc(2;11) ; Dién tich ctia tam gidc 4ABC bing:

Al 5. el p. YL
z 2 2 2

Ciu 69. Trori}g khéng gian v6i hé toa d6 Oxyz, cho tam gidc 4BC ¢6 A(1,0;,0), B(0;0;1),
C(2;1;1). D3 dai dudng cao ké tir 4 cira tam gidc ABC bing:

A.@ ‘ B.i? C.2\5 D.3J6

|
Céu 70. Trong khéng gian voi hé toa d Oxyz, cho hai diém C(4;0;0) va B(2;0;0). Tim
toa dé diém M thudce truc tung sao cho dién tich tam gidc MBC béng 3.
A.M(0;30), M(0;—2;0). B. 2(0;3,0), M(0;—3;0).

C. M(0;4,0), M(0;—3;0). D. M(0;3;0), M(0;—1;0).
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du 71: Trong khéng gian véi hé toa dé Oxyz , cho ba diém
A(L,2;-1), B(2;11), C(0;1,2).
Goi H(a;b;¢) 1a tree tam ctia tam giac ABC . Gia tri caa @+ b +¢ béng:
A4 B.5 C.7 D.é6
du 72. Trong khéng gian véi hé toa dé Oxyz , cho hinh binh hanh 4BCD . Biét 15;1(2;1;—3) ,
B(0;-2;5), C(L;1;3). Dién tich hinh binh hanh 4BCD 1a: |

A.2V87 B.\/349 C.87 D,____“3249

4u 73. Trong khong gia;n v6i hétoa 46 Oxyz, cho hinh binh hanh 4BCD véil A(L01),
B(2;1;2) va giao dim ctia hai dudong chéo la I [%;0;—2—} . Dién tich ctia hinh binh hanh
ABCD bing:
A5 B. /6 c.\2 D. V3 |

3u 74. Trong khéng gian véi hé toa dd Oxyz , cho i dién ABCD véi A4(1,0;0),  B(0;1;0),
C(0;0;1), D(=2;1;—1). Th& tich ctia tir dién ABCD bing:
Al B. 2 cl p.l

2 3

au 75. Trong khéng gian véi hé toa d6 Oxyz, cho tit dién 4BCD véi 1%1(2;1;—1),
B(3;0;1), C(2;~-1;3), di€m D thudc Oy va th& tich cia vt dién 4BCD birﬁg 5.Toa
@6 ctia dinh D 1a: 3
A.D(0;,-7,0) B. D(0;8;0)
C. D(0;—7;0) hoidc D(0;8;0). D. D(0;7;0) hosc D(0;—8;0).

‘3u 76. Trong khéng gian vdi hé toa d6 Oxyz, cho t& dién ABCD véi A(-#l;—2;4),
B(—4;—-2;0), €(3;-2;1) va D(LL;1). D6 dai dudng cao cia tir dién 4BCD lfé tir dinh
D bing:

A.3 B. 1 C.2 D.%

‘du 77. Trong khéng gian vSi hé toa d8 Oxyz, cho bdn diém A4(-2;2;0), 3B(2;4;O),
C(4;0;0) va D(0;—2;0). Ménh d& nio sau déy 13 déng? ‘
A.Bdn diém 4, B, C, D tao thanh tir dién.
B.Bén diém 4, B, C, D tao thanh hinh vudng.
C.Bdn diém 4, B, C, D tao thanh hinh chop déu.
D.Dién tich AABC bang dién tich ADBC . ‘ :
du 78. Trong khéng gian véi ‘hé toa d6 Owyz, cho bdn diém 4(1;0;0), ! B(0;1;0),
C(0;0;1) va D(L1;1). Trong cac ménh d&é sau, ménh dé nao sai?
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A.BOn di$m 4, B, C, D tao thanh mét ty dién.
B.Ba dié’np A, B, D tao thanh tam gic déu.

C. 4B L(D.

D.Ba dié’r;n B, C, D tao thanh tam gidc vudng.

Cau 79. Cho hinh hép ABCD.4'B'C'D'. Hay xac dinh ba vecto nao sau day déng
phang?

A AT BF.CC B. 78, 7D,
. 4D, 4 B.CC D. BB, AC, 5D
Cau 80. Trox%'\g khéng gian véi hé toa dd Oxyz, cho hinh hép ABCD.A'B'C'D' b
A(L1;—6), B(0;0;—2), C(-5;1;2) va D'(2;1;—1). Thétich ctia khéi hop di cho bing:
A.36 B. 38 C.40 D. 42
S
Vin d2 4. PHUONG TRINH MAT CAU
=2
Cau 81. (OE MINH HOA QUOC GIA NAM 2017) Trong khéng gian voi hé toa d6 Oxyz |
cho mit c‘;iu (S):(:c-l—l)2 -+—(y—2)z +(z~1)2 =9 . Tinh toa d6 tdm I va ban kinh R
cta (S).
% A. I(-1;2l1) va R=3 . B. I(,-2~1) vd R=3 .
C. I(-121)va R=9. D. I(L,-2-1) vda R=9 .
Cau 82. Trorilg khéng gian véi hé toa d6 Oxyz, cho mit cdu (S) c6 phuong trinh
2 +y +:}:z +2x~4y+6z—2=0.Tinh toa dd tdm I vabankinh R cta {S).
A.Tam I(-1;2;-3)vabankinh R=4. B.Tam I(L-2;3)vabankinh R=4.
C.Tam I(§—1;2;3) vabankinh R=4. D.Tam J(;—2;3)vabankinh R=16.
Céu 83. Trong|khéng gian véi hé toa dd Oxyz , mit cau ndo sau day c6 tim nim trén truc Oz ?
A (8): X+ +22 +2x—4y~2=0. B.(S5,): X+ +22 +62-2=0.
C. (S,): X +y +22 +2x+62=0. D.(8): xX*+y +22 +2x~4dy+62-2=0.
Cau 84. Trong khéng gian vai hé toa d6 Oxyz , mdt ciu nao sau ddy cd tim ndm trén mit
phéng toa d6 (Oxy)? '
A (S): ¥+ +22+2x—4y-2=0 B.(S,): ¥ + 5 +2* —4y+62-2=0
C. (S,): £ +y +28+2x-62-2=0 D.(S,): ¥+ +22+2x—4y+62z-2=0
Ciu 85. Trong khéng gian véi hé toa d6 Oxyz, mét cau tm 1(6,3,~4) tidp xtic véi Ox 6
ban kinh R bing:
A.R=6 B. R=5 C.R=4 D.R=3

193


http://www.facebook.com/groups/TaiLieuOnThiDaiHoc01
http://www.facebook.com/groups/TaiLieuOnThiDaiHoc01

Cau 86. Trong khong gian vdi hé toa d6 Oxyz, °
cho mit cau (S) c6 phuong trinh 2 +y* +2° —2x —4y~6z+5=0.
Trong cac s& dudi day, s& nao la dién tich ctia mit cau (S) ?
A 12#x B. 97 C. 36w D. 36
Cau 87: Trong cac phuong trinh sau, phwong trinh nao la phuong trinh cia mét cau:
A X +y" +22~10xy -8y +2z-1=0 B. 3x* +3y% +32° —2x -6y +4z-1=0
C.2x* +2y* +22° -2x-6y+42z+9=0 D. xz+(y—z)2—2x—4(y—z)—9i=0 -
Cau 88. Trong khong gian véi hé toa d6 Oxyz, gia six ton tai mat cdu (S) co ;?hucng trinh
2+ +2 —4x+8y—2az+6a=0. N&u (S) c6 dudng kinh bang 12 thi ¢ nhan
nhitng gia tri nao?
a=-2 a=2 a=-2

. B. C. D.
a=28 a=-8 a=4

a=2
a=~4
Cau 89. Trong khéng gian véi hé toa dé Oxyz , gia skt ton tai mit cau (S) cé phuwong trinh

% +y*+2° —4x+2y—2az+10a=0. V&i nhitng gia tri nio cta a thi (S) cb chu vi
dudng tron 16n béng 87 ? 1
A. {1-11} B. {1;10} C. {-111} D. {-10;2}

Céu 90. Trong khéng gian v&i hé toa d6 Owyz, cho mit ciu (S) 6 ﬂhuong trinh y
x*+y +2 —(2m—2)x+3my+(6m—2)z—7=0. Goi R la ban kinh ctia (S), gia tri

nhé nhat cia R bing:

A7 B. %7 C. V377 D. %

Céu 91. Trong khong gian vdi hé toa &6 Oxyz,
cho mit cdu () ¢6 phwong trinh #° +y* +2° —2x—4y—6z=0.
Mt phéng (Oxy) cit (S) theo giao tuyén la mét duong tron. Pudng tron giao tuyén
nay cé ban kinh r bang: ‘
Ar=45 B.r=2 C.r=6 D.r=4
Céu 92. Trong khdng gian v6i hé toa dd Oxyz , mit cau (S) c6tAm I(1;—2;0), bankinh R=5.
Phuong trinh ctia mit cau (S) la: ‘
A (8):(x+1) +(y—2) +2° =25. B. (S):(x+1) +(y-2) +2° =5.
C. (8):(x=1) +(y+2) +2* =25. D. (S):(x~1) +(y+2)° +2* =5.
Cau 93. Trong khéng gian véi hé toa 46 Oxyz, cho hai difm 4(2;4;1), B(~-2;2;-3).
Phuong trinh mét cau duong kinh 4B la:
A. xz+(y—3)2 +(z~—1)2=9 B. xz+(y+3)2 +(z-1) =

»

C. 2 +(y=3) +(z+1)° =3 D. #* +(y-3) +(z+1) =
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Cau 94. Tro?ng khéng gian véi hé toa d6 Oxyz, mat cau (S) c6 tm I(—1;4;2) va cé thé
tich ¥ =|9727 . Khi d6 phuong trinh ctia mét cau (S) la:

B. (x+1) +(y-4) +(z-2) =9

D. (x—1) +(y+4) +(z+2)" =81

m 1(21;—1), tiép xiic véi

A. (::-i-li)2 -l-(y—4)2 +(z—2)z =81
G (x=1) +(y+4) +(z-2) =9
Cau 95. Tro;ng khéng gian vdi hé toa d6 Oxyz , mit cdu (S) co ta
miit phing toa 46 (Oyz) . Phuong trinh cia mt cau (§) 1a:

A (x+2) +(y+1) +(z-1) =4 B. (x—2)' +(y—1)" +(z+1) =1

C(x=2 +(y-1) +(z+1Y =4 D. (x+2Y +(y-1) +(z+1) =2
Cau 96. Tro‘ng khéng gian v6i hé toa d6 Oxyz, mat cau (S) di qua 4(0,2,0), B(2;31),
€(0,3;1) va c6 thm & trén mit phing (Oxz) . Phuong trinh ctia mét cu () Ia:
B. x* +(y—3)2 +22=16

A 2? +(;y—6)z +(z—4Y =9
D.(x—1) +y*+(z-3) =14

C. 22 +(y-7) +(z-5) =26
Ciu 97. Trof‘ng khéng gian v&i hé toa d6 Oxyz , mét cau (S) ¢6 ban kinh bfing 2, tiép xtic
véi mit phing (Oyz) va cé tim ndm trén tia Ox . Phuong trinh cua mét cau () 1a:

B. (8):« +(y—2)Z +22=4.

A. (S):(flc+2)2-':-y2+zZ =4.
D. (8):x* +5° +(z—2)2 =4.

C.(S):(x—2) +y +2° =4.
Cau 98. Troﬁg Kkhéng gian véi hé toa 46 Oxyz, cho cic dim 4(2,0,0), B(0,4,0), €(0,0,4).
Phuong trinh ndo sau diy 13 phuong trinh mét cau ngoai tiép tr dién O4BC (O 1a
gbc toa do).
A x4y 422 —2x+4y—4z=0 B. (x—1) +(y—2) +(z—2) =9
C. (x—2) +(y—4) +(z—4) =20
Céiu 99. Trox&\g khéng gian véi hé toa dd Oxyz, cho ba diém 4(1,0,0), B(0,2,0), C(0,0,3).
Tép hop céc diém M (x, y,z)théa man: MA? = MB? + MC* 1a mit cau c6 ban kinh la:
A R=2 B. R=+2 C.R=3 D.R=+3
Cau 100. Trong khéng gian v6i hé toa dé Oxyz , mit cdu c6 phwrong trinh nao sau day di

D. 2"+  +2° +2x—4dy+4z=9

qua gdc {éoa dé?
A (S8): 2+ +28 +2x-4y-2=0 B.(S,):x’+y +2 —4y+6z-2=0
C.(8): 8 +y +2" +2x+62=0 D.(S):®+y +2°+2x—-4y+62-2=0
Cau 101. TrQ)ng khéng gian véi hé toa 46 Oxyz , cho mét cau
- (8): (=1 +(y—2) +(z=3)" =9.

Diém nao sau ddy ndm ngoai mit cau (S)?

B.N(0;3;2). C. P(-1,6;-1). D. Q(2;4;5).

A.M(-12;5).
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Cu 102. Trong khéng gian voi hé toa d6 Oxyz , chométcu (8): #* + y* + 2> —6x —4y—22=0.
Diém nao sau day thuge mit cau (5)?

A M(0;5~1). . B.N(0;3;2). C. P(-1;6;-1). D. Q(I;Z;Oj.

Céu 103. Trong khdng gian véi hé toa d6 Oxyz , cho mit Gu (§): 2% +(y 1)’ +(z§—-2)2 =25.
Diém no sau day nam bén trong mit cau (S). ‘

A M(3-2;-4). B.N(0;-2;-2). C. P(3;5;2). D. Q(I;S;O)j .

Cau 104. Trong khéng gian véi hé toa dd Oxyz , chomiit Gu (S): 2% + 3 +22 —2x—4y—62=0.
Trong ba diém 0(0;0;0), 4(2;2;3), B(2;~1;—1), c6 bao nhiéu dié’mn%mtrongnpétcﬁu (5)?
A0 B.1 C.2 D.3

Céu 105. Trong khéng gian véi hé toa dd Oxyz, cho didm A(L;a;1) va mit cau (8) 6
phuong trinh x* +y* +2° -2y +42z-9=0. Tap cic gid tri clia a d& diém A4 ndm
trong khdi cau 1a?

A. (~13) B. [-1;3] C. (=31 D. (—oo;—1)U(3;+00)

Céiu 106. Trong khong gian véi hé toa 6 Oxyz , cho mit cu (§): 2 +(y—4) +(2—1) =36.
Vi tri trong ddi ctia mit cdu (S) véi mit phing (Oxy) la:

A. (Oxy) ct (S). B. (Oxy) khéng cit (S).
C. (Oxy) ti€p xtc (S). D. (Oxy) di qua tam (S).
Ciu 107. Trong khéng gian véi hé toa dd Oxyz, cho miit ciu v
(S):{x+1) +(y—2) +(2—-5) =4.
Mit phéng nio sau déy cit mat cau (8)?
A. (Oxy). B. (Oyz). C. (Oxz). D.Ca A, B,C.

Cau 108. Trong khéng gian véi hé toa dd Oxyz, mit cau nao sau day tip xiic véi mit
phéng toa d8 (Oxy) ?

A(S): (=1 4y (242 =2 B. (8.): (¢ = 1) +(y=3) +(z—1} =2
C(8):(x—1) +(y+1) +22 =1 D. (S,):x*+y +(z+4) =16

Cau 109. Trong khéng gian véi hé toadd Oxyz, chomigt ciu (S): (x +3)’ +* +(z—2) = m? +4.
Tép céc gid tri cha m d€ mét cu (S) tiép xtic véi mit phing (Oyz) la:
A.m=45. B.m==+5. C.m=0. D.m=42.

Cdu 110. Trong khéng gian véi hé toa d6 Oxyz, cho mit cau (S) ¢6 phuong trinh
(x—2)2 +(y+x/§)2 +2° =m’ +2m+6. Tap cac gia tri chia m d& mit cau (5) cittruc
Oz tai hai di€m phan bist la:

A m=1, B.m=-3. C. -3<m«xl. D. m< -3 hodc m>1.
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Cau 111. Trong khdng gian véi hé toa d6 Oxyz, cho mit cau (S) co phuong trinh

(x+1)° +(y~3)' +2* = 9. Ménh d& ndo sau day ding ?
A.(S) ti&p xtac véi truc Ox B. (S) khéng cit truc Oy i
C. (3) tiép xdc véi truc Oy D. (S) ti€p xtic véi truc Oz -
Cau 112. Trong khdng gian véi hé toa d6 Oxyz , mit chu nao sau day tlep xuc véi hai truc
toa dd 0_}" va 0z?
A (S):(x=1) +3* +(z+2) =2 B. (S,):(x—1) +y +2 =1
C(S): (k=1 +(y+1) +2* =1 D. (S,):(x=1) +(y -3} +(z=1) =2
Cau 113. Trong khdng gian v6i hé toa d6 Oxyz, cho mit ciu
(8):(x +l)z +(y ~{-2)2 +(z-|-3)2 =14 vadiém A(L;-1-6).
Tim trén fruc Oz di€m B sao cho duong thiing AB tiép xuc voi (S).-.-
A.B[O 0; —1—9-] B. B[O;O;E}. C. B[O;0;~——3—]. D.B[O;O;-i-] .
3 3 19 19
Ciu 114 Trong khéng gian v6i hé toa dd Oxyz,
cho mét cau (S):x* +y* +2° —4x—4y—4z=0 va diém 4(4;4;0).
Tim toa d{é diém B thudce (S) sao cho tam gidc OAB déu (O 12 g8c toa dd).

B(0;—4;4) B(0;4;—4) B(0;~4;—4) o, [BO:49)
B(4;054) " |B(4;0;4) " 1B(4;0;4) 'IB(4;0;4)‘
ai 02

PHUONG TRINH MAT PHANG

1. Phuong trinh mit phing
a) Vecto phap tuyén — Cip vecto chi phwong clia mit phﬁng

o Vecto 7= 0 1a vecto phép tuyén (VIPT) ctia () néu gid cia 7 vudng goc véi (a).

» Hai vecitov @, b khéng cung phuong la cip vecto chi phuong (VICP) ciia (@) néu
cdc gid ciia chiing song song hodc nim trén (a).

Chii 4

® Néu # lamét VIPT ctia («) thi &% (k= 0) cing la VIPT cta (a).

*Néu 4, 6 1amét ciip VICP cta (o) thi i =(7,5] 1a mét VTPT cia (o).
b) Phuong trinh tdng quat cia mét phing

Ax+By+Ce+ D=0 véi 42 +B +C*>0.
e Néu (e) cé phuong trinh Ax + By +Cz+D =0 thi # =(4;B;C) lamét VIPT clia (o).
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o Phurong trinh mét phing di qua M, (x,:7,;2,) v c6 mét VIPT # =(4B;C) la:
A(x—2x))+B(y—y,)+C(z2~2,)=0. ‘

) Cac treong hop dic biét :
Céchés6 Phuwong trinh mit phing () Tinh ch&t mit phing (3a)
D=0 Ax+By+Cz=0 () dlquagoctoadqo
A=0 By+Cz+D=0 (a}l] Ox hoic (c ):)Ox.
B=0 Ax+Cz+D=0 (o)1 Oy hodc (a) >0y .
C=0 Ax+By+D =0 (@)}l Oz hodc (o) 0z.
A=5=0 G1D=0 () (0x) hose (o) = (0.
A=C=0 By+D=0 (@) [} (Ox2) hodc (a)=(0xz).
B=C=0 Ax+D=0 (@) [|(Oyz) hodc (a)=(0pz).
Chii §: ‘

° Néu trong phuong trinh (o) khéng chiza 8n nao thi (a) song song hoicichta truc
rong ing.

b4

e Phuong trinh mét phing theo doan chén (a): £+Z+£ =1.0 day (o) clt céc truc
a c '

oa d§ tai céc diém (;0;0), (50;0), (c;0;0) véi abe =0.

. Khoang cach tir mot diém t6i mit phing
Trong khéng gian Oxyz , chodiém A(x,;y,;2,) vamitphing (a): 4x + By +Cz+D=0.
Khi d6 khoang céch tir diém 4 d&n mit phing () duoc tinh theo cong thire
|dx, + By, +Cz, +D|
Je B+t

d[A,(a)]

. Vi tri twong d6i
) Vi tri trong d6i gitra hai m4t phing
Trong khéng gian Oxyz, cho hai mit phing
(a): 4x+By+Cz+D =0 va (8): 4x+B,y+C,z2+D, =0

sa)=(8) & 2B _G_D
4 B C D
e { I) < _Al_._Bl__& DI
(@) li(3) & 2"R- "D
o (a)N(8) & %x—i hose 2% :%

*(0)L(8) & 44, +BB,+CC,=0.
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b) Vi tri tuong déi giira mit phing va mit ciu

Trong khépg gian Oxyz , cho mét phing va mjt ciu

(a): dx+By+Cz+D=0 va (S):(x—a): -!—(y—b)2 +(z—c): =R

D& xét vi tri ctia (o) va (S) ta lam nhu sau:

*Budc 1. Tinh khoang cach tir tim I cua (S) dén (o).

*Buic 2.

+Néu d[1,(a)]> R thi (a) khong cit (S).

+ Néu d[Ii(a)]=R thi (a) tiép xtc (S) tai H.Khi d6 H duoc goi la tidp diém, Ia
hinh chigu vu(‘zéng goccua I Ién (@) va () duoc goi la tidp dién.

+Néu d[I ,{(a)] <R thi () cit (§) theo dudng tron c6 phuong trinh -

o) fE=af +r-8f +z-0p =r*
Ax+By+Cz+D=0

Bén kinh ctia (C) 1a r = [R* —d[1,(a)].

Tém J cta (C) 14 hinh chigu vudng géc ciia I trén (a).
4. Géc giira hai mit phing

Trong khéng gian Oxyz , cho hai mét phing

(cz):ALx+B,y-+—Clz+D1 =0va (8):4x+B,y+Cz+D, =0.

Géc giira {a) va (8) bing hoic bl véi géc gitta hai VIPT 7, 7,. Tt 12
_ |;i".r'i',l _ lArAz + 5B, +C,C2|
R Ny N o

CAU HOI TRAC NGHIEM
S )
Vin dé 1. PHUONG TRINH MAT PHANG
=0
Cau 115. (PE MINH HQA QUOC GIA NAM 2017) Trong khéng gian véi hé toa dd
Oxyz, cho mit phing (P):3x—z+2=0 . Vecto nio dudi day 1a mét vecto phap

cos((0),(8) = cosii_ )|

tuyén cia (P)?
A n=(-L0;-1). B. n=(3;-L2). C. n=(3;-10). D. n=(3,0;-1).
Cau 116. Trongj khong gian véi hé toa dé Oxyz, cho hai vecto @ va b déu khéc (‘).'Ménh
dé nay sau day ding?
al|(P
o)

. = [;, b } 13 mét vecto phép tuyén ctia (P).
b|(P)
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all(P),51(P) 1=~

B. f I Z I )=>[a,b] 13 mdt vecto phap tuyén clia (P).
a=kb, k=0

C. i I Zb (7 ) {Z 5] la mdt vecto phép tuyén cua (P).
a=kb, k=0

D. [‘i H(PZ, b (P) [Z 1;} 12 mét vecto phép tuyén cia (P).
a=kb, k=0

Cau 117. Trong khéng gian v6i hé toa dd Oxyz, cho mit phing (a): Ax + By +Cz +D =0.

Ménh d@ nao sau diy la dang?

A.Né&u D =0 thi («) song song véi mit phing (Oyz)

B.Néu D =0 thi {a) di qua gdc toa do.
BC =0
A=D =0
BC =0
A=D=0

C.Né&u [ thi (o) song song vdi truc Ox .

D. Néu { thi (a) chia truc Oy .

Céu 118. Trong khéng gian véi hé toa 46 Oxyz, cho mit phﬁng (Q): 2x—y4+5z-15=0
va diém E (1;2;-3). Mt phing (P) qua E va song song véi (Q) cé phuong trinh 1a: ¢
A (P)ix +2y -3z +15=0 B. (P):x+2y—32-15=0
C.(P):2x—y +52 +15=0 D.(P):2x ~y +52 —15=0

Ciu 119. (PE MINH HOA QUOC GIA NAM 2017) Trong khéng gian véi hé toa dd

Oxyz, cho hai diém A4(0;1;1) va B(1;2;3). Viét phuong trinh mit phang ( P) diqua 4
va vudng géc véi duong thing 4B .
A (P)ix+y+2:-3=0. B. (P):x+y+22~6=0.
C.(P):x+3y+4z-7=0, D. (P):x+3y+42-26=0.

Cau 120. Trong khéng gian véi hé toa dd Oxyz, mit phing (P) qua diém G (L,11) va
vudng goc véi dudmg thing OG ¢6 phuong trinh 1a:
4 (P)ix+y+2-3=0 B. (P)ix+y+2z=0
C.(P)ix—y+z=0 D.(P):x+y—-2z=-3=0

Cau 121. Trong khdng gian voi hé toa dd Oxyz, dobadiém 4 (2;1;,~1), B(-1;0; 4) - (0,-2;-1).
Phuong trinh no sau day la phuong trinh cia mét phéng di qua 4 va vudng goc véi BC?
A x -2y —-52+5=0 B.x-2y -5z =0
C.x—2y-52-5=0 D.2x —y +52-5=0

Cau 122. Trong khéng gian véi hé toa dé Oxyz, cho hai diém A4(4;1;,-2) va B (5:9;3).
Phucg trinh mét phéng trung truc ctia doan 4B la:
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A 2x +6y =52 +40=0 B. x +8y -5z —41=0
C.x—8y—52-35=0 ) D.x +8y +52 —47=0
Ciu 123. Trong khong gian v6i hé toa d6 Oxyz, cho mit phéng (a):4x —3y -7z +3=0
va diém I (1,—1;2). Phuong trinh mt phing (8) ddi xtng véi (@) qua I la:
A.(B):4x—-3y-T7z2-3=0 B. (8):4x—3y—7z+11=0
C.(8):4x-3y-Tz-11=0 D. (8):4x—-3y—Tz+5=0
Cau 124. TrPng khong gian v6i hé toa d6 Oxyz, cho ba diém A(3;—1,2), B(4;—1-1) va
€(2;0;2) . M3t phéng di qua ba diém 4, B, C c6 phuong trinh: -
A 3x-3y+2z-14=0 B. 3x+3y+2-8=0
C. 3x—iy+z—8=0 D. 2x+3y—2+8=0
Céu 125. Tﬁong khéng gian véi hé toa @6 Oxyz, mit phéng (e} chira truc Oz va di qua
diém P (2;—3;5) c6 phuong trinh la:
A. (a):2x+3y=0 B. (a):2x—3y=0
C.{a):3x+2y=0 D.{(a):y+2z=0
Cau 126. Trong khéng gian véi hé toa dd Oxyz, cho hai diém M (L,-1;5) va N (0;0;1).
Mat phé]jng (a) chira M, N vasong song v6i truc Oy c6 phuong trinh la:
A.'(a):élix—z+1=0 . B. (a):x—4z+2=0
C.(a):2x+2-3=0 D. (a):x+4z—1=0
Cau 127. Trbng khéng gian véi hé toa 46 Oxyz, mit phéng (o) di qua &iém M (0;0;,—1)
va song song voi gid ctia hai vecto Z:(I;—Z;S), b =(3;0;5). Phuong trinh clia mét
phéng (a) la:
A. (a):=5x +2y +32 +3=0 B. (a):5x -2y =3z —21=0
C. (a):10x —4y —6z +21=0 D. (a):5x —2y —3z +21=0
Cau 128. Trong khéng gian véi hé toa d6 mat phéng (a) di qua 4(2;-11) va vudng géc
vﬁhﬁﬂétphéng (P):2x—2z+1=0 va (Q): y =0. Phuong trinh ctia mét phéng (a) R
A (@):2x+y-4=0 B. (a):x+2z-4=0
C. (a)::é+2y+z=0 D. (a):2x—y+2=0
Cau 129. Trong khéng gian véi hé toa dd Oxyz, cho hai diém P (2;0;—1), Q(5-153) va
mit phing (P):3x+2y—z+5=0.Goi () l2 mit phing di qua P, Q va vudng géc
véi (P), phuong trinh ctia mét phéng (o)
A. (a):—;-7x+lly+z—3=0 B. (a):7x—1ly+z-1=0
C. (a):=Tx+1ly+2z+15=0 D. (a):7x—11y—z+1=0
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4u 130. Trong khong gian vdi hé toa dd Oxyz, mit phing () cét ba truc toadd tai ba
diém M (8;0,0), N(0;~2;0) va P(0;0;4). Phuong trinh cia mit phing (a) 1a:

x y z Xy z
A la)i=+—=—+—= B. ==t —=1
(@557 (@):7+5+3
C(a):x—4y+22=0 D. (a):x—4y+2z-8=0

du 131. Trong khéng gian vdi hé toa dd Oxyz, cho diém 4(4;—3;2). Hinh chifu vudng
gécclla 4 1én céc truc toa 46 Ox, Oy, 0z theo thit ty Tan luotla M, N, P » Phuong
trinh mit phéng (MNP) 1a:

A 4x -3y +22-5=0 B. 3x —4y +62 -12=0
x y z
C.2x -3y +42z -1=0 D.——=+4+=+1=0
FooywE 4 372

ju 132. Trong khong gian v6i hé toa 46 Oxyz, mit phing (P) chttruc Oz tai di@m@cé cao d6
béng 2 va song song véi mét phing (Oxy). Phuong trinh cira méit phing (P) la:
A (P):z-2=0 B.(P):x—-2=0
C.(P)y+z-2=0 D.(P):x~-y-2=0

Au 133. Trong khéng gian vdi hé toa dd Oxyz, cho diém G (1;2;3). Mit phér}tg (a) di
qua G, cit Ox,0y,0z tai 4,B,C saocho G la trong tdm cla tam gic 4BC.
Phuong trinh cia mit phing (@) la:
A (a):2x+3y+62—-18=0 B. (a):3x+2y+62-18=0
C. {a):6x+3y+2z-18=0 D. (a):6x+3y+32~18=0

iu 134. Trong khéng gian véi hé toa &6 Oxyz, cho diém H (Z;1,1). Mt phéﬂg (o) di
qua H, cat Ox,0y,0z tai 4,B,C sao cho H la truc tdm clia tam gidc ABC.
Phuong trinh cia mit phing () la:
A {e):2x+y+2z-6=0 B. (a):x+2y+2z—6=0
Cla)ix+y+2z-6=0 D. (a):2x+y+2z-6=0

iu 135. Trong khéng gian véi hé toa d6 Oxyz, cho S(-1;6;2), 4(0;0;6), 15(0;3;0),
C(-2;0,0). Goi H 1a chan dudng cao vé tir § cia tir dién. Phuong trinh hio duéi
déy la phuong trinh mit phing (SBH ):
A x+5y-72-15=0 B.5x —y +7z +15=0

C.7x +5y +2z -15=0 D.x -7y +52 +15=0
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vén

SD

d% 2. KHOANG CACH TU MOT DIEM PEN MAT PHANG

>

Cau 136. (Dé MINH HOA QUOC GIA NAM 2017) Trong khéng gian véi hé toa dé

Oxyz, cho |

d tir 4 dén

Ad=2.
9

Cau 137. Tron
A{2;-1;—

)

A.55.

Céiu 138. Tro
C(-152;3)L

A 3.

.

At phang (P):3x+4y+22z+4=0 va diém A(};—2;3). Tinh khoang cach

(7).

Cd=—2.

V29

B. d=i.
29

g khéng gian véi hé toa d6 Oxyz, goi H la hinh chiéu vudng goc cia diém

trén mit phing () :16x —12y —15z —4 = 0. Tinh 46 dai doan thing AH .
B L. Ly p. 2.
5 25 5

g khéng gian vdi hé toa d6 Oxyz, cho cac diém A(LL;3), B(-132),

Tinh khoang cich tir g8c toa dd O dén mit phing di qua ba diém 4, B, €.

B
2

B. 3. D.

[ SRR

Cau 139. Trong khéng gian voi hé toa 46 Oxyz, cho mit phing (P):3x—2y+6z+14=0

’ va mit ca
Al

!
i
|
\
i

(8):x*+9 +2* -2(x+y+2z)-22=0. Khoang cach tir tdm I ctia mat

cau (S) t6i mit phing (P)la:

B. 2 C.3 D. 4

Cau 140. Tror\}g khéng gian véi hé toa d6 Oxyz, mit cau (§) ¢6 tim I(2;1;—1) va tiép xtc

v6i mit pl'*éng (@):2x~2y—2z+3=0.Bankinh cua () béng:

A2

Ciu 141. Trong khéng gian véi hé toa d6 Oxyz, cho 4(3,-2,-2),

D(-112)}
A9

2

9

B(3,2,0), €(0,2,1) va
Mit Giu thm 4 va ti€p xic véi mit phing (BCD) c6 ban kinh béng:

C. V14 D. V13

B. 2
3

C. 2 D.

3

B.5

Cau 142. Trong khéong gian vdi hé toa dd Oxyz, cho mit phéng (P):3x+y—3z+6=0

va mat ciu
giao tuyén
A.r=6
Céu 143. Trong
Mit phing
A x+y+
C. 4x -3y

(8): (::—4)2 +(y+ 5)2 +(z +2)2 =25. Mt phing (P) cit mit cau (S) theo

12 mt dudng tron. Dudng tron giao tuyén nay c6 ban kinh 7 bing:
B.r=5 C.r=+v6 D.r=+5

khéng gian vSi hé toa d6 Oxyz, chomitdiu (S): B+ 28 —6x+4y-12=0.

nao sau day cit (§)theo mdt dudng tron cé ban kinh » =37
z++3=0 B. 2x+2y~2z+12=0
—z-426 =0 D. 3x—4y+5z—17+2042=0
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Cau 144. (OE MINH HQA QUOC GIA NAM 2017) Trong khéng gian véi hé toa do -
Oxyz, cho mat cAu (S) 6 tim I(2;1;1) va mét phang (P):2x+y+2z42=0. Biét
mét phing (P) cit mit cau (S) theo giao tuyén 13 mot dudng tron cé ban kﬁnh béng 1.
Viét phurong trinh mit cdu (S).

A (8S):(x+2) +(y+1) +(z+1 =8. B.(S):(x+2) +(p+1f +(z+1)"=10.
C.(8):(x=2) +(y=1) +(z=1 =8. D.(S):(x=2) +(y—1) +(z—=1)=10.

Cau 145. Trong khéng gian vdi hé toa d6 Oxyz, cho mit du (5):x° +y* +2° —2 y=-22—-1=0
va mit phing (P):2x+2y—2z+15=0. Khoang cach ngén nhat glu'a d1§m M trén
{8) vadiém N trén (P) la:

V3 g M2 c 3 D 2
2 3 2 3

Cau 146. Trong khong gian véi hé toa d6 Oxyz, cho hai mit phing song song l( ) va (Q)

A,

lan luot c6 phuo-ng trinh 2x—y+2=0 va 2x—y+2z-7=0. Khoang ca‘\:h gitta hai
mit phing (P) va (Q) bing:

AT, B. 647 . C. 76 D. L.
. J6
Cau 147. Trong khéng gian vdi hé toa dd Oxyz, cho mit phing (a):3x—2y—z+5=0 va
dudng thing A: 12_—1 :1{—7—= z;3 . Goi () 1a mit phing chita A vé} song song
v6i mit phing (o) . Tinh khoang cach giira (a) va (8).
9 9 3 3
A —. B. —. C. — D. —.
14 Ji4 147 Ji4
S

Vin dé 3. VI TRl TUONG POI
=0
Céu 148. Trong khong gian véi hé toa dd Oxyz, cho hai mit phing (P):2x~3y+4z+20=0
va (Q):4x—13y—62+40=0. Vi tri trong d6i caa (P) va (Q) la:
A. Song song. B. Triing nhau.
C. Cit nhung khéng vudng goc. D. Vuéng g6c. |
Cau 149. Trong khéng gian véi hé toa dd Oxyz , cho hai mit phing (P):x +2y + 2z-14=0
va (Q):—x—2y—22-16=0.Vitri tuong d6i cia (P) va (Q) la:
A. Song song. B. Trung nhau.
C. Cét nhung khéng vudng gdc. D. Vuéng géc.
Cau 150. Trong khéng gian véi hé toa d6 Oxyz, cip mit phing nao sau day\song song
véi nhau?
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A.(P):Z:o;'—y+z—5 =0va (Q):~4x+2y-22z+10=0.
B.(R):xy+z-3=0 va (§):2xr~2y+2246=0.

R x z
CT):xdy+z=0va (U):5—§+E=O .
D.(X):3x—y+2z-3=0 va (¥):6z2-2y-6=0.

Cau 151. Tro‘hg khéng gian véi hé toa d6 Oxyz, cho ba mit phing (@)ix+y+2z+1=0,
(B):x+y‘—z+2 =0va (y):x~y+5=0. Trong cdc ménh dé sau, ménh d@é nao sai?
AGLE)  BH)L) C. (a)i(9) D. (o)L (x)

Céu 152. Trqng khdng gian véi hé toa dd Oxyz, cho diém A(~1,2;1) va hai mit phing
(P):2x+‘§4y—6z—5= 0, (Q):x+2y—32=0.Ménh d2 nao sau diy 1a dang?

A. M3t phiﬁ'ng (Q) diqua 4 vasong song véi (P).

B. Miit ph%fmg (Q) khoéng di qua A4 va song song véi (P).

C. Mt phéng (Q) di qua 4 va khéng song song vai (P).

D. Mt pthg (Q) khong di qua 4 va khéng song song véi (P).

Cau 153. Trong khdng gian véi hé toa d6 Oxyz , cho hai mijt phing (P):x —3y+2z+1=0 va
(Q):(2m—1)x +m(1—2m) y +(2m—4)z+14=0. D& (P) va (Q) vudng géc v6i nhau

khi m ?
La 3 o 3
A.m=1 hoic m=—5 B.m = -1 hoic m=—5

Cm=2 D.m=i
2

Cau 154. Tron‘}g khéng gian véi hé toa d6 Oxyz, cho hai mit phing (a):x—y+nz—3=0
va (B):2x+my+2z4+6=0.Véi gid tri nao sau déy ctia m, » thi (a) song song véi (8)?

A.m=—23vén=1 Bm=1van=-2
C.m=—yve‘\ n=1 D.m=1 va n=—-é—

Ciu 155. Tron;g khéng gian véi hé toa d6 Oxyz, cho hai diém A(-3;2;2), B {(2:2,-2) va
vecto v= (}2;—1;3) . Goi (P) la mit phing chita 4B va song song véi vecto . Xéc
dinh m, n @& mit phing (Q):dx+my+5z+1-n=0 trung véi (P).

A.m=23 n=45. B.m=-23 n=45.
C. m=45,n=23. D. m=45 n=-23.

CﬁulSG.Trong‘khénggian voi hé toa d6 Oxyz , cho hai métphéng (a):2x~my+32—64+m=0
va (B):(m+3)x—2y+(5m+1)2—10=0. Véi gid tri ndo cita m thi hai mit phing d6
cét nhau?

A m=1.  B.m=-_1. C. om=1. D.mz%.
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Cau 157. Trong khéng gian v6i hé toa dé Oxyz, cho mit phing (a):4x—3 y‘+ 7z-7=0. -
Ménh dé nao sau day la dang ? :
A.Truc Oz cat () tai M(0;0;1). B. Truc Oz chia trong mit phing (c).
C. Truc Oz song song vdi (a). D. Truc Oz vudng géc véi (o).

Cau 158. Trong khéng gian véi hé toa 46 Oxyz, cho mit phing (a):2 y-CL:-z =0. Tim .
ménh dé dung trong cdc ménh dé sau : ‘

A.(a)]|Ox B. (a)l|(»0z) C. (@)loy D. (o) >0x

Cau 159. Trong khéng gian véi hé toa d§ Oxyz, mit phing nao trong cac mat phang dudi
day cit cac truc toa d6?

A (P):3x—2y +6z —-6=0. B.(Q):x+2=0
C.(R)ix+2z-2=0 D.(S):y ~3z +3=0 |

Cau 160. Trong khong gian v6i hé toa d6 Oxyz, cho diém I(2;6,—3) va ca'jc mét phéng
(@):x—2=0, (8): y—6=0, (v):2+3=0. Tim ménh dé sai trong cac mlénh dé sau:
Afa) diqual  B.(v)](02) C.(8)l(x02) D.(a) L (02)

Cau 161. Trong khéng gian véi hé toa d6 Oxyz, cho mit phéng (P):x—2 yf+22—3 =0
va mit cau (S): +(y—4)2 +(z—1)2 =36 . Vi trf tuong d6i cua (P) va (& ) la:

A. (P) di quatam cuia (S). B. (P) khéng cit (S).
C. (P) tiép xtic véi (S). D. (P) cit (S).

Cau 162. Trong khéng gian véi hé toa dd Oxyz, cho mét phing (P):x—2y+2z+24 =0
vamat ciu (S):(x—1) +(y-2)" +(2-3)" =9. Vi tri twong d&i ctia (P) va (S) la:
A. (P) di qua tdm cua (S). B. (P) khéng cit (S).

C. (P) tigp xic véi (S). D. (P) cat (S).

Cau 163. Trong khong gian véi hé toa d6 Oxyz, cho mét phéng (P):3x+y+ Qz +1=0va
miit ciu (8):(x—3)" +(y-2)" +(2—1)" =14. Vi tri twong d&i cta (P) va (S) L
A. (P) diquatim cta (S). B. (P) khéng cit (S). |
C. (P) tiép xtic véi (S). D. (P) cdt (S).

Cau 164. Trong khdng gian véi hé toa d6 Oxyz , cho mit cau

($):(x+1) +(y-2) +(z-1 =4.

Mt phing nao sau ddy cit mit cau (5)? o

A(R)ix—y+z-2=0 B.(R):x+y+2z+2=0

C.(B)ix+y—2z-2=0 D.(P):x+y+z-2=0
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Cau 165. Trong khdng gian véi hé toa d6 Oxyz
‘ cho mit cau (8):(x~1)" +(y+3f +(z-2) =49.

I’hu'cmgi trinh nao sau déy la phiong trinh cia mét phéng tiép xtic véi mit cau (8)?

A. (a):6x+2y+32=0 B. (a):2x+3y+62-5=0
C (a):j‘x+2y+32-—55=0 D. (a):x+2y+2z-7=0
Ciu 166. T ong khéng gian véi hé toa d6 Oxyz , cho mit cau

(S)‘: (x+1)" +(y-2) +(z—1)" =4 va mit phing (a):22—y+2z-4=0.
Mt phing (P) tiép xtic véi (S) va song song véi (a).
Phuong trinh cia mét phing (P) la:
A. (P):%x—y+22+4=0 B. (P):2x—y+2z+8=0
C. (P):2x—y+2z-4=0 D. (P):2x—y+2z-8=0
Céu 167. Trt;cmg khéng gian véi hé toa dd Oxyz , cho mit ciu
(8):(x=1) +(y=2) +(2+1)" =9 vadiém 4(3;4;0) thusée (S).
Phuong itr‘mh mét phéng tiép dién voi (S) tai 4 la:
A. 2x—2?.y—z+2=0 B.2x-2y+2+2=0
C. 2x+?Ty+z—14=O D.x+y+2z-7=¢0
Céu 168. Trﬁ‘mg khéng gian v6i hé toa dd Oxyz, cho mit cau
(S):(x—ll)2 +(y+3)Z +(z+1)2 =3 va mit phing (@):3x+(m—4)y—3mz+2m—8=0.
Véi gia t]!ri nao cia m thi (a) tiép xtc vdi (S)?
A.m=1; B.m=0 Cm=-1 D.m=2
| S
Vin d& 4. GOC GIUA HAI MAT PHANG
| =
Cau 169. Trong khéng gian véi hé toa d6 Oxyz, cho hai mit phéng (P) 2x—~y—2-3=0
va (Q): x}—z —2=0. Tinh géc gifta hai mit phing (P) va (Q).
A. 30° B. 45° C. 60° D. 90°
Céu 170. Trohg khéng gian véi hé toa d6 Oxyz , cho hai mit phing (P):2x —y —2z —9=0
va (Q) 2 —y —6=0.56 do gbc tao béi hai mit phing bing:
A 30° B. 45° C. 60° D. 90°
Cau 171 Trofng khéng gian véi hé toa d6 Oxyz , cho tir dién ABCD <6 4(0;2;0), B (2;0,0)
C(O;O;«/ﬁ) va D(0;~2;0) . S8 do goc ctia hai mt phing (4BC ) va (ACD) la:
A. 30° | B. 45° C. 60° D. 90°

’
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“4u 172. Trong khéng gian voi hé toa d6 Oxyz , cho ba diém M (1;0;0), N (0;1;,0), P (0;0;1).
Cosin ctia géc giira hai mjt phing (MNP) va mit phing (Oxy ) béng:
1 2 1 1
A. 3 B. :/-? C. ﬁ D. -J—E
“iu 173. Trong khong gian voi hé toa d6 Oxyz, cho hai mit phéng (P) 1x—y~6=0 va
(Q). Biét ring diém H (2;—1—2) la hinh chiu vudng géc ctia gdc toa ddi O (0;0,0)
xuéng mit phing (Q) . S8 do géc gifra mét phing (P) va mit phing (Q) bing:
A. 30° B. 45° C. 60° D. 90°
“au 174. Trong khéng gian véi hé toa dd Oxyz , cho cée diém A4 (1;0;0), B (0;2;0), € (0;0m).
D& mit phing (4BC ) hop véi mit phing (Oxy ) mét géc 60° thi gia tri cha m B
Am=z22 B.m=z2 C.m=d:\/g D.m=x2
5 5 5 2
)
Vin dé 5. TIM DIEM THOA MAN DIEU KIEN CHO TRUGC
&S ‘
Cau 175. Trong khéng gian voi hé toa dd Oxyz, tim trén truc Oy difm M cich mit 4
phéng (a):x+2y~2z-2=0 mdt khoang bang 4.
A. M(0;6;0) hodc M(0;—-6;0). B. M(0;5;0) hodc M(0;,—5;0).
C. M(0;4;0) hodc M(0;~4;0). D. M(0;3;0) hodc M(0;-3;0).
Cau 176. Trong khéng gian véi hé toa d8 Oxyz, cho hai mit phéng (P):x+y—z+1=0
va (Q):x—y+2z-5=0.Diém M nim trén truc Oy cach déu (P) va (Q) Ja:
A M(0;2;0). - B.M(0;30). C.M(0;-3;0). D. M (0;,-2;0).
Ciu 177. Trong khéng gian véi hé toa dd Oxyz, tim trén truc Oz di€m M cach déu didém
A(2;3;4) va mit phing (a):2x+3y+2z-17=0.
A. M(0;0,0). B. M(0;0;1). C. M(0;0;3). D. M(0;0;2).
Cau 178. Trong khéng gian vdi hé toa d6 Oxyz, cho diém E thudc mit phéng (Oxy), 6

hoanh dd béng 1, tung d6 nguyén va cach déu hai mit phéng (a) tx+2y+z-1=0
va (8):2x—y—z+2=0.Toadd cia E la:
A E(1;40). B. E(1;,-4;0). C.E(1,0:4). D.E(1;0,—4).
Cau 179. Trong khéng gian vdi hé toa dd Oxyz , cho mét cau
(8):(x=1Y +(y—2) +(z—3) =36, diém 1(1;2;0) va dudng thing
.3—_2= y-2 z ‘
3 4 -1
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Tim toa d6idiém M thudc d, N thudc (§) sao cho I la trung di€ém MN .

N(3;2;1) N(-3;-2;1) c N(-3;2;1) N(=3-21)

N(3;6;-1) TIN(36-1) TINGE6L) TN (36;1)

Cau 180. Trong khéng gian véi hé toa dd Oxyz, cho hai diém A(2;4,4), B'(2;-5,-5) va

" mat ph;"’ing1 (P):x+y+z—4=0. Tim toa d6 diém M thudc (P) sao cho MA+ MB
c6 gia tri nhé nhat.

A M(2;1;1). B. M(2;-11). C. M(1;2;1). D. M{-L12).

Cau 181. Trong khéng gian vdi hé toa dd Oxyz, cho hai di€ém A(1;—1;2), B(2;0;1) va mat
phing (P):2x~y—z+3=0.Diém M thudc (P) théa man |MA— MB| c6 gia tri Ién
nhat ¢o toa dd:

A M(-1,-34). B. M(2;-L1). C. M(1;2;1). D. M(-112).
Cau 182. Trong khéng gian vé6i hé toa d6 Oxyz, cho hai diém A(Z;1;-1), B(0;3;1) vamit

phéng (P) ‘x+y—z+3=0.Tim toa d6 diém M thudc (P) sao cho }2W-ﬁ| b
gid tri nhé nhit.
A. M(—4;+-1;0). B. M(-1,-4;0). C. M(41;0). D. M(},—4;0).

Céu 183. Trong khéng gian v6i hé toa dd Oxyz, cho mit phéng (P):3x—3y—2z-15=0
va ba digm A(1;4;5), B(0;3;1), C(2;—1,0). Tim toa d6 diém M thudc (P) sao cho
MA? + MB® + MC* c6 gié tri nho nhit.

A M(-4;-10). B. M(4-10). C. M(41,0). D. M(1;—4;0).

Cau 184. Tron;g khéng gian véi hé toa d6 Oxyz, cho hai dim 4(—3;5,-5), B(5-3;7) va
mit pha‘mgj, (P):x+y+2z=0.Tim toa d6 diém M thudc (P) sao cho MA® —2MB* c6
gié trj 16n nhat.

A. M(—6,-18;12). B. M(6;18;12).
C. M(6,-1812). D. M(-6;18;+12).
O Bai 03

PHUONG TRINH DUONG THANG
1. Phueong trinh dudng thing
a) Vecto chi phuong ciia dudng thing

Cho dudng thing A . Vecto u=0 goi 12 véc to chi phirong (VTCP) ca dudng thing
A néugia ctia né song song hodc trung véi A.

Chit y:

o Néu % 14 VICP ctia A thi kx (k=0) ciing 12 VTCP ciia A.

o Néu dudng thing A di qua hai diém 4, B thi 4B 1a mdt VICP.
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b) Phuong trinh tham s§ cia dwdng thing
Cho dudng thing A di qua M(x,;3;2,) va c6 VICP = (a;b;c). Khi ¢6 phuong

xX=x,+at
trinh duong thang A c6 dang: {y =y, +br &R (1.
zZ=2,+4ct

(1) duoc goi 12 phuong trinh tham s ctia dudmg thing A, ¢ duoc goi la tham s8.
Chil : Cho dudng thing A c6 phuong trinh (1)
® u=(ab;c) 1amét VICP ctia A
e Diém M € A, suyra M(%, +at;y, +bt;z, +ct).
¢) Phuong trinh chinh tic ‘
Cho dudng thang A di qua M(x,;,2,) vac6 VICP z = (a;b;c) véi abe=0. Khi d6 -

X Y=Y _ 22
= = 2).

2) duoc goi la phuong trinh chinh tic cia duomg thing A .
goilap g g thang

phuong trinh dudng thing A 6 dang: =

2. Khoang cach
a) Khoang céch tir diém dén duimg thing

Cho dudng thing A di qua M,, 6 VTCP z va diém M ¢ A . Khi d6 d& tinh khoang
cachtit M d&n A ta cé cac cach sau: '
I MMo,uH

* Cich 1: Stt dung cong thirc d[M,d|= ,
u

e Céch 2: Lap phuong trinh mit phing (P) di qua M vudng goc véi A. Tim giao
diém H cta (P) véiA . Khi &6 46 dai MH 1a khoang céch ¢an tim.

® Cach 3: Goi Ne€d, suyratoadd N theo tham s& ¢. Tinh MN? theo 7. Sau d6 &im
gia tri nho nhit cia tam thiec bac hai.
b) Khoing cich giira hai duong thing chéo nhau

Cho hai dudng théng chéo nhau A di qua M, c6 VICP u va A' di qua Mo ¢6 VICP
4 . Khidé khoang cach giira hai dudmg théng A va A’ dugc tinh theo cac c:achw sau:

* Cach 1: Str dung cng thire d(A,A") = H’u—}}—{_f’i"' .

| [5.]

¢ Céch 2: Tim doan vudng goc chung MN . Khi d6 d¢ dai MN Iakhoing cichdan im.

* Cach 3: Lap phuong trinh mit phing (P) chitaqua A va song song véi A'.Khi d6
khoang cach can tim 13 khoang cach tir mét diém bat ki trén A' dén (P).
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3. Vitri
2) Vi tri tuong d6i giita hai dudng thing
X _Y~X _Z27%

Trong khéng gian Oxyz, cho hai dudng thing 4;: x_a == di qua

"M, (%4; 9032, ), €6 VICP u = (a;b;c) va d,:x_'x"J =y;'y;, =z—'z;, di qua M, (xb;y;,;zb)
a (4

¢6 VICP Z =(ad'e').
D& xét vi tyi tuong ddi clia d, va 4,, ta sir dung hai phuong phap sau:

Phuong phdp hinh hoc:
—— [ ] = |\ % HQ % _5%
od =d, & {u,,u2]=[u,,M,M,]=o hoéc{‘ P DAY
| M, <, M, ed,
o g 1=0 —_ a a, a
[ulvuz]—o AP a_22_35
sdld, & {_._~__. . C & 18 b b
ul,Mlelzo M, ¢d, M, ¢d,

od, cit d, &

——y —

u,,uz]. M,=0
*d, chéo i, & [, MM, 0.
Phitong phép dai s6:
Dyea vao s6 nghiém cta hé phuong trinh céc duong thing.
b) Vi tri twong d6i giita dudng thing va mit phing
Trong khdng gian Oxyz, cho
'Mijt phing (a): Ax + By +Cz+ D=0 c6 VIPT n, =(4;B;C) va dudng thing

x=x,+at
d:ly=y,+bt diqua M(x;,:2), 6 VICP u, =(a;b;c).
z=2z,+c

D& xét vi trj trong d6i cia d va (), ta st dung hai phuong phap sau:
Phuong phép hinh hoc:

N&y %7 thi d C (o).
M("o;J’o;zo)e (a)

*Néu [“4 L thi d|(a).
M (%53 7032, ) & ()

eNé&u u, khong ciing phurong voi n, thi d cit (a).

sd 1(a)¢ u, van, cungphuong u, =kn, v6i k=0.
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Phyong phdy dai sé:

x=x,+at (1)
Xét hé phuong trinh {7 =7 7% @
z=2z, +ct (3)
Ax+By+Cz+D=0 (4)
Thay (1), (2), (3) vao (4), ta duoc
A(x, +at)+B(y, +bt)+C(z, +at)+ D=0
& (Aa+Bb+Cc)t =—(D+ Ax, + By, +Cz,). (*)

Phuong trinh (*) 12 phuong trinh bic nhat, 4n ¢. Tacé
*Né&u phurong trinh (*) v6 nghigm ¢ thi d||(c).
*Né&u phuong trinh (*) cé nghiém ¢ duy nhat thi d cit ().

*Né&u phuong trinh (*) ¢6 v6 s8 nghiém ¢ thi d C(a).

Cha y: D& fim diém chung ctia dudng thing va mit phing ta giai phu’mT\g trinh bic .
nhét theo ¢, sau d6 thay gid tri ctia ¢ vao phuong trinh tham s6 ctia d &€ tim|(x; y; 2).
¢) Vi tri twong d6i giira duong thing va mit ciu
x=2x,+at :
Trong khéng gian Oxyz , cho dudomg théng va mit cdu d:{y =y, +bt , t€ R

z=2z,+ct }

va (S):(x—a)z +(y-b) +(J}r'—c)z =RZ.‘4'}A

D& xét vi tri tuong d6i clia 4 va (a), ta st dung hai phwong phap sau:

Phuong phdp hinh hoc:
*Budc 1. Tinh khoang céch tir tim [ ctia (S) dén 4.
*Buéc2. +Né&u d[I,d]>R thi d khéng cit (S).
+N&u d[I,d]=R thi d tiép xtic (S).
+Néu d[I,d]<R thi d cit (S).
Pizong phip dai s6:
® Budc 1. Thay x, y, z tit phuong trinh tham s6 cia d vao phuong tr‘mh§ (8), khigé
ta duoc phuong trinh bac hai theo z.
* Budc2. +Néu phwong trinh bac hai v6 nghiém ¢ thi 4 khéng cét (S).
+ Né&u phwong trinh béc hai c6 mét nghiém ¢ thi d tiép xtic (S).
+ Néu phuong trinh bac hai cé hai nghiém ¢ thi 4 cit (S).
Chit i : D€ tim diém chung ctia dudng théng va mit ciu ta giai phwong tinh bac hai

theo ¢, sau d6 thay gia tri clia ¢ vao phwong trinh tham s6 cia d d& tim (x:3:2).
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4. Goc ‘

a) Goc giira hai duomg thing
Trong khgﬁng gian Oxyz, cho hai dudng thing d,, d, I4n luot cé cac VIPT I .
Goc gifra} d, v d, bing hoc bl véi géc giira u Vi 4 .

|ul Sy
Tie 1a: ca)s(d,,d) lcos u, uz)

fel ]
b) Goc gitra ;du’img thing va mjt phing
Trong khq:ng gian Ozyz, cho dudng thing d o6 VICP 4, vamit phing (o) c6 VTPT 7.
Goe gi&a’du&ng thing d va mit phéng () bang géc gitta dudng thing ¢ véi hinh
chigu d' chané trén (a).

T la: silin(d,( Icos Uy, *—-
ud

l“l

)

Vin d& 1. PHUONG TRINH PUONG THANG
‘ SRS
Céu 185. Trong khéng gian vdi hé toa o Ozyz, cho dudng thing d "T“l = 1_183 - z—;ﬁ
Vecto néxqi dudi day ia mét vecto chi phuong ctia d ?
An=(2-3). Big=(-1-23). Ci5=(5-87). D.u=(-85).
Cau 186. Tron% khéng gian véi hé toa d6 Oxyz , cho céc dudng théng c6 phuong trinh sau:

x=2+2t x=2-4 4 s .,
D:iy==3 . (@:y=6 . (m):Z=2-2= - z; :
z=-3+5¢ z=-3-10¢

Trong céjphuong trinh trén phuong trinh nao la phuong trinh ciia duomg thing qua
M(2;0,-3) vanhin a=(2;~3;5) lam mdt VTCP:
A.Chico i[I) B. Chi c6 (III) C.(I) va (II) D. (I) va (III)
Ciu 187. Tro#(g khéng gian véi hé toa d6 Oxyz, cho hai diém A4(2;3;~1), B(1;2;4) va ba
duong thébg ¢6 phirong trinh sau:

x=2-¢ 3 x=1-z
@):{y=3-¢ . (11):"; =yT_=z+51_. (I):iy=2—¢ .
z=—1+5¢ B z=4+5:
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Ménh dé nao sau day la dang?

A. Chi ¢6 (I) 1a phuong trinh ctia dudng thing 4B .

B. Chi c6 (III) 1a phuong trinh clia dudng thing 4B .

C. Chi ¢6 (I) va (II) 1a phuong trinh ciia dudng thing 4B .

D. Ca (I), (II), (III) deu la phuong trinh clia dudng thing 4B.

. i 4
“du 188. Trong khong gian vdi hé toa d6 Oxyz, cho duong thang d: £=Lﬂ§ =2t .

2 7 4
Xét cac khing dinh sau: ;
(1). 4 c6mot VICP 1a a =(2;7;4).
(1) . Diém M (0;—8;—4) thudc dudng thing (4).
x=2t
(III). Phuwong trinh tham s clia d:{y= -8 +7t.
z=—4+44¢
Trong céc khéng dinh trén, khéng dinh nao ding? j
A.(I) B.(II) C. (1) D. Ca (I), (I1) wa (III).
' x=2-1
“au 189. Trong khong gian véi hé toa dd Oxyz, cho dudng thing d:{y=1+r.Phuong
z=t

trinh nio sau day la phuong trinh chinh téc ctia d ?

A X=2_y_z+3 g *t2_»y _z-3
-1 1 -1 1 ~1 1
x—2 y-1 =z
Cx-2=y=2+3 D. ===
Foimy=E -1 11
“4u 190. Trong khéng gian voi hé toa 46 Oxyz, giao di€m cta hai dudmg theamgj
x=-=3+2¢ x=5+t'
dily=-2+3tvad':{y=-1-4t cdtoaddla:
z=6+4t z=2-8r'
A.(—3;—-2;6) B.(3;7;18) C.(5-120) D.(3;-2;1) .

|
“au 191. Trong khéng gian véi hé toa d6 Oxyz , cho dudng thing A di qua diém M (2;0;-1)
va c6 vecto chi phuong 2= (4;-6;2). Phuong trinh tham s8 cia A la:

x==2+4r x=-2+2t x=2+2¢ x=4+4+2t

Ajy=-6r B.iy=-3r Cly=-3¢ D.iy=—6-3t
z=1+2r z=141t z=-1+¢ z=2+t

“4u 192. Trong khéng gian véi hé toa dd Oxyz, cho d la dudng thang di qud hai diém
A4(2;-1;3) va B(0;2;1). Phuong trinh ndo sau day la phuong trinh tham s& ctia d 2
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x=4t x=2+42t x=-2+2¢

Ady=2+6r B.iy=—-1+3 C.iy=5-3t D. Ca A, B, C déu sai.
z=1-4t z2=3+2¢ z=-1+42¢

Cau 193. Trong khéng gian v6i hé toa d6 Oxyz, phuong trinh nao sau day la phuong
trinh chinh tic ctia dudng théng di qua hai diém A4(1;2-3) va B(3;—11)?
x=1_y-2 z+3

AX-l_y-2_ z+3 gx-l_»=2_
'3 -1 1 2 -3 4
cx=3_y+l_z-1 pX¥l_y+2 _z-3

1 2 -3 2 -3 4

Ciu 194. Trong khéng gian véi hé toa d6 Oxyz, dudng thing di qua diém M (1;2;3) va
song song vidi truc Oy ¢6 phuong trinh tdng quat la:

x=1H1z x=1 x=1 x=1-r
Ad:{y=2 B.d:{y=2+1t Cd:iy=2 D.d:jy=2+t
z=3 z=3 z=3+t z=3-:

Ciu 195. Tronj{g khéng gian véi hé toa dd Oxyz, cho d 1a dudng thidng di qua diém
A(1;2;3) va vudng goc véi mit phing (a):4x +3y—Tz+1=0. Phuong trinh tham s§

clia d la:
x=-144r x=1+4¢ x=1+3¢ x=-—1+8¢

| Aly=—2+3 Bly=2+3 Cly=2-4: D.ly=—2+6r
z=-3-Tt 2=3-Tt z=3-Tt z=-3-14¢

Ciu 196. Trong khong gian véi hé toa d6 Oxyz, cho ba difm 4(0;0;1), B(-1;,—2;0) va
C(2;5-1). Duong thing A di qua trong tim G cia tam gidc ABC va vudng goc voi

mt phéng (ABC) c6 phuong trinh la:

1L 1 1 1
x=§—.at x—§+5t x—§+5t x—g—St
A. y=—l-§—4t B. y=—-1-—4t C. y=—l+4t D. y=—l—4t
3 3 3 3
z=73¢ z=3 z=3t z=-3¢
Cau 197. Troné khéng gian véi hé toa @6 Oxyz, cho 4 1a dudng théng di qua gbc.toa dd
x=141
0, vubng goc véi truc Ox va vudng goc voi duong thing A:{y=2—¢ . Phuong
z=1-3¢
trinh cta 4 la:
x=t x=1 x=0
Ady=3 B.ly=-3 ci=2-% D.iy=-3
z=—t | z=—t b3 - z=t

215


http://www.facebook.com/groups/TaiLieuOnThiDaiHoc01
http://www.facebook.com/groups/TaiLieuOnThiDaiHoc01

Cdu 198. Trong khéng gian v&i hé toa dd Oxyz, cho hai dudng thing

=t
d: y——l ~4rva 4,2 =T1=z+52'
z=6+6¢ -
Trong céc phuong trinh sau déy, phuong trinh nao la phuong trinh cua ducrng thang" .

d; qua M(1;—1;2) va vudng géc vdi ca d,, d,.

A.x+4 y*1=z+3 B _ _
5 2 7 14 17 9
¥=1_y+1 '2-2 D x—1 y+1 z—2
14 9 3 R R iy

Céu 199. Trong khéng gian véi hé toa dd Oxyz , cho dudng thing

xX=—=—t
5
d:iy="5t vémétphéng (P):Sx—2y+32—1=0.

7
z=—+43t
5
Goi d' 1a hinh chidu cia 4 trén mit phing (P). Trong cic vecto sau, vecto nio '

khéng phai 1a vecto chi phwong cia d'?

A.(5,—51;,—-39) B.(10;-102;—78) C.(-5;55;39) D.(S;Sl;Bb)
x=2+3t
Cau 200. Trong khéng gian voi hé toa d6 Oxyz, cho dudng thing d:1y=1-7 . Dubdng
z=-2-2t '
théng nao sau diy vuéng g6c vacit d?
x=24t x=5+r x=-1+2¢ x=1+2¢
Ad:iy=1+2t B.d,:jy=-— Cd,:{y=2+2¢ D.d,:{y=2—:
z=-2—¢ z=-4+2¢ z=242¢ z=24¢
Céau 201. Trong khéng gian v6i hé toa d6 Oxyz , cho hai duong thing
x=1+41¢ x=0
d:iy=0 vad,:{y=4-2¢r".
2= 541 z=5+3¢
Phuong trinh dudng vudng géc chung cua d, va d, la:
4 ) x=4—1
..x—— =L=z_ B.jy=3¢
2 -3 =2
z==2+4¢
C.x-i-4=Z=z—2 D.:c—4=z_=z+2
-2 3 2 -2 3 2

216


http://www.facebook.com/groups/TaiLieuOnThiDaiHoc01

Cau 202. Trong khéng gian véi hé toa dd Oxyz, cho diém M (2;-11) va hai dudng thing

x—2 y-1 =z-1 x—2 y+3 z-1 R L < "
d: w2 =2 4 =2 ="_— Dudngthang A cat d,, d, lan lugt
VT T D T % T T T §fhang 1 G HERINO
tai A va B saocho M latrung di€ém clia 4B 6 phuong trinh:
x=2 x=-2 x\=2 x=2
Aly=14: B.{y=1+: C.ly=—1+t D.ly=1+:
z= z=-1 z=1 z=-1
Céu 203. Trong khong gian véi hé toa dd Oxyz , cho hai dudng thing
2 y2 s-3 P02
d,:"; =’”+1 =ZI ,dy ]y =1+2r vadidm A4(1;2:3).
z=—1+t¢

Duong th%'mg A qua A4, vudng goc véi 4, va cit d, c6 phuong trinh la:

Azl _y-2_z-3 prx=l_y-2_z-3

1 | -3 -5 -1 - -5
Cx_—l_]’y_—-_Z__z—3 x—1 y-2 z-3
"1 3 5 1 3 -5

_ Cau 204. (Drl‘;: MINH HOA QUéC GIA NAM 2017) Trong khéng gian véi hé toa dod

Oxyz, chuP didm A4(L,0;2) va dudng thing d:—x—l_—1=21}-= 241 via phuong trinh
dudmg théng A diqua 4, vudng gocvacit d.
A AERE_2 222 BaEolor_z72
1 1 1 1 1 -1
cazzloz 222 p.aXZloy 222
2 2 1 1 -3 1

x=1+1
Cau 205. Trong khéng gian véi hé toa d§ Oxyz, cho dudng thing d:{y=2t , diém
z=—1
M(1;2;1) va mit phéng (P):2x+y-2z-1=0. Dudng thing A di qua M, song

song véi (P) va vudng goc véi d c6 phuong trinh:

A Fploy=2_z-1 B A Xzl 22 _z-1
4 -2 -3 - -2 3
x-1 y—2 z-1 x—1 y-2 z-1
e L D.A =2
C.a= 2 3 4 -2 3

Cau 206. Trqjong khéng gian v&i hé toa dé Oxpz, cho mit phéng (P):x+2y=0. Phuong
trinh n2o sau ddy 12 phuong trinh dudng thing qua 4(—1;3;—4) cit truc Ox va song
song véimit phing (P):
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x=5+6¢

x=—1+3¢
Ajy=-3 B.iy=3+:
z=4r z—4—¢
C.x-l-l=y—3=z+4 D'x+1___y—3=z+4
s 2 a4 6 5 4
Céu 207. Trong khéng gian véi hé toa d3 Osyz, cho dudmg thing d: ¥ —>=2=3 _

r=3
1 3
mit phing (@):x+y—z+3=0 vadiém 4(1;2—1). Dudng thing A di qua 4 cht

va song song v6i mit phing (e) ¢ phuong trinh la:
x—1 y—-2 z+1

i,
2/
d

x=1_y-2_ =1l _y=2_z+1
1 2 1 o1 =2 1
x=1 y-2 z41 x—1 y—-2 z+1
o m— I e T e D_—-—=—=

¢ 1 -2 -1 1 2 1

Cau 208. Trong khdng gian v6i hé toa d6 Oxyz, cho mit phing (P): x +2y—3z+4=0
va dudng thing d: xt2_y-2_z

=7 . Dudng thing A nim trong (P) d‘é‘xJpg thoi cit
va vudng goc véi d c6 phuong trinh:

A A XT3yl _z-1

- B. A X3 _y+l_z-1
1 -2 -1 1 -2 -1

C. A x+3=y—l_z—1 D A_x+3_y—l_z+1
1 -2 -1 T -

1 -2 -1 ‘
Cau 209. Trong khéng gian véi hé toa @8 Oxyz, cho hai diém A(3;31), B(0;2§;1) va mit

phing (P):x+y+2z—7=0.Dubdng thing d nim trong (P) sao cho moi d?ié’m ca d
cach déu hai dim 4, B ¢6 phwong trinh la:
x=t

x=2 x=t x=—t|

A jy=7+3 B. {y=7-3r Ciy=7-3 D.y=7-3¢

z=2r z=t z=2t z=2r
S

Vin dé 2. HINH CHIEU - KHOANG CACH
=0

“au 210. Trong khéng gian vdi hé toa &6 Oxyz, cho diém M (2,-6;3)

x=1+3¢
va duong thing d:{y = -2-2t.
z=t
Toa d6 hinh chiéu vudng géc ctia M 1én 4 Ia:.
A.(1,-2;0) B.(-8;4;-3) C.(1;2;1) D.(4-4;1)
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x—2 y-1 =z+1

vadiém 4(1;2;3). Toa 46 diém 4' d8ixtng véi 4 qua d la:
A'(3L=5) B 4(=305) C. A4'(3,0,-5) D. 4'(3L5)

Ciu 212 Troqg khéng gian véi hé toa 46 Oxyz, cho cho diém 4(~1;3;2) va mit phéng
(P):2x— S5p+4z-36=0. Toa d6 hmhchleu H cta A trén (P)1a.

AH(- L-26)  B. H(126) G OH(L-26) D. H(;-2;-6)

Ciu 213. Troné khong gian voi hé toa d6 Oxyz , cho tam gidc 4BC 6 A(3;0;0), B (0';—6;0),
C(0;0;6) va mit phing (a ) %+y+2z-4=0.Toa dd hinh chiéu vudng géc clia trong

- tAm tam: gi%c ABC 18n mit phing (a) 1a _
A.(2-1;3). B.(21;3). C.(-2-13). = D.(2-L-3).

Cau 214. Troné khéng gian véi he toa d6 Oxyz, cho mit phing (P):2x+3y—2z—7=0 va
diém A(3,5,0) -Goi 4' la diém d6i xing cta 4 qua mit phing (P). Diém 4'c6 toa
dé la: i )

A A'(L-L2) B. A'(-}-12) C. 4'(5;1;2) D. 4'(-L-1;-2)

Cau 215. Trong khéng gian véi hé toa 6 Oxyz, cho diém 7(1;2;3) va mit phing (a) o

. phuong tr‘m?\h 2x—2y—2z—4=0.Mit cau (S) cé tam I ti&p xtc véi (a) tai H. Toa

? dé diém H I _
o v .
fBEY n(24Y ety opay

Cau 216. Trbng khéng gian véi hé toa d6 Oxyz, biét ring mat phing
(P):2x- 2le z-3=0 cdt mit cau (S) cé tam I(3,-1, —4) theo giao tuyén 1a mot

" dudng tron. Tam H ciia dudng tron giao tuyén la diém nao sau déy:

A. H(1,13) B. H(1,1,-3) C. H(-1,13) D. H(-3,1,1)
x=t
Cau 217. Trong khong glan véi he toa dd Oxyz, cho dudng thing A:1y=8+4r va mit
N v z=3+4+2

ph'éng (P):x +y+z-T=0. Phu'ong trinh duong thing A' 14 hinh chidu vuéng géc
cia A trén (P) la:

x=8+4r jx=-8—-4r x=-8+4r x=—-8+4¢
A ly=15-5 B.{y=15-5¢ Cly=5-5 D.{y=15-5¢
z=1 - zZ=1. z=1. z=1.
’ x=1+42¢
Céu-218. Trong khdng gian véi hé toa d6 Oxyz » cho duong thing A:{y=2
| z=—t
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Khoang céch tir 4(0;—1;3) dén duong thing A bing:
A. V3. B. i4. C. Ve. D. 3.
Cau 219. Trong khéng gian véi hé toa d6 Oxyz, cho dudng thing A T_l

Khoang cach tir 4(1;0;3) d&n A béng:
25 5 6
A —. B. . C. 2+5. D. —.
3 3 v s ,
Cau 220. Trong khéng gian véi hé toa dé Oxyz, cho ba diém A(L;-1;0), B(1;0;-2),
C(3;~1;~1) . Tinh khoang céch tir diém 4 dén dudng thing BC.

Cau 221. Trong khéng gian véi hé toa d6 Oxyz, ban kinh ctia mit cau tam I(I; 3;5) va
x_y+1 _z= 2

ti€p xtic véi du'c‘mg'-théng d: 1= bing:
A V4 B.14 C. f D.7

Cau 222, Trong khong gian véi hé tea 46 Oxyz, d@ tinh khoang cich it diém A dén dudng
thing d cho trudc, mot hoc sinh di trinh bay bai giai theo thir twr cic bude nhu sau:
Budc 1. Viét phuong trinh mit phing (o) chira 4 va vudng géc véi d .

Budc 2. Tim toa d6 giao diém H ciia (o) va d.
Budc 3. Tinh todn va két luan d[4,d]= AH .

Bai giai trén sai & budc nao?

A.Buée 1. B. Buéc2. . C. Buée 3. D. Khéng sai
Cau 223. Trong khéng gian véi hé toa d& Oxyz, cho dudng thing d4: 52;1 = y—l_-z =z ;3
va mit phing (P):3x—2y—z+5=0.Khoang cich gitta 4 va (P) bang:
a2 p 1414 c. Via. D. 2.
14 9 Jia
A N . oA N C e 2 x—2 y+1 z+43
Ciu 224. Trong khéng gian véi hé toa d6 Oxyz , cho hai dudng thang d, : T =5 =
va d, —1_-1- = qu -zl - Tinh khoang cach giita hai dudng thing d, va d,.
A 43 B. i ci. p. 43
3 2
Céu 225. Trong khoéng gian véi hé toa dé Oxyz, cho hai dudng thing
x=1+2¢
Anly=-3+r va A": x-;Z y—?:%
z=4-2r - -
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Khoang cich giita hai dudng thing A va A' bing:

NI cHE
3 386 5 3
Céu 226. Trong khéng gian véi hé toa 46 Oxyz , cho hai dudng thing
A:x—2=y—3=z—l vA d;x"1=L=z+1,
2 —4 =5 1 -2 2
Khoang cich gifta hai dudng thing A va d béng:
45 V5
A5, B. 3. C —=. D. 2.
V14 5
Cau 227. Trong khong gian véi hé toa d6 Oxyz, cho hai duong théng
x=1-¢ x=2t
diyy=t vad:{y=—1+r.
z==t z=t¢
Khoang cich gitta hai dudng thing d va 4" Ia:
1 1
A. 14, B. . C. 7. D. —=.
V14 J7

‘Cau 228, Trong khéng gian véi hé toa dd Oxyz, cho cac didm A(LL1), B(2;-1,3),

C(-L-1--2) va D(~3;5;-3).
Tinh khoang cach giita haj dudng thing 4B va CD.

15 20 10 5
A.ﬁ. B.TI_E. , C\/_il—?i_ D.ﬁ.

Ciu 229. Trong khong gian véi hé toa d6 Oxyz, cho cac difm 4{0,0;2), B(1;0;0),
€(2;2;0) va D(0;m;0). Didu kién ¢in va dt ctia m d& khoang céch giita hai dwong
thing 4B va CD béng 2 la:

m=4 m=—4 m=4 m=—4

B. . C. D.

A . . .
m=-2 m=2 m=2 m=—2

Céau 230. Trong khéng gian véi hé toa d6 Oxyz, cho hai duong théng [an lwot ¢6 phuong
trinh la

x=1+2r x=3—1¢
d {y=2 vad,:iy=4+¢.
z=—t z=4

D6 dai doan vudng géc chung ctia hai dudng thing d, va d, bing:

A. 26 B. V6. C. 242 D.4..
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o=

Vin da 3. VI TRE
=0

Cau 231. Trong khong gian véi hé toa d6 Oxyz , cho duong thﬁng A ilt- = —-—=

qua diém M (2;m;n) . Khi d6 gia tri ciia m, n# Ian luot la:
A m=-2n=1 B.m=2n=-1 C.m=—-4;n=7 D.m=0;n=7
Cau 232. Trong khoéng gian voi hé toa d6 Oxyz , cho hai dudng thé"mg

x=—1+3t ! ) 3
djy=—t véxa’z;x_3 ___y; =z;..
z=1-2t - :
Vi tri twong d6i cua 4, va d, la
A. Song song. B. Triing nhau. C. Cétnhau. D. Chéo rihau.
Cau 233. Trong khéng gian véi hé toa d6 Oxyz, cho hai dwong thing
x=—1+2r . ) 9
d {y=—t védzzx_ X _Ef
-2 1 -1
z=141¢
Vi tri twong d6i ctia 4 va d4' 1a:
A. Song song. B. Trling nhau. C. Cét nhau. D. Chéo nhau.
C4u 234, Trong khéng gian véi hé toa d6 Oxyz, cho hai dudng thing
3_y-2_ z-1 ¥=
d: R A A N St Y d, jy=2
1 2 1
z=2+¢

Vi trf twong d6i cia d va d' la: )
A. Song song. B. Triing nhau. C. Cétnhau. D. Chéo rihau.
Cau 235. Trong khéng gian véi hé toa d6 Oxyz, cho hai duodng t}1§ng

) x=2t
d‘:£=l=z_ vad,:jy=-3-t.
1 2 -3
z=0
Ménh d& nao sau ddy dung:
A. d, songsong d,. o B.d, va d, chéo nhau.
C.d, cét d, va vudng géc véi nhau. D. d, vudng géc d, va khong cét nhau.

Cau 236. Trong khéng gian v6i hé toa d8 Oxyz , cho hai dudng thing

x=1r
d:dy=-2+3t va dzz"+4=3’;2=z:5
z=6—-4¢
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Ménh dé nao sau day dung:
A. d, songsong d,. B.d, va d, chéonhau.
C.d, cat a?z va vudng géc véi nhau. D. d, vudng géc d, va khéng cit nhau.
x==1+2t
~ Cau 237. Trong khéng gian véi hé toa dd Oxyz, cho dudng thing d:{y=—: . Trong
z==2—¢
cdc dudng thing sau, dudng thing nao vuéng géc véi d ?
x=3t x=2
A d {y=1+t. B.d,:{y=2+t.
z=15¢ z=1+4¢

C. d;:

Céu 238. Trong khéng gian véi hé toa d§ Oxyz, cho dudong thing 4: x+2_» = Z;I .

2 —_

—t

Trong céc duong thing sau, dudng thing nao song song véi d ?
x=2+3t x=3t

A.d{y=2-¢ . B.d,:{y=1+¢.
z=1+4¢ z=15t

x=t
Céu 239. Trong khéng gian v6i hé toa dd Oxyz, cho dudng thing d:{y=2 . Trong cic
z=2+4t
dudmg thing sau, dudng thing nao cit d ?
x=3_ y=2 _ z—1 x=1_ _y-2 2z-3
A-d]-_T'z—_z_—T- . . 1 _1 1 .
x=2-t x=142¢
Cdyiiy=1 . D.d,:iy=2
z=—t z=3+2t

Céu 240. Trong khong gian véi hé toa dé Oxyz, cho hai duwdng théng

x=1+‘at 3 2
d:ly=-2+¢t va d‘:—;—:y;=z+ .

~1 2
z=-2t
Vi gia trj nao sau day ctia ¢ thi 4 va d' song song v6i nhau?
Aa=0 B.a=1 Ca=-2 D. Khdng ton tai.
Ciu 241. Trong khéng gian véi hé toa d6 Oxyz, cho hai duong thing
’ x=n+2t
d, :T=-:-T=T va d,:{y=-1-2¢.
z=34+mt
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Vi gid tri ndo ctia m, n thi hai duong thing d6 triing nhau?
A m=2n=5. B.m=-2,n=5. C.m=5n=2. D.m=-5n=2.
Cau 242. Trong khong gian voi hé toa d Oxyz , cho hai durdong thing f8n luot ¢ phirong trinh

x=1+at x=1-t¢
d:{y=t vad,:{y=2+2t.
z=-1+2¢ z=3-¢

Véi gid tri ndo ctia a thi d, va d, cit nhau?
A . a=0. B.a=1. C.a=%. D.a=2.

Cau 243, Trong khéng gian véi hé toa d Oxyz , cho cho mit phéng (P):x—2y+32z—1=0 va

. L x=1 y-2 =z-3
ot th d: = =
wong thang 3 3 I

Khing dinh nao sau diy déng:

A. Duong thing d cit mit phing (P).

B. Dudng thing d song song véi mit phing (P).
C. Pudng thing d nim trong mét phing (P).

D. Dudng thing d vudng géc véi mit phing (P).

x=1-t
Cau 244. Trong khong gian véi hé toa d§ Oxyz, cho dudng thing d:1y=2+4¢ va mit

z=—t
phing (a):x+y+2z—1=0. Vi tri trong d&i ctia d va (o) la:
A.Dudng thing d cit mit phing (a).
B. Dudng thing d song song v6i mit phing (o).
C. Puodng thing d nim trong mit phing (a).
D. Dudng thing d vudng goc véi mit phing (a).
Cau 245. Trong khéng gian véi hé toa dd Oxyz , cho mit phéng

x+1 _ y-1_ 2-2

(P):9x+3y~10z+26 =0 va dudng thing d: y 2 3

Ménh dé nao sau diy 1a ding?
A.d||(P). B.dc(P). C. d L(P).
D. d chi cét (P) nhung khéng vuéng géc.
Cau 246. (DE MINH HOA QUC’)C GIA NAM 2017) Trong khong gian véi hé toa 6 Oxyz, cho
x=10 y—-2 2z+42
5 1 1

dudng thing A: . Xét mit phing (P):10x+2y+mz+11=0 véi

m la tham s& thuc.
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Tim t4t ca céc gid tri cia 7 d&mit phing (P) vudng géc véi dudng thing A.

A m=-2. B.m=2 C.m=-52. D.m=52.
Cau 247. Trong khéng gian véi hé toa d6 Oxyz, cho mit phing (P):2x+y—2z+3=0 va
x=2+mt
dudng thing d:{y=rn+3t . Vi gid tri nao ctia m, n thi d ndm trong (P)?
z=1-2¢
A.m=—§,n=6. B.m=-5—,n=6.
2 2
C.m=§-,n=-—6. D.m=—§,n=-—6.
2 2
Céu 248. Trong khéng gian vdi hé toa d6 Oxyz, cho mit phing (P):2x—2y+z-n=0
x=1+2¢
va dudng thing d:{y=~1+¢ . Véi gia tri nao cia m, » thi d song song (P}?
z=34+(2m-1)z
m——-]'- me—— m——l mz—l
A. 2. B. 2. cCi 2. D. 2.
n=7 n=7 n=7 n=7

Cau 249. Trong khéng gian véi hé toa d6 Oxyz, cho mit cdu (S) 6 phwong trinh

x=-142¢

(x+1) +(y=2)° +(z—1)" =4 vadudngthing d:{y=2¢ . Trong cac khing dinh
z=1

sau, kh:fmg dinh nao 1a ding nhat ?.

A.d khongcit (S) ' B. d cit (S)

C. d 13 tiép tuyén cua (S) D. d cit (S) va di qua tdm cta (S).

Cau 250. Trong khéng gian véi hé toa dd Ozyz , chomit u (8): (x +1)7 +(y—2) +(z—-1) = 4.

Pudng thing nao sau day cit mit cau (S)?

x y-1_ z+2 x_y—2_2z-3
A.dl:—2-=-¥1—= ; B.dy:7=2—="
x=2-3t x=-2+3
Cd:iy=2t D.d,:{y=-2t
z=1 z=—t
x=-3
Ciu 251. Trong khéng gian vdi hé toa d6 Oxyz , cho duong thing d:{y =2+2¢ va mét ciu
z=3+1¢

(S) c6 tam I(1;2;-2), di qua géc toa dd O. Trong céc khing dinh sau, khéng dinh
nao dang?
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A. d 12 ti€p tuyén clta mit cau (S). B. d cét (S) tai hai diém.

C. d va (S) khéng cit nhau. D. d song 'song véi dudmg théng qua I va 0.
Cau 252, Trong khéng gian véi hé toa dé Oxyz , cho miit cau
x =244
(8):(x=1 +(y+2)" +(z-3)" =25 va dudng thing d:{y =5+3/.
z=4+t

Khiang dinh no sau day 13 ding nhit:
A. (d) ti€p xtc v6i (S) tai M(=2;2;3). B. (d) va (S) khong cét nhau.
C. (d) cit (S) tai hai diém. D. (d) cit (S) va di qua tam cua (S).

===

Vin d2 4. GOC

=

Céu 253. Trong khong gian v6i hé toa d6 Oxyz, cho hai dudng thing

x=—t
d :{y=-14+4r va d,:£=—y+8=z+3.
! 1 -4 -3
z=23t

Xéc dinh gdc giita hai-duong thing d, va d,.
A0 B. 30° C. 60° D. 90°
Céu 254. Trong khéng gian véi hé toa dé Oxyz, cho hai dudng thing

x=t x=1-4r
Aly=5-2r vaA':{y=2+1:
z=14-3¢ z=-1+45¢

Xac dinh géc gilta hai dudong thing A va A'.
A. 30° . B. 45° C. 60° D. 90°
Cau 255. Trong khéng gian voi hé toa dé Oxyz , cho bdn diém A(1;0;0), B(0;1;,0), C(0;0;1)
va D(-2;1;-1). Géc gitta hai canh 4B va CD c6 58 do la:
A. 30° B. 45° C. 60° D. 90°
Céu 256. Trong khong gian v6i hé toa d§ Oxyz , cho hai dudng thing

dl:x—l=lzz+l véd,:x+l=y—2=z+3.
2 2 -1 | -2 1
Tinh cosin cta géc giita hai dwong thing d, va d, .
Al 5L c ¥ D. L2
3 2 6 2
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Cau 257. Trong khéng gian v6i hé toa dd Oxyz , cho hai dudng thing

x ==1+1 x =24t
d :ly =—V2r vad, {y =1++2¢ .
z =2+t z =2+mt

D& hai dudmg thing hop véi nhau mét géc bing 60° thi gi4 tri cia 7 bing:

Am=1 B.m=-1 C.m=s D.m=-—t
2 2
x=6+5t
Céu 258. Trong khéng gian véi hé toa 46 Oxyz, cho dudng thing d:{y=2+¢ vamit
z=1
phing (P):3x~2y+1=0. Tinh géc hop bi giira dudng thing @ va mit phing (P).
A. 30° B. 45° C. 60° D. 90°
Céu 259. Trong khéng gian véi hé toa d Oxyz , cho dudng thing d: % ; 3 yl;Z =% va

mét phing i(a):3x +4y +5z +8=0. Géc gitta dudng thing (4) va mét phing ()
6 56 do la:

A. 30° B. 45° C. 60° D. 90°
’Cﬁu 260. Trong khéng gian v6i hé toa dd Oxyz, cho mit phing (P):x—2y+2z-3=0 va
dudmg thing d:%:%:%.ﬂnh sin ctia géc gitta dudng thing d va mit phing (P).
A g 33 c ¥ p. Y8
2 2 6 3
S

Vin da 5. TIM DIEM THOA MAN PIEU KIEN CHO TRUGC

=

Ciu 261. Trong khéng gian véi hé toa dd Oxyz, cho dudng thing A: xl_y+2 z+l va

2 1 -3
diém A4(2;—5—6). Tim toa d6 diém M ndm trén A sao cho 4M = J35.
A. M(1;0;—1) hodic M(5;0;=7). B. M(1;-2;-1) hodic M(5;0,-7).
C. M(3;,—2;0) hodc M(5;0;—7). D. M(L;—2;—1) hoic M(-3;-45).
Cau 262. Trong khéng gian véi hé toa dd Oxyz, cho dudng thing d: 32‘_ = %1 = i-lﬂ va

mit phing (a):x—2y—2z+5=0. Tim dim 4 trén d sao cho khoang cach tir 4
dén (a) bang 3.
A. 4(0;0;-1) B. 4(-2;1;-2) C. 4(2;,-1,0) D. A(4;-2;1)

227


http://www.facebook.com/groups/TaiLieuOnThiDaiHoc01
http://www.facebook.com/groups/TaiLieuOnThiDaiHoc01

Cau 263. Trong khéng gian v6i hé toa 46 Oxyz, cho mit phing (P):2x—y—2z=0 va

duodng thing d: xT—I —r_z+2 . Tim toa d6 di€m 4 thudc Ox sao cho A4 cich déu

2 2
d va (P).
A. 4(2;0;0). B. 4(3;0,0). C. 4(4,0,0). D. A(5,0;0).

Cau 264. Trong khdng gian véi hé toa d6 Oxyz, cho hai diém A(1;4;2), B(—1;2;4) va dudng
théng d:x—__l—l=l%_—2=§ .Tim toa d6 dim M thudc d sao cho MA4* + MB? =40.
A.M(0;1;2) hodc M(-2;1;6). B. M (0;-12) hodc M(2;1;6).

C. M (0;,-1,2) hodc M(-2;1;6). D. M(0;1;2) hodic M(2;1;6).
x=1+¢

Cau 265. Trong khong gian voi hé toa 6 Oxyz, cho dudng thing d:{y=1+7 va diém

z=90
M(4;0;4). Tim trén dudng théng d hai diém 4, B sao cho tam gidc M4B déu.
A. 4(4,4;0), B(0;0;0).
B. 4(0;0;0), B(4;4;0).
C. A(4;4;0), B(0;0;0) hodc A(0;0;0), B(4;4;0).
D. Khéng c6 diém théa mian ditu kién bai toan.
Cau 266. Trong khéng gian véi hé toa d6 Oxyz, cho diém A4(0;—1;3) va dudng thing

x=1+2¢
d:iy=2 . Tim trén dudng théng d diém H saocho AH c¢6 d6 dai nho nhit.
z=~t
A. H(1;2;-1). B. H(-1;2;1). C. H(52;-2). ( )
Cau 267. Trong khéng gian v6i hé toa d§ Oxyz , cho dudng thing d: 2— 1 2 % va

hai diém A4(0;1;1), B(—5;0;5).Diém M thudc d théa min MA®> + MB® 6 gia tri nho
nhat. Gi4 tri nhé nhat d6 bing:

A.28. B.76. C.2V7. D. 4.

Cau 268. Trong khéng gian véi hé toa dé Oxyz, cho hai di€m A4(0;3;1), B(-5;0;5) va
dudng thing dudng thing d: 3‘-—11 = y—l+2— = —;- . Tim toa d6 diém M thubc d sao cho
[#24 - 33B] <6 gia tri nho nht.

A M(1,-2,0). B. M(-12;0). C. M(-328). D. M(0;--1;2).

Céu 269. Trong khéng gian véi hé toa 4 Oxyz, cho hai diém 4(1;-5;2), B(3;-1;,-2) va
x+3 _ y-2 z+3

duodng thing d: =
uong thang 1 2
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Diém M thudc d théa man MA.MB c6 gi4 tri nho nhét. Gié tri nhé nhat 46 bing:

A V21, B.29. C. 21. D. 29.

Céu 270. Trong khéng gian vdi hé toa dd Oxyz, cho hai diém A(0;L1), B(1;2;1) va
dudng thing d: ——y—_%l— z 22 Tim toa d§ di€ém M thudc d sao cho dién tich
tam gidc MAB c6 gia tri nho nhit.

A. M(2-3;-2). B. M(0;—12). C. M(5;-2;0). D. M(~10;4).
S

Vin d& 6. TONG HOP

=0

Cau 271. Trong khéng gian véi hé toa 46 Oxyz, cho diém A (1;2;3) va dudng thing

d :%=f—= : . Phurong trinh mit phing (o) diqua 4 vachta d la:
A 23x +17y -z +14=0 B. 23x —17y —z +14=0
C. 23x +17p +2 —60=0 D. 23x ~17y ~z —14=0

Cau 272. Trong khéng gian véi hé toa d6 Oxyz , cho mit phing (P):x —2y +2z ~3=0

va dudmg thing 4 : 2 +12 =2 = f—;:é- . Phuong trinh mét phing (o) di qua gdc toa

’ +dd O, vudng géc véi (P) vasong song véi d la:
A 2x+4y +5z2 =0 B. 4x +2y +5z =0
C.2x +5y +42 =0 D. 5x +2y +4z2 =0
Cau 273. Trong khéng gian v6i hé toa dd Oxyz, cho mit phing (P):x+y+z-3=0,
x=2~t
dudng thing d:{y=8+¢ vadiém M (1;—110). Toa d$ diém N thudc {P) sao cho
z=-1-3¢
MN song song véi d 1a:
A.N(2;2;-1). B.N(2;-2;3). C.N(-2,-2,7). D.N(3;5-1).

Cau 274. Trong khdng gian voi hé toa d6 Oxyz, cho hai diém A(0;1;2), B(—L1;0) va mat
phing (P):x+y+z+1=0. Tim toa d6 di€m C thudc (P) sao cho tam gidc ABC

vudng cén tai B.

c(-351) c(@11) c(-311) C(-3-1;-1)
. .B . C. . D. .
37 3 3 33 3 333} 33 3

Cau 275. Trong khéng gian véi hé toa 46 Oxyz , cho hai diém 4(1;,—-1,0), B(2;0;3) vamit
phéng (P):¥—2y~—2z+4=0.Tim toa d) diém M thudc (P) sao cho AM = J61 va
MB vuéng gbc véi AB. '
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M (6;5;0) M (6;5;0) M (--6;-5;0)
M(-2;-56) "M (-2;5-6)" " |M(2:5;6)

M (6;50)
M(2;5;6) ’

Céu 276. Trong khéng gian véi hé toa d6 Oxyz, cho tam gidc ABC bist 4B = (LL3) va
BC = (~4;2;—2). D dai dudng trung tuyén AJ cua tam gidc ABC bing:

A.6. B. 246 +11. C.3. D. 9.

Céu 277. Trong khong gian v6i hé toa d6 Oxyz , cho hai digm M (2:0;0), N(LL; 1). Mt phéng
(P) thay d8i qua M, N cit céc truc Oy, Oz lan huot tai B(0;5;0), C(0;0;c) (5=0, ¢ =0).
H& thitc nao dudi day 1a dung?

1

A bc=2(b+¢). B. bc=%+—. C.oc=b+c. D.bc=b—c.
¢

Cau 278. Trong khong gian véi hé toa d6 Oxyz, cho ba diém A(a;0;0), B(0;5;0), C(0;0;¢)
véi a, b, ¢ > 0. Mit phi'mg (4ABC) qua ba diém I(1;2;3) va thé tich t dién O4BC dat
gid tri nho nhét. Khi d6 phuong trinh mét phing (4BC) Ia:

A . x+2y+32-14=0. B. x+2y+32z=0.
C. 6x+3y+2z=0. D. 6x+3y+2z—18=0.

Cau 279. Trong khong gian véi hé toa d6 Oxyz, cho cac diém A(0;1,1), B(1,0;1), C(1;1,0)
va D(2;3;4). Hoi c6 bao nhigu diém P cach déu cac mat phéng (4BC), (BCD), (CDA) p
va (D4B). :
A. 5. B. 0. C.1 D. 4.

Ciu 280. (DE MINH HOA QUOC GIA NAM 2017) Trong khong gian véi hé toa d6 Onyz,
cho bdn diém A(1;-2;0), B(0;—L1), C(2L-1) va D(3;1;4). Héi ¢6 tit ca bao nhiéu
mit phing cach déu bdn diém ds.

A. 1 mit phing. B. 4 mit phing.
C. 7 mit phang. D. Cé v6 s mit phéng.
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)

(@/&/}(@ DAP AN CAU HOI TRAC NGHIEM

CHU BE

. HAM S0 VA UNG DUNG BAG HAM

© —8<x<3.ChonB.

Ciu 1. Ham s& xac dinh khi: {3 -x20 {xé 3

x+8>0 x>-8
Cau 2. Ham s xac dinh khi:
‘_xz +4x—330 [(x-l)(x—3)<0 {1<x<3

: 2€x<3. ,
—x°+6x-820 (x-—2)(x—4)<0 2<x<4@ x<3.ChonC

Céu 3. Him s& xac dinh khi x ++/x* —x+1>0
—-x<0

P —x 41206V —2+1>—x e [—x>0

x>0
x<£0

xz—x+1>(—x)2

x—+2x+3 >0® V2x+3 <x

Ciu 4. Ham sé xac dinh < 3
2x+320 x>—5

x>0 >0 x>0
& |2x4+3<x’ & ©13[x>3 < x>3.ChonD.
(x+1)(x=3)>0 e 1

xz—=
2

@ xeR.ChonD.

Cau 5. Ham s8 xac dinh khi Ix2—1[>0©x2—1=0®(x—1)(x+1)=0®x::}:1.ChgnC.

x23

Cau 6. Him s8 xdc dinh khi ¥’ —920 & (x-3)(x+3) >0 & < 3.Ch9nC.
< —
x<0 x<0
Cau 7. Ham s&xéc dinh khi f{>x = ([¥*>0 o |[x>0 ©x<0.ChonC. .
(lxl)2 >x? >

Cau 8. Ham s& xdc dinh khi: sin’ x—1>0 & sin’x »1 (1)
Ma Vxe R, ta lubn co:
sinx< 1 nén (1)©sin2x=l@cosx=0@x=g—+kw(kez).ChgnB.
Ciu 9. Yéu GBu bdi todn & x2 —2x+m+320,VxcR
& A'=(-1) ~(m+3)<0&-m-2<0& m>-2.Chon C.

Ciu 10. Him s5 y=+/m+sinx ¢ tap xdc dinh la R nén
m+sinx 20,VxeR ©m=>1 do sinx +1 20,¥xeR.Chon C.
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Cau 11.
¢ Theo cac quy tic tinh dao ham, ta thiy ngay haj ménh dé

/
. f x .
(Fse) =1 g0 va (L] L
Khi d6 A va B 1a ménh dé sai.
e Giastcohaiham s8 f(x)=x'+1 va g(x)=x"+5.
£/ (x) =30
g (x)=3x

eN&u f(x)=g(x)+c thi f'(x)= (g(x)-i-c)/ =g (x)+(c) =g’(x) do ¢ 1a hing s§
bat ki.

Vay ménh dé D dung,.

Chon D.
Ciau 12, Chon B.
Cau13. Chon B. Vi (32* +2x+5) =(32*) +(22) +5 =6x+2=2(3x+1).

1

Suy ra: = f’(x)=g’(x). Tuy nhién: f(x)= g(x). Vdy ménh dé C sai.

Cau 14. Chon A. Vi y’=(x3—5)/.\/;+(x3—5),(f) —3x2J_+(x __5) e .

7 zJ— 5 7
=—xJr === -—=.
2 2Nx 2 2\/;

(x—l)/.\/x3+1_(x_1).(\/x_2__*_—1)/: x2+1—(x—]).2 =
(\/X_H)Z 2 +1

2
\/xz+1—x =]
Vel +1 _ x+1 . 1+x
5 =

X +1 (x2+1)Jx2+1_J(xz+l)3'

Cau15. Chon B, Vi y' =

Céw 16. Chon D. Vi

/
y' = —%.[%—xz] .cos[%—xz] = —%.(—Zx).cos{g— xz] = xcos[%—xz} .

Ciu17.ChonD. Vi y' =2.

~(x2)/.sinx2]= 2.(—2xsinx2)= —4xsinx?.

) 1| () 3 1

Cau18. Chon C. Vi /=—( e == + )

- on H sin®3x 2| cos’2x sin®3x  cos’ 2x

Cau19..Chon D. Vi y’ = —(tanx)’ .sin(tan x) = —| ————.sin(tan x)| = sin(tan x). 12 .
cos x cos® x
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Cau 20. ChonD .

/ 2 . / . . .
Viy = {cesx) .2sin® x —cosx. (2 sin® x) —sinx.2sin’ x — cosx.(2.2sin x.cos x)
= — Sl >
(2 sin’ x) 4sin” x
_ —2sin’x—4sinxcos’x _ sin®x+2cos’x
4sin’ x 2sin’ x
2 a2 2 2
(s.m X +COs x) +cos” x 1+cos’x
2sin® x T 2sin’x
Ciu 21. Chon'A.

Viy = (sinx —xcosx) .(cos x + xsinx)—(sinx - xcosx).(cos x + xsinx)’

(cosx +xsinx)’

Ta c6: (sinx —xcosx)’ =(sinx) — (x cosx) =cosx— [(x)/ .cosx + x.(cos x)/}
= cosx —(cosx —xsinx)=xsinx.

Vi (cosx + xsinx) =(cosx) +(xsinx) =—sinx+ [(x)/.. sin x + x.(sin x)/]

= —sinx+(sinx +xcos x) = xcosx . Suy ra:

, _ xsinx(cosx + xsin x)—xcos x(sinx —xcosx) «* (sin’ x + cos’ x) _ 2

2

(cosx+xsin x)’ (cosx + xsinx) (cosx+xsin x)’ '
Céu 22. Tacé y' = sin(cos’ x) = (cos® x)/ .cos{cos’ x).
Ma (c:os2 x)/ = 2(cos x)/ .cosx = 2(~—sinx).cosx = —sin 2x.

Véy y'=—sin2x.cos(cos’ x). Chon A.

4 / 3
Ciu 23. Chon B. Vi y'=[—z——cosx+x+1] =éj—;—-—(—sinx)+1+0=Jc3 +sinx+1.

Céu 24. Ta cé: g(x)= f(sinx)=2sin’ x —sinx +2

Suy ra: g’ (x)={2sin* x—-sinx + 2)/ =2(sin’ x)/ ~(sinx)’ +(2)

=2.2sinx.cosx —cosx = 2sin2x —cosx . Chon C.

Ciu 25. Ta co:
_xz__2x+m_xz_Zx__3+m+3=(x+1)(x—3)+m+3=x_3+m+3
T x4l x+1 (x+1) x+1
m+3
Suyra: ¥y =1—-———
yre: ¥ (Jc+1)2

bé y’ >0,Vx==—14:1—(m+l§2 >0,‘v’x::-—1<i)(x+1)2 >m+3,Ve=~1
X+

em+3<0&8m<-3.ChonD.
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Ciu26.Tacd y'=——o ,suyra y'(0)=0.ChonC.
1-x°
Cau 27. Ta cé: y=a:z_b.x aj—b=>y/= > khéng phu thudc vao gié trj ctia ix . Chon B.
3x)’ —3sin3 i
Ciu 28. Ta cé: y/=——~/§.(cosz o «/5( °a x)=3x/§szm3x-
3x cos™ 3x cos* 3x
Suy ra: y’[w] -3—@—0 Chon D.
cos’w
Cau 29. Ta cé:
/.3 .3 /
, 1(cosx) a , 1 (cosx) .sin x—cosx.(sm x) 4 { 1 ]
=—=|—=! +=.(cotx) = —=. +=-
f® 3[ x] 3 (cotx) sin® x 31 sin’x
__l —sin® x —cos x.3.cos xsin® x 4 1 s'm‘x+3sinzx.coszx_ 4
3 sin® x “3sin’x 3 3sin®x 3sin’x
_cos’x—sin’x _ cos2x
sin' x sin®x’
[271'] 1
cos ? —— 8
Khi do: f’(%]: =—L4—§.Chqn D.

Céu 30.Taco: f/(x)=

s (2

)

Cau 31 Tacéd: f/(x

Tacé f'(0)=

234

=15 |

(cos x)/ (1 +sin? x) —cos? x.(l +sin? x)/

3
2

——

(1 +sin? Jc)2
2cosx(~sinx).(1+sin® x)~ cos’ x.2sin x.cos x
— X Z 2
(1+sin’ x)
—sin2x.(1+sin’ x)-sin2x.cos’x  _jsin2x
(1+sin? x)2 (1+sin? x)2
cos’ [Z—] -2 sm[%}
3f’[§]= =3.ChonC

-3, >
1+ sin? (1] 1+ sin? [E]
4 + sin "

(x)= (cosx) (1+2sinx)—cosx(1+25inx)

(1+2sinx)’
—sinx(1+2sinx)—2cos’x  —sinx—2
(1+2sinx)’ (1+2sinx)’
5 w 1
(m)==2; '—ﬂ;]=——; '[—]:——.Ch D.
Fm)=-2 f{Z)=-2 f/[5)=-1. Chon

-— -
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Cau 32.Tac6; f'(x)=acosx—bsinx.

; 1 1
& . Chon D.
] ‘ﬂ ﬁb+1 1® a=l "
2 2 - 2
Cau33.Tacéd: f'(x)=3ax’ ——
y 3a—b= a=_1
D f =1 5
)=z T liza-Lo= 2" 8
f (_")"_ 4 = b=-=
5
1 8 , 3 8
Suyra: f(x)=—<¥ ——=f'(x)=-3¥ + 57
~ 3 2 8 2
Vay f ‘/Z =-2(2) +——=-%.ChonB.
( ) 5( ) S(x/Z_)z 5

Céau 34. Ta c6: f/(x)=—(—4sin4x)=—sindx

[N

Lai c6: g’ (x)=4sin’ x.cosx +4cos’ x(—sinx) = 4sin xcos x.(sin’ x — cos’ x) = —sindx
Suy ra: f(x)=g’(x),¥x. Matkhac: f’(m)=g'()=-sin(47)=0.ChonD.
Cau35.Tacé: f/(x)=x"—4v2x+8
D8 f/(x)=0&x —42x+8=0
&5 =2242x+(242) =0 (x~2VZ) =0 x=2VZ.ChonD.

2x x
Cau 36. TXD: D =(—-o0;—1]U[L;+00). Tacé: y' = =
‘ ( ] [ ) y 2Vx* =1 xt -1

Py y=2x+3¢& N -1=2x+3®x=2x+3®x=-3.ChonD.

«)x -1
Cau37.Tacéd: f’(x)=3x> —6x=3x(x—2)
Pé f/(x) <0 3x(x-2)<00<x<2.ChenD.

Cau 38. Tacé: y’ =—2'—2_}/=+3=_:/1_;+3
X X

1 x>0 x>0 1
D& e -——r—+3>0e & & x>—.ChonC.
gy > J—+ > 71__<3 x>l x 5 0
X

Cau 39. Tacé: f/(x)=2m—3mx*
Yéu cau bai toan tuong duong véi f/ (1)<1e2m—-3m< 1o m>-1.ChonD.

Cau 40. TXD: D=(—oo;-J'2']u[JE;+oo).
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res 0= = 5 o i v ).

x22

DE f/(x)< f(x) & =<V —2 8 x<2 20 (x+1)(x-2) >0 & e

xt =2

. x o ia x22
Dai chifu véi digu kién ta duoc: .
x<—2
Cau 41. Him s6 vigt lai y=x* —2x2 +1.

Chon B.

Tacé y' =4x> —4x, y"=12x* -4, ¥y =24x, y(4) =
Do d6 y* +2xy" —4y" = 24+ 22245 4(12x2 ~4)=40.. Chon C.
Cdu42. Pao ham y'= \/L

¥
1'{ +.‘X 1_1/'
Suyra_/—

hay y?y" = —y+(x—l)y' . Do dé:

Py =—y +('t Ny'y=- (Zx x2)+(x 1)[1 ]_/——1 hay y%y” +1=0. Chon A.
y

Céu43.Tacd: y'=2c0s2x; y" = 2.(~2sin 2x) = —4sin2x

[; PN

A ¥ +(y) =sin? 2x +(2cos2x)’ =sin® 2x + 4 cos® 2x =1+ 3cos’ 2x = 4
B. 4y+y"=4sin2x—4sin2x=0

sin2x - ¥
C. y'.tan2x = 2cos2x. =2sin2x=%
y nsx COs 2Xx. cos 2% SinZx > =Y

D. 4y~ y"=4sin2x —(—4sin2x)=8sin2x =0 . Chon B.

Ciudd. Tacéd: y'=—

- —%[1 +cot? %] Lai thay:
2sin* =

VY +2y'+1= cotzg—Z.%[H—cotz §]+1 = cot? %-—[1+c0t2 §]+1= 0. ChonB.

Cdu45.Tacéd: y'=2tanx.(tanx)' =2tanx.

12 " ='2tanx(1+tan2 x)
Lai cé: y"=2[(tanx)'.(1+tan2 x)—i—ta.nx.(1+tan2 x)‘]

[ 1
cos’ x

= 2(1 + tan? x)(l +3tan® x)

Suy ra: y" —2(l+y2)(1+3y3)@y"—2(1+y2)(1+3y2)=O.Chan.

1
2
cos® x

2

.(l+tanz x)+tanx.2tanx. —|=2. .(l+3tan2 x)

COs™ x

’
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/
Cau 46. Van téc cia vat Iac ¢ la: v(t) =§'= [—— gt'] = gf.

Do d6 v(5)=9,8.5=49m/s. Chon A.

Ciu47.Van tdc luc ¢ 1a: o(t)=5"'= %(t“ - 3t2)/ =28 —3t.

Do d6 v(4)=2.4’ —3.4=116m/s. Chon D.
Cau 48. Vén t6c clia chat didm lac ¢ 1a: o(t)=S5'= (" -3¢* + 4t)/ =3t —6t+4.
Gia t8c ctia chat diém Iac ¢ 1a: a(t)=0'= (31’2 — 6t + 4)/ =6t—6.
Do d6 a(2}=6.2—6=6m/s*. Chon B.
Cau 49. Vén t8c ctia chuyén déng lic ¢ 1a: o(t) =" = (£ +3t* —9t +27) =3¢ +6: 9.
Gia t6c cita chat diém lic ¢ la: a(t)=v' = (3£ + 6t —9) =6t +6.
Van t8c triét tiéu khi v(t) =0 3t* +6t-9=0,suyra t=1.
Do dé ll(l)‘= 6.1+ 6 =12m/s>. Chon D.
Cau 50. Hé s8|géc ctia ti€p tuyén la k= f'(x,).
Suy ra phuong trinh tiép tuyén la:
y=k(x—x)+ f(x) e y=f (%} x—x)+ f(x,) . Chon D.
Ciu 51. Do A 12 ti€p tuyén clia (C) tai diém M, (x,; f (%, ))
‘Nén o hé 56 géc la k= f'(x,)
Suy ra phuong trinh tiép tuyén A la:
L y=kEm )+ fm) @y = £ (x0)(x—x) + (%)
Sy=fx)x—f (%)% +f(x) May=ax+b.

Vi a= f'(x,) a=f'(x)
ay , &

b=—f" (%)% + f(x) [ax,+b=f(x,)
Cau52. Tacod: y’ =32 -2

. Chon C.

Tiép tuyén can tim cd hé sd goc la: k=y' (1) =1
“Vay phuong trinh tiép tuyén can im la: y=(x~1)+2 < y=x+1.Chon C.

YR}

Cau 53. Dac him y' = \/;-i-%\/; = %«/; Suy ra hé s6 gdc cta tiép tuyén: k=y'(1)=

Véy phuong trinh ti€p tuyén y=%(x—1)+1 =%x—%. Chon C.
Céu 54. V6i x=—l:y=-%=_2,
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Tacd: y’ =—ﬁ Vol x=1.

Tigp tuyén cin tim c6 hé s8 goc Ia: k=’ (—1)= _(—14—1)7 —-1
Vay phuong trinh ti€p tuy&n cin tim tai diém (—1;~2) la: : .-

y=—(x+1)-2& y=—x—3.Chen A.

Cau55.Tacd: y, =—1=—x2 +5 2 =6 x, = +6 . Do x, <0 nén z, = —/6
Lai ¢6: 3" = —2x = Tiép tuyén can tim cé hé s8 goc la: =y’ (—\/’6-) =26
Véy PTTT can fim tai diém (~6;—1) 1a: y =276 (x + \6)-1. Chon A.

Cau56. Dao ham: y' = f/(x)=2x+5

2 =—4
Hoanh 46 giao diém ctia (C) véi truc Ox théaman: x* +5x+4=0a|"

x=-1
+Véi x=~4;y=0= PTIT tai diém (-4;0) c6hés8 goc la: k= f/(~4)=-3
Suy ra PTTT cia (C) tai (—4;0) 1a: y=—3(x+4)« y=—3x-12.
+V6i x=~1,y=0= PTTT tai diém (-10) c6 hé s§ goc la: k= f/(—1)==3
Suy ra PTTT ca (C) tai (=1;0) la: y=3(x+1) y=3x+3. Chon B. ‘
Ciu 57. Dao ham: y’ =(2x+1)/.(x-1)—(%x+1).(x—1)/ =3 - vOi x=1.
(x—1) (x=1)

(2‘31)2 =—3.ChonB. ‘ )

PTTT cén tim c6 hé s6 goc la: &=y’ (2) =

Ciu 58. Dao ham: y’ = 3x°

Gid st ti€p tuyén can tim tiép xtic v6i (C) tai diém M (x,;53).

Suy ra ti€p tuyén co hé s6 gocla b=y’ (x,)=3x) =12 & x, = +2

*+V6i x;, = =2 = M (-2;-8). Phuong trinh tiép tuyén cin tim tai diém M (-2;-8) I
y=12(x+2)-8& y=12x+16.

+Véi x, = 2 = M (2;8). Phuong trinh ti&p tuyén can tim tai diém M (2;8) 1a:
y=12(x—2)+8<« y=12x~16.Chon A.

Cau 59. Dao ham: y'=2x -2 -
Ti€p tuyén tai M(x,;y,)€(C) c6 hes8 géc bing 2 nén: 2x, —2 =2 x, =2=>y, =3.
Véy x,+y,=5.ChonD

Ciu 60. Daoham: y' =—x*—4x-3
Gia stz ti€p tuyén can tim ti€p xtic vdi (C) tai didm M (x,;,).

Suy ra ti€p tuyén cé hé s& goc la &=y’ (x,) = —x? ~4x, -3
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-

3

Xy =—=

Theo bai ra ta cé: k=y/(x0)=—x§—4xo—3=%@x§ +4xo+125-=04: 2
i
2
+Vél xo=--i=>y0 =£$M[__3.’.ll}
: 2 8 2 8

Phuong trinh ti€p tuyén can tim tai diém M [—%,181] la:

yedfesdelle, 3,008

] 2) 8 4 4
+Véi x, =-—%=>yo =%: M[——Z—;—g—].

Phuong trinh ti€p tuyén can tim tai diém M [—%%} la:
a5y 29 3 37 .
==lx+—-|[+—= y==x+—.ChonC.
4 4@(" 2] 7R ERRT R

Ciu 61. Dao ham: y’ =6x% +6x—4

Gia st duomg thing A 12 ti€p tuyén ctia (C) tai diém M (x,;,).

Suy ra dudng thing A cdhé s8 goc la: k =y’ (x,) = 6x2 +6x, — 4.

e 2 : 1 11 1 11 11

Khi dé: k= é(xg +x, _§]= é[xo + x, +Z~E]= é(x,, +E] ——2—2—? .

Vay trong cac tiép tuyén ctia (C), ti€p tuyén c6 hé s§ géc nho nhatla & = 5,5 . Chon B.
Céu 62. Dao ham: y’ =3x* —12x+9

Giastr A lati€p tuyén can tim.

Goi M (x,;3,) 1a ti€p di€m cia A va (C).

Suy rahésGigoccia A la: b=y (x,)=3x; —12x, +9

=0
Do Alld:y=9x+1nén k=93x —12x, +9=9 & | .

X, =

+Véi x, =0= y, =0= Phuong trinh A la: y =9x (loai vi truing véi d )

+Véi x, =4= y, =4 = Phuongtrinh A la: y=9(x—4)+4< y=9x~-32.ChonD.
Ciu 63. Dao ham: y' =4x° +1

Dudng thing d:y = —%x c6hésdgécla k = ——;-.

Goi A 14 tiép tuyén can tim c6 hé s8 goc £,, M(x,;,) la ti€p diém cua (C) véi A

Do A Ld nén kl.k2=—14:—§kz=—1®kz=5.
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Mitkhac: A cOhésSgocla b, =y (x,)=4x5 +1.

Suyra: 4x) +1=5&x,=1=>y,=2.

Khi d6: M (1;2). Vay PTTT can tim la: y=5(x—~1)+2 & y=5x—3.Chon A.
Céu 64. Dao ham: y' =3’ +6x.Suyra: A céhésSgocla b=y (1})=9.

Phuong trinh tiép tuyén A : y=9(x—1)+5© y=9x—-4&9x—y—4=0.

Hoanh d6 diém B théa man:

L4372 +1=9x—-4 o +3x -9x+5=0

e(x-1f(x+5)=0w| 1_5 = B(=5;—49).

X =
Suy ra: AB =687 va d[0;aB)= "4 L
' V82 82
Vay dién tich tam gidc O4B 1a: § = %d[o; AB|.AB= %.71;‘_;6\/5 =12 (dvdt). Chon C.

Ciu 65. Goi M (a;44> —64" +1) la di€m thudc (C).Dao ham y'=12x" —12x.
Suy ra hé s6 géc ctia tiép tuyén ctia (C) tai M 1a k= y'(a) =124 —12a.
Phwong trinh ti€p tuyén d: y = (124" —12a)(x—a) + 44’ —6a* +1.

Do tiép tuyén 4 di qua M(—1;,—9) nén
a=-—1

-9 =(124" —12a)(-1-a)+44’ ~6a’ +1 & .

2
4

Véi a=—1,suyra d:y=24x+15. Vdi a=:51-,suyra d:y=%x—%. Chon C.

Ciu 66. Dao ham y’ =4x* —6x.
Goi A 1a ti8p tuyéh cua (C) tai di€m M (x,;,), A 6 hés6 gocla
b=y (x,)=4x) —6x,.
PTTT A 14 y=(4x§ —6x0)(x——x°)+yo, do M (x,;,)€(C) = y, = x; — 3]
Suy ra: y =(4x; - 6%, )(x — x,) + 3 —3%;.
Theo bai ra: 0(0;0)€ A= 0= ~x, (4xg ~6x, )+ 25 ~ 353 =0 & io iil
y =
+Véi x, =0= PTTT A la: y =0: khong théa méan gia thiét.
+Véix,=-1= PTTT A la: y=2(x+1)-2& y=2x.
+V6i x, =1= PTTT A la: y=—2(x—1)—2 & y=—2x. Chon A.
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Cau 67. Dao ham: y' = %x -1.

Goi A 1a ti€p tuyén clia (C) tai difm A(xy;3,), A cédhés8 gocla

. 1
b=y (x)==x-1.

2

PTIT A léjy=[%xo—1J(x—xo)+yo,do M(xo;yo)e(C):yoz%‘;—xc+l.

2

Suy ra: y=[-é—:c,,—1](::—:c0)+3c41—x0 +1.

2

Theo bai ra: M(2;—1)6A=>—1={%x0—1](2—x0)+%‘;—x0+1=0<=> o=
X, =

+Véi x,=0= PTTT A la: y=—x+1.

+Voi x,=4= PTTT A la: y=(x—4)+1< y=x-3.Chon A.

-3

(x-1)

Goi A 1a tigp tuyé'n cta (C) tai diém M (x,;y,), A c6 hésd gécla

Ciu 68. Dao ham: y'=

PTIT A la y= [( e ](x x0)+2x 1 .Do diém A diqua A(4;~1) nén:
xO

2
Tacéd: —1= ,( —xo)+2x° +1 e -12=0 & %= ChonB
xo-—l)" X — X, -2
Cau 69. Toa d giao difm hai tiém canla I{-1L]I).
Goi M[a;a:‘_’_z] v6i a=—1 la diém thudc (C). Daoham y'= -1 —.
a+1 (x+1)
Suy ra hé s8 géc clia tiép tuyén ciia (C) tai M 1a k= y'(a)= “( 11)3 .
a-+
Phuong trinh tiép tuyén
A:y='—_—1—z(x—a)+a+2 (:)x—+~(zz~l—1)2y—c12 ~40-2=0.
(a+1) a+1
—2a-2 2ja+1
Tacé d[I,A]= 1222 ary _ 2 1
\/1+ a+1)* \/1-1- (a+1)" \/(a+1)2+ .
a+1)
D& d[I,A] 16n nhdt & (a+1)" + ~ nho nhat. Ma (a+1) +——>2
(a+1) (a+1)
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a=0

Dfu "=" xayrakhi (a+1) =1& ae o

Ciu 70. Dao ham: y'= gxz +m

Goi A 1a ti€p tuyén ctia (C) tai diém M (x,;y,),

. 2 o]
PTTIT A la: y=[%x§+m](x—xo)+-gx;:+mxu—2?m.v‘1 Adiqua A(-g;O; nén
5, 2 5 _, 2m 5, x,=0
O=[—§x5+m][§—x0]+gx3+mxu—? ﬁsxg(xo-—l)=0 @[x:=1
+Véix, =0k =m
+Véi xu=1=>k2=-z-+m
m——l
Do hai tiép tuyén vudng gécnén: k .k, = -1 2m* +5m+2=0«| 2 .ChonB.
=2
Ciu71.Véi x=2=>y=4.
DPao ham y'=( =3 7 - Suy ra hé s§°g6c clia ti€p tuyén k= y'(2)=-3.
x—1

Phuong trinh tiép tuyén d:y=-3(x—2)+4=-3x +10.
D& d diqua M thi a=-3.0+10« ¢=10. Chon A.
Cau 72. Toa d$ giao diém ctia (C) va d langhiém ctia hé

= M(L-2m" +2m+2).
x=1]

{y:x‘—2m2x2+2m+l
Dao ham: y’ =4’ —4m’x . Suy ra hé s8 géc cua tiép tuyén la £ = 5’ (=d-am*.
Theo gia thiét, tacé k=—-124—4m* =12 m=+2. Chon C.

L +x+2=4x+m

¢4 nghiém
3x +1=4 gh

Céu 73. Diéu kién ti€p xtic: Hé phuong trinh {

=2 ~3x+2 =4
MEFTIEFL "2 ChonA.
x==1 m=0
Céu 74. Yéu cdu bai toan trong duong véi hé
x' —~(3m+5)x* +4=—6x-3 3 "
5 ¢é nghiém x=-1 .-
4%’ -2(3m+5)x =6

Thay x=~1 vao hg, ta duoc
1-(3m+5)+4=6-3 e o ik o I
: ong co gia tri ¢t . )

—4+2(3m+5)=_6 g CO gla tr1 cua m on
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—2a+2

Ciu 75. Vi M(~2;,—4)€(C) nén —4 = T3 Sa+4b—7=0. (1)
DPao ham: y' = 3a—2b2 .Suy ra hé s8 géc clia tiép tuyén 1a k= y'(-2) = _?aa_—Ziz__
(bx +3) (—26+3)
Dudng thing d:7x—y+5=0 hay d: y=7x+5 c6 hés§ goc béng 7.
Theo gié thiét, ta c6 k=7 & —2—20 __ ()
(~2b +3)
Giai hé (1) va (2), tadugc a=3; b=1.Suyra a~36=0. Chon D.
Ciu76.Vi M(I;~2)€(C) nén 13-“—12’- =2 e b=—2243. (1)
a_
Paoham: y'= —2—ab2 .Suy ra hé s8 goc ctia tiép tuyén 1a k= y'(l)= —Z—af.
(ax—2) (a-2)
Dudng thing d:3x+y—4=0 hay d: y=—3x+4 c6 h§ s5 gécbing —3.
Theo gi4 thiét, tacé k=-3 & —2-ab_ 3, (2)

(2
Gii hé (1) va (2), taduoc a=1; 5=1.Suyra a+b=2. Chon A.
a+b

Cau 77. Vi 4(L;1)€(C) nén 2+3=1(:)a+b=5. (1)
% Dabhém: y'=ﬁ:—2%.
(2x+3)
Suy ra hé s&/géc cia tiép tuyén ctia (C) tai B 1a k= y!(~2)=3a-2b.
Theo gia thiét, tacé k=5« 3a—2b=5. (2)
Gidi hé (1) va (2), tadugc a=3; b=2.ChonB.
Ciu78.Vi 4(3;1)€(C) nén 3;‘_*” —leb=2-3 )
, ax+b=2x__4
D& (C) tidp xtic v6i 4 Khivachikhihg |~ c6 nghiém.
470
(#~1)
ax+(2—-3a)=2x_4 ax+2~3a=(2x—4)(x-1)
-1
Thay (1) vao hé, ta dugc ¥ o 12a-2=2(x-1)
‘ —a—(2-3a)
W=2 x=1
L |x=2,a=2 b=—4
Gidi hé ta du ’ . Chon B.
e fa cree x=4;a=10=>[b=—28 en
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i A[—l;%] e(C)= 2= s 2(a+b)=-15 (1)

ax® —4ax +2b
(x—2)

Tiép tuyén ciia (C) tai goc toa d6 c6 hé s6 géc bing —3 nén:

Cau 79. Dao ham: y'=

2

y'(O):—3®l—,=—3®b=—6=>u=—g.5uyra 4a—-5=0. Chon C.

Cau 80. Chon D. Ciu 81. Chon B. Cau 82. Chon C. Céau 83. Chon D.

Cau 84. Chon D. Cau 85. Chon B. Cau 86. Chon C.

Cau 87. Tinh tién d6 thi ham s6 y = f(x) sang trdi 2 don vi, ta s& dwgc dd thi ctia ham s§
y= f(x+2). Khi d6, do ham s8 y = f(x) lién tuc va dong bién trén kﬁoéng (-12)
nén ham s8 y = f(x + 2) dng bién trén (-3;0). Chon C.

Cau 88. Tong quat: Ham s8 y = f(x) lién tuc va ddng bién trén khoang (a;fb) thi ham s6

y = f(nx) lién tuc va ddng bién trén khoang [ﬁ;ﬁ] .ChonC.
n'n

Cau 89. Chon A.

Cau90.Daoham: y' =x* —2x+1=(x—1)’ 20,vxcR va y =0 x=1.
Suy ra ham s6 luén déng bién trén R . Chon A.

Cau91.Tacé: y' =3x" —6x—9=3(x+1)(x—3)
Ham s8 nghich bién & 3’ =3(x+1)(x—3)< 0« -1< x<3.Chon A,

2

Céu 92. Ham s§ y=—x"+3x" -3x+2 ¢ y'=-3x"+6x-3=—(x—1) <0,VxcR va
y'=0¢ x=1.Suy ra ham s6 nay luén nghich bién trén R . Chon B. |
Cau93.Néu a=b=0 thi y=cx+d.D& y dongbiéntrén R khi ¢>0.
Néu =0, tacd y'=3ax’ +2bx +c. Ham s8 dong bién trén R
a>0 {a>0

s - Chon C.
A, <0 {F°-3acg0

@y'ZO@{

Ciu 94. Dao ham: y' =3x* +m
Hams8dongbientrén R 3’ =3x" +m>20,Vxc R & A’ =-3m< 0 m20.ChonB.
Cau 95. Tap xac dinh D=R.Daoham y'=x" < 2mx +4m—3.
Déham s dongbiéntrén R& y' 20,Vxc R A'=m’ —4m+3<0= 1< m< 3.
Chon D.
Cau 96. Dao ham: y'=mx2—-4x+m+3.
Yéu cau bai toan < y' >0, VxeR:

e m=0 thi y'=—4x+320©x£% (khéng thoa man).

m21.

a=m>0
[ \ <
A =—-m"=-3m+4<0

'
>

Suy ra gia tri m nho nhét thoa man bai toan la m=1. Chon D.

k)
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Cau97.Tacéd: y' =—x*+m—1.
Ham s nghichbiéntrén R y' = —x" +m -1 O,Vx c R A’ =m—-1<0 o m<I.
Chon C.

Céu98.Tacod y'=(m+2)x* —2(m+2)x+m—8.

N  Yéuciubaitodn < y'<0, vxeR
e m+2=0om=-2,khidd y'=-10<0, ¥xc€ R (thoa man).
a=m+2<0 m+2<0

*lar=(m+2f —(m+2)(m—-8)<0 " |10(m+2)<0
Hop hai trudmg hop ta duwgc m< 2. Chon C.

Cau 99. Tap xac dinh: D=R.
Tacé: y' =3x* ~2(m+1)x —(2m" —3m+ 2) 12 mét tam thitc bac hai

Sm<-2.

Co6 A =(m+1) +3(2m’ —3m+2)=7(m* —m+1)>0,¥ymeR.

Suy ra: Phuong trinh 3" =0 ludn c6 hai nghiém phéan biét Vm e R, hay y' d6i ddu
khi di qua hai righiém d6. Vay ham s6 khéng don diéu trén R . Chon C
Cau 100. Tap xdc dinh: D=R

Tacé: y' =3x" —2(m+1)x—(2m* —3m+2)
Xét phuong trinh »”' =0 c6:
A =(m+1) +3(2m* —3m+2)=7(m" —m+1)>0,¥ymeR
Suy ra phuong trinh ¥" =0 ludn c6 hai nghidm x,,x, véimoi m . Gia st x, < x,

D& ham s§ ébng bién trén [2;+oo) < Phuong trinh »' =0 ¢6 hai nghiém x, <x, <2

(% =2)+(x,—2)<0 |x,+x,<4
- o
(% —2)(x,—2)20 %% ~2(% +%,)+420
2 1
—-(%4}-—):<4 m<S 3
o o 3 5 < 2g <3©—2<m<5.Chan.
- e —Lesms
( m : m+ )_2‘2(”;+1)+4>0 3

Ciu 101. Tp xac dinh: D=R
Tacé: y' =2 +2(m—1)x+m+3
Xét phuong trinh y' =0 ¢6: A’ =(m—1) +(m+3)=m’ —m+4>0,VmeR
Suy ra phueng trinh y” =0 Iudn ¢6 hai nghiém x,,x, véimoi m . Gia st x, <x,

: D& ham s8 ddng bién trén (0;3) & Phuong trinh »” =0 c6 hai nghiém x, < 0<3< %,

RIS o & ’,121_23<:>m>-1Z Chon C
-y (3)<0  {-9+6(m~1)+m+3>0 m> >=-.ChenC.
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Cau102. Tacéd y' =x* +6(m—1)x+9.

Yéu cAu bai todn « y'=0 c6 hai nghiém phén biét x,, x, théa mén |x, ~x,| =63

A'>0 _ A; =0
s A & oA =27
lxl—levf':z £ =6V3 {VA/ =33

le
2 2 m=3
&9(m-1) -9=27(m-1) =4®| l.Chqu.
m=—

Cau103.Tacd y'=3x> +6x+m.

Yéu cau bai toan < y'=0 c6 hai nghiém phan biét x,, x, théa |x, —x,|=1

A'=9-3m>0 (<3 m<3
& 2\/4' 1 o ) 9 3 1@ 9@m=%.Chan.

— = = m=—

a - T3 4

Ciau104.Tacd y'=8x >0 x>0.
Do vy ham s& da cho dong bién trén khoang (0;+w). Chon B.
Céu105.Taco y'=8x’ —8x=8x(x’ -1); y'=0« x=0 .
x==1
V& phéc hoa bang bién thién va két luan duoc r‘Q’mg ham s
® Dong bién trén cic khoang (—1;0) va (L+00).
¢ Nghich bién trén céc khoang (~oo;—1) va (0;1). Chon B.
Cau 106. Dya vao hinh déng ctia 46 thi, ta loai dap anCvaD.
D& ham s& nghich bién thi d9 thi ¢ hinh dang bén phai hudng xuéng.
‘Suyrahés§ ¢ <0.ChonB.
. x=0

¥ =m-1

Cau 107.Tacé y'= 4x° —4(m-1)x= 4::[:c2 —(m —1)]; y=0&
*Néu m—1<0¢ m<1 thi him s8 dong bién trén khoang (0;-+00) rién déng bién
trén khoang (1;3).
® Néu m—1>0« m>1 thi ham s8 c6 ba cyc tri, vé& bang bién thién tal thay yéu cau
bai toan tuong duong vdi Nm-1<lem<2. Suy ra trong trieong hop nay 1<m < 2.
Hop cdc trudng hop ta duge m € (—o0;2]. Chon B.
x=0

2

Cau 108. Ta cé y'=4x° -—4mx=4x(x2 -m); y'=0& .
P=m

D¢ théa man yéu ciu bai toan thi ham s& chi ¢6 mét cuctri ©m<0.Chon A.

Cau 109. T4p xac dinh: D=R\{1}.Daoham: y' =

=3 -<0,Vx=1.
=
Véy ham s§ nghich bién trén cac khoang (~oc;1) va (L;+00). Chon C.
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Cau 110. Tap xéc dinh: D=R\ {1}

Pao ham: y’ = <0,Vx=1.
(x-1

Vay ham s8 nghich bién trén cic khoang (—o0;1) va (1;+00). Chon D.
CauliLA. y =— 2 _>0Vs=—2  B.y =—<0Vr=-2

(x+2) (x+2)

C.y =0,vx=2 D. y’=—i—2>0,\1x22
+-2)
—x+

Vay ham s8. y = - 22 ludn nghich bién trén mdi khoang (—oo;—2) va (—2;+00).
x
Chon B.

Céu 112. Tép xéc dinh: D =R\ {_%} :

2 _ 2 _ -
Tacéd y’ =37i-22 Yéu cau bai todn & y’ =-m—m-—.,2—<0, Vx = -2
(2x +m) (2x +m) 2
em-m-2<0&-1<m<2.ChonD.
Cau113.Tacéd y'= —m+12 .
o)

Véi —m+1<0 & m>1 thi haim s§ da cho nghich bién trén mdi khoang
(—o0;m) va (m;+00).
D& ham s8 nghich bién trén khoang (—c;2)
khi va chi khi (—00;2) C (—o0;m) < m>2. Chon C.
m —m—2

Ciu 114. Tap xéc dinh: D=R\{-m}.Tacd y'= .
()
D&ham s& ¢a cho nghich bién trén (—1;+c0) khi va chi khi

1 . — é—— 21

y'<0¥xeD " ! & " <2>m>1.ChonC.
x=-m< -1 mi-m—2<0  |(m+1)(m-2)<0

Cau 115. Tap xéc dinh D = (—o0;1)U(L;+00) .

., 2 +2x-m-1
Tacoy=———-(—l_—x-)—z——-

Déu ctia f'(x) phu thudc vio ddu g(x)= —x* +2x —m—1. Yéu cau bai toan:

, Vx=1.

©g(x)<0,VxeD & 1" +2x-m-1<0&x* ~2x+1+m>0,vxeD.
Tathdy Ay, =1-(1+m)=-m.Dodé A, =-m<0&m>0.ChonB.

Ciu116.Tacd y'=2+a.cosx—b.sinx, Vx€R.
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D&ham s8 da cho ludn ludn déng bién trén R khi va chikhi y'>0, Vx€R

& 2+acosx—bsiny 20 bsinx—a.cosx <2
2

b . a 2 .
& e SINX — ———=.C05 X § ———— & sin(x—a ——
& + 8 a +5 h Ja* +b* ( ) Ja© + b

ludn ding véi moi x € R khi va chi khi —\/2=>1©a2+b2<4.Chan.
a’ +b

<

Ciu117. Ta¢d f'(x)=cosx—b.D&ham s8 nghich bién:
fl(x)=cosx-be f(x)<0,VxeRe cosx<hV¥reR< b>1. Chon A.

Cau118. D4t r=tanx, véi x € [o;%] thi ta duoc £€(0;1).

t—2

Khi dé ham sé tré thanh Yyg="—7-
t—m

>0, Vxe [0; g] suy ra ham ¢ la ham d6ng bién trén {O,ii] .

Tacéd t'=—
cos® x
Do d6 yéu cau bai toan « hamsd y, = =2 déng bién trén (0;1). (¥)
t-2Y  2-m 2-m>0 [2>m 2>m>1
DPao hz Ly =—] = .Suyra ()& & =3
a0 ham ¥y {t—m] (t_m)z Y () {m:t lmQ(O;l) m<£0
Chon A.

—x
Cau 119. Tap xdc dinh D=[-L1]. Tacé y'= iy =0ex=0.
Vi—x*

V& béng bién thién, suy ra dwoc ham s& nghich bién trén [0;1]. Chon C.
1—x
Cau 120. T4p xac dinh D =(0;2|. Pao ham y=——y'=0ex=1.
[ ] N2x —x*

V& bang bién thién, suy ra dwoc ham s6 nghich bién trén khoang (1;2). Chon C.

Cau 121. Ta ¢b cac nhan xét sau:

>3
¢ Hams8 y=+x> —3x xdcdinhkhivachikhi #* -3x>0« =23 .
—~/§<x5§0

322 -3

o Tacd y'=—"F—==
2Vx® —3x

,¥'<0ex’-1<0exe(-1L1),
két hop véi didu kiéh »* ~3x>0
Ta duge x € (—«/5 ;0) 12 khoang nghich bién cta ham s8 da cho.

Ti&r ddy nhan xét dugce dép 4n B, C sai.
¢ Tuong tu, voi 18p ludn nhu trén. Dap 4n D ciing sai. Chon A.
Cau122.Chon B. Vi y' =2+ 2sin 2x = 2(sin 2x + 1) > 0, Vx € R = Ham s8 ddng bién trén R .
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. 1 s ox o
= ta cd y'=————=—==>0,Yxe R = Ham s6 dong

X
X +1 ! (x* +1)Va +1

Cau 123, Xét ham s8 y =

bién trén R.. Chon B.

.Céiu124.Xéth:§1ms6y=2x—l.Tacé y'= ~<0,Vx=1.
- x—1 (x...l)'

Suy ra ham s& nghich bién trén {—o0;1) va (1;4-c0). Chon C.
- Cau 125. Chon A vi diing theo ly thuy&t SGK. Cac ménh dé sau sai vi:
Ménh dé B thiéu diéu kién f'(x) d6i ddu khi qua x,.

Meénh dé Cisai, vi du ham
. . |f(0)=0 s v e s
y=xco{ nhung x =0 1a diém cuc tiéu ciia ham sd.
£1(0)=0

Meénh dé D sai. Stra lai
“N&u f'(x,)=0 va f"(x,)>0 thi ham s6 dat cyc tidu tai x,”.
C4u 126. Chon D vi theo dinh li trong SGK. Cac ménh dé sau sai vi:
Meénh dé A sai, vi dy ham y =|x|khéng c6 dao ham tai x =0 nhung dat cuc tiéu tai
x=0.
Meénh d@ B thiu diéu kién f'(x) d6i dau khi qua x,.
- Meénh dé Csai, vi du ham:
f(0)=0
f(0)=0
Ciu 127. Cac Ménh dé A, B, D déu ding theo dinh nghia trong SGK.
Meénh dé C sai. Sizalai " Néu y'(a)=0 va y"(a)>0 thi x = a lahoanh 0 diém cuctidu”.
Chon C.
. Cau 128. CacMénh dé A, B, C d‘éﬁ dung theo dinh nghia trong SGK.

y=2x*co nhung x =0 12 di®m cuc tidu ctia ham s8.

Vi ménh dé nay chua chi r6 ngoai x, € (a;0) 1a cuc dai cia f (%) thi con cé cuc tri nao
khéc nita hay khéng. Néu c6 thém diém cyc dai (hodc cuc tiéu khac) thi tinh don diéu
ctia ham sé bi thay d6i theo. Chon D.

Cau 129. Ménh d@ (1) sai vi thiéu diéu kién f "(x) d8i ddu khi qua m .
Ménh de (2) sai, vi du cho ham s6 y=1.
Meénh dé (3) dung theo dinh nghia cuc tri trong SGK.
Ménh dé (4) sai vi chua chira x; €(a;b) d& M = f(x,).
Chon B.
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x=-1>y=4"

Cau 130. Ta c6: y‘=3x2—3=0<»[
x=1y=-1

Do d6 gia tri cuc dai cia ham s8 1a Yoo =4 .Chon A,
Cau131.Tacd y'=3x*-10x+3; ' =0 32 —10x+3=0 <
x

x=0
Cau 132. Tacd: y'=3x? - 6x; y'=0@3x(x-—2)=0®lx_2

+Véix=0=y=0
+Véi x=2=y=-4.ChonC.

Cau133.Tacd y'=32"-3; y'=0©3(x2—1)=0¢>lx= =
X =

Véy hdm s6 dat cuc dai tai x =—1. Chon A.
x=-3=>y=25

Cau134.Tacé y'=3x"+8x—3, »' =0 3x> +8x—3=0< 1 175 = %op ==
x=-=>y=—-r 3
3 27
Chon A.
4 : 2 x=1 y(1)=-2 . |
Cau135.Tacd y'=3x"-3; y'=0& = -Dodé yo =-y,.ChonD.
2 =3 3)=-23
Cau136.Tacd y'=3x —6x—9; y' =0 |* =2 o|”®)
Suyra y(x,).y(x,)=—207. Chon C.
=0
Cau137. Tacd: y'=(x—2) +(x +1)2(x—2)=3x(x-2); y'=0 s |* ,
x =

Khi d6 d6 thi ham s ¢6 hai diém cuc tri la A4(0;4) va B(2;0).

Suy ra: AB=2+/5. Chon A.

=0
Cau138.Tacé y'=3x" —6x=3x(x-2); y'=0 & * .
X =

Suy ra d6 thi ham s6 c6 hai diém cuc tri I3 A(0;1) va B(2;-3).
Khi d6 trung di€m cua 4B 1a I(;-1).
D& thay diém duong thing y =2x—3 di qua trung diém I(1;—1) ctia doan thing 4B .
Chon A. |
Cau 139. Tacd y'=3x? —6mx +6m = 3(x2 —2mx + 2m) .

D& ham s8 c6 hai diém cuctri & x* ~2mx +2m =0 o6 hai nghiém phén biét
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i <0
@A;‘=m2—2m>0¢$m . Chon C.
. m>2 .

Ciu 140. Néu
Khi m=0

D& ham s8
m=0
o
Al=1

Cau 141. Ta cd

m=0 thi y=2x*+2x+2017 : Ham bac hai luén cé cuc tri.

tacd y'=mx’ +2x+1.

¢6 cuc tri khi va chi khi (*) ¢6 hai nghiém phan biét

S0=m<l.
-m>0

Hop hai trirdng hop ta dugc m <1.Chon D.

2

) y'=3(x+a) +3(x+5) —3%, VxcR.

Céy'=0& (x+a)2 +(x+lz)z - =0ex"+2(a+b)x+a +5*=0. (x)

D& ham sd

da cho dat cuc dai, cuc tiu khi va chi khi () c6 hai nghiém phén biét

& A'=(a+b) —(a* +5°)> 0= ab>0. Chon A.

Ciu 142.
o Néu m=

o Néu m =
P& ham s8

S A"

Cau 143. Ta c¢

3 thi y=—6x" +3. Dy 12 mét Parabol nén c6 mét cuc tri.

3,tacd y'=3(m—3)x* —4mx.

c6 khéng c6 curc trj khi y'=0 cé nghiém kép hodc v6 nghiém
=4m* <0 m=0. ChonC.
y'=2 —(3m+2)x+(2m" +3m+1).

Yéu cdu bai toan ¢ y'=0 c6 hai nghiém x=3 va x=35

<

Ciu 144. Ta c¢

Yéu cau bah todn &
|

Vay phuor

Cau 145. Ta c(

Cau 146. Ta c¢

9—13(3m+2)+(2m2 +3m+1)=0
- 25+-5(3m +2)+(2m" +3m+1)=0

y'=3ax’ +2bx+c.

2m* —6m+4=0

& m=2.ChonC.

2m* —12m+16=0

y'(0)=0 c=0 a=1
y(@)=0 _ |12a+4b+c=0  _ |p=-3
»(0)=0 d=0 c=0
y(2)=-4 8a+4b+2c+d=-4 |d=0

g trinh ham s8 can tim 1&: y = x* —3x’. Chon D.

X . _ 2 L _ x=0 f(0)=—m

: f'(x)=6x*—6x; f'(x)=0& 1™ F)m—m—t

) y'=6x"—6(m+1)x+6m, y' =02 —(m+)x+m=0& iz

- Yéu cau bii toan em(m+l)<le-1<m<0,
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D€ ham s6 c6 hai diém cuc tri <> m=1.

Toa dd cac diém cyc trila A(Lm’ +3m—1) va B(m;3m?).

Suy ra 4B =(m—1) +(m* —3m’ +3m—1)2 =(m=1) +(m-1)
Theo bai ra ta cé

ABZ=2@(m—1)6+(m—l)2—2=0¢¢‘(m—1)2]3—1+{(m—l)z-1}=0

e|m=1) =1} {m-1)" + (m-1y +2|=06(m-1f =1 l::ﬁ (théa n;péin). Chon B.

Cau147.Tacd y'=x" —2(m+1)x+m* - 3.
Yéu cdu bai todn <« y'=0 c6 hai nghiém phan biét x, = —1= %,
A'=(m+1) —(m*=3)>0 [2m+4>0
ef < m=0. Chon A.
y'(—l)=m2+2m=0 m +2m=0
Cau148.Tacd y'=9x* —2mx +m.
D& ham s& ¢6 hai diém cuc trj < y'=0 6 hai nghiém phén biét
SA'=m -9Im>00<m<9. (*)

Theo gia thiét: »'(—1)=0<9+3m =0« m=—3 (théa man *).

x=-1
Véim=-3 thi y'=9x"+6x~3;y'=0 & 1 . Chon B.
x=—
3
Cau149.Tacd y'=x* —2mx +(m* —4).
-
Vi x = -1 12 di€m cyc tiu ctia him s& nén Y()=0em +2m-3=05 ’" 5
m=—

Thir lai ta thay chi c6 gid tri = =—3 thoa man y' d8i diu tir — sang + khi qua x = ~1.
Chon B.
Cau 150. ¢ Néu a=0 thi y=1.Ham héng nén khéng c6 cuc tri.

X

e Véia=0,tacd y'=3ax2—2ax=ax(3x—2);y'=0©
x

win ©

e N o 2

= a>0, dua vao dang diéu dd thi suy ra ham s& dat cuc tiu tai x = 3-1.

* a<0, dya vao dang diéu d6 thi suy ra ham s6 dat cuc tiu tai x =0
Chon B.

Ciu151. Tacd y'=3x" — 6mx+3(mz - 1) = 3[::z —-2mx-+-(m2 —1)] . i

Do A'=m* —m® +1=1>0, Vm € R nén ham s& ludn c6 hai diém cuc tri P
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‘ x +x,=2m
Theo Vietjtacé {27 |
§ xx, =m” ~1

Yéu cau bii todn < (x, +x,) —3x,x, =Tedm’ -3(m' -l)=Tem =deom=12.
. Chon D. !
Ciu 152. Ta e y' =124 +2mx 3.

Do A'=m’ +36>0,¥m € R nénham s§ luén cé hai diém cuc tri x,, 7, .

| x+xm=-2
Theo Viet, ta c6 . 6 Max +4x,=0.
x,xz——z
x; 2mx ida
1= T g X =70
9 18 2 m 1 81
Suy ra el-cml—=-"om="2
y 1 . (9m}18 1 m 4¢)m :i: .Chon A.
x:’fz=_z

x=—1=>y=5+m

Cau 153. Ta cé y'=3x2_6x_9; yv=0<$ )
x=3=y=-274m

!
Suy ra toa ?6 hai di€m cuc trila A(—L5+m) va B(3;—27+m).
Suy ra dudng thing di qua hai diém 4, B ¢6 phuong trinh y = —8x+m—3. Chon B.

Cﬁu154.Daol?lém y'=x2—2(m+2)x+(2m+3);y'=0© x=1

‘ x=2m+3
P& ham 56‘::6 hai diém cec tri x), x, @ 2m+3 =1 m= -1, (*)

Goi (%) va B(%,19,) 14 toa d hai diém cuc tri ctia db thi ham s6.
Khi dé x, +x, =2m+4.
2m+4

Yéu cau bai todn < =14 m=—1:khong théa man (*). Chon D.
Cau155.Tach y'=3x> +3m; y'=0& 2" =—

D& ham s6 6 hai diém cuc tri < y'=0 6 hai nghiém phén biét < m < 0. (*¥)

Thire hién ‘ phép chia y cho y' ta dwgc phin du 2mx+1, nén dudng thing
A:y=2mx+] chinh la dudng théng di qua hai di€m cyc tri cia d6 thi ham s8 da cho.

em=lem==+I1.
\/4m+ \/——

D& chidu dji‘éu kién (*), ta chon m=—1. Chon B.

Yéu cau bai toan df M Al=

. -_1
Céu 156. Ta c6: y'=6x" +6(m—1)x+6(m—2); y'=0 & * )
x=2-m

Dé&ham s6 ¢6 diém cuc dai va diém cuc tifu < y'=0 c6 hai nghiém phén biét
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S2-m=-lem=3.
+Néu —1<2—m & m <3, yéu cau bai toin
m>—

1
& -1<m<3.
m<3

@—2<—1<2—m<3®{
+Né&u 2—-m< —1& m>3, yéu cau bai toan
>3
@—2<2—m<-—1<3¢>[m S3<m<4.
m<4

Vay me(-1;3)U(3;4). Chon A.
Cau 157. Ta cé: y'=3x%" +12::+3(m+2)=3[::2 +4x+(m+2)].
Yéu cau bai todn < y'=0 c6 hai nghiém phén biét x,, x, théa man
% <-1<zx, & y'(-1)<0& m<1. ChonB.
Cau158.Tacéd: y'=x> —2mx+m+2
Yéu ciu bai todn & y'=0 6 hai nghiém dwong phan biét
A=m’-m-2>0 [(m+1)(m-2)>0 ([im>2 |
&1§=x+x,>0 & 12m>0 @im<-1em>2.Chon A.
P=xx,>0 m+2>0 m>0 |
Céu159. Tacéd: y'=3x" —6x+3m
Yéu cdu bai toan < »'=0 c6 hai nghiém phan biét x, <x, <2
A'=9-9m>0 m<1
(% —2)+(x-2)<0&e {x+x, <4
(5 —2)*,-2)>0 %%, —2(% +%,)+4>0

m<]
m<]l
&42<4 @{ >0@0<m<1.Chan.
m-22+4>0
2 2 v 2 | ' xl=a
Ciu160. Tacé: y'=6x>—6(2a+1)x+6a(a+1); y'=04 +1
%, =a

Vay |z, - x|=|a+1)~a|=1.ChonD.
Ciu161. Tacd y'=6x" +2mx—12.
Do A'=m’ +72>0, Ym € R nén ham s& luén c6 hai diém cyc trj x,, x,.
Goi A(x,;,) va B(x,;y,) 12 ta dd hai diém cyc tri.
Yéu ciu bai todn: & |x,|=|x,| & x, =—x, (do x, = x,)

m

%H+x,= 3 =04 m=0. ChonD.
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=0
Ciu162. Tacé b'= 32" +6mx = —3x(x~2m); y' =0 & | " -
x=4aim

D& d5 thi ham s6 c6 hai diém cuctri @ m=0.

Khi &6 goi 4(0;,—3m—1) va 13(2»1;4mJ —3m—~ 1) 12 hai di€m e tri ctia 46 thi ham s6.

Do d6 trung diém ctia AB 1a diém I(m;2m’ —3m—1)ed.
Suyra: AB =(2m;4m’)=2m (l;mz).

Va véc-to chi phuong clia duong thing d la:u =(8-1)
ViAvéBdGJﬁxfmgvo’vinhauquad :
Ied | m+8(2m’ —3m —1)~74=0
—_— &
ABu=0 |8-2m’=0
Nén m+8(2+n’—3m—l)—74=0®m=2.ChonCﬁuD.

Sm=2

A \i ' - :y' x=1
Cau163-Da°h%m y =x2_2(m+1)x+(2m+l),y =0 x=2m+1.

Véi m>0 cj:l 2m+1=1 nén d5 thj ham s& luén c6 hai didm cyc tri.

Dom>0 n“i 2m+1>1, suy ra hoanh dé diém cuc dai 1a
x=1nén Yoo =y()=m—1.
’ Yéu cau bai todn < yo, =0 m—1=0« m=1: théa min. Chon B.
Ciu164. Daohdm y' =327 +6x +m . Vi A" =9—3m

D‘éthihémlcéa_rcdaivécuctié“u khi: A',. >0 m <3
Tacé y =[§‘x +%].y '+[sz—2]x +[2Tm—2]
Goi x,,x, lélh:‘anh 46 clia hai diém cyc trj khi dé:

m 2m
,y'=[;s -2+ -2)
2m 2m ’
¥, =(Jf3——2]x, +(—3——2]
Hai diém m%ﬁn&nv% hai phia truc hoanh khi:
i ¥
P <o{¢>[-233-2} (% +1)(x, +1)<0

|
‘ 2 2
@[ZT’"—,?] (x,x2+x,+x2+l)<0®[27m—2] [%—1]<0@l

1 _1
Ciul659aoh$m y':x2 "2mx+(2m—l);y'_—_0¢> x

x=2m-1

D’e’d‘étlﬁhéﬂf\ s8 c6 hai diém cuctri 2m—1=1&m=1. (*)

m=

m<3

3 Chon C.
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D# hai diém cuc tri ndm vé cung mét phia d&i véi truc tung < y'=0 icé hai nghiém

x,, x,cung déu @2m—1>0®m>%.

Kéthop vdi (*), ta duoc % <m=1.ChonC.

Cau 166. Dao ham: y '=3ax* +2bx +c . |
D& db thi ham s8 cd hai diém cyc tri niim vé hai phia truc tung khi va chi khi phuong
trinh y '=0 ¢4 hai nghiém x,, x, trai ddu.Suy ra 2 va ¢ trai dadu. Chon Bi :
, =0=y=4m’ -2
Cau167.Taco: y'=3x" —6mx =3x(x—2m); y'=0& * y=am ) s
. x=2m=y=4m* +4m> -2
D& db thi ham s& 6 hai diém cuc tri & m=0. ‘
Khi d6 toa d6 hai diém cuc tri 1a A(0;4m2 - 2) va B(Zm;4m2 —4m® - 2) i
- Do I(1;0) la trung diém clia 4B nén ‘
0+2m=2 Chon C
. N o m=1.ChonC.
(4m‘—2)+(4m' —4m3—2)=0 "
A . 2 x=0
Ciu168.Taco y'=3x" —6mx=3x(x—2m); y'=0& o’
x=2m

Dé d6 thi ham s6 c6 hai difm cuc tri & »'=0 ¢6 hai nghleﬁn phén biét
S 0=2mem=0.

Toa d céc diém cuc tri cha d thi ham 5 1a: 4(0;2) va B(2m;2—4m’).
Suy ra MA =(-14), m:(Zm—l;4—4m3).

_ 3
Theo gia thiét 4, B va M thing hang @M= 4—dm

-1 4

m=0 (loai)
! .
m=+~2 (thdaman)
|
|

Chon D.
Cau169.Tacd y'=—3x" +3m= —3(x’ —m).

D& d6 thj ham s8 ¢6 hai diém cyc tri < x* —m =0 c6 hai nghlem phan biet < m>0.
Toa d6 cac diém cuyrc tri ctta d6 thi ham s& 1a: ‘

A(—m;1-2mm) va B(Nm;1+2m/m).

Yéu Ciu bai todn < OAOB =0 dm’ +m—1=0 m =% (théa digu kién). Chon C.

x=0
Cau 170. Ta ¢6 y'=—4x3+4x=—-4x(x2 —l); y=0&|x=1
x=-1

Suy ra d6 thi ham s§ ¢6 ba diém cyc tri. Lai c6 hé s& ciia x* 1a —1<0 ne{n db thi ham
s6 ¢ 1 difm cuc tifu va 2 didm cue dai. Chon D.
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3

x=.——$y=—

N 4

Cau 171. Ta cé: y'=4x3—2x=2x(2x2—1);y'=0¢) x=0=y=1 .ChonC.
x= 23
Z777

Cau172. Tacéd f(x)=x*—6x"+9= f'(x)=4x" —12x.
Tinh £"(x)=122% ~12; f"(x) =0 & x = 21.
Vé bang bién thién, ta thdy f'(x) datcucdaitai x=-1, gidtricucdaila f'(-1)=8.
Chon A,

Ciu 173. Ta céf y'=4ax3+2bx=2x(2ax2+b);y'=0¢) 5 b.
P&ham s6 6 ba cuc trj thi phuong trinh x* = _Eb_ 6 hai nghiém phén biét khac 0
! a

4:»—2%>0m: ab <0.Khid6 a,b trai ddu va ¢ bat ki. Chon B.

x=0
Cau174.Tacd y'=4ax’ +2bx=2x(2ax’ +b);y'=0w| ,
X = ——
2a
a <0 (dang dé thi) 2<0
P& ham s6 ¢6 mét cyec tidu va hai cuc dai & b . Chon B.
‘ -——>0 b>0
2a
x=0
Cﬁu175.Tacé‘y'=4ax’+2bx=2x(2ax2+b);y'=0¢> ) b
=
: 2a
D& ham s6 ¢6 mgt cyc tri thi () v6 nghiém hodc cé nghiém kép bing 0
5 b=0
&-——-<0& .
2a ab>0
Khi d6, d€ cuc tri nay 1a cuc tiéu thi 2> 0. Vay 2>0,b>0. Chon D.
; s ) x=0
Ciu 176. Taco  y'=4x +4mx=4x(x +m);y'=0© ) .
: 1 x> =-m

D&ham s§ coba cuctri & y'=0 cbbanghiém phanbiét & —m >0 & m < 0. ChonC.
Ciu177.Taco|y'=4x’ —6x+a va y"=12x"-6.
Do A(2;~2) 1a difm cyc tiu ctia d6 thi ham s6 nén
»'(2)=0  [32-12+a=0
»"(2)>0 «148-6>0 @{Z:;ZO:a+b=—14.ChgnA.
y(2)=‘_2 16-12+2a+b=-2
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Ciau178.Taco y'=4ax’ +2bx va y"=12ax* +2b.

: y'(0)=0
D5 thi 6 diém cuc dai A(0;-3) < @b<0
y"(0)<0
¥'(-1)=0 [2a+b=0

D6 thi 6 diém cuc tiéu B(-1;,-5) & L/"(—l) 50 l6asb>0

Mit khac A,BE(C):y=ax4+bxz+c<:{;:;ic=_5
2a+b=0 2a+b=0 a=2
Vay ta ¢6 hé phuong trinh {c=~3 Sia+b=-2{b=-4 (thda man)
a+b+c=-5 c=-3 c=-3
Chon B.
Cau 179. Ta c6 y'=4x3—4(mz—m+1)x=4x[x2—-(m2—m+l)];

x=0
y'=0¢&

x=tym —m+1

Suy ra 49 thi ¢6 hai di€m cuec tiu la A(-—\/m2 -m +1;ycr) va B(\/m2 - mm;ycr).

=33
m—=| +—
2 4

Cau180. Ta ¢d y' = —4x’ +4mx = —4x(xz - m); y=0&|

Khi d6 AB® =4(m’ ~m+1)=4 >3.D&u “=" xay ra @m:%—.Chqn B.

P& ham s6 ¢é ba diém cuctri < m>0.
Toa dd cic difm cuc tri cita d6 thi ham s 1a
A(0;~-4)e Oy, B(-—\/;;mz ~4) va C(\/;;m2 —4) .

=-2(L
Yéu cdu bai todn < B,CcOx e m* —4=0« ().Chan
m=2(tm)
A . 3 2 - x=0
Cau181. Tacéd y'=4x —~4mx=4x(x —m);y =0/,
*=m

D& d6 thi ham s8 ¢ ba difm cyctri © y'=0 céba nghiém phan biét (:Nm >0.
Suy ra toa d6 céc diém cuc tri cta d6 thi ham s& 1a:
A4(0;1), B(«/;;l——mz) va C(—\/r_n-;l—mz) .
Y&u cdu bai toédn: ‘
s ~ n on |
BC=4o2m=4otn=2cm=4 (théa man diéu kién). Chon C.

Ciu 182. Ta cé: y'=4x3—4(m+1)x=4x(x2—m—1); y=0& ¥=0 ‘

x2=m+l'3
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Dé’hémsé’cébadié’mcuctri & y'=0 cdbanghiém phanbiét & m+1>0m>-1.
Suy ra toa d“ 9 cac diém cuc tri clia d6 thi ham s 1a: )
A(0;m), B(ym+1;-2m~1) va C(—Jm+T;-2m—1).
Khi dé: 4B =(Jm+ ;—2m—1—m2) va E=(~\/m+ ;—2m—1—m2)
Yéu ciu bai toan
—— =—1
@ ABAC=06 —(m+1)+(m+1)' =0& (m+1)[(m+1)' -1)= 0" =
P&i chiéu didu kién ton tai cuc tri, ta duge m =0 la gia tri can tim. Chon B.
A , x=0
Cau183.Tacéd:| y'=4x* +4mx=0 @[ s
xt=-m
Diéu kién d¥ ham s8 ¢6 3 diém cyc trila: ~-m >0 m<0.
Khi d6 ta cé toa d6 3 dim cuc tri 1 4(0;1); B(\/—m;—m2 + l);C(—\/—m;—m2 + 1)

Do 4B’ = AiC‘2 =-m+m' nén tam gidc ABC ludn cén tai A.
Do ABC luf)}n ¢én suy ra né vudng can tai A.
m=0 (logi)

m=-1

Do d6 E.Z;'ceo <:>m+m‘=0<=>[ . Chon B.

x=0
éca““’" Tacojy' = ~2(am+ )z = ~2(om+ s f‘“’lz 23m+1)’

D& ham s5 ¢6 ba cuc tr @2(3m+1)>0©m>—%.
|
Khi d6 6 thi c6 ba diém cyc tri 12
A(0:2(m+1)), B(~ 2(3m+1);~9m" —4m+1) va C( 2(3m+1);—9m* —4m+1).
|

i 2(m+1)+2(-9m* —4m+1)
Suy ra toa dd trong tam cha tam gidc ABC la G=|0; 3 .
‘i
m =%(tm)
Yéu cau bai toan: G = 0 & 2(m+1)+2(-9m" —4m+1)=0% , - ChenD.
m= —g(L)

Chu 185. Tép xéc dinh: D =R\{1}

. 2
Daohém:y':f;(n—-)’—ﬁ-l- it f(x)=x"—2x—m+1
x—1

8y >0 >0
) @{m < m >0, Chon D.

f(fl)zo

P&ham s6 £6 cyc dai va cue tidu khi: { 0
m=
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Cu 186. TXD: D =R\ {—m}.
2 2
Paoham y'= X F2metm —1
(x+m)

~ - ” =-1
Ham s dat cucdaitai x=2 nén y'(2)=0& " 5
m=—

Thit lai v6i m = —1 thi ham s8 dat cuc ti€u tai x =2 : khdng théa man. ‘
Thez lai véi m = —3 thi ham s& dat curc dai tai x=2: thoa man. Chon B. |
Ciu 187. Dao ham cdp 1: y'=2cos2x—1 1

Pao ham cdp 2: y" =—4sin2x

x =3+k-rr
1 ' 6
Ta co: y'=0&cosdx=2 (kez)

x2=-%+k7r i

Do y" 3+kw]=—-4‘—/_§<0;y" '—3+kw]=—4 —ﬁ
6 2 6 2

>0.ChonC.

Céu 188. Bao ham: y'=1-2sinx

1 x=3+k2-n x==
Khidé: y'=0«sinx=-«| 8 (kezZ) . Vi xe(0w)= 6
2 5% 57|
x=—+k2x xX=—1
6 6 |
of)e-afic |
Mit khac: y" = —2cosx . Do dé ‘
’ 0 e T 1
Y% D

Gia tri cuc dai ctia ham s6 la y[%]=%+~/§ . Chon C.
Cau 189. Tacé y =sinx — 3cosx=25in(x—§]
Daohamcip 1: y' =2cos(x—-§];Dao ham cip 2: y"=—2sin{x—§J

y'[é’—‘]=2cos§=

6
Vi .Suyra x=—5—"1 13 diém cyc dai. Chon C.
.,(57‘] . T 6
y"'|—|=-2sin—<0
6 2
Céu 190. Dao ham cdp 1: y'=3cos3x + mcos x ; Dao ham cip 2:y"=—95in3:fc—msinx
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Pé& ham s6 c‘Jgtat cuee dai tai diém x= % khi:

3

1\'\‘ K1Y
"I—|<0 —9sint—msin—<0

KK
Yy ["]i=o 3cos-n+mcos%=0

<

Ciu 191. Dao ham: y'=acosx—bsinx+1

s s, g .
Ham s& dat iouee tri tai x=§;x=w nén:

© P

I=|=0 1 _ﬁ = a=1

y[3 o 2“ 2b+1—0®{b ‘/.-=>a+b=\/§+1.ChQnC.
y'(®)=0 |-a+1=0 =3

N . , 3x+4x

Ciu192. TXD: D=R. Paoham y'= ;=0 x=0.

NP ’

m==6
L4 =
{m>0

m=6.Chon C.

V& bang biéh thién ta thdy ham s& dat cuc tiu tai x=0. Chon B.

Céau 193. Chon

D.

A saivi han‘l s0 c6 2 diém cuc tri.

B sai vi ham s6 c6 gié tri cuc tiéu bing -1 .
50 khéng c6 gid tri 16m nhét va gia tri nho nhét trén R.

C.sai vi ha :
D.Pung.

Ciu 194. Dao ham: G'(x) = 0,05x(30 — x)—0,025x =1,5x - 0,075x"
|

Cho G'(x)

0o

x=20

x=0 (loai)

.ChonD.

Ciau195. Paoham y'=———=<0, Vxe|{-1;1
ot 3122 <o, vee[ 1]

Suy ra ham

Cau 196. Chon
Céu 197. Chon
Cau 198. Tap x

. Pao ham f

Suyra f'(x

D.
D.

)=064-2=0s

sc dinh: D= [—2~2] .

() =N4-#" -

4 2x?
\/ \/4 —xt
x=;/§€[—2;2]
x=—~/§v€[—

s& nghich bién trén doan [-1;1]. Do dé

22]

gy v
miny=y(1)=1

_F

.Chon D.
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Do ham s8 lién tuc trén doan [—2;2]
vaco f(-2)=0; f(—2)=-2 f(\2)=2 f(2)=0
Vay GTNN ctia ham s8 bing —2 va GTLN cia ham s§ bng 2. Chon C. |

1
l-— 2 x=-1¢(0;+c0
Cau199.Tacé y'=—=2 =% 1 s y'=0s #(0i+o0)
T
x x

Lap bang bién thién trén khoang (0;+o0)
Ta tim duoc gia tri nhé nhét cia ham s§ 13 y(1)=+2 . Chon A.

x=0¢[—2;—%]

Cau 200. Pao ham f'(x)=6x" +6x; f'(x)=0& .
x=—1€[—-2;—l]
2

va co f(—2)=—5; f(—l):O; f[-;——;—]:--;—

e mria o 1
Do ham sé lién tuc trén doan —2;—5

Suy ra m = mmf( y=-5 M= maxf() Onén M-m=35. ChgnD.%

[ ==

Cau201. Tacé y=—4x* —4x—1=—(2x+1) <0, VxeR. ‘
Suy ra ham s8 nghich bién trén doan [— 1;1] nén ¢6 gié tri nho nhat tai x ‘=1 va gid tri
16n nhét tai x=—1. Chon B. 3

2 _ 2y~ x=-1¢|(2;4
Cau 202, Dao ham y'=*22573 _¢, '=o©[ [2:4]

x—1 x=3e[2;4] :
Do ham s8 da cho lién tuc trén doan [2;4] vacé y(2)=7; y(3)=6; y(4) = ﬂ: .
Suy ra miny=6. Chgn A.
{2:4]
Cau 203. Xét ham s8 g(x)=x° +4x—5 lién tuc trén doan [-6;6].
Paoham g'(x)=2x+4; g'(x) =0 x =-2€[-6;6].
. 2 x=1€[-6;6] :
Laicd g(x)=0&x* +4x—-5=0« . |
x=-5¢[-6;6] |
Tacé g(—6)=7, g(-2)=-9; g(6)=55 g(l)= g(-5)=0. |
) ) ) ) \
Suy ra I[’I‘lélglf( x)= léél{lg 6)); l2(=2)|; |g(6)]; |e(1)); Ig(~5)|}=O.ChgmA.

Céu 204. Ham s6 f(x) xac dinh va lién tuc trén doan [~4;4].

¢ Néu x€[1;2] thi x* —3x+2<0 néntaduoc f(x)=—x"+2x-2.
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Pao ham

Tacé f(1

flx)=-22+2; f'(x)=0x=1€[}2].
)=-% f(2)=-

e N&u x €[+4;1]U[2;4] thi x* —3x+2 >0 nén ta duoc flx)=x"~4x+2.

Pao ham

Tacd f(—
So sanh hai |

Cau 205. Ta cé:

fix)=2x-4; f'x)=0ex=2¢e[-41u[2;4].
4)=34; f(l)=-1 f(2)=-2 f(4)=
‘tru*érng hop, ta duroc n:la}}cf(x):34 khi x=—4.Chon C.

2x* -2

y'=2x—x%= ;y=0x= le(0+oo)

Qua diém x =1 thi ham s& d6i d4u tir 4m sang duong trong khoang (0;+).

Suy ra trén khoang (0;+e) ham s& chi c6 mét cuc tri va la gié tri cuc tidu nén dé cing

chinh 12 gi4 tri

nho nhat ctia ham s6.

Vay miny = y(1)=3.ChonC.

(0+x)

Cau 206. Ham s8 xac dinh va lién tuc trén doan [3; 5] .
Pao ham y'=2x—x—22=-2—(xx——1—)—>0 Vxe[3 5]
Suy ra ham %6 ddng bién trén [3;5] nén mi?y =y(3)= 23—9; max y = y(5)= 1—’2; .
Vay tap gia tr; ctia ham s6 la doan [-259—%:' Chon C.
Ciu 207. Ham %6 xdc dinh va lién tuc trén doan [2;4].
Dao ham f':(x) = 1—% = f;; fi(x)=0ex'-9=0s ”:ii 5;;‘}4}.
Tacé £(2)= % FB3)=6 £(4) =24—5.
Suy ra I[Izuf}l} =6; [zei]xy=-1—2§ nén =[6;% .Suy ra b—a=§—6=%. Chon D.
| limy =+
Ciu 208. Vi 0€[-1,2] vaco {""’ my = nén ham s8 khéng cé gia tri 16n nhét va khéng
o

¢6 gia tri nhé nhit. Chon D.
Ciu 209. Dit t = cosx,t e,[—l; 1] .

Xeétham s6 (£) =26 -2 +3t+ xc dinh va lién tyc trén [-1;1]
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t=1e[-1;1]
Tacé: f'(t)=6t-9t+3; f'(t)=0e

1
t= 5 € [—1,' 1]

Khidé: f(-1)=-9; f(%)=§, f(1)=1.Suyra: Er_lliﬂf(t)=—9,hay miny-‘r—9 .Chon D.
Céu 210. Sai tir budc (IIT) do khéng chi ra duoc khi nao ddu " =" xay ra. Ch)pn C.
Cau211.Tacé: f'(x)=3x*+1+sinx>0,VxeR |

Suy ra ham s§ ddng bién trén [0; +oo)

Khi ¢6 ham s6 khdng co gia tri l16n nhét, va cb gia tri nhé nhit 1a

Enmf( ) f(0)=-5.ChenB.
) [x =-lg [0,' 4]
Cau212. Tacod: y'=3x"-6x-9; y' =0
x=3e [0;4]
Ta cé: y( )—28' y(3)-— L (4)=8

Do ham s6 xac dinh va lién tyc trén [0 4] nén ?'uﬁl y=1khi x=3. Chomr B.

Cau213.Do —1€[-2;2] vacé lim i—l=~—oo; lim x—1 = 400
x==1" x +1 —-1 x+1

Do d6 ham s nay khong ¢6 gié tri nhé nhét va 16n nhat trén {-2;2]. Chqn C.

Ciu214.Taco y' —( 1+m 1)
x+

Lai ¢6 ham s lién tuc trén [0;1] nén maxy = y()=

> 0,Vx €[0;1]. Khi d6 ham s luén ddng bién tr [O; 1.

2

—n Chon C.

Cau 215.Tacd y'=— < 0,Vx €[-1;0]. Suy ra ham s ludn nghich bién/trén [-1,0].

( - )
Do ham s3 lién tuc trén [-1;0] nén I[El,i%? y=y(0)=—m’.ChonB.
x=0(tm)

Cau216.Tacd y'=—3x>~6x=-3 x+2);y'=0s v
A Teco y' =3 b= E(xeDiy'=00| L)

Tathdy y(-1)=2a-2; y(0)=a y(1)=0—4.

Do a—4 <a—2<a vaham s& lién tyc trén [-1;1] nén Eli_{lly=a—~4=0<:a=4.

Chon D.
Cau 217. Ham s6 xéc dinh va lién tuc trén doan [0;3].

2
Taco y'= 8 +"; >0, Vx € [0;3]. Suy ra ham s& ¢bng bién trén [0;3].
x
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i 2
Do dé rfgiﬂf(x):f(()):—%:—Z@ m=+4. Chon A.

m?+1

Céu 218. bao l'ifx‘am: y'= 7>0,Vxe [2;5] . Ham s6 déng bién trén (2;5).
|

(x+m
Do ham s6 ‘lién tuc trén doan [2;5] nén
‘ 1 1,
-=—om =4 m=+2. ChonB.
2+m* 6
Ciu 219. Dao ham y'=-2x+4; y'=0©x=2€[—1;3]
Lai cé: f(—1)=—5—m;f(2)=4—m; f(3)=3—m

Do f(—l) < f(3) < f(2) va ham s§ lién tuc trén [—1; 3:] nén r{x‘a;](f(x) = f(2) =4-m.

miny =y(2)=

Theo bai raf max f(x)=10<>4-m=10 < m=-6. Chon B.

Cau220.Tacé: f'(x)=2 "= m+1>0\7’xe[01]

(x+1)

Suy ra hém’ s8 ludén déng bién trén [0,' 1:] . Do ham s lién tuc trén [0; 1]

Kni dé: myin f(x) = £(0) = - +m.
|

Theobéira‘;: %3Tf(x)=—2o—m2+m=—2©mz—m—2=0<:>[:::;1 .Chon D.
Cau 221. Goi aj:,b >0 [&n luot 14 chiéu dai va chiu rong ciia hinh chi nhat.

Dién tich ctia hinh chix nhat: S=ab.

Chu vi hinh chit nhit: P=2(a+b)22.2Vab = 4/ab =445 . Dfu "=" xayra > a=b.

Viy minP = 4\/5 .Chon B.
Cau 222. Goi @,b >0 Tan luot 13 chiéu dai, chiéu réng ctia hinh chi nhat.

Suy ra 2(a%}-b)=16¢a+b=8.
Dién tich h‘l‘irlh chit nhit: S=ab<

\

Céu 223. Ta c§

F(e)= a5t —# = f(£) =90t -3¢ —ME L 01(1) =906t =0 > t =15,

Dua vio bing bién thién ctia g(t) ta duoc t =15 12 gié tri can tim. Chon D.
|

2 2
(a+b) = %: 16cm® . Chon C.

Céu 224. Hop)| c6 ddy 13 hinh vuéng canh bing 12—2x(cm) va chiu cao x(cm) véi
\
0<x<6."
Do d6 thé tii& Kkh&i hop ¥ = (12— 2x) .x = 4x° — 485" +144x .
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Xétham s8 y =4x’ —48x” +144x trén khoang (0;6) ta tim dugc

Vo =Max y = y(2) =128.. Vay v6i x =2(cm) thé tich kh&i hép Ién n];ﬁt.
(0:6) !
Cach khac. :
h3
vV =x(12-2x) =% 4x.(12-2x). (12—2x)<% 4"“2‘23"“2_2"!] =128,

Suyra ¥V, =128 4x=12-2x < x=2.Chon C.
Cau 225. Dic trung cia db thi 1a ham bac ba. Loai dap an A va C.
Déng diéu ctia d6 thi (bén phai hudng 1én) nén 2> 0. Chon D.
Cau 226. Dya vao d0 thi ta thdy phia bén phai hirdng ién nén 2> 0. Loai dap an A, D.
Ham s8 dat cuc tri tai x=—2 va x=0.Do &6 chi ¢6 B thda man vi
y'=3x"+6x=3x(x+2); y'=0& i=(12. Chon B.

Cau 227. Dua vao d6 thi thdy phia bén phai huéng xuéng nén hé s§ ctia x* phai 4m. Loai
dadp én B, D.
D&y thay khi x=0 thi y=2.Do d6 chi cé dap an C phit hgp. Chon C.

Cau 228. D&y thdy khi x =0 thi y=2 nén ta loai d4p 4n A.

Dya vao d6 thj thdy ham s8 ¢6 mét cuc tri nén ta loai ddpan B vi y'=~3x>+3 ¢

PN

hai nghiém.

D6 thi ham s& di qua diém c6 toa dd (1;1) nén chi ¢6 D théa mén. Chon D‘
Céu 229. Dya vao bang bién thién, ta dé y: |
® Phia bén phai huéng 1én nén loai dap 4n C va D.
* Toa d6 cac diém cyc tri la (—1;2) va (;—2) nén dép 4n A 1a phti hop. dhon A.

Cau 230. D6 thi c6 bén phai hudéng 1én nén 2> 0. Do d6 dép 4n A sai.
Ham s d6ng bién trén céc khoang (—oo;~1) va (I; +oo) Do d6 d4p 4n B aung

Ham s8 ¢6 hai cyc tri. Do d6 dép 4n C sai.
Vi d6 thi ham s6 di qua g&c toa d6 nén hé s8 tw do ctia ham s& 5 phai bing (0
Do d6 dap an D sai. Chon B. 1
Cau 231. Dya vao do thi thdy phia bén phai huéng 1én nén hé s& caa x* phal duong.
Loai ddp an A. ‘
D&y thdy khi x=0 thi y=2 nén ta loai ddp 4n D.
HamsS dat cuctritai x=0 va x==+1 nén chi c6 B phi1 hop vi

x=0
'=4x’ —4x=4x(x*-1); y'=0 . Chon B.
y'=4x' —dx=dx(x )iy ©| _ 4 Chon

Céu 232. Dya vao dang dd thi th€ hién a < 0 nén loai A. ‘
D5 thi cit truc tung tai diém c6 tung d6 bing —1 nén th€ hién c=—1, loaii, D.
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Ta thiy d6 ﬁu tiép xtc véi duong y =1 nén thix thay y=1 vao B va C. K& qua nao

dua vé droc bi
—2x* +4x°
Cach khac.

! h phuong ctia m6t tdng la nhan. Khi d6 ta chon duwoc B, that vay:
Fl=le2r -4 +2=062(x -1) =0.

i S0 AR thi & e R
Nhin th&y d6 thi di qua diém c6 toa d6 (1;1) nén thir thay vao B va C thi

- chi ¢6 B thoéa. S[}lqu B.
Cau 233. Dyra viao do thi thdy khi x =0 thi y =3 nén loai dap an B.

Ham s8 c6 ot cuc trinén 4, b cling dau. Loai C.

Hinh dang ¢ thi ¢6 bén phai di xuéng nén 2 <0 nén loai D. Chon A.

Cau 234. Dya

Ham s8 ¢é

%0 d6 thi ta thiy khi x=0 thi y =2 nénloai A, B.

6t cuc tri nén a, b cing dau. Loai C. Chon D.

Céu 235. Céc phat biéu A, B, C déu dung.
Dap an D sai vikhi x=0 thi y=-3, diéu nay chimg t6 hé¢ s§ c=-3. Chon D.

Ciu 236. Cic chi tiét db thj ham 8 ¢6 TCD: x = -% VATCN: y= % deu giéng nhau.

Chi cé chi tiJ‘é't d5 thi ham s8 di qua gdc toa d6 1a phit hop cho dép an C. Chon C.
Cau 237. Nhéc lai li thuy&t: D6 thi ham s8 y = f(jx]) duoc suy ra tir d6 thi ham s&

y=f(x) bing céch

o Git nguy;

Pn phién d6 thi ham s8 y = f(x) véi x > 0.

o Sau d6 18y d6i xting phan d5 thj vira giit & trén qua truc Oy . Chon D.

Cau 238. Nhic lai li thuyét: D6 thi ham s§ y=|f(x)| duoc suy ra tir d6 thi ham s&

y=f(x) b§ng cach
¢ Gii¥ nguygn phén d6 thi ham s8 y= f(x) véi y>0.

e L3y d&i x

mg phan d6 thi ham s6 y = f(x) véi y <0 qua truc Ox. Chon B.

Cau 239. Xét tén (0;1) ta thdy & thi di xudng (tir tréi sang phai) nén ham s& nghich

bién. Do d6

(I) ding

Xét trén (—1;2) ta thiy d0 thi di 1én, r6i di xudng, r6i di 1én. Do d6 (II) sai.

Dira vao d6

thi ham s& ta thdy c6 ba diém cyec tri. Do dé6 (III) dung.

Ham s8 khong cé gia tri 16n nhat. Do d6 (IV) sai. Chon B.

Céu 240. Chon

A. Céau 241. Chon B.

Cau 242. Ham $6 y=x> +bx* + cx+d c6 hé s8 cia x* duong nén loai (II) va (IV).

Xét y'=3x% +2bx+c 6 A', =b" —3c. Ta chua xac dinh dugc A', mang du gi nén

- ¢6 thé xay ra trizong hop (I) va cling c6 thé xay ra truong hop (11I). Chon B.

Cau243. Haim s6 y=x° +bx’ —~x+d cd hé s8 cta x* duwong nén loai (II).

Xét y'=3x2 +2bx—1 cb6 A'y. =" +3>0, VYbeR. Do d6 ham s8 c6 hai cuc tri nén

loai (III). Chon

A.
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Céu 244. Chon C. 3
Céu 245. Theo Iy thuyét f(x) tinh ti€n sang phai 2 don vi bién thanh f(x-+ 2).

Ap dung, ta dugc f(x—2)=1-(x-2)" =y—x* +4x—3 . Chon B.

Céu 246. Tinh tién d0 thi sang phai 1 don vi, ta dugc y= (x —1)-4 =27 5 .
2(x-1)+3 2x-+1
Sau d6 ti€p tuc tinh tiéh 1én trén 5 don vi, ta duge y = X3 +5= llx_' Chon A.
2x+1 2x+(1

Cau 247. D3t f(x)=x"+3x+1.

Giast 2 —3x* +6x~1= f(x +a)+b & ¥ ~32* +6x—1=(x+a)’ +3(d+a) +1+b
© 1 —3x" +6x—1=x"+3ax’ +3(a’ +1)x+2° +3a+1+b.

1=1 |

~3=3a a=—1

6=3(a +1) ‘i’{b=2

—1=a’+3a+14b

Suyra x* —3x’ +6x—1= f(x—1)+2.

Déng nhat hé s6, ta duoc

Vay d6 thi ham s& dugc suy ra bing cach tinh tiéh sang phai 1 don vi, sau dé ti€p tuc
tinh ti&n 1&n trén 2 don vi. Chon C.

x—2 3
Cau 248.Dit f(x)= . ‘
" #f®) 3x+4
“Tx+6 _7(=x)+6 (-x)-2
= = +2=f(-x)+2.
Tax+d 3(x)+d 3(xed i)
Vay d6 thi ham s8 duoc suy ra bing cach 14y d6i ximg qua truc tung, sa‘r.l d6 tinh tién
1én trén 2 don vi. Chon A. 1
Cau 249. Chon D. Cau 250. Chon A.
Cau 251. Theo dinh nghia vé tiém can ta cé

+) lim f{x)=1=y =114 1 duong tiém cin ngang,
X=p+x y g g g

X——x

Cau 252. Tap xac dinh: D=R\ {1} .

+) im f(x)=-1=>y=-1 12 mét durdng tiém cin ngang. Chon d4p 4n C.|
y g gang p !

—x-1 X —x-1

Taco: limy = h:{l——1=+oo;limy=1im—l=-—oo :ﬁérncé#\dlh\g: x=1
=1 X— x— x—I" x=1" X -
L. x(x—1)~1 1
L. Y= =x—
acoy x-1 * x-1
Khidé: lim (y-x)= hm( 11] 0; hm(j x)= hm[-——l—i-)=0 ‘
X——x X——0C X r—=+% X - i

= Ti€ém can xién: y=x. Chon B.
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Ciu 253. Tap xéc dinh: D=R\{2}.

Ta cé: hm!y lim — = —o0; lim y = lim

=400 = Tiém cadn dtng: x =2
=2 x—2 =2 x -2 : i &

Lai co: ﬁrﬂy hm%:O lim y= lim =0=> Tiém cdnngang: y=0

x——éo Xm0 X — X—ho X—tov x — 2
Chon C.
Ciu 254. Tép xc dinh: D =R\ {-2} . Ta cé:
lim y = lim 3 =+oo; lim y= lim 3 =—oco = Tiém cdn diing: x=-2.
12T a2 x =2 x—=2" 2" X — D
1-2 1-2
Lai cé: hm!y hm——2=l lim y= Lim §=1=> Tiém canngang: y=1
—-—'>‘:> X—— 1 +Z X—pC Xt 1 + <
x x

Suy ra dxen‘h K(-2;1) 1a giao ctia hai tiém can. Chon D.
Cau 255. Tap )Jtac dinh: D =R\ {+3}.

Ta cé: 3
L x—2 . x—2 .
E}\y 1_3‘x2_9=—oo;}1_x§1y xhr};—x_———g-—-f-oo: Tiém c&n ding: x =3
linzl_y= ﬁfrgx_—’-?—i:—-oo, lm;y hnsl xz 29=+oo=> Tiém cdn ngang: x = -3
== =3 % — = 3 x
| 1.2 1.2
Laicé: lim| lim XX =0; lim 3 x 2 _oo Tiém cin ngang: y =0
x—.-.,gly Xm0 9 x—-+:a.‘/ x—~+a< 9 g g J
| T e
Chon C,
; 2 E
Cau 256. Tp xéc dinh: D=R.Tacé: lim y = lim L =0; lim y = lim —%— =
; X=—=2v X —Q.1+_2 X K “Cl+—x—z—
| X

= Tiém céJE ngang: y=0.ChonC.
Céu 257. Tap xic dinh: D=R.
Gia str &6 tll!\i (C) c6 dudng tiém can xién dang y =ax+b .

= lim =1-
X X xmmx x x—-x 1
b=x1_i11m [v—(1=VB)x]= fim [x +3x" +1~ (1~ 3)x}= lim (V35" + +3x)
| 1

= im ———— =0
T 3x% +1-Bx

Suy ra duimig thing y= (1 —x/g)x 1 ti€ém cén xién ctia 6 thi (C) khi x — —o0 .
|
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1

1 1+ 3+—
i G, - =1++3

Lai cé: a=xgﬂ%=xlilg It m
b= sim [y {1+ B)]= 1 [x+Jsa+ {1+t (T )
1
N oW

Suy ra duong thing y = (1 + \/§)x 1a tiém can xién ctia db thi (C) khi x — +o0

Chon C.
Cau 258. Tap xac dinh: D =R\ {1}
X — -1 -1
Tacé: y = 3% —4x+1_ (x—1)(3x )=3x~1 .
x—1 x=1
Suy ra d6 thi ham s khéng ¢6 tiém can. Chon D
20-1)  4x' -
Cau 259. Ta c6 y=( ad 21) _& ?X-H .
x x
Khi do lim y =Iim Yy =+o0, suy ra tiém cdn ding x =0
lim y= lim y=4, suy ra tiém cinngang y =4. Chen B.

Xm0

Xmm =

Cau 260. Tap xac dinh: D =R\ {0}.
Tacé: y= 3x* 3 _ 3
T r x(x~1) x-1
Khi dé: lmlly im Yl——oo,hr}ay—luln-é%=+oo=> Tlemcandu'nfg x=1
x— x=1"x — A= a1ty
3 3 |
Lai cé: lim y= lim .-3 lim y= lim —1=3: Tlemcanngang y=3.
X——x X2 l _ L X—+x X— o 1_ 1
x x |
Chon C.
Cau 261.
I. Tap xac dinh: D=R.
11 1.1
Tacéd: lim y= lim £ ’f =0; lim y= lim & ‘17 =0= Tlemcanngéng y=0
== X——x 1 _r X—ou Xk 1 _ 1
% x*
11 va III chi ¢ tiém cdn dtng va tiém cdn xién, khdng c6 tiém cin ngang ‘ Chon A
Cau 262. Tap xac dinh: D =R\ {%} .Ham so viétlai: y=x+2+ ;m 3x .
X—7
Tacé: fim y = lim |z +2+ 223 _; lim y = lim [x+2+ sm3"]=+oo
z z 6x—-m E T E 6x— ‘
6

x—= x—=
6
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o A Al ra T
= Tiém cdn ding: x= re

?

Gia stix d6 tin ham s6 6 tiém cin xién dang y=ax+b

X+2+ sin 3x
Khi d6: a= lim £ = fim 6X=17 _ fim (142, Sin3x
L x=toe x Xt x X0 x x(6x —_ ﬂ-)
= lim (y —x) = lim [x+2+ sm3x]_x = lim [2+ SJLn'?’x]=2+ Jim S033
x—+e<3» -7 Xtk X — T I—tx §X — 77
1 sin3x 1 . . 1 . 1
DO - ‘S < , a I — = =
6x—n 6x—7  6bx—mn ver x— oo, va *'—HP*[ 6x—7r] xlil:*q“[éx—vr] 0
Theo dinh I kep vé gi¢i han ctia diy s3 ta cé: lim S35 .

—+x 6X — T
sin3x

Suyra: b=2+ lim

—+x 6x —T

=2+0=2.

Khi d6 tiém cn xién ctia ¢6 thi 1a y = x+2. Chon B.
Cau 263. Ta c6

. umy=um[f+1+§m—"J=2; umy=ﬁr§;[§+1+5m"]=z.
x =

x--0" —=0"{ 2 2=0"
? Suy ra d‘cjﬁ thi khéng c6 tiém cin diing.

° xl—i’_’l-ly*[%"'l]}:}_ﬁ}l Sl:x

sinx

X

Do

She-te®r Ly lim[—i]= lim [iJ=o nén lim 88X,
o T xR s R ] —= x

Suy ra tiém :an xién: y = -;; +1.Chon D.

1 2 1. 2
Tz Ttz
Céu 264. Tacé:| lim y= lim X% —=0; lim y= lim XX _—9
P et X——x 4 m X b X 4 m
X x x x

= Tiém cinngang: y =0

Yéu ciu bij toidn < Phuong trinh x* —4x+m=0 cé mét nghiém, hodc <6 hai
nghiém trong d% mét nghiém la x = -2

A'=d—m=0 m=4
. m=4
o |[A'=4-m>0 eifmgs o 12
2 m=—
(-2) —4(-2)+m=0 m=—12

Dua vao dép én: Chon D.
Cau 265. D=R\{-2}.
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+Xét m=0, ham 8 c6 dang y=6—";—22. Khi d6 db thi ham s3 c6 tiém can dimg la
x |

x=—2 vatiém cnngangla y =6, d6 thi khong c6 tiém cén xién. |

+Xétmz0,tacc'>:y=mx+6_2m+4m—l4
x+2
Khi dé: ‘
" 4in—14  4m—14
lim +6— 211 = lim =0; lim [y —(mx+6—2m)| = Lim| _
x—_w[./ = ! ] x«—x x+2 x—+>g[y ( )] x_.+°1L x+2

= D% thi ¢6 tiém cén xién 13 duong thing dang y =mx+6 —2m (m = Oi) (khdng thoa
man yéu cau bai toan). Chon D. }
Cau 266. Tap xac dinh: D =R\ {m}.

Yéu cau bai toan < Phuong trinh 2x* —~3x +m=0 c6 mét nghiém la x= ,—

s2m' -3m+m=0s2m(m-1)= 0@' .Chon C.

Céau 267. Khi m >0 ta co:

1+—
x 1 1 !
lim =lim L= — = y=—— la mdt tiém cin ngang |
o it 41 % \/ 1 Vm Nm :
m+—
x+ -1- "I" -1- l -1 |
+) lim = lim X ——y= la mét tlem “an ngang
== 41 \/mx e 1 \l vm |

Khi d6 d6 thi ham s6 ¢6 2 tiém cin
Véi m=0suy y= 5—:-'—1 ham s8 khéng c6 tiém cin
Véi m <0 d6 thi ham s& cling khong ¢6 tiém can. Chon D.

Ciu 268. Tép xéc dinh: D =R\ {--’2’1} .

Tacd: lm y= lim mx_1=+oo; lim y= lim mi-l__ o
_[ m] [—?)- 2x+m x_.[_ﬂ " ,_{_%]“ 2x+m
= Tiém cin ding: x = —-'22 . Yéu cau bai toan —%1- =-lem=2. ChqniA

—1)% +2mx—1
Céu 269, Tap xéc dinh: D= R\{0}. Ta co: y = (% +2mx

=(m'—1jjx+2m—l
x 1 x

Lai cé6:

lim [y —(m~1)x - 2;71]_19\_[—;] 0; lim [y —(m—1)x ~2m|= [-l]=o

Xeteb x—o+x) X
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= D5 thi h

am s8 6 tiém cin xién 1 duong thing y = (m—1)x+2m

Yéu cau béiitoén ©4=3m-1)+2me m=—;-. Chon C.

Cau 270. T4p x

Lai c6: lim

= D0 thi h

Duong tron

dLd=Re

dc dinh: D=R\{1}. Ta cé: y=mx+3+%.
x—

0

il

[y—(mx+3)]= lim [ﬁ]=0; xl_ir&[y—(mX+3)]= lim (xil]

am s& ¢4 tiém cn xién 1a duong thing diy=mx+3&mx—y+3=0.
(x—1) +(y—4)’ =2 c6 tam I(1;4) vabankinh R =+2 . Theo bai ra:

H=ﬁ®(m*1)z=2(mz+1)<=>(m+1)2 =04 m=—1.ChonA.
m* +

Ciu 271 PhuO#g trinh hoanh &b giao diém la:
“2x+2=x+x+2&x"+3x=02x=0=y=2.Chon C.

|
Cau 272. Dao ham y'=3x"—6x.Cho y'=0&3x(x-2)=0e

ViYer-Yep <

x=0=y=1
x=2=>y=-3
0. Suy ra d6 thi ham s& cit truc hoanh tai 3 diém. Chon C.

Cau 273. Phuong trinh hoanh d4 giao diém:

(x—l)(x

Yéu cau bai

P +ml
o :
A=m?

Xét ham s&

x=1

r3
=0
=0 s =0 (1)

todn & Phuong trinh (1) c6 hai nghiém phén biét khéc 1
| mz—l m>4
i+m=0¢)2m+1=0 o 2 I ChonD
——.ChonD.
_am>0 |m(m-4)>0" |[m>4 THTTTZ
m<0 m<0
Ciu 274. Phuong trinh hoanh d6 giao diém: x* —3x* =m
=0
y=x"—3x" trin R.Tacd: y'=3+"—6x; y' =0 3x(x—2) =0 |" )
x=

Qua diém x
Khi d6 ta cé

=0 va x=2 thi y' [an luot d6i ddu tir duong sang &m va tir sm sang duong.

Xy =05 Yo =0 VA xp =2; yop =—4.

Lap bang bifn thién, ta thay d& duong thing y =m cit duong cong y = x* —3x* tai

ba di#m phan

iét < yor <m< yo, hay —4 <m <0.Chon A.

Cau 275. Phuong trinh tré thanh: 2x° —3x% +2=2""" (1)

Xétham s&

Chof'(x):O@Gx(x—l):O@[ °

Jf(x) =2x* —3x* +2 lién tuc trén R . Pao ham: f'(x) =6x> —6x.
f(0)=2
)=

X

x=1

Phuong trinh (1) c6 3 nghiém phan bigt khi 1< 2" <2 & 0 <m < -;- . Chon C.
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Céu 276. Phuong trinh trg thank: ——x' +* + 3 =m (I
T 1o o, 1 o
Xét ham s6 f(x):—gx +x +§ lién tuc trén R
x=0= f(0)=

Daoham: f'(x)=—x* +2x=—x(x—2).Cho f'(x)=0e
x=2= f(2)=

WO G|

Mt khéc: f(1)=1. D€ phuong trinh (1) ¢6 3 nghiém phan biét trong d6 c6 dung 2

nghiém 16n hon 1 khi va chi khi: 1 <m < % . Chon B.
Céu 277. Xét ham s8 f (x) =2x" - 3x* ligntuctrén R.

x=0= f(0)=0

Dao ham f’(x)=6x2—6x=6x(x—1);f'(x)=0® x=1:f(1)=—1-

Dua vao dang déc trung ctia d6 thi ham béc ba khi ¢6 hai cuc trj ta khi ng dinh dugc

1
2 1=0 =|—=
phuong trinh da cho c6 dang hai nghiém phéan biét khi 2m * 1=—1 N 2.Chon A,
m+1l=— m=—1
Cau 278, Phuong trinh twong duong véix® + 32 =m . |
Xétham s8 f (x) =x"+3x’ liéntuctrén R
x=0=f (0) =

Paoham f'(x)=3x" +6x=38x(x+2); f'(x)=0 &

0
x=-2= f(~2)=4"
Phuong trinh (*) c6 3 nghiém phén biét khi: 0 <m <4 :

Dua vao dang déc trung ciua d8 thi ham bac ba khi ¢6 hai cyc tn ta khéng dinh dwoc

phuong trinh da cho ¢6 ba nghiém phén biét khi0 < m < 4. Chon B
Cau 279. D4i voi dang bai nay ta khong c6 1ap dugc m nén bai toén dugc gi
huong tich hai cue tri, cu thé:
® Db thi cdt truc hoanh diing ba diém phan biét © yp.ye <0.
o D% thi cdt truc hoanh tai hai difm < yp.yor =0.
e Db thi cit truc hoanh tai duy nhit mét difm < y.p.¥o >0 hodic ham
cuc tri.

x=0
Taco y'=3x>—2mx =x(3x~2m),suyra y'=0& 2m -

3
Ham s8 c6 hai cyc tri & y'=0 ¢6 hai nghiém phanbiét ©@ m=0.

A
Khi d6 yéu cau bai todn « y(O).y[z—;n-] <0& 4;[—§;n—+4
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: =0

Cau280.Tact y'=3x2 —6mx = 3x(x-—2m), suyra y'=0<« * .

x=2m

Ham s& céhai cuc tri < y' =0 c6 hai nghiém phénbiét & m=0.

Khi d6 yéu cau bai todn & »(0).y(2m) =0 e 2.(~4m’ +2) =0 ¢ m= % Chen C.

Cau 281. Phuong trinh #° —3mx+2 =0 la phuong trinh hoanh dé giao diém cia &5 thi
ham s8 y = x* —3mx+2 va truc hoanh.
Xéthimsd y=2"—3mx+2,06 y'=3x* —3m = 3(9:2 —m), suyra y'=0& %" =m.
Khi d6 yéu cau bai toan tiong duong véi:
® Ham s6 ¢6 hai cuc tri yop, yor théa man yep.yor >0

m>0
m<1

<

m>0 m>0
{ S0<m<l.

H—m)y (V) >0 7 |(2+ 2m/m) (2 2mfm) T
e Ham sé’ﬂhéng cOeuctri < m<0.
K&t hop hai trudng hop ta dwoc m <1. Chen B.
Ciu 282. Phu'o%ng trinh hoanh d¢ giao diém ctia (C,, ) véi truc Ox
xs—(2n$}+1)x2+(3m+1)x—m—1=0¢>(x—-1)(x"—2mx+m+1)=0.Chqn B.
3 Ciu 283. Phu’oT‘ng trinh hoanh d6 giao diém ctia dudng thing d va dd thi :
: x=1
—x3+3x§—-1=m(x—1)+1c:(x—-l)(x2+x—2+m)=0<:> £ ex-2em=0 (%)

D& duong ‘thfmg d cit dd thi tai ba dim phan biét < phuong trinh (*) c6 hai

| A=9-4m>0 m<2
nghiém phan k%iét khicl < o 4 .ChonC.
3 m#0 m=0

Cau 284, Phuoing trinh hoanh d6 giao diém:
x=1

x* =327 1+2= m(x-1) <:>':x2 2x-m-2=0 ()’

|
P& d cit d%P thi tai ba diém phéan biét <> phuwong trinh (*) 6 hai nghiém phén biet

A A'=1+m+2>0 . {m>-=3
khicl &1 , =
1°+21-m-220

om>-3.
m#-=3

Gia str x, =1. Khi d6 x,, x, 14 hai nghiém cita phuong trinh (*).

x,+x, =2
Theo Viet, tacd { 2 2 .
XX, =-m~—-2

Yéu ciubliftodn : < x} +x2 =4 (x,+x,) ~20,7, =4 @ 4+2(m+2) =4 > m=-2.
Chon D. ‘ '
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Cau 285. Phuong trinh hoanh d6 giao diém :
x=0
# +2mx+m+2=0 (*)

2 42m +(m+3)x+d=x+4 e

D& d cit (C) tai 3 diém phan biét khi (*) c6 hai nghiém phan biét khac 0
m>2 ‘

—2=m<—1"

A=m*—m—-2>0
m+2=0

. L lx +x, =-2m
Goi x,, x, 1a hai nghiém ctia (*) , theo Viet ta cé [ v 49
XX, =m

Giai stt B(x,;x, +4), C(x,;x, +4).

3+4
Tacé BC=12(x,-x,) va d(M,d) |1—\5+| V2.
Theo d&: S,,, =4 & %d(M,d)BC —te(x,-1) =16

, ) -3
o(x +x,) ~4xx,=160m —m—6=0% Z_ ,-ChonB.

x=0
x==42

Ciu 286. Phurong trinh hoanh dd giao difm: —x* +2x? =0 & 2? (x> —2) =0l
g g |

Suy ra d6 thi ham s& c6 ba diém chung véi truc hoanh. Chon C.
Céu 287. Phuong trinh 4x* (1 x )— 1—k la phuong trinh hoanh 46 giao dl‘em ctia 6 thi

ham tring phuong y = 4’ (1 x ) va duong thing y=1—Fk.
Xéthams§ y =4x* (1-2")=—4x* +44*, 6

B x=0 y(0)=01
'=-16x' +8x =—8x(2x* -1); y'= 0 & = b
7 ( ) ¢ x=:|:£ y iﬁ =1
2 2§
Dua vao dang diéu ctia ham tring phurong thi yéu cau bai todn twong dv#cmg véi
0<l-k<l1e0<k<l. ChonD.
Céu 288. Phuong trinh x* —2x* +2017-m=0¢ x* —2x* =m—2017 la }phu'ong trinh
hoanh d§ giao di€m cta do thi ham tring phwong y=x*~2x* va l‘du’émg thing
y=m—2017.

Xétham s6 y = x* —2x? , €O
y
\

»(0 ):‘.
(a1 §=
Dua vao déng diéu clia ham triing phuwong thi yéu cau bai toan tuong duong véi
m—2017=0 ¢ m=2017. Chon C. |

y'=4x—4x= 4x(x —1) ¥y —-041) x—:tl
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Cau 289. Xéthaims§ y =x* -2x* -3 6

x=0

»(0)=-3
i x==+1

| y(E)= -4
Lap bang bbé’n thién va két luén duogc m > —3 hodc m =—4. Chon A.
Cau 290. Hé sa? clia x* am.

y'=41‘uvc3 —4;vc=4:c(x2 —1); y=0&

I

~Tacd y'=x§—4x3+4(2+m):c=—4x[x2 -—(2+m)];y'=04:) ¥=0

K =24m
Dua vao déng diéu ctia ham trung phuong, ta ¢6 cic trudong hop sau théa man yéu
cau bai todn: .
2+m<0 [2+m<0
7(0)<0 {—4—;<0®”4<m<_2'
® Ham s6 ¢ ba cuc trj va gi4 tri cuc dai phai 4m
@[Z-Hn>0 @{2+m>0
yqiﬁ+_m)<0 m® +3m <0

Két hop hail trudng hop ta durgc —4<m<0.Vi m€Z nén m= {-3,~2;-1}. Chon C.

® Ham s8 ¢ mét cure tri va cue tri 46 4m @{

©-2<m<0.

Ciu 291. Toa 0 giao diém clia (C) véi truc tung 12 nghiém cta hé

|
22016
7= 2% +1 = M(0;—2016). ChonB.

x=0)
Ciu 292. Phuong trinh hoanh d¢ giao diém:
2x+1 x=1 x=1
2] 1242016 &
w1 T ©{2x+1=(2x+2016)(x—1) 25 +2012x —2017=0 (1)

Ta thdy: =‘~ 1 khéng théa mén phuong trinh (1) va ac = 2.(~2017) = —4034 <0
Suy ra phu'c;‘ng trinh (1) ludn ¢6 hai nghiém phan biét khac 1. Chon C.

Ciu 293. Phuoxrg trinh hoanh d6 giao diém: 2;;:4 =x+lex’ -2x-5=0.
|

Theo Viet, taco x, +x,=2.
|

L ogem oo A Xy FXy X +X
Vi I 1a trung dim cia MN nén x,=u=—'—2—-—2=l.Ch9nC.

2
Ciu 294. Phu‘on%trinhho‘anhdégiao: ix;f =2mx+m+1e dmx’ +4mx+m+3=0. (*)
j x
D& d cdt (C) tai hai diém phén biét & phuong trinh (*) ¢6 hai nghiém phén biét
e{m=0 & m<0.ChonD
A'=—12m>o T M= eR D
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Ciu 295. Phuong trinh hoanh d6 giao diém:

X+m

=2x+1 @{

x=1 x=1 :
x+m=(2x+1)(x—l)® 2% —2x—1-m=0 (*P
D& d6 thi cit dudng thang tai hai diém phén biét khi va chi khi phuangn;mh (*) 6 hai

x—1

3 ‘
in A enn 1t A'=1+2(m~+1 >0 _2
nghiém phén biét khéc 1 & (s +1) "> 2©—§<m=—] Chon D.
—1l=-m=0 m=—1 2

- |
Céu 296. Phuong trinh hoanh dé giao digm: = Jj —x—2me 2 —2mr—2m+3=0. (¥
o |
Yéu cau bai toan < Phuong trinh (*) ¢6 hai nghiém phén biét duong p@Pén biét
A'=m? +2m—3>0 5 ‘
&4{5=2m>0 ©1<m<5. Chon C.
P=-2m+3>0

Cau 297. Dudng thing d cé dang y = m(x - 1) =mx—m.

=mx—m < mx’ —(2m+1)x+m*—2=0 -(*)
8(x)

D& d cdt (C) tai hai diém phan biét M, N thudc hai nhanh ¢ (*) 6 hai nghiém 4
phdn biét x; <x, thdéa mén %

Phuong trinh hoanh dé giao diém: x+2
x—

m=0 m=0
X <l<x, &

e & m>0.CHonB.
mg(1) <0 |m[m—(2m+1)+m-2]<0” " Chon
Cau 298. Phuong trinh hoanh d6 giao diém:

—2x+41

x+1
D& d cit (C) tai hai di®m phan biét < (*) c6 hai nghiém phan biét

m>—-3+23
m<—3-23

. Gia ste A(x;~x, +m) va B(xy;—x, +m).

=—x+mex’ —(m+)x+1-m=0.(¥)

41>A=(m+l)2 —4(1-m)>0e

x +x, =m+1
Theo Viét, ta cé{ re

xx, =1-m

|
Yéu caubaitodn 4B=2V2 & 4B =8 & 2(x, —x,) =8 & (1, +x,) -4xx, =4

@(m+1)2—4(1—m)=4¢m2+6m—7=0©[m=1 7(thc’>amin).Ch9%lB.

Cau 299. Phuong trinh hoanh d9 giao di€m:

2x
x—1

=x-m+2e ¢ —(m+1l)x+m-2=0. (¥)
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i 2 S .
Ta cé A=([m+1) —4(m—2) =m’—2m+9>0, YmeR nén d ludn cit (C) tai hai
diém phén biét.

3 . . - El . ’ x + x') = m +1
Goi x, x, la hai nghiém ctia (*)- Theo Viet, tacé { '~ 2

xx,=m-—2

Gia str A(x,;xl —m+2) va B(x2:x2 —m+2) la toa dé giao difm cua 4 va (C)
Tacd 4B =2(%, — %) =2(x,+x,) —8xx, = 2(m+1) ~8(m—2)=2(m—1) +16 >16.
Didu "=" xdyra & m =1.ChonD.

Cau 300. Phuong trinh hoanh d6 giao diém: 2x:11
x

=x+2k+lex*+2%kx+2k=0,. (*)

D& d cit (C) tai hai diém phan biét khi (*) 6 hai nghiém phan biét
k>2

SA LK -2%>0e .
‘ k<0

Goi x, = x, Ja hai nghiém ctia (*). Giaste A(x,;x, +2k+1) va B(x,;x, + 2k +1).
Yéu cu bai 'E:oén : d(A,0x)=4d(B,0x) &l x, + 2k +1l=lx, + 2k +1!
o x +2k+$l =—(x, +2k+1) (do x, =x,)
% &% +%,=-4k—24 —2%k=—4k-2& k=—1. Chon A.
Cau 301. Phw g trinh hoanh d6 giao diém:
2xx—11 =x+mex* +(m=3)x+1-m=0. (¥
Pé d cit (Cl) tai hai di€m phén biét khi (*) ¢6 hai nghiém phan biét

A=(m-3) ~4(1-m)>0& m’ ~2m+5>0, ¥meR.
{x] +x,=3-m

Goi x,, x, l‘a"hai nghiém ctia (*). Theo Viet, ta c6 |
| XX, =1-m

Gia sir A(x,ix, +m) va B(x,;x,+m). Yéu cau bai todn
@520 =0 xx, +(x, +m)(x, +m) =0 2xx, +m(x, +x,)+m* =0
<> 2(1-m)+m(3-m)+m’ =0 m+2=0c m=-2.Chen A.
‘Cau 302. PhumL; trinh hoanh d6 giao diém:
2x+1

- =F3x+me> 3x7 —(1+m)x+m+1=0. *
x=-1 |
D& 4 cit (C) tai hai di€m phan biét khi (*) c6 hai nghiém phén biét

w -1
oA:ﬁaz—lOm—ll>0©[m< )
‘ m>11
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Goi x,, x, 1a hai nghiém ctia (*). Theo Viet, ta c6 ) |

Gia str A(xl;—3xl+m) va B(xz;—3x2+m).

,

=3(x, +x,)+2m
Suy ra toa 46 trong tim G(xl+‘x2. ( 1 z) U ]

3
Vi Ge A nén
- - 1)+2 |
nin o Ben)eam ) o Lm0 el Chgnc.
3 3 9 3 15
Cau 303. Phuong trinh hoanh d6 giao ¢iém:
x+3

=2x+3m < 2x* +(3m+3)x +6m—-3=0. (¥)
x+2

Phuong trinh (*) 6 A=9m* -30m+33>0, VmeR. ‘

|
Suy ra d ludn cit (C) tai hai di€m phan biét m . Goi x,, x, 12 hai nghiém‘H cta (*).

3(m+1) 6

: . m-3 . .
Theo Viet, tacd x, +x, =~ XX, =— Gia str A(xl;y,) v“a B(xz;yz).

Theo gia thiét OAOB=-4
& XX T YiYp = —4 & xyX, +(2x1 + 3m)(2x2 +3m) =—4
& 5x,x, +6m(x, +x,)+9m? = ~4

- 3(m+1
@5.67" 3+6m. —u +9m? =—4®m=-l-75.Chan.
Cau 304.
Phuong trinh hoanh 46 giao diém 241 imex +(m—3)x—m-—13=0. (*)
x— !

Phuong trinh (*) 6 A=m"-2m+13>0, VmeR.
Suyra d ludn cit (C) tai hai diém phan biét m .

. 5 bt oA oo » : |t =3-m
Goi x,, x, 14 hai nghiém ctia (*). Theo Viet, tacé { ' 2 .
X%, =—m—1

Gia str M(xl;x1+m) va N(x X, +m).

Suyra MN = \/2 x —x \/2 x +x) 4x.x] Yéu cau bai toan:

|
! _aollml =3 |
o =4 S MNALd)=4 & E 2|(m-1)" +12)= 4@ __/ ChonC.
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Cau 305. Phqungtr‘mhhoénhdégiaodié’m: 2x-—14 =2x+m < 2x" +(m-4)x-m+4=0. (*)
! P

DE d cét (C) tai hai diém phan biét khi (*) c6 hai nghiém phan biét

m< -4

oA=mz—16>0<:>l: .
m>4

4-m 4-m

Goi x,, x, 1a hai nghiém ciia {*). Theo Viet, tacd x, +x, =
1 2 g 1 2

Gia st A(x,;2x, +m) va B(x,;2x, +m).

m
Theo gié thiét: 45,,, =15 < 2ABd[1,AB]=15 & 2AB.u =15 < 4AB*m* =1125

Ng
©20(x, +x,) m* =1125 & 4[(::, +x,) —4x1x2:]m2 =225
c»(mz -—16)m2 =225 <> m? =25 <> m=15. Chon A.

Ciu 306. Goi |4 (xy;—% +3x, +2) 1a diém thudc db thi.

Do B d6ixtiing véi 4 qua I nénsuyra B(—2— x4+ —3%,).

Lai cé B ¢iing thudc d6 thi ham s& nén

4455 —3x,=—(-2-x,) +3(-2-x,)+2 &

i %=
Suy ra A((jD;Z) va B(—2;4) hojc nguoc lai. Chon A.
Cau 307. Hai diém M (#:7),» N(%,;9,) thudc b thi va d6i xng nhau qua truc tung nén

% =3
: 11 11

_ 1 x 2 x
M= ——‘-+x,‘+3x,—?=—?2+x§+3x=——3-

x,=—x =0 {
3

x,=-3

Va}y M [3;%;} va N [—3;?] hodc nguoc lai. Chon B.
Cau 308. Dao }Tﬁém y' =32 +8x+4.
Suy ra hé siﬁ goc clia ti€p tuyénla k= y'(-3)=7.
Phuong tri};nh ti€p tuyén d: y=T7(x+3)-2=7x+19.
Phuong trifth hoanh d§ giao diém d va (C) la:
|

; , =2=>y=233
P +4x +dx+1=Tx+19 & 2’ +4x° 32 -18=0c ¥ Y .
x=-3=>y=-2

|
Suy ra B(2£33). Chon C.
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Cau 309. Chu y rdng phuong trinh bac ba ax® +8x° +cx+d =0 6 ba nghiiém Xy, Xy %
khi d6 ta co x,+xz+x3=—§. |
Vitiép xtic tai 4 nén 2x, +x, =1=x, =1.Suyra 4(};2). ChonD.
Cau 310. Goi M (x,;3,)€(C) la toa 46 tiép diém. |
Daoham y'=3x" +6x.Suy ra hé s§ géc cia ti€p tuyén ctia (C) tai M 13
k=—3x +62, =3-3(x,— 1] <3. 1
Diu "=" xayrakhi x, =1=> y, =4 .Chon C.
Cau 311. Goi M(xy;5,)e(C).Tacé
Yo = %5 +mxg —m—16 (x5 —1)m+2x3 -y, —1=0. (1)
D& M la diém c6 dinh ctta (C) khi (1) luén diing véi moi

s —1=0 =1
{x" @[x .Chon A.
y=0 1

2x0—2_,2_ 4
x+1 oz +1’
D€ y, €Z thi x,+1 lawdccha 4 hay x, +1={+1;+2;+4}.

Céu 312. Goi M(%y;,)€(C).Tacd y, =

Suyra x, € {—S;—3;—2;O;1;3} hay c6 6 diém théa min bai toan. Chon D. ‘

Ciu 313. Goi M[a;”f],véi a=1 14 diém thudc db thi.
a—
Yéu cau bai todn < ¢ = 2. a+ft
2
a=2 (Z+2 : 1
T P3a-4=0 == M{—l;—‘--—]

& é j_zc)az 4 @a'—3a—4=0@{a_‘27:1=> 2.

a=_2‘¢;_1 a+a+4=0 a=4 M(4;2)1
Vay c6 hai diém thoéa man yéu cau bai toan. Chon C.

2a +11], v6i =1 13 diém thude db thi.

a—

Ciu 314.Goi M [a;

Dudng tiém cdn ding 4:x =1; Pudng tiém cdnngang d': y =2 . Yéu cay bai todn

a=4 ‘ lM(4;3)

2211 @(a—1)2=9®[ = .
M(-2;1)

©d[M,d|=3d[M,d|s|a-1=3 — 2

a=-2 |

Chon B.

2a+1
a~1
Phuong trinh dudng TCD ctiadd thila d:x—1=0.

Ciu 315. Goi M [a; ] (v6i a=1) la diém thudc d6 thi.
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Yéu cau béﬁ toan:

| = =0 [M(0;-1
d[M,d]=d[M,0x] s Ja—1|=|28FL o | =40 Ja=0 O-1) Chon B.
j a-1 @=-2 |a=4 |M(43)

Cau 316. Goi Al [a; 20+3
‘ a+1

} v6i a = —1 13 diém thudc db6 thi.

Pao ham y]’: —— . Suy ra hé s géc ti€p tuyén la: k= y'(a)=— .
(x+1) (a+1)
Puong théf‘lg d:y=4x+7 c6hés8 gocbing 4.
Theo oid thigt a g 1 1 1 [a=1
eo gia thiét, tacéd kd=-lobk=—-G ~—S=—— & .Chon D.
! 4 (a+1) 4 |a=-3

Céu 317. Toa d’é giao diém hai tiém can I(1;2).

Goi M[a;z{b;ll] v6i 2 =1 Ia diém thude 45 thi.

a—
Dao ham: y'= —— . Suy ra hé s§ géc cia tiép tuydn 1a k = y'(a) = -1 =
- (x-1) (a-1)
| _2a-1
Duﬁgth%g IM c8hesSgoc k=2 =1 _ 1
| X — Xy 1-a (a~1)
=2
Yéu Giu bailtodn @ kk'=—1& (a—1) =1 & |° ;- ChonD.
| a=
Cau 318. Goi M(a; 22 +11] véi a=1 13 diém thudc db thi.
e
R : -3 AN o w ~ , 3
Pao ham: y'=-——. Suy ra hé s& géc ctia tiép tuyén &= y'(a) = —~————<0.
Ay (a—1)

Theo gia thi%’t, suy ra
=0
|k|=tan§4$=%§-=3=>k=—3 = 3e(a-1f =1 - Chon A.
% a=

(a-1)

Cau 319. Goi Mi{(a;—%} (v6i a=—1) la diém thudc db thi.
! a

Pao ham y'i:%. Suy ra hé s6 goc clia tiép tuyén k= y'(a)= 2 =
[ (x+1) (a+1)

j 2 2a
Ph trinh tiép tuyén d:y = _(x—a)+ )
wong tri ‘ ieép tuyén y (a+1)_ (x a) v
Tac6 dN0x = 4(~a%0) va dnOy = B|0; —2a |
: (d+1)'
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Theo dé:

1 1
Ssais =7 & OAOB=> & a’.

Chon A. ‘
Cau 320. Goi M {xo;cos[g +%]] 1 di€m thudc dudng cong.
1 X 7
Dao ham y'= —~—sin|=+—|.
; 7 =73 [2 3]
Mmoot o en ~ , 1. (%, =
Suy ra hé s6 goc clia tiép tuyén k= y'(x,)= —5sin| S+

—;—c}_xo =——-kdr.

1 X, T
Theo gia thiét, ta c6 ——sin] L +—|=
eo gia thié (o] 3 (2 3]

Suy ra cos[§+521] =0.Vay M[—STW;OJ .Chon C.

=0
Cau32L.Tacé y'=3x"—6x;y' =0 |"

y(0)=l . y"(0)=—6 <0,
x=2"|y(2)=-3 {y"(2)=6>01
Suy ra ham s6 dat curc dai tai x=0, dét cuctiutai x=2 vacod y(O).y(%‘!) <0 hay hai
cuc tri tréi d&u nén d6 thi ham s6 ludn cat truc hoanh tai ba didm phan biét. ﬁChon D.
Céu 322. Cac dap an C, D luén diing cho ham bac ba. Tacé y'=3x* 3> —l .
y(1)=3
=7
Suy ra toa d6 hai di€m cyc trila (1;3) va (~1;7) nén dudng thing di qua hai diém nay

=1
Suy ra B dling. Xét phwong trinh y'=0« *

x=-1

c6 phuong trinh' y = ~2x +5.
RS rang dudng thang néy‘ khéng song song véi truc hoanh nén A sai. Chj:n A.
»(0)=-
y(£2)=12"

Ciu323.Tacd y'=—4x" +16x = —4::(3:z —4); y=0&

V& phat hoa bang bién thién suy ra ham s& dat cuc tidu tai x =0
va dat cuc dai tai x=42. ‘
Lai c6 hai cuc trj trdi ddu: y(0).y(£2) <0 nén db thi ham s& cit truc hoéﬁjrh tai 4 diém
phén biét. Chon C.
Ciu324.Tacod y'=4x> +x = 3:(43:z +1); y'=0x=0.
Vé phét hoa bang bién thién ta thdy: A va B ding, C sai.
V6i x=0=>y=—1 do d6 toa dd didm cyc ti€u (0;—1) ndm dudi truc hoinh.
Ma db thi ham s8 c6 bé 16m quay Ién nén db thi sé cit truc hoanh tai hai diém phan biét.
Chon C.
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Cau 325. Ta co lim y= hm y=2.Suyra y=2 latiém can ngang. Do d6 A sai.

Ré rang B qLIung Dao ham y'= _i)z <0, Vx==1.Suy ra C ding.
x—
| :
1 _2x+1 v 1
Giao ctia dq\S thi véi truc hoanh théa min r= =1 =1 2. Suy ra D ding.
P y=0 y=0

Chon A.

Cau 326. Theoi tinh chét cia ham y = ax:j thi ta loai ngay ddp 4n B va C.
ex

lnm ¥y =—0; hm y=-+00
- TCD:x=~2 .
Ta cb M) =t =>{ ¥ nén diém I(-2;-1) 13 giao
y= h?.y=—1 TCN:y=-1

diém cua hai diu’(‘mg tiém can, cling déng thoi 1a tim d4i xitng ctia d6 thi ham sé.
Loai ddp arj A

_2x+1 .
Giao ctia d6 thi véi truc hoanh théa man {7 x—1 = { -
_ y=
y=0
Suy ra D ding. Chon D.

ACiu 327. Tacd|y =x* —2x+5 = J(x -1’ +4 xdc dinh véi moi x € R. Do d6 A déing.
g

Laicd y=+/x* —2x+5 =\/(x-—1)2+4 22, Vx € R nén B diing va C diing,

2x—2 x—1
Paoham y/= = ¥y’ =0x=1€/0;2].
2 —2x45 ¥ _2x+5 [0:2]
=@ ()2 nan | B 702
Tacod y(0)= y 2 nén
| maxy=y(0)=»(2)=+5

SuyraD sal}» Chon D.

Cau 328. Chon }C Phét biéu lai cho dung 1a
"Ham \so ddng bién trén mbi khoang (—oo;—1) va (—1;4o00) "
Cau 329, Tap xTXc dinhD=R.

Tacd y —3Jx —?-x+1 >0, VxcR.Suy ra A va D déu sai.

Di nhién ha sb bac ba khong cé tiém cin nén C sai.

RoérangB d gmg vi ham béac ba luén déng bién hoic ludén nghich thi cit truc hoanh duy
nhat tai mét di Chon B.

Cau 330. Chon[B vi ban chit ctia ham y= @+

: v6i ad—bc=0 khong c6 cuc tri, Cic

dédp an con lFLi déu ding.
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CHU BE HAM $0 LOY THUA 1
2. HAM $G Mi - HAM $@ LOGARIT

Cau 1. Ap dung ly thuyét " Lity thira véi s6 mit khéng nguyén thi co s8 ph%i duong".
Do d6 hams8 y=(z’ — 27)5 xéac dinh khi x* —27>0 & x>3. Chon D
Cau 2. Ap dung ly thuyét " Lity thira véi s§ mit khong va nguyén 4m thi co s8 k)héi khéac 0 ".
Do d6 ham s8 y=(3"=9)" xacdinhkhi 3* ~9=0 ¢ x=2. Chon B. :
Caud. Tacs Yot ¥ab _Na—vb (¢=) +45 _(4/;)2 ~(8]
Ya+4b Ya-4p Yo+ Ja-4p

_ 4/;(4‘/;-%‘\‘/;)_(4/——%/;)(4/;“'%) =4/;_(4/;+4/Z)=_4/Z.Chon3.

Ya+4b Ya—4p
V3-2 N
Cau 4. Ta c6 m™” [—1—] = _mT =P Chon A.
m 2

N

1 : J
)3 1 1A 17 L
Cau5.Tacé yadaife =% 25.——\/_1=_—l-@ a.[a.a“] =2%22 & g% =2% & g=2. ChonB.
, 2"
Cau 6. Taco l(a"+a")=l@a’ +—17=2®(a’)z-—2a‘ +1=0
2 a
&(e -1 =0o¢* =1 2=0.ChenB.
z 2 K2
Ciau7.Taco ’ws/a—7>§/:z_z-<:>a15 >a*=a%<a>1.ChonC.
1

2 1
Cau8.Tacé —% <-3 k&t hop véi (a—1)73 <{a-1)3.
Suy ra ham s8 dic trung y =(a~1)" dong bién.
Dodésuyracosd a—1>1¢2>2.ChonA
Ciu 9. Ham s6 dic trung y = («/5 - l)x c6cosd 2 -1¢€ (0;1) nén ham s& nkhich bién.
Tirdé tacé (v2-1)" <(v2-1)' & m>n Chon A.
Céu 10. S tién nhan vé sau 1 n3m clia 100 triéu guri trudce 1a 100(1 +2%)4 ‘triéu dong; va
|
s& tign nhén vé sau 6 thang ctia 100 tridu giri sau 1a 100(1+2%)” triéu dﬁan.

V4y t8ng s tien 1a 100(1+2%)" +100(1+2%)’ = 212,283216(~ 212,283) tridu dong.

PR H - Eal P FRCIRVER R N Yot
Chgn C. P L ‘ SRTIA LR /’i /
‘ - SRV EVICEVIO
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Ciu11. Co sj’i cua 16garit phai la s6 dwong khac 1. Do d6 (]) sai.
R& rang (I }) ding theo ly thuyé&t SGK.

Ta c6 1nA}+InB =In(4.B) véimei 4>0, B>0.Dodé (T1I) sai.

Ta ¢6 log, ;b. log,c.log,a=1 véimoi 0<a, b, c=1.Dodd (IV) sai. Chon A.
Cau12. Néu € = V4B thi 2InC = In|4|+In|B|. Do d6 (I) sai.

®Véi a>1 thi (e—1)log, x>0 log, x>0 x >1.

o Véi 0< ;<l thi (¢—1)log, x>0« log, <0 x >1. Do dé (II) ding.

Ly logarit co s8 @ theo hai v&ctia M &Y = N'8H 13 0

log, (=" ) =1og, (M%) & log, N.log, M =log, M.log, N . Do d6 (IIT) diing.

Eaad =t

Tacé lim|log, x = lim [-log, x}=—00. Do d6 (IV) diing. Chon C.
E X0

3.3 3
= log, | a? =Elog‘a=E.Chan.

@l

: 1
Céu13. Tacd P =1log, |a. [a.az]

+1
Céu 14. Chon D. Vi P =log, g"****-*" =(1+2+3+...+n).log,a= "(”2 ).log,,a.
Céu15.M=] 1 +7 1 +7 1 +ot !
08. ¥ 51084 x glogﬂ x Zloga x
k(k+1
=l 2 3 Lk KD e
log, x log,x log, x log,x 2log, x

Céu 16. Ta cé:| log, (log, (log, x)) =0 « log, (log, x) =1 log, x =3 & x = 4°
log, (log, (log, y)) =0« log,(log, ) =1 & log, y =4 & y = 2*
| log, (log, (log, z)) =0 « log, (log, z) =1 & log, z =2 &+ z =3’

Suy ra: %/;iﬁ—éf;+\/;=3/;1—3+{‘/5‘-+\/37=4+2+3=9. Chon A.

Cau 17. Didu k}ién: a>0.
| a>1
a<0’

Vicos8 0,5:1<1 nén log,sa>log,s@’ @ a<d’ ®a(a—1)>0&

Péi chidu an diéu kién ta dwoc: a>1.
o~ -~ 1 ra 5 Y -
Do d6 troné céc s0 da cho chi c6 7 la théa man. Chon B.
!
Cau 18. Hoa‘ml‘}n dd cdc difm trén 46 thj ham s y =(—5} va ndm hoan toan phia dudi

i x 2
dudmg théng y =% théa man bét phurong trinh: [%] < é = (?SI-J & x>2.ChonD.
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Ciu19. Ta c6 log, Y3 = —0,1 & log, Y3 = —%

L L N -1 1
@3lo=xro@[§] =% 2=z ChonA

Cau 20. Vi In2, In(2* —1),1n(2" +3) theo thit tw 1p thanh CSC nén
In2+In(2* +3)=2In(2" 1) & In(22* +6)=In(2" -1}’ & 227 +6= 2225 +1

. 2% =—1(loai)
2% -42"-5=0% )

&2"=5ax=log,5. ChonC. |
Cau 21. Ta c6 logg/-2 = L1og32 = 2
5 4°5 1

log32= log25 =5log2=>35a

(log32 —log5).

a
log5 = log7 =logl0—log2=1-a

Suy ra logi/% = i[Sa —(1-a)|= -};-(6a ~1). ChenC.

Ciu22.Tacod P=2log, x—3log, x+%log2x = —-;—log2 x= -—%.x/i=—i2—2—. thqn C.
2 1 |
Cédu 23. Ta c6 log, 45 =log, 9+log,5=2log, 3+ = +
an &3, 1aco s, 08 B 8 log,6 log,6 log,6 :
-2 ! =-—2——+——l— ﬂ _a __at2a vi logSZQE_IZ.ChonC.
l+log,2 logs3+logs2 | 1 . b a+l b(a+l) ab+b ‘a
a a |

Ciu 24. Ta co: azlogZ=log%=log10—log5=l—-logS(:)logS:l—a.
Suy ra: log15=1Iog(5.3)=log5+log3=1—a+5.Chon A.
Ciu 25. Ta cé: In400 =In(25.16)=In5* +In2* =2In5+4In2=2b+4a. Chqfn B.

2
‘“3“”] =ab>0

Ciu26.Tact: @’ +5 =Tab = (a +b)2 =% o (

hay

= J_ b>0.Vay log[ ] =logJab = —1og(ab) (loga +log &) .ChonD.

Céu 27. Tac log . (ab) = E(Iog, ab)= 5(1og, a+log,b)= —2—+—2-loga b. Chon‘D.

Cau 28. Nhén thdy vdi a = 1thi log, a chi ton tai khi ¢ =1.Suy ra A sai. Chdf‘ A,

Cau 29. Ta c6 log, x +log, y =log, xy , log, x —log, y =log, i, log, L = —10{2, x.
Yy x !

Va log, a.log, x =log, x . Chgn B.
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Céau 30. Ta cé éb>a>1©
|
Ciu 31. Diéu kﬂ\én %,y>0.

log,b>log,ac>log, b>1
{ 8o B Ba < log,a<l<log, b. Chon D.

log,b>log, a<>1>log, a

Ta c6 9log’ ‘x +4(log y) =12log x.log y & (3logx)’ —2.3log x.2log y +(2log y)’ =0

S (310gx--;210,<;y)2 =0 3logx=2logy « logx®’ =logy’ & x* = »*. Chon A.
Cau 32. Goi 4 !Ié s8 tién giri ban dau, 7 = 8,4% /nim 14 Jai sust, N 1 s& nim giri.

Ta c6 cbng t&u’rc laikép C=A4(1+ r)" 14 sG tién nhin duoc sau N nam.

Theo dé baiytacé C=24 & 24=A(1+r)" & (1+7)" =2.

L&y logarit <;co sG 2 ca hai v& ta dugc Nlog, (1+r)=1
_ 1 _ 1

log,(1+r) log, (1+0,084)

Do ky hanla 1 nidm nén phai dtng han méi duoc nhén.
Véy ngudinay can 9 nim. Chon A.

=N =8,5936 nam.

0 12
Céu 33. 56 tién cudi nam th nhat nhén dwoc 4, = IOOtr.[l +4T§] =104.074.154,3.

- oo Lo Sy e 4a 4,3%
? 56 tién cudi ndm thir hai nhdn dugc 4, = 4,.|1+ 1

=13

12
] =108.638.603,5 .

0 12
S tign cudi ham thit ba nhan duge 4, = Az.[l +4—’l(;i] = 113.742.698,5 .

-

e ol o 4,9%
S& tien cudi ndm thir t nhén duoc 4, = 4,.|1+ 2

12
} =119.442.979,3. Chon B.

Cau 34. Gié stz anh Nam bét ddu giri 4 dong vao ngn hang tir ddu ki 1 véi lai sudtla 7.
e Cudiki licésEtiénla: Cf = 4(1+7).
e Pau ki 2:c6 s6 tién la:
A
C,=A(l+7)+4 =A[(1+r)+1]=(l—-——

+r)—1.

7y =1]@+7).

[(1+r)2—1]=é[(1+r)2—1].
Cudi ki 2 6 55 tien Ia: C; -4
. b‘éu ki 3icé 8 tién la:
& =2erf 144 =20er ~(r) )= A 1]
‘

Cudi ki 3‘[ ¢ s0 tién la:
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Téng quét, tacé cudi ki N cé sd tién 1a: C} = ‘—4—[(1 +r)" (14 r)] .
r

_ G
A+ —(147)
C;; = 2000000000
Ap dung cong thixc véi {n =6 , ta duge A= 252435900 . Ch(_)%n D.
r=8%=0,08 |

Suyra A=

Cau 35. U day, ta phai quy wéc s8 tién 13i thay d6i theo timg thang, Néu khéfmg, hoc sinh

sé tinh tong s6 tién vay la 100 triéu dong, 1ai can tra 1a O—iligx3 =0,03 (ddr chi tra trong

3 thang). |

100x(1+0,03) _100x1,03
3 T3

Tuy nhién néu lai suét thay d6i theo thang thi vin d& phitc tap hon (va cb 1& day ciing
la cach hi€u ma dé dang hudng dén, vi cich hiéu nay phii hop véi thue t8).

Khi d6, s8 tién can tra la

,ladépan C.

Lii hing thing mé éng phai tra 13 %323 = 0,01 nhén véi s8 tién dang nb, tixc 13 tong

s6 ng thang sau sé béing 56 ng thang truéc nhan véi 1,01.

Théang ’I;lrzn S8 tién conng Tién lai trong thing
0 0 | 100 100x0,01
I m | 100x1,01—m (100x1,01—m)x0,01 .
2 m | (100x1,01~m)x1,01-m [(100x1,01—72)x1,01~m]x0,01
2 | m | [(100x1,01=m)x1,01—m|x1,01—m | O (theo gi thiét thi d&h day hétng)
Do ta ¢6 phuong trinh: _ ‘
[(100x1,01—m)x0,01—m|x1,01—m =0 « 100x1,01° =m[1+1,01+(1,01)2]
! ; 100%(1,01)° x(1,01—1 3
hay m= 100x(1,01) = x(1,01) x( )2 = (1,03) . ChonB.
1+1,01+(1,01°  (L01-1)(1+1,01+1,01%)  (1,01)’ —1
>3
Cu 36. Ham s§ y =log, (#* —2x—3) xéc dinh khi va chi khi »* —2x—3>0le> "< .
<o

Do d9, tap xéc dinh ctia ham s8 14 D = (~o00;~1)U(3;+0c0) . Chon C.

— - >1
Cau37. Ham s8 y = log, >+ xdc dinh khi =250 & "<0.Ch9nD.
X
Cau 38. Ta c6: y=\/2—1nax=\/2—-(lne+lnx)=\/1——lnx
~ 4 . x>0 >0 ‘
Hamsd y=+/1—Inx xac dinh khi ¥ ¥ ®0<x<e.ChQn]b.
Inx<1 x<e ;
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Ciu 39. Ham sié’ y=yJlog, (x+1)—1 xac dinh khi:
+1>0 -1 _
* : ®> & ¥> 1®x>1.ChgnC.
log, (x+1)21 ~ [x+122  |x>1
Cau 40. Him 6 y =In(|x — 5|+ 5— x) xac dinh khi
lx-5|+5-x>0&|x—5>x~5©x-5<0s x<5.Chon C.
x+1>0 x>-—1
Ciu41. Diéu kién: 3—-x>0¢{x<3 ©1<x<3=D=(};3).ChonA.
x—1>0 x>1

Cau 42. Yéu ciu bai toan
a=1>0

s & 0<m<1.ChonB.
A'=m*—m<0 ’

|
& 2 =2mx+m>0, VxER@{

Ciu 43. Ham s;a y=In(1-log, x) xéc dinh khi

[x>0 | @{x>0 glx>0®0<x<2_ChgnC-
x>0

1-log, log,x<1 |x<2
x-1>0 . 1 1
Cau 44, Ham 5 xéc dinh khi el*7 & l*” o x>3. ChonB.
log,(x-1)>1 " |x—1>2 " |x>3

& 1<x<2.ChonB.

-1>0 >1
Céu 45. Ham s8 xéc dinh khi {x > [x

2—x>0 x<2
ln(x2 —16) In(x* —16) In(x* —16)
Ciu 46. Tacé: |y = = =
#=5+¥ —108+25 x_54 [x—57 -5+
Ham s6 xc dinh khi
2 —161>0 [x|>4
x=5+]x—5|=0

x>4 x>4
x<—4 &ilx<—-4< x>5.ChonB.
5-x<0 x>5

&

|x-—-5|=5—x

; 1

i —(X+1)>O
‘ | 2 x>-1 1€x<5
1<%
Cau 47. Ham s§ x4c dinh khi ——;-x+-;—>0 Celx<s @Li,j . Chon C.
| 1 5 —lx+—¢1
log, [—5x+-2-] =0 2
i x+2>0 x>-=2
Cau 48. Ham s6 xc dinh khi (# +x+1).log, (+2) >0 log, (x+2) >0
i z 2

-2 -2
{x> {x> & -2<x<~1.ChonD.

<
x+2<1 |x<-1
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1-2x+x* >0

x=1
a oy ea 1 x>0
Ciu 49. Digu kién: |—>0 S3ix>0e .Chon C.
x x=1
1 x=1
—=1
x

1
V3+2x—x*

Xacdinh khi 3+2x -2’ >0 & (x+1)(x-3)<0& -1<x<3.

Cau50.+ Ham s8 y =In(3+2x—x*) vahams§ y=

Khi d6 hai ham s& nay c6 tap xdc dinh 1a (—1;3).

+Ham s& y=—12— xac dinh khi 3 +2x —x? =0©(x+1)(x—3)‘;0@[

3+2x—x
Ham s& nay c6 tap xdc dinh 1a D=R\{-1;3}.
+Hams§ y=+3+2x— xic dinh khi
3+2x—x" 20 (x+1)(r-3)<0e-1<x<3
Ham s& nay c6 tap x4c dinh 1a [~ 1;3]. Chon C.

x

Cau 51. Ham s8 y = xe
e
Cau 52. Ham s8 y=v1-3" xéc dinhkhi 1-3""5% 30 & 3"5% < |

@xz—5x+6<0¢)(x—2)(x—3)<0@2<x<3.€han.

=3x
Cau 53. Hims8 y = [3-] —z- xac dinh khi

x*-3x x°-3x ~2
3 4 3 3

©#* —3x+2<0 & (r-1)(x—2)<0e 1< x<2. Chon C.

Cau 54. Biéu kién: x> 0.

Légarit co s6 3 hai v& ctia x = 3%, ta duoc log, x = log, (3%*
8 3 83

© log, x =log, x.log, 3 ¢ log, x =log, x : luén diing Vx> 0. Chan‘
Cdub55.Dit a" =N>0=>x=1log, N (véi O<a=1)

. xéc dinh khi ¢ —12 0 ¢ =14 x=0. Chon/A.

x=-1
x=3

Tacod: x=log,a" o log, N=log,a* ® N=a" & a* =a*: luondunng(‘R Chon A.

Céu 56. Ap dung cdng thire ¢"° = c®°, suy ra 3°%* = *** Chon B.
Cau 57. Ap dung cdng thitc ¢ = c%°, suy ra 367 = ¢85 =

Dodd 7=3"" & 7=x.ChonD.
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. 2 -5 /2 1 2(4x+1)
Caus8. Vi y/ =2.(2¢" +2-1) 3 (28 +2—1) =2 ——— (dx+1)=—22)
S e s e ) s
Chon A. i
Cau 59. Ap dung cong thite (2*) = a*.Ina, ta c y'= (13) =13%In13. Chon B.

Cau 60. Tacé: p =(*) 2".In2 = 22.2".In2 = 2"*.In2.. Chon B.

' 1) .4* ~(x+1).(4") 4 _ *
Cau61. Ta c6 ;;;‘:["4*:1] _G+D) (’2‘+ M) _4 (x+1)4%In4
| («) («)
Lai ¢6 4* =i(22)‘ =2" vaIn4=2.In2.Chon A.
Cau 62. Ta c6 J}:x’ = g*b*

Suyra y'= i(x]nx)'e"“‘ =(Inx+1).e™*.Chen A.

Ciu 63. Vi (87 e )’ =(#* +x+1) 8"+*.1n8

| =(2x+1).8"**.3In2=8"** (6x+3).In2 .Chon B.

/ /.
1n2x] = 1 .(2x) = 2 = 1 .Chon B.
in10 In10 2x 2xInl0 xInl0

?Céu 65. Dao ham: ' = (x")/ 7+ x”.(-/r‘ )/ =mxlat +x"a Inw
Suyra y'(1)=n*+ninw.Chon C.
Ciu 66. Tac6 f(x)=2"5" =10

Cau 64. Ta c6: jv' = (log2x)/ =(

Suyra f'(x)=(10") =10".1m10.
Khi dé £'(0)=10°1n10=1.In10=1n10. Chon D.

(nx) 2in(inx)
Inx  xzlnx

Ciu 67. Ta cé: j/ =2In(Inx).[ln(ln x)] =2In(lnx).
Cau 68.Ta c6 f (x)=10x.e”.1<hi dé f‘(0)=0 va f(0)=5

Vay nén P= f'(x)—2xf (x)+= f() £'(0)=10x" —2x.5¢" +;5 0=1.ChonA.
| (V '*'\/_) x— 2 x

Ve—4+x \/x —4x \/x2—4x.
Khidé f'(8)=+2 vi f(4)=4In2, dodé

P=f(#)-|f'(8)f .in2=41n2—(+2) In2=2.In2. Chon A.

Cau 69. Tacé f'(x)=
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Ciu 70. Ta ¢6: y' = —sinx.e"; y" = sin® x.¢°* —cos x.e™* . Lai thdy:

. . |
.Sin x + €. cos x + sin® x.6* — cos x.¢™* =0.
|

Cosx

y'.sinx + y.cosx + y" = —sinx.¢

Chon B. :
Ciu7l.Tacdk: y'=e™ —xe”* =(l-x)e” @xy'=x(1-x)e" =(1-x).y. ﬁthqn C.
Ciu72.Tacé y'=—¢".sinx+e*.cosx =" (cos x —sin x) i

Laicd y"=—e"*(cosx —sinx)+ ¢ (—sinx —cos x)=—-2¢"".cosx ;

Ta thiy y"+2y'+2y=—2¢".cosx +2¢* (cosx —sinx)+2¢".sinx=0. (thqn B.

Xz Xz 22

x2 X x _x
Cau73.Tacd y'=e 2 +x.|—xe 2]:e 2 _yle 2 =(1—x2)e £

Suyra & x.y'= x(l—xz)e_§ =(1—x2)y . Chgp D.

1
1+
Ciu74.Tacod y'=— X = x+1 >
(I+x+Inx) #(1+x+Inx)
(l+x+Inx)—Inx 1 Inx o lin g v?
Suyra xy'=— =— + =-y+inx.
e Ay I e s A rEwerE e G
& xy'=y(ylnx—1). ChonB.
Cau 75. Ta cé y‘=lcos(lnx)—%sin(1nx)=—1-[cos(1nx)—sin(lnx)]
X X
. 1 . 1l 1. 1 Zcos(In )
L "= — L Jcos(In x) —sin (In x)| + |~ —sin(In x) ——cos (ln x){ = — T ——2)
aicd y'=-— [cos(In x) —sin( x)]+x —sin(In x) ——cos(ln x) —
Nhin thay ‘
xzy"+xy'+y=x2[—£:—os—(zllli) +x.—l—[cos(lnx)—sin(lnx)]+sin(lnx)+ci:os(lnx)=0.
x x ;
Chon C. |

Ciu76.Véi x=1=y=-2.

Tacs o =[1nx+z}’ _(lnx+2) (Ilnx—1)~(Inx+2).(lnx—1)
¥ Tl (a1
i.(lnx—l)—(lnx+2).% 5
B (nx—1) T x(inx-17
-3

Suy ra hé s& goc ciia tiép tuyén la b=y’ ()2 ———=—
y g p tuy y'(1) Y

Vay phuong trinh tip tuyén: y=-3(x—1)-2< y=-—3x+1.Chon B. ‘
Ciu77.Véi x =1 thi y(1)=0.Tacéd y’ =(x) .lnx+x(lnx) =Inx+1.
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Suy ra hé s§ géc clia tidp tuyén i & =y’ (1) =1. Phuong trinh tiép tuyén: d:y=x-1.
Suyra d so!ng song vdi dudng thing y = x . Chon A.
Cau 78. Ham s8 f(x) xéc dinh va lién tyc trén doan [0;2).

' N =1€(0;2
Dao ham st(x)=(3x2—3)e*'-3*+';f'(x)=o@3x2—3=04= ¥ [0:2]

x=-1¢[0;2] )
/[‘aco f(0 --e fW)=¢ f(2)=¢. vay rggf(f(x)=e5 khi x=2. ChonD.
Cau 79. Ham s& f(x) xéc dinh va lién tuc trén doan [0;2].
Daoham f(x)=~3¢"" <0, Vx €R.Do d6 ham s§ f(x) nghich bién trén [0;2].

man £ (x)= £(0)= ¢ 1 1
Suy ra 1 .Suy ra m--—,M=e2 nén M.m=—.ChonC.
min ()= £(2) = ‘
Cau 80. Him s§ f (x) xac dinh va lién tuc trén doan [l;ez] .

Daoham f'(x)= 1- lnx

i f(x)=0el-lnx=06x=cc[e].

Tacéf(l):O; f(g):z; f(e2)=£2.

e

? Suy ra :1;{113.}]‘“‘() —:‘-khlx_e,gllm]f() 0 khi x=1.
Véy ham s& (Fé tap gid tri T={O;—}.Chon C.
-4
|

Cau 81. Ham s5/x4c dinh va lién tuc trén doan [Le].

DPao ham f'(‘x) =(\/;)/.1nx+\/;.(lnx)/ =%+%= an:jEZ

Suy ra f'(x)j:O@lnx+2\=O@lnx=—2@x:e'z=eiz¢[1;e].

Ta c6 f(1)=jo; fle)=+e.

Vay gia tri 14n nhat ctia ham s& bing e , dat tai x=¢. Chon D.
Cau 82. Do xe[fO el nén f(x ln!x+ 2+ ln(x+ 'x2+e2)

Ham s8 xéc é‘[mh va lién tuc trén doan [0;¢].

/ X '
(x+ x2+e2) 1+ ’x2+e2 1 .
= = >0,Vx €[0;e|
‘ x+2 +é& s+ +& P+
Suy ra ham s6 luén dong bién trén [0;¢].
Khi d6 xﬁr}lﬂ(x):f(O):l. Chon B.

Dao ham f 'dx) =
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Suyra y -—1n(x+ 1+ % )>O Vx € (0;+00). DodoBdung,Dsal Ch9er

Cau 96. Ap dung ly thuyét
"Ham s8 y =a" ddng biénkhi a>1, nghich biénkhi 0 <a< 1 .

i+ \B) f+f
3

Trong cdcham s6 da cho chi c6 hdm s8 y = dongb1env1c0soa

Chon B.

<1
Céu 97. Ham s6 dbng bién khi o* —3a+3>1©a2—3a+2>0®{z>2. CWonD.
|

Cau 98. Ham s8 y = (—5)" khéng phai 12 ham s8 mii vi co s8 —5 < 0. Do dc'% @) sai.
Vicosd #>1 néntir 7° <7 = a <20 & 0 <a . Do dé (II) sai. ‘
Ham s§ y = a" xéc dinh véi moi x . Do d6 (IlI) ding.

Via® >0, Vx€R nénhams§ y =a* ¢6 TGT 1 (0;+0c0). Do d6 (IV) durﬁg Chon B.

Cau 99. R6 rang (I) dang theo dinh nghia.
Ham s8 y = ¢* ddngbiénkhi a>1, nghich biénkhi 0 <z <1.Do dé (II) sai.
Vicosd ¢>1 nénhams6 y =¢™"* 1a ham s dong bién trén R . Do 46 [(III) ding.
R5 rang (IV) diing theo SGK. Chon C.
Cau 100. Dya vao hinh dang db thj tix trdi sang phai ta thiy: x ting nhu'ng y giam.
Suy ra ham s tuong ing ciia 46 thi 1 ham nghich bién. Loai A, C.
D5 thi ham s6 di qua diém c6 toa d6 (—1;3) nén thir tryc tiép vao hai dap anB, D.
Chon D. j
Cau 101. D3 thi ndm phia duéi truc hoanh. Loai B, C. :
L&y d6i xtmg d6 thi qua truc hoanh ta duge dd thi ctia mét ham s& déng bién.|Chon A.
Cau 102. Cac ham s8 da cho déu ddng bién trén tap xdc dinh. Chuea loai du‘qp dap an nao.
Dua vao d6 thi thiy c6 tiém cn x = ~1. Loai dap an A, C. i
D thi ham s& di qua dim c6 toa &6 (2;1) nén ta thr truc tiép vao hai dap anconlai.
Chon D.
Cau 103, D thi c6 tinh chat d6i ximg qua Oy phian x > 0. Chon C.
Cau 104. DB thi ¢6 tinh chét
e Git nguyén phin y >0.
¢ Liy d6i xting qua Ox- phan x < 0. Chon B.
Céu 105. Dya vao ly thuyét "Hai ham s§ y=a* vd y= log, x ¢6 d0 thi dol xting nhau
qua dudng phén gidc clia géc phin tu thie nhat y = x". Chen B. ‘

Cau 106. Trudc tién ta dua ham s8 vé dang chudn: y = —log, x=1log, [lJ .
X
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Dua vao ly thuyét "Hai ham s8 y=a* vi y=log, x c6 db thi d6i xtng nhau qua
dudng phan giac ctia géc phan tw thét nhit y = x". Chon B.
Céu 107. Dua vao ly thuyét "D6 thi ham s8 y = f (x) d6i ximg qua truc hoanh ta duoc
d6 thi ham s8 y = —f(x) ".

- Do dé d6 thi ham s6 y=log, » d6i xtng qua truc hoanh ta duwoc d6 thi ham s§

y=-log,x..
Chua thdy t&ép an nén ta bign ddi: y = —log, x =log, x . Chon A.

Céu 108. Trude tién ta dua ham s8 vé dang chuan: y =37 = (\/5 )x .
\

Duya vao Iy thuyét "Hai ham s§ y=a* va y=log,x c6 db thi déi xing nhau qua
duong phan gti clia goc phan tu thit nhdt y = x". Chon A.
Ciu109.Véi x=0= y=0a"=1va x=1= y=¢'=a.Do d6 A dung.

Tacé lim y= lim ¢* =0.Suyra y =0 latiém cAn ngang. Do d¢ B ding.

it et
Vi a* >0, Yz € R . Do 6 C diing.
Ham s8 y = a* dong bién khi a >1, nghich bién khi 0 <2 <1.Do dé D sai. Chon D.
A Cau 110. Tap x;'lc dinh: D=R\{0}. Do d¢6 A sai.
% Vicos§ a=4>1 nén him s& ludn d6ng bién trén tap xac dinh. Do d6 B sai.
) Ta ¢ {Vx e{D = (—x) D = ham s8 y =log, |x| chin trén tap x4c dinh
y(_’i‘) = log, |-x| = log, |2| = »(x)
nénnhén Oy lam truc d6i xing. Do d6 C ding.
Tacd }1_151 loig4 |#| = ,IH? log, || =—co.Suyra x =0 I tiém can ding.
Do 6 D sai. Chon C.

| T eme o
Céu 111. D6 thi cta hai hAm s6 y =q¢* va y = {—1-] d6i xttng nhau qua truc tung.
’ a

Do d6 A sai. »
Db thj cia h‘\ai ham s§ y =log, x va y=Iog, ¥ d8i xting nhau qua tryc hoanh. Do dé

a

B sai. ‘
| .
Dura vao ly thuyét "D?b thi cia hai ham s§ y =4¢* va y=log, x d6i xting nhau qua
dudong y=x".Do d6 C ding.

D5 thi ctia hj‘lai ham s6 y=a" va y=Ilog, » d6i xtng nhau qﬁa dudng thing y==x.
Do d6 D sai.
Chon C.
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Cau 112. Chon a =2 chéng han, khi d6 f (x) va g(x) cing d6ng bién. M3 hai ham cling

ddng bién thi khong két luén duoc s nghiém cta phuong trinh f{x)= g(x) viné 6

th€ v6 nghiém, hodc c6 mét nghiém, hoéc ¢6 hai nghiém,....Do d6 A sai.

Téng ctia hai ham d6ng bién 13 ham ddng bién, tdng cta hai ham nghich bign 14 ham

nghich bién. Do d¢6 B dung.

Dya vao ly thuyét, d6 thi ham s6 y =log, x nhan truc Oy 1am tidm can dimg. Do d6

C ding. |
D3 thi ham s6 y =" nhén truc Ox lam tiém c4n ngang. Do d6 D sai. C]pon B.
Céu 113. Phuong trinh hoanh d6 giao diém la:
27 4+3=112"=8=2 o —x=3ox=-3

Vay toa d6 giao diém ctia 6 thj hai hAm s§ y =27 +3 va y =11 la 3? 11) Chon B.

x+—

=213 o 3' 9" =322 &

|.a|~

Cau114.Tacé 9* =2

X 9 ‘
= — s x=lo
5 -5 1 3
Tir 46 suy ra a+%log22=logz-z—=l. Chon B.
2 2

Ciu 115. D4t 3" = > 0. Phuong trinh dd cho twong duong véi:
=1 |[x=0
3*=09 x=2.

£-10t+9=0x(t-1)(r-9)= 0@[1‘—1

2

x"+1=
Suy ra: Cho C.
y 2 +1=5
3 =1
Cau 116. Phuong trinh truong duong véi 3.3 —4.3* +1=0 & 3

1
3

Céu 117. Phuong trinh twong duong véi 47+ +2.2°% _3=0.

2 =
D3t r =277, > 0. Phuong trinh tré thanh t2+2t—3=0®[t_

Vc'rit=1,taduqc2‘;+’=1®x2+x=0®{x=01. ‘
x=—
Vay phuong trinh ¢6 nghiém x=—1, x=0.Chon A

Céu 118. Dit ¢* =r > 0. Phuong trinh d3 cho tro thanh:

& =1

=3 +2=0&(-1)(t-2)=0« =1
t=2 e =2

Vay phuong trinh c6 tp nghiém I3 {O ln_} Chon B.
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Céau 119. Phuong trinh tuong duong véi 5.5 —-i:—24 =0 5.5
' 52

|

) r=5

D3t =5, r>1. Phuong trinh tré thanh 5 — 247 —5 =0 «
| r=

Véir=5,tadugc 5 =56 2 =16 x = +1.
Vay phuong trinh ¢6 nghiém x=+1.Chon B

9 3

~24.57 -

Céu 120. Phuong trinh tirong duong véi 33; =2 +[-1—] =3 3[1] =2 +[§) .

x

Dit t=(l
3

® Véi t =1, ta duge [%] =lex=0.

o Vdi t=2,taduqc [%] —2®x—log,2
Vayphuoﬂgtnnhconghlem x—log,2 #=0.Chon B

Cau 121 Phudng trinh tirong duong véi:

x

i x+1
3‘+9[;} —4=0®3’+3.{-§] —4=0<i>3’+3.—317—4=041)32’r

| e
Datt—3",‘t>0 Phuong trinh tré thanh 2 — 4743 = 0@' _3
e Véir=1,tadugc 3* =16 2=0.
e Véi r=3, tadugc 3* =3 & x=1.
Vay phu’ong trinh co nghiém =0, x=1. Chon A
Cau 122. Phuong trinh tuong duong véi:

27— 6* =2§-2.3* ©27(1-3")=2(1-3) & (1-37)(2° —2)=o@[2

Vay phuorné trinh c6 hai nghiém x=0, x=1. Chon D.
Cau 123. Phuong trinh twong duong véi

277 (27 1) =27 (27 1) @ (2 —-1)(2”:‘l —2’) =0

[2*—1:0 (2':1 (x:() =
e . T e, « s

27127 =0 [2°'=2" l|#'-1=x

Y =4
x—x-1=0 x=

x=0

1:1:«/_ _Chon B

Vay phuoné trinh cé ba nghiém x=0, x=
|

» £>0. Phuong trinh tré thanh 3t =2 4+ ®t2—3r+2=0@[t=
r=

=0_ .
—-;— (loai)”
—4.3*+3=0.

* _ l __O

& .
=2 =1
0
I:t\/—
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x=0

x-3#0 !
Ciu 124. Phuong trinh (x—3)2x2_5x=1<:> {2x2—5x=0<:> x=§.Ch9n D.
x-3=1 x=4

: x>0
Cau125. Ta 6 2°%¢*) = x & dax
logs(x+3)=log,x = ¢

© [i:g =2 {:'103.1' 2 ° {leo < {i:g Gx=2. Chibn A
Ciu 126. TXD: D =(0;+00). Ta cé:
fote _ gt L g Jontt o qivns s _ 3 3oknis 4 ghns _ ont _ 2 ghvons
Hay 4.495% - yo5:6 _ g gues  (¥)
Dit log,x=te x=2".

Thay vao phuong trinh (*)ta c6:

2: z
=189 e 42% 23 —183% =0 4|2 —[2 —18=03@
3

loga 6

44 -(27)

Do [-2—] >0Vt nén [Z] =2¢>t=—2
3 3 4

Khi d6 ta duroc: log, ¥ = -2 & x = % (théa man diéu kién). Chon B

Cau 127. Sai 6 budce 2 do chua ching minh ph.trinh 572 =3—x ¢6 nghiémi duy nhat.
Chon B. i

Céau 128. Vi 72_5— <1 nén bt phuong trinh twong duong véi

_1_23‘:)1—3::
x x

>0©0<x<§-.

Viy tap nghiém ctia bat phuong trinh 1a [0; .Chon B.

1
3 '
Ciu 129. Chia ca hai v& ctia bdt phuong trinh cho 3°.3* >0, ta dugc bé't! phuong trinh
teong duwong: '
4 >L43©(£]x >[f1-]3 ©x>3do i>1.
3377 33 3 3 3
Vay bat phuirong trinh c6 tap nghiém 1a § =(3;-+00).

Suy ra s& nguyén nhé nhét théa man bat phirong trinh 1a 4. Chon D.
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Cau 130. Bat phurong trinh trong duong véi 23.2F > 2% & 23412« o+
Sl >re —2x-1<0&1-V2<x<1+2.
Véy tip nghiém cta bt phuong trinh I3 § = (1~v2;1++2 ).
Suy ra Ca'c!sé' nguyén thuéc § 12 0; 1 va 2. Chon B.

Cau 131. Bat phuong trinh twong duong véi 3% +23"° <7237 73" 1+3<0.

Dit 1=3", +>0. B4t phuong trinh tré thanh 2:* -7: +3< 0 & — < r < 3.

N

Véi%g:.{;s,taduqc -;-<3‘<34:—1og32<x<1.

Vay tap nghiém cia bt phuong trinh 1a § =~ log, 2;1].
Suy ra cdc 56 ty nhién thudc tdp S 12 0 va 1. Chon B.
Ciu 132. Bat huong trinh tuong duong véi 3.3% ~10.3 +3<0.

Dt £=3", +>0.Bét phuong trinh tré thanh 32 —10r +3<0 & <1< 3.

O |

Véi %gts:;&tadu’qc %<3‘<3®—1<x<1.
| .
Vay tap nghiém ctia bat phuong trinh 1a § =[—L1].
Suy ra 49 d‘{éi chatip § b§ng 2.Chon C.
. |
‘ 3

| 2
Cau 133. Ta cd co s6 13 bidu thiec chta x véi a=x2+x+1={x+5] +Z>0

B4t phu’dné trinh twong duwong véi (xz +x+ l)’r <l= (:c2 +x+ 1)0
x =

01@x<—1.Chc_>nC.

2 L _ 2 1
@(x +x-{11 I)(x 0)<0& " (x+ )<0®L<~

Céu 134. Diéu kign: x> 0.
Dit log, x == x =2'. Phuong trinh twong duong véi

(2')‘“%&32 &2 o +4r-5€0e -5<r<1.
|
Suy ra —5<jélogzx<1 @%@gz : théa min diéu kién. Chon C.

Cau 135 (B MhNH HOA QUOC GIA NAM 2017). Vi f(x)<1, ta cé

o 2077 <liwlogz(z".7"2)<log21=0c>log22"~l-log27"2 <0 x+xtlog,7<0
« 2277 <lon(27)<hl=0on2 +h7” <0oxn2+5°n7<0

o 2277 <l log, (2".7’rz ) <log,1=0 ¢ log, 2" +log, 7° <0 & xlog, 2+x> <0
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Vi x € R nén khing dinh
x+x* log27<0<:x(1+xlog27)<0<:l+xlogz7<0 1a sai. Chon D.

Céu 136. Phuong trinh 227 +m* —m =04 27" =—m’ +m
6 nghiém khi va chi khi —m’ +m >0+ 0<m<1.ChonB.
Cau137.Tacé 4 —2°7 +m=0e (227} —22" +m=0. (1)
Dit 2 =t > 0. Phuong trinh (1) tré thanh: 22 —2t+m =04 > =2t =—w. (2)
P& phuong trinh (1) ¢6 nghiém « Phuong trinh (2) c6 nghiém >0
Xétham f(¢)=1¢*—2¢ v6i t>0.
Lap bang bién thién va két ludn duoc —-m 2 -1 m<1. Chon C.
Ciu 138. Ta c6: 4 —m2™ +2m =0 & (2°) —2m2* +2m=0 ()
Phuong trinh (*)1a phuong trinh bic hai &n 2* co: A'=(-m m)’ —2m=m 4— 2m.

m>22

Phuong trinh (*)c6 nghiém & m* —2m >0 & m(m-2)>0« <0
ms
Ap dung dinh Iy Vi-ét ta cé: 2.2 =2m & 27" =2m

Do d6 x, +x, =3 & 2° =2m & m=4.Thit lai ta duwgc m =4 thoa méan. QhonA.
Cau139. Dt (2++3) =2>0, suyra (2-J§)’=%.

Phuong trinh da cho tré thanh: t+%=m. Xét ham f(t)=t+% voi t>01.

L3p bang bién thién ta dwoc m > 2 thoéa man bai toan. Chon D.
Cau 140. Dit 4* =¢> 0. Phuong trinh da cho tr¢ thanh:
(m+1)? —2(2m—3)t +6m+5=0. (*)
)

Yéu cau bai toan < (*) ¢ hai nghiém 7, ¢, théamén 0<z <1<z

m+1=0 fm+1=0
@ {(m+1)F(1)<0 (m+1) 3m+12)<0® —4<m< -l Chon B..
(m+1)(6m+5)>0 6m+5 @G ‘
Cau 141. Phuong trinh twong ducm {43 =64 < x =65. Chon B.

Cau 142. Diéu kién: x(5-x)>0 & x(x— 5<0©0<x<5

Phuong trinh d3 cho twong duong véi x(5—x)=6 & x* —5x+6 =0

e(x-2)(x-3)=0e| _

2
3 (thda man diéu kién) .

Vay phuong trinh ¢6 tip nghiém 1a § = {2;3}.Chon A.
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Céu 143. Diéu {kxen x>0

3

Phuong trirh tuong dworig véi: x —3vVx +4 =8 x—3J/x —4=0
(J_ )(J_ ) OsVx=4ex=16 (thoéa man diéu kién)
Viay phucnﬂ; trinh ¢6 mét nghiém x =16 . Chon B.

' 2
Ciu 144. Diéu | Kxen # 312 >0. Véi diéu kién trén phuong trinh da cho tré thanh:
x
2 =2-+2
log, _§§;+_2_ 1 X342, 1 (thod mén)s x* —4x +2 = O(: .
2 1 2 =2+ \/_

Vay xlxz—rZ «/—)(2+~/—) 4—2¥2.ChgnC.

Cau 145. Diéu kién: 3>0 Sx>3.
| x>0

Véi digu kiéjn trén phuong trinh d cho trd thanh log, (x —3)+2log, x = 2
< log, (x —;3) +log, =2 ¢ log, [(x—3)x|=log, 4
x=-1 (loai)
! x =4 (thod man)
Vay phuon ‘ trinh da cho 6 nghiém duy nhit x =4. Chon A.
Ciu 146. Diéu kién: x> 0.
% Phuong trinh tuong duong véi: log(x + 2y’ +logd = logx +log3* & 4(x+ 2’ =81x
1 .
o 4x° —6_5# +16=0<(4x-1)(x—16)=0« Ty (théa man diéu kién)
: x,=16

&(x-3)r=4er3x-4=0s

L1
vay 2=— —L Chenp.
y % a6 1 Chom

Ciu 147. Biéu lhen x>0.
Véi digu kleL trén phwong trinh da cho tro thanh (2 + log, x) +log, x* —4-7=0

log, x=1 -
log,x=-7

X = , o g in
_, (théa man diéu kién)
X, =
2

@103§-x+6]ilog,x—7=0@

Véy %%, =33"=3"= 316-=§13— Chon A,

Ciu 148, Dieu kign: x>2. .
Véi digu kiéh trén phuong trinh da cho trd thanh log, (x +1)=2—log, (x—2)
@ log, (x+1)+1og, (x —2)=2 & log, [(x +1)(x —2)]=log, 4

x=3

x=-2

Déi chiéu digu kién, phuong trinh cé nghiém diy nh4t x = 3. Chon B.

&(x+)(x-2)=d4es’-2-6=0s
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Ciu 149. Biéu kién: x > 0. Vi diéu kién trén phuong trinh d4 cho tré thanh
log,[~log, x+log, x +x+1]=3 & log,(x+1)=3& x+1=8cx= 7\
DGi chidu diéu kién, phuong trinh 6 nghiém duy nhat x = 7:1as8 nguyén tcnr Chon C
x>0
Cau 150. Diéu kién: {log, x>0« x>1.
log, x>0

Phuong trinh twong dwong vai: %log2 (log, )+ log, [% log, x] =

& —;—logz (log, x)+1log, (log, x)—1=2 « %Iogz (log, ¥) =3 & log, (log, x) =2

& log, x =4 & x =16 (thoa man diéu kién). Chon B.
Cau 151. Didu kién: 0 < x=1.
Vi diéu kién trén phuong trinh d3 cho tré thanh log, x—6log, 2 =1.
P—t-6=0 [r=1
biat ¢ =log, x, phuong trinh tré thanh t—— le {t::O (I)L=:f_2.

o Véir=3,taduoc log,x =3 x=8. |

e Véi t =-2, ta dwoc log2x=—2¢>x=%

Suy ra tich hai nghiém bing 2 . Chon B. : l
Cau 152. Pidu kién: 9-2*>0. ‘

Phuong trinh tuong dwong voi: 9—2‘=23"¢>9—2"=—87
x)? x . x x _ =1 x=0 2 -
&(27) —9.27+8=0e(27-1)(2 —8)—0®[2x=8® 2= 3 (ROITAR)

Vay phuong trinh cé hai nghiém la x=0; x=3. Chon B.
Cau 153. Diéu kién: x> 0. 1
Véi diéu kién trén phuong trinh di cho tré thanh logx(loglOO +logx* ) 4 4

_1¢

1 =1

e logx(2+2logx)=4 < 2log’ x+2logx—4=0s 8% @ l-
logx=—2 m

D3i chifu diéu kién, ta dwoc nghiém x =10 va x = —(1)—0

Suy ra x, =10 va x, =100 nén x, = x’ . Chgn B. :
: |
Ciu 154. Diéu kién: x> % . Véi digu kién trén phuong trinh da cho trd thanh:

log,x=0 @x:l @x:l :
log,(2x—1)=2 " [2x-1=9  |x=5"
DGi chigu digu kién, phuong trinh c6 tap nghiém § = {1;5}. ChonD. |

log, x.[log, (2x~1)-2]=0 «
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Ciu 155 D'“Jk”‘ x-1>0 x>1
du 155. Diéu kién: m(x—1)==0@ s
| x=0
Phuong trinh twong duong véi: #° — 52 +6x =06 x(x~2)(x—3)=0« |x =2
i x=3

D4i chiéu v6i digu kién ta dugc nghiém x = 3 théa man.
Vay phum‘Lg trinh da cho c6 mét nghiém. Chon B.

Ciu156. |
+ D&Dbét phuong trinh c6 nghiém thi x +3> 0 & x> —3. V4y loai nghiém x=—4.
+Né&u x>0 tacé log, (x+3)>log,3=1 va 2" 3 2.
Do dé: 2**! +log,(x+3)>2+1=3

Suy ra bét lphu’omg trinh d4 cho v6 nghiém Vx €[0;+00).

Vay loai hé\i nghiém x=0 vd x=2.

+ Véi x =1——2 thay vao bét phuong trinh ta dugc 27 +log, (-2 +3)<3 & % <3
luén ding. V§>y x =—2 1a mdt nghiém ciia bat phuerong trinh da cho. Chon B.
Céu 157. Chon C.

Hoc sinh nay da 18p ludn sai tir B3 vi khi giai bst phuong trinh thi khéng duwoc bo
miu, do miu tham gia vao qué trinh xét ddu.

Stra lai: Digu kién: %= >0,
: x+1

Vinl=0 nén (x) & In—2->In1 ¢ -2*_ > 1 (théa mén didu kién)
v x+1 x+1

x>1

x<-1

Vay bét phirong trinh ¢6 nghiém & (—o0;—1)U(1;+00) .

e _>0eilioes
x+1 ! x+1

Ciu 158. Bat p‘1 wong trinh frong durong véi 3x~1>2° < 3x>9 <> x>3. Chon A.
Cau 159. B&t phuong trinh twong duong véi:
—log, (#* —}2x+6)< -2 & log, (* —2x +6)>2
x>23
! x<-1
Viy bét phuong trinh 6 tp nghiém I3 § = (—o0;—1]U[3;+00). Chon C.
Céu 160. D6 th%i y =log, x nim ¢& phia trén dudmg thing y =2 khi log, x>2 & x>9.
Chon B. i )
- Cau 161. Dieu Z%kién: 4x—4> 0 & x>1.Bat phuong trinh tuong dwong véi
x* >4x1;--44:>x2 ——4::+4>04:}(x——2)2 >0 x=2.
Viy bt phufrong trinh ¢6 tip nghiém 14 § =(1;+00)\{2}. Chon D.

G -22+6296 2 —2x-3306 (r+1)(x—3)30
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Ciu 162. Diéu kién: x 2%.
Bat phuong trinh d3 cho twong duong véi:

4x° 12x -5 4x* —12x+5<0 @(2x—5)(2x—1)<0@%—<x<

[ SRV

D6i chigu véi diéu kién, ta duoc tip nghiém clia bit phuong trinh 1a § = [i‘l,-s-] .
? 2
Suy ra m=%vé M=—:—nén m+M =3. Chon A. ‘
Ciu 163. Didu kién: x>0
Bét phuong trinh twong duong véi log(x* +21).10g10 < log10+log x
& log(+* +21)<logllx & x> +21<10x & (x—T)(x -3)<0 & 3<x <7 |
D& chigu véi diéu kién, ta duoc tip nghiém clia bit phuong trinh 13 § = (F, 7).
Chon A.
Cau 164. Diéu kién:

x>0 {x>0 x>0 [x>0

& &0<wx<3
I+log, x—log,x>0% 1-2log, x>0 log,x<% v<3 x
9

Bat phuong trinh tirong duong véi: 1-2log, ¥ <2 & log, x > —% x> 1

3
Dai chiéu véi diéu kién, ta duoc tdp nghiém ctia bat phuong trinh 1a § = [ %;3] .

Suyra a=3, 5=3.ChonC.
Cau 165. Diéu kién: x> 0.
B&t phuong trinh tuong duong véi:
(log, x—1)(1—1log, x)>0
[Iog2 x=1>0 {log2x>1 [x>2

I-log; x>0 log, x <1 x<3
: S2<x<3
iilog, x —1<0 log, x <1 x<2
ll—log3x<0 log, x>1 x>3

D3i chiéu véi diéu kién ta dugc tip nghiém clia bit phwong trinh I3 S = (ZTG 3).
Chon C. 1
Cau 166. Digu kién: log, (2~ x*)>0 & 2-#*>1e ~l<x <.
Véi diéu kién trén bat phuong trinh da cho tré thanh
log l[log2 (Z—xz)] >log 1 & log, (2-—xz) <lelog, (2—x2)< log, 2
2 2

e2-2'<2e x>0 x=0.
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D&i chiéu diéu kién, bét phuong trinh c6 tap nghiém § = (-=1,0)u(0;1).
Suy ra khﬁfng ¢6 s8 nguyén nao thudc tip S . Chon D.
x>0 {x >0

Cau 167. Dleu kién: {
log, x =1

x=2

‘ 1
| Z[I—Elogzx} 21
B4t phuon‘g trinh trong dwong véi: ——= /<0 27198 %
1-log, x 1-log, x

]—i oz, <04:>1¥-log2x<0<:>log2x>1@x>2
Béi chigu \flm diéu kién, ta duoc tap nghiém ctia bat phuong trinh 13 § = (2;+00).
ChenD. |
Cau 168. bigu kién: m > 0.
Phuong trinh < x* —3x =log, m
bdy la phyrong trinh hoanh 44 giao dim cia do thi ham s6 y=x"-3x vdi duong
thing y= logj

‘ =l=y=-2
Xéthim yi=x’~3x.Tacd y'=32 -3y’ =0e| =~
‘ x=-1=>y= 2°
Dya vao damg diéu ctia d6 thi ham bac ba, suy ra yéu ciu bai toan twong duong véi

1

log, 1 <—2

%8 <~% 4™ <%. ChonD.
Iogzn;z>2 m>4

Cﬁu169.Di‘éu‘
Datlogsx=r.Véi 0<x<1 thi r<0. =) fyN <y
&t o8 " e A

Phu'ongtrlﬁhdachotrothanh £ —mt+1-—0®t+l—m

Xét ham fﬁt)=t+% véi £ <0. .Aﬂy\“”’ }\%{
‘ . o)
Lap bang bifé’n thién ta duge m = —2 théa man bai toan. Chott B
Céu 170. Dit 1$2x=t.V<’7i xe(O;l),suyra t<0.

Phuong trinh d3 cho tré thanh: £ +t+m=0< 2 +f=—
Xét ham f(it)=t2+t véi 1<0.

Lap bang leen thién ta dwoc —m > —-% om < thoa man bai toan. Chon C.

Cau 171. Hé ph?u'cmg trinh teong duong véi
x+2y -1 x=-2y-1 x=-2y-1
2 ‘ 1, N,
x+y :=2‘ y-2y-1=2 ¥y =2y-3=0
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x=-2y-1
& =-1 ®y=—1;x=1
r= y=3%x=-7"

y=3
Vay hé phuong trinh ¢6 hai nghiém 1a (1;—1) va (—7;3). Chen C.
Cau 172. Digu kién: x,y > 0 . Hé phuong trinh twong duong véi:

ey
~10y =900 =10
#-10y=900 |x~10y=000 *~10r=9%00 "y

Véy hé phuong trinh c¢6 mét nghiém la (1000;10) .Chon C.

logZ=2 Z 100 [x—100y=0 {x=moo
¥y

¥ g . Hé phuong trinh tuong duong véi

Ciu 173. Diéu kién: [
y>

y=3

x+y=25 x+y=25 rty=25 =20
x—4y=0

&
log, =2 X4
y
Vay hé phuong trinh ¢6 nghiém 14 (20;5). Chen C.
>0
Céau 174. Diédu kién: {x >0 H¢ phuong trinh tuong duong véi
y

{log4 (2zy) =log, 36 - {ny =36 - {xy =18

x+2y=20 x+2y=20 |x=20-2y
(20-2y)y =18 [2y?—20y+18=0 7=l =Lx=18
< ¢ Y T ey=9 P Ll | .ChonB
x=20-2y x=20-2y y=9%x=2
x=20-2y !

C4u 175. Nhan hai v& cac phurong trinh ctia hé, ta duoc:
636" =162.48 & 6" =6’ & x +2y =5
Thé& x=5—2y va phuong trinh thit hai ctia hg, ta c6:
3 2 _(2)
FPry=Be =232 =2 o2y=40y=2
2 [3] [3] rmReY

Tir 46 suy ra h¢ phuong trinh cé nghiém 1a (1;2). Chen C.

6" =
Cau176.93t 1° — % He phuong trinh tré thank:
¥=56>0
a=2b+2 |
a—2b=2© a=2b+2 R a=2b+2 " b——3(L)¢) a=|6
ab =12 (26+2)6=12 " |p* +5~6=0 B =2"
b=2(tm) ;
6"=6 [x=1
Suy ra: .Chon C.
y {y:z {y=log,2 ¢
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Cau177. Didu kign: 10 <% =1
! y>0

Hé phuong ‘}tr‘mh tuong duong voi:
|
y=ux y=x
<
y+£3—(:¢+1)3 xz+23=(x-+-1)3

y= Jlrz : y=x x=2
5 3
% +‘2x +32-22=0" (x-2)(#* +4x+11)=0 ~ |y=4
Véy hé phu#ng trinh ¢6 mét nghiém 12 (2;4) . Chen A.
Cau 178. Hé pjucmg trinh twong duwong véi:

37 x—y=3 x=7
& &
log(x+\2y)—log15 x+2y=15""|y=4
Vay hé phu'c‘fmg trinh cé mét nghiém 14 (7;4). Chon A.

Ciu179. biéu kién: x+y>0.

Ta c6 hé phuong trinh:
4
——=2 25—y 2x—y=1 2
27 i @{z 2 2 10@[ ¥ y—5 @[x_s Chon B.
log(Zx-LZy) ¥tiy= ty= ry=
CéulSO.Dleulhen. x—y>0x>y.

Hé phuong trinh

Bl o o

2 .
slog,(x-y)‘r 1 —] =—7 (logi)

3
log, (x—y)=0

—y=0 =-1
=3 25—y & ¥ (thod man).
x—y=1 y=-2

Chon C.
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 GHO BE NGUYEN HAM - TiCH PHAN
3. VA NG DUNG

Cau 1. D& ham s8 f(x) cé nguyén ham trén K khi va chi khi f(x) lié‘iip tuc trén K.
Chon D. : ‘

Cdu 2. Stra lai cho ding 1a " Tét ca céc nguyén ham ctia f(x) trén (g;5) dBu 6 dao ham
bing f(x)".Chon C. |

Céu 3. Vi ham s6 ¢6 dao ham tai x, thi lién tuc tai x,, nhung néu hém sdlién tuc tai x,
thi chura chic da ¢6 dao ham tai %y Chang han xét ham s8 f |x| tal diém x=0.
Chon B.

Ciu 4. V6i moi x €(a;0), tacd F’(x)= f(x), ngodira

F’(a*)=f(a) va F'(b")= f(b) .ChonD. |
Cédu 5. Chon A. i

Cau 6. Vi hai nguyén ham trén D ctia cing mét ham s& thi sai khac nhal,‘l mét hing s6.
Chon B.

Cau 7. Chon C.
Caus. Vi [ f(x)dr=F(x)+C= [ f(u)du=F(u)+C.ChonC.

Céu 9. Vi (x) =1=2Jx = F/(x)= f(x)= F(x)=» khéng phai Ix nguyén ham cia
ham s8 f(x)= 2 . Chon B. |

Cau10.Vi fu/(x)dx=fd(u(x))=1n|u(x)|+C.ChQn B.

u(x) u(x)

Cau 11. Vi két qua nay khéng ding vdi truong hop o =—1. Chon C.

Ciu 12. Ta thdy ham s8 f(x)= ! xdc dinh va lién tuc trén —1;I ‘lén ¢6 nguyén
y 0S X 2°2 i gay

ham trén khoang nay. Chon B.

1y 3.2 _
cautaTacs [ e ff_%j_”.ldx
X 2x .
1 £ 3x 3 1
x_2 de=%_2% 2 )
f[z 2 2x 2x2] s 272 |x|+5;+c

Vay mét nguyén ham ctia ham s§

_(x 1)3 x° 3x
y=ma B F(x)="7-5 1nH+ . Chon D.

a 2 X x+] — 2x+1 —_ = 2x+1 .
Ciu 14. Ta c6 fe £ dx_fe dx_zfe d(2x+1)_

N —

¢** +.C . Chon B.
Cau15. Vi F'(x)=(x-3)" +1= f£(x). Chon A.
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Cau 16. Ham s8 F (x)= ¢ 1anguyén hiam ctia ham s&
flx)=F/(x)= (e" )/ = (:c3 )/ & =3x¢" . ChonB.
Cau 17. Tacé 1'\2‘/— +C) =2F o pFIn2 .Suyra dap an A sai. Chon A.
x

/
Cau 18. Ta thay [227 + c] =—

dx Chon C.

Suy ra 22" +C khong phai 1a nguyén ham cta f 22’

3 Y
Ciau 19. Tacéd ff(x)dx:%+e’ +C= fx)= x?+e’+C] =x*+¢*. ChonD.

Cau 20. Ta ¢6 f Ydx =sin2xcosx = %(sin 3x +sinx)

(3cos3x +cosx). Chon A.

NI»—!K

1 1 x-1

(=
Suyra f(x ‘)=%(sm3x+smx) =
Cau21.Taco | f() [ +lnx+CJ =—at == Chon D.
% %

Cau22. Vi (sinj“2 x)/ =2sinxcosx =sin2x. Chon D.
Cau23.Cach1.Taco [ f(x)dx= [ (34" +10x—4)dr=#" +5x* —4x+C.

m=1
Yéu cau bai todn < 3m+2=5‘®{z;__;.
3=C B

Vay m =1 Ja gia tri can tim thoa yéu cau bai toan.
Céch 2. Taco F'(x)=(mx® +(3m+2)x* —4x+3) =3ma® +2(3m+2)x—
Vi F(x) lamét nguyén ham ctia f(x) néntacéd F'(x)= f(x), Vx.
Do d6 3mx* +2(3m+2)x—4=3x" +10x—4.
m=1

Pbng nhat T;né s6 hai vé&ta co [2(3m +2)=10 < m=1.Chon C.

Cau 24. Ta ¢ f'(x):(axz +bx+c)/ vl +(ax2 +bx+c).(e")/ =[ +(2a+8) x+c]
Vi F(x) 1a imét nguyén ham ctia f(x) néntacé F'(x)= f(x),Vx.
Do d6 [ax’ -§+(2a+b)x+c].e’ =x'e Gar’ +(2a+b)x+c=%".
a=1 a=1
Déng nhit }né sGhai v€tacd {2a+5=0< {6 =-2.ChonB.
c=0 c=0
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Cau25.Tacé [ f(x)dx=F(x)=F'(x)= f(2).

Lai c6 F/(x)=(bcosx —asinx)e” +(acosx + bsinx)e* -—[(b+a cosx+(b a)smx]e

D& F'(x)= f(x) & [(b+a)cosx + (b —a)sinx]e” =e‘cosx4:[b+a=1 %:)a=b=l

b—a=0 2’
Chon D.
Cau26.Taco [ g(x)dr = f(x)= £ (#)=g(%). |
Laicé f/(x)=(2ax +b)e”" (ax +bx+c)e —-[—ax +(2a-b)x+(b—¢ }e"
pé f’(x):g(x)@[—axz+(2a—b)x+(b—c)] =x(l-x)e -(—x +}x)
—a=-1
oi2a—b=loae=b=c=1=24=a+b+c=3.ChonD.
b—c=0

Cau 27. Theo baira tacod F'(x)= f(x).

co F'(x)=(2ax+b)~/2x——3-+-(axz Hhrre) Sert +(-6a)x-3bic

J2x-3 V2x-3
Sa=20 a=4
Suyra {3b—6a=-30s16=-2.Chon C.
c—=3b=7 c=1

Cau28.Tacd [ f(x)dr=F(x)= F'(x)=f(x),Vx€R.
Laic6 F/(x)=(a+d)cosx+cxcosx +(c—b)sinx —axsinx ;
bé F’ (x)=f(x),VxeR4:(a+d)cosx+cxcosx+(c-—b)sinx—axsinx=:}rcosx,VxeR
a+d=0 ‘
c=1 =d=
& R @lzzczlo.Chan.
a=0

Cau 29.Tacé ff(x) fsm xdx = fl—g&dx

11,
—fdx—-—fcostdx=Ex—Zsm2x+C

1= 1 T 1
Theo bai ra, ta 6 —.— — =sin— + C = — =
eo bai ra, ta cé 3 4 2 m2+ 8©C 2
x in2x 1
Vay ff(x)dx=5 : +Z.Chan |
Cau 30. Ta c6 f(x)=f f d(2x-1) —lln|2x—1]+4‘:
2x -1 2 2x 1 2
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Theo bai ral ta c6 f(l):l@-;-lnlz.I—IHC':I@C:1=>f(x)=—;—1n|2x-1|+1.

i
Vay f(5)=f%1n12-5—1l+1=%1n9+1=1n3+1.ChgnD.
; 4m
Cau 31 Tacé ‘F dx= [_+ ] = [27 4. in? xdx
C ff f sin’ x f - +fsm x

—dex +f3 1—cos2:x)dx =47mx+%[x—%sin2x]+c .

F(0)=1 c=1 c=1
Theo gia thqet ™ nén 1[71' 1] T e 3.Chon C.
mt—|——=+C== == i
[ ] 212 2)7°T% |"T%

Cau 32.Ta cb 157' f dx=—cotx+0

sm
Theob;‘airay%acé F{%]:O@—cot%+C=O©C=\/§.

Vay F(x)= i[—cotx+~/_.Ch<_mD.
Ciu 33. Tacol‘f' f4x DNdx=2x"-x+C.

Gia sit M (0m)€ Oy 1a giao diém ctia 4 thi hai ham s& F(x)va f (x)
? Técéhéphuongtr‘mhsau{ 02 f=m { m=-1
20°-0+C=m C=-1
Hoanh d6 glakodxemcuadot}uhalhamso F(x)va f(x) langhiém cia phuong trinh:

= F(x)=2x" —x—1.

x=0=>y=-1
24 —-x—l=4x—1(:)x(2x—5)=0® 5
x=5=>y=9

Vay toa do c}ac diém can tim 1a (0;—1) va [; ] Chon C.

Céu 34. ChQIlA\.\rlneu (©)=F ()= F()= [ f(£)de. Dt t =u(x)=> dt = (x)dx .
Suyra F(u (4: = [ f(u(x)) ' (x)dz hay F/ (u(x)) = f (u()) o’ (x).

Ciu35. Chon D. Vi [ (( %) gy fd —ln|u(x)|+C.

Ciu 36. Ta c6 1§=ff x)dx —f«/Zx——dx.

Dt «/2x—17-=t=>x=t;1

iz 3
1= f:d{ﬂfl] = [Pd=Z+c=3(25-1)VEr—T+C. ChonB.
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. . 1 .. ™ ,
Cau37.Dit r=Inx= dr = —dx . Khi dé f—-—dx:fedr.Chan.
X X
Cau38.Dit 1= x* = dr = 2xdx .

1p., 1 n o1, 1 .
Suyra I=—2—fedt=—2—fd(e)=—2—e +C=§e +C.ChonC.
In’ »

+C.
2

2
Cau 39. bit lnx=t=>dt=£.5uyra F(x):ftdt=t7+c=
X

22
Vi F(e2)=4¢)1n—2(e—)+c=4<:c=2.Chan.

Céu 40. D3t r =sinx = dr =cosxdx . Suy ra I=fe’dt=e‘ +C=¢"" 1 C. }
Vi F(m)=5®¢""+C=5&1+C=54C=4.Suyra F(x)=¢"" +4.Chon A.

Ciu41.bit ¢t =sinx, suy ra dt = cosxdx .

_sin’x

Khidé I = f: dr = +c +C.ChonD.

Cau 42. Xét (I): Ta 6 ftanxdx:fsmxdx.Dét t=cosx = dt = —sin xdx .

COosx :

Khidé [>"Fdr=- & —nji+C=—-Injeoso|+C. Dodo(I)dung‘
COsx r

Xét (II): D3t r = 3cos x = dr = —3sin xdx = sin xdx = _Edt'

Khidd [ sinxds = —%fe‘dt:—%e‘ +c=—%e’°°” +C.Dodé (11,1) diing.
Xét (II): D3t £ =sinx —cosx = £* = sinx —cos x => 21d? = (cos x + sin x) dx .
Khi 46 fz’d’ 2[dr=2:+C=2Vsinx—cosx +C . Do d6 (IIl) ding. |

Chon D.
Ciu 43. Chon B.
Cau 44. Chon B.
u= du=dx
Cau 45. Dat
dyv = e”dx v=¢e"
Theo cdng thitc tinh nguyén ham tirng phin, ta ¢6
szxe‘dx = xe* -—fe’dx = xe* —fd(e‘):xe’ —e"+C.Chon C.

=x-1 [du=d
Cau 46.Gia sir F(x)= [ f(x)dx= [(x-1) ’dx.Dét[udex p .—.>{” &
€ =av

v=e !
\

Theo c6ng thitc tinh nguyén ham timg phin ta cé:
F(x)=(x-1)e —fe"dx:(x—l)e’ - +C=(x-2)" +C.
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Theo bai ra, c6 F(O)=1®(0—2)6° +C=1&C=3.
Viy F(x)=(x-2)¢" +3. Chon D.

du=—

Caud7. Taco F(x)= [ f(x)dx = [ insir . it {Z=m;x=> e
| . .

Y = =—

2

Theo cc‘mé thirc tinh nguyén ham titng phan, ta c6:

1, 1 1 1,
F(x)==x’Iny—=~ ==y ——x*4C.
(%) §2x x zfxdx 3% Inx rid C

Theo bai ra, cé: F(l):O@%.I.ml—%.lz+C=0®C=—AII.

Viy F(x)i:-;—lenx—%xz +-‘II. Chon D. '
Ciu4s.Dit lnx=r=dr=% Suyra .r=fmdx=f1n:dt.
‘ X X

‘ ar
= =& : ‘
Dit { “ ’ = du t . Theo cong thikc tinh nguyén ham ting phan, ta cé:
v

=7

T
ﬂ;¢=sinx {du:cosxdx
|

x

v=e

x

uU=Ccosx du = —sin xdx
v=e

|
Tinh J = ‘ﬂ‘cosxe’dx . bt { =
; dv=e"dx

\ .
Suyra J=¢* cosx+fsmxe‘dx=e’cosx+l.

Do d6 I=z;e"sinx—l=e‘sinx—(e‘cosx+1)¢>2l=e"sinx—e"cosx.
|
Vay I=%(i’e‘ sin x — &* cosx)+C .Chon A.

: .2
‘ —cosdx .. .
Céu 50. Bién d6i luong gidc sin? x cos? x = S0 2z _1-cosdx r6i tinh. Chon C.

4 8
| b a

Céu 51. Sira lail cho dung Ia: [ f(x)dv = [ f(x)dx. Chon D.
: a b

| : :
Céu 52. Cong thitc (2) sai, sira lai cho ding 1a [ () dr = - [ F(x)ax.
b

a

Hai cong th\?.’rc (1) va (3) déu diing. Chon B.

L 1
Céu 53. Ta ¢6 J‘f dx=x| =2. DoddA sai.
-1 -1

.Khidé I =¢ sinx—fcosxe‘dx:e‘ sinx—J.
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Theo tinh chit tich phan thi B sai (vi khong c6 tinh chét nay). |
Xét cau C. Gia st F(x) 12 mdt nguyén ham ctia ham sG f(x) trén doan [g, b).
Suyra F’(x)= f(x)>0, Vx €[a;B]. |

5 i
o F'(x)=0,Yx €|a;b], suy ra F(x) laham héing nén ff(x)dx = F(")‘: z‘ 0.
o F/(x)>0,Yx€[a;b], suy ra F(x) dong bién trén doan [4;5] nén F(b) > F(a).

Do dé jf(x)dx:F(x): = F(b)—F(a)>0.Do d6 C diing.

Chon f(x)=0 thi dex = C|"’ =0 nhung f(x)=0 khong phai 1a ham jsc‘)' le.
o ° !

Do d6 D sai. Chon C. |
Céu 54. Theo tinh chét tich phan, suy ra A dting. Chon f(x)=x va [a;5]=[+1;2].

: 1

b 2 :
Khi d6 ff(x)dx:fxdx:%xz =2(4-1)>0 nhung ham f(x)=% khng théa

~1

mén khéng am trén [~1;2]. Do 46 B sai.

Vi(2\/l+x2+C)= ¥ o1 nenCsai

J1+x2 1447

z |
Ta co % 12 mdt nguyén ham ctia x nhung % khéng Ia nguyén ham cﬂj;a Jx.

Do d6 D sai. Chon A.

Cau 55. Ap dung tinh chit F'(x)= f f(¢)de 1a mét nguyén ham caa f(x) .Chon B.

s . T 2 2] & £ 5
Cau 56. Ta cé F(x)—[(t +t)dt—[?+—2—]] —?+-2——g
2 xS
Xét ham s8 F(x)=—+"—= trén doan [-11)
3 2 6
N v 2 / x=-1
Daoham F/(x)=x+x F' (x)=0¢& 0
x=
2 S
Suy ra F(—I)=—§; F(0)=——g; F(1)=0

Do ham 55 lién tuc trén [~ ;1] nén min F(x) = F(0) = -% .ChonC.

Cau 57. Ap dung tinh chdt F'(x)= f f(£)dr lamét nguyén ham cta f (x) A
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Suyra F/(x)= J‘::\/3.Dodéldt’mg. Laic6 F/(x)= x:\/g=0®x=x/§.
! x°+1 +1
Qua diém| x =+/3 ta thiy F’(x (x) d8i d&u tir m sang duong.
Suy ra ha.nll s6 dat cuc tidu tai x = /3 . Khi do, ménh dé II diing, ménh & Il sai. Chon C.

Céu 58. Do xie [0;1]= * > 2’ :fxzdxzfxsdx.DodéAdﬁng.

Ap dung tinh chat F'( f f(£)dr a mét nguyén ham ctia f(x).

Suy ra F’ ({x) = T— . Do d6 B ding.

Ménh de C sai vi tinh chat nay chi ding néu f(x) Ia ham chin hoic ta c6 thé l4y vi
du cu thé cho \ham f(x}=x va a=2 chinghan.

Khidéfx‘:dx:%z ;(4 4= Onhunngxdx x
..zi

Meénh dé D} diing theo tinh ch4t tich phan. Chon C.
Cau 59. Ap du‘mg tinh chat

=4.

0

-2

a 0 a
"Néu f(xﬁ laham s§ chin thi [ f(x)dx=2 [ f(x)axr =2 f(x)dx *. ChonB.

Cau 60. Ta cé ![f )dx = f(x)

i

= f(4)- f(1). Theo bai ra ta cé:

ff'(x)yx=17@f(4)—f(1)=17 & f(4)=17+ f(1)=17+12=29 . Chon A.

Cau 61. Ta c6
][2—4}(x)]dx=2fdx-4ff(x)dx=2x:
s ; 5 s

Chon B.

+4]f(x)dx=2.(2—5)+4.10=34.
2

Céu 62. Taco ~?f(u)du:]f(::)dx:l va ]f(u)du:ff(t)dt:—

Suy ra ]f&u)du:]f(u)du+]f(u)du=—]f(u)du+ff(u)du=—l—3=—4.
Chon B. |
Ciu 63. Ta c6 ]f(x)dx:ff(x)dx+ff(x)dx+ff(:.c)¢.ix

| =.}J~f(")d"—jf(x)dx+]f(x)dx=8_1o+7=5. ChenC.
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4 4

4
Can6d.Tacd [[f(x)+g(x)dr= [ f(x)dr+ [g(x)dr=3+7=10. Dodo(Adung

Ta o6 ]f(x) ff(x f f (x)dx+]’f(x)dx=—(—2;!)+3=5.
Do d6 B sai, C dung. |

Taco [[af(x)~2g(x)|de =4[ f(x)dx—2[ g(x)dr=43-27=-2.
Do d6 D diing. Chon B.

2 2 2 2
Ciu 65. Ta ¢4 A=3ff(x)dx+2fg(x)dx=l va B=2ff(x)dx—fg(x)dx=—3.
1 1 1 1

5
; 2 3u+2v=1 |¥T77
Dit [f(x)dx:u va [g(x)dx=v,tacéhéphuongtr‘mh [;‘ivl_?’ N 117

7 5
Va dx =u=—=.Ch .
ay [f(x) u > on C
Cau 66. Ta co

+34 ;

3

f[Asm 7x)+ Bz’ ]dx—Afsm T dx+Bf zdx———cos(wx

Theob?airatacéff( Ydx = 4¢8TB—4¢>B —.ChonD.
0

Cau 67.Tacd f'(x)= Awcos(nx). Do f'(l)=2®A1rcosw=2¢)A=—-£.
w

gETE

2
Theobairatacs [ f(x)dr=4©2B=4& B=2.ChenA.
0

Lai cé

ff(x)dx = j‘[Asin(ﬂ'x)+B]dx = t;—':—cos(wx)-i- Bx

b
Cau68.Taco [(2x~6)dx=

1

(#* —6x)) = (6% ~66) ~(1-6)= 8> —6b+5.

Theo bai ra, c6 5 —65+5=0|°

1
.Chon D.

Cu 69. Ta c6 f":ldx=](1+l]dx=(x+1n|x|) ’
1 1 x 1

Véi a=¢ théamin e+Ine—1=¢.ChonB.

=a+na-l=e.
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Cau 70. Ta-co

_\aﬁ

[ (k= tx) = (ks - 222 = (&2 -2~ (k=2) = —F — k+2

Theobaira, tacd —k* —k+2=6-5k & (k—2)’ =0« k=2. Chon B.
Cau71.Taco

x

41 T(l—cos2: 1 17 1 "
Sint t ——idt = —_——— e dt =| ——si
[[ 2}1 [[ > Z}d 2 cos2f It [ 4sm2t]

0

=—lsin2x
4

Suy ra f[si!nzt-—%]d::O@sian:O@2x=k7r:>x=k%(kez).ChonC.
]

Ciu72.Tacé J’f(cosx+sinx)dx =(sinx —cosx)| =sina—cosa +1 =\/§sin[a—1]+1
L]

‘ . . N a=k2w
'I'heobéira,}cé\/fsin[a—z]-*-l:O@sin[a—Z]:—T@a 3277 e (keZ).

Mt khéc, dé 0 < 2 < 2 nén a=32—”.Chc_m C.

s a1 5 1 1 I
Cau73.Tacé | —=— =—nPr— 1l =21n9-Ltim1=Lino—1n3. Chonc.
u73.Tacs [ 22-1 pr~1l =392 2 on

’Ca‘iu 74. Tacéd jt‘ xd-:
i

2
=1n|x+3]{ =1n5—ln4=1n§.
3 1 4

Suyra ¢=5/b=4 nén a~b=1<2.ChonC.

Céu 75. Ta c6 [—I——E——l—z-]dx=[1nlx—3|—21n'x]+-1—”2=—}-~31n2.
x-3 x x x )1 2

Suyra a= —-Z—,b——3 nén ¢—5>1.Chon C.

Céau 76. Ta c6

0

: 2 x° ’ 1 a
f[x+1[+—1]dx=[7+x+21n|x—1|]‘ =5~-2In2=a+pn2=
-1 Pox- -1

b=-2

1

Vay a+b=-]:‘r—2=—%.<:hqn3.

Ciu 77. Ta cé f’2x+3 f[

=(-22-7In|2-4|) 2472
0

Suy ra a=—-“, b=7nén a+b=5.ChonD.

Cau 78. Tacol‘ x’ 32" +2x —f[x —

4x+6—-6—]dx
x+1

x+1
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3
=("?—zx2 +6xf61n!x+1|]‘ =%—61n3+61n2.

2
1
7 ” 7
Suy ra a=§, b=-6,c=6 nén a+b+c=§>0.Chan.
2

3_2.2 _ 2
Cau 79. Ta cé 1=f3‘_de f{x2—5x+14— 32 &
4 x+2 4 x+2

[x3 5x*

2
—————+l4x—321n|x+2l >3 23
3 2 1

=?—321n4+321n3=?—64\ln2+321n3.
!

Suy ra a=%, b=—64, c=32.ChonB.

Cau 80. Goi s(f) 1a quing duong di duoc ciia may bay
Ta da biét: v(t) = s'(t) . Do d6 s(t) la nguyén ham cta v(t)
Quing dudng di duoc tie gidy thit 4 dén gidy thi 10 la:

4 2 4
f1,z+’ +4]dr=f[1,2+z—3+—£]dt
A t+3 5 t+3

2 4 :
- [1,2t+%—3t+131n[t+3l]‘0 =0,8+13ln4—3In3~11,81m. Chon B.

Cau 81. Gei s(t) 1a quang dudng di duoc ctia may bay
Ta di biét: v(t) =s'(t). Do 46 s(t) la nguyén ham ctia v(t) .
Quing dudng di duoc tir gidly thir 4 dén gidy thi 10 la:

10 10
s(t) = f (3¢ +5)dt =(t° +5¢)| ~ =966 m. Chon D.
4

Ciu 82, Luc ding thi v(r)=0=-5+10=0=>¢=2.
Goi s(t) 12 quing dudng 6td di dugc trong khoang thoi gian ¢ =2.

Ta co v(t) = s'(t), suy ra s(t) 1a nguyén ham cta v(t) .
Vay trong 2s & t6 di duwoc quang duong la:

2
=10m. Chon C.

0

2
5
s=[(—5t+10)dt=[—5t2+10t]

Ciu 83. L&y méc thoi gian tai thoi diém t =0 (Vén t6c bing 10m/s ting 154) _
Goi s(t) la quing dudng 6td di duoc trong khoang thoi gian 10s va ggii o(t) 1a van téc
ctia 8t6 |
Ta co: a(t) =v'(t) = v(t) la nguyén ham ctia a(t)

o(t) = f a(t)dt = f (3t+t2)dt=32i+§+c
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Talthor i
itiém ban 4y, 2(0) = 0sC=1 ,(t)=3t2+t3
YT Ty

(5!) =s'(t)=s() 1a nguyénhimcy. )
\5‘. - "-"""‘g;: (8) 6 té di du'QC quang du'o'ng L

f (l‘)d ‘i[iti+£+10a ELr 10 4300
| 2 PRETEE —~——-(m) Chon B.

0
t)_f v ()= f—dt_31n|t+1,+C
- Tai *’Témband‘a {t=0) thi 2(0)=3m14C=6cog.
S oft)=3mjt+1+6.
T ¥ é‘mt=10s=v(10)=3m11‘+6z'13(m/s).Chqns.
© Tacd Nt)= [N'(t)ar= fl 0,5 = 8000.In(1+0,5¢) +.C

Tai < di;emban dau (t=0) thi N( ) =8000.In1+C = 250000 ¢ C = 250000.
Suyra N lt = 8000.In(1-+0,5¢) + 250000 .
3 Sau10 gxé‘ﬁl (¢=10) thi tacé N(10) =8000.In(1+0,5.10) + 250000 = 264.334 (con).
Chon A

Cau 86. Ta co)h fh f t+8)3 dt = ;;)(t+8)§+c .

Taithbidi}srmbandau (t=0) thi k(0 )=%83+C 0sc=-1.

Suy ra h(tr) = —(t+8): —%

Tai thod dlkem t=6(s) thi h(6)= E‘%.lti§ _1'5% ~2,66 cm . Chon C.

Céu 87. I.'Tng déung thue t'é tich phéan : Biéu thi sy thay ddi cia m6t siz vat tiz cana dén can b.
ChonD. |
Ciu 88. Dt x =4sint, suy ra:
= 4}‘:08 tat Poi can: .
V16 -5 =16 —16sin* t = \16c0s? £ = 4|cosz|’ T lx=V8=: =-Z—

x=0=r=0

* T

3 3 :
Khidé I = { 16]cost|cos st = f16cpsz tdt = 8](1 +cos2t)dt . Chon B.
0 : 0

8y
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dx = 2 costdr :
Va—x* =Ja—4sin?t = 2\cos’ t = 2|cost|' :

Cau 89.bidt x =2sint, suyra

L

x=0=r=0

5, P :
cosdt 2costdt ‘
Déica A\ = = | dt. Chon A;
ol can _.1=>t—7r y ~of 2cost -Of 2|cost| ‘[ e

Cﬁu90.Datx~J_tant suy ra dx =~/3(1+tan’ t)dt.

. "=‘/§=”=Z V3(1+tan® /)dt
Doi can: .Khido I'= f —————-—

ki3
x=3=t=

%} d. Chod\D

3tan’z +3

3
Ciu91.Dit x = —_—1-—, suy ra
sint

cost

sin? ¢

Péi can: . Khi dé:
g f 1 Icos r ]cost! x=~/‘§=>t=§ K{‘hl
sin’r !

“\sin’¢ |smt|

dr=—

dr x=l=>t=~7-r—
2

R |cos | R |cos | . = |
% |sinz| cose = |sing| cose ? 17 ‘

I= —[ 5 .sztdt_[-—l—.smztdr [cos tdt—§[(1+cos2t)dt.§ Chon C.
7 sin’t T sin’r i 3 |

Ciu 92. Chon A. Djit r=1—x = dr = —dx . D3i cin ["f

Suy ra ]f(x)dx: f 1-1)dr = —ff(l x) Jf(l x)dx .

Vay ménh dé A dang.
x=0=:=0

Cau 93. Dt x = 2t = dx = 2dt . Ddi cin .
. x=4=t=2

4 2 2 :
Khidé [ f(x)dr=10 trdthanh 2 [ f(2t)dt =10 [ f(2¢)ds=5.Chon A.
0 0 0 o

=g=>t=
Cau 94. Dt t = f(x)=>dr = f'(x)dx . D&i cén ¥=a f(a)
x=b=>t=f(b)
b 18 ‘
Khi d6 f fi(x)e’Pdx = f edr ="~/ =0 (do f(a)=f(b)). Chen/A.
a fla) ;

i3

2
Cau 95. Xét 1. Ta cé fsian.f(sinx)dx =2 | sinx. f(sinx).cos xdx .
o

o%n]a
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w -
x==—=t=1

i x=0=¢=0
Dit ¢ =sinx = dr = cosxdx . D8i cin
2

Khi do 2

YR
o_ﬁ Ia

smxf(smx)cosxdx thf dt—fof x)dx. Do d6 I diing.

Xét I Datl t=¢" va kétiuan Il dung.

Xét I11. Da‘t t=x* vakétluan 1l dang. Chon D.

Ciu 96. Ta cd ]f(x)dx = jf(x)dx +]f(x)dx i

Ly at iA g - Are A x=—a=t=a
Xetnchp}l‘lan [f(x)dx.Dat t=—x=>dx =—dr.D6ican 'x=0:t=0 .
Do f(x) laham s§1é va lién tuc trén [~a;a] nén f(~x)=—f(x)= f(~t)=—£(z).
Khi 46

ffx)idx —ff—z f—f dt._ff dr = -ff:)dz_—ffx)dx

Vay ff(a})dx=ff(x)dx+ff(x)¢x=—ff(x)dx+ff(x)dx=o.ChgnB.
g“ Cau 97. Ap dyng dép 4n cau 7 ta c6:

Néu f(x) ¢ va lién tuc trén [~a;4] thlff dx=0.Thay a=2 taduwoc

0

]j“'(x)dx:0=ff(x)dx+ff(x)dx=>ff(x)dx=—ff(x)dx=~2.ChgnB.
Ciu 98. Ta c6 ff(x)dx:]‘f(x)dx-f—]'f(x)dx

Dit t=_x=>dx=—dt~96icén {x:O#t:o
x=1=r=-1
Do f(x) laham s§ chnnén f(—x)= f(x)= f(~t)= f(2).

Suy ra ff(x)dx=—Tf(—f)dt=—jf(‘)dt=jf(‘)¢=1f(x)d‘

Vay ]‘f(xf)dx=]f(x)a+]f(x)dx=z]f(x)a=2.3=6.Chqnc.

Cau 99. Dit t=‘- L +1=2=%"+1,suyra 2tdt=3x2dx=>—§-tdt=x2dx.

o n o=>z_1 Viy
Dai can-{ = I== f 2dr =

=— .Chon C.
x=2= =
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x=1=u=0

Cau 100, Dt « = x* —1 = du = 2xdx . D6i cin: .
x=2=u=3

Suyra I = fszx ~1dx = fJ_du Do d6 B sai. Chon B.

x=0=¢r=1

Cau10L Dt r=+1+x =2 =1+x= 2tdt = dx . D6i cin ]
x=3=f=2

3 2 2 2 i
. t(£ -1) , . ,
Suyra |——Tm——dx=2| —+tdt= (Zt —Zt)dt.Vay f(e)=2¢" -2t . Chon A,
‘[1+\/1+x [ 1+: [ ;
W3
\/1+x 2 dx
Cau102. Tacd I = de= [ (2" +1).———.
f ‘[( )xz\/l+:¢r2
1
dt = ———=4dx
2 2 2
pat =YX HL Fel 2
x x°+1 1 1 t
2= = =l+S=x"= 2_1=>x2+1= c—
x=1=t=42 ? 2
D&i can: 2 .Suyra I=- dr.Chon A,
: x=B=r=" -1
\/5 2
2 dx 2
Ciu103.Tacéd I = = .
‘[:c\/l+:c3 f 3\/1+x |
= _1
2 =1+x" ®=r x=1=t=+2
Pit t=1+%* = . D6i cin: “.
{2:dt=3x2dx *idx = —:: x=2=>r=31
2F 1 3[ 1 1 1 "
Suyra I == == -——--— t==In - -——ln)——
y 3ﬁ(zz—l>: 3ple—1 t+l 3 t+1 N2 +1

= —lmz—lm(s—zﬁ) = ——lInZ—-;—ln(«/E—l)z = —%mz-%m’(ﬁ—l)
Vay a=—%;b=—§;c=0.ChQnB. -

Cau104.Djt t=x*+1,suyra dt = 2xdx¢xdx=—2—

x=0=r=1

1eae 1 F 1 N 3
.Khidé I== [==-Inlfl =—In2=mn+2. i
oo KidsI 2[: 21n|:]|1 5In2=Inv2. Chon C

DSicén:{
=0=2>r=0

Ciu 105, Dit x* —¢ = 4x’dx=dt . DSican 1~
x=1=t=1

1

3 1 1
Suy ra f 4x ——dx f dt [ ! ]
(] x +2 0 + t+2
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Khidé:
Ii. 3

2im- [ 00 2Bm-t =00 m=2 L 14m 122 Chona.
(e +2) 6 36 3

. Cau 106. Dit jr=lnx,suyra dt=£.96’ic€m: ¥=l=:=0 .
x x=2=r=In2

2

In2 2
Khi dé B—-ftdt—? _H . Chon B.
1]

1
C5u107.Détiu=lnx=> = .Dé’icén:lx I=u=0
: x=e=>u=1

x
*l-Inx rl—u 1 u
Suy ra f——z—dx=f—udu=f(l—u)e du . Chon B.
1 1] € 1]
Cau 108. Dit 1 =+1+3Inx = ¢2 =143Inx,suyra 2tdt=idx.

=l=r=1 §
Déi can: lx = Suy ra I——f t?dt = 3[ =1—4. Chon A.
X=e=t= , 9

! dt=£ x=1=r=2
Cau109. D4t r=Inx+2, suy ra x  .Doidn: .
Inx=t—2 x=e=>t=3

r  Inx Pr—2 (1 2
Khidé | ————dr=[—=dr= [|-—Z<|d. ChonD.
l 0[x'1nx+2)2 [rz f[r r’] s hen

Ciu 110. Dt 7 =In’x+1, suy ra dt=2mxdx=>£1idx=‘—12£.96’icén:
' X X

=l=t=1 1
.Khidé I= ———ln —ln2 Suyra a=—, 5=0.Chon A.
L2ty s =i dupf i sy oL 0.
C&ulll.Détt%:xz,suyra dt=2xdx=>xdx=%dt.

! 1
H _l
Dﬁ’icén:xﬁ*()#t=0; x=1=¢=1.Khidé Iz-%fe'dt:%.e' =_e2 . Chon C.

0

Cau112. Dt r=Ve* ~1 = # =" —1, suy ra 2udr = e*d .

%x=0=2=0 ! 22 2
Gican: 1 | .Khidé6 I=2|*dt=="-| ==<. ChonB.
Péi cin {x£=1n2:t=1 Khi 6 [ =3 0!

= =1
Céau 113. Datt =", suyra dr = e*dx . D&i cin: {x 0=1

x=ln3=r=3"
in3 3

i 3
Suyraf [e e +1 ft(t+1 [[ ]dt Chon D.
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1
=-l=t==
Cau 114. Djt t = ¢* = dt = ¢*dx . Di can: {x S
§

x=2=t=¢
e E 2 3
Suyra I=[-%- —mnf2 4, =1n(2+e2)—1n[2+1]=1n2+" =n2Ete
l2+t z 4 2 1 28'*‘1
1 , += :
[ e .
Vay a=2;b=1.Chon C.
Cau 115. Bét ¢ =sinx, suy ra df = cosxdx .
x=0=>r=0 ) .
Déi can: - .Khi d6 I=fe‘dt=e‘| =e¢—1. Chon B.
x=—=r=1 ° 0
2
Cau 116. Dt ¢ =sin® x = dr = 2sin x cos xdx .
x=0=r=0 1l
D3i can .Suyra I == (1- tdt Chon A.
' x=12r-:t=1 y 2«0[
Ciu 117. Dt ¢ =sin® x, suy ra d¢ = 2sin x cos xdx = sin 2xdx .
f T 1
X=—=l=— 1
Dgican: | ¢ 2 Knidé I= [¢a. ChonB.
x=mesr=1 L
2 2
Cau 118, Dit 1 =cosx = dt = —sin xdx .
(x=0=r=1
Déican: |* KhldoI——ftdt ftdt-—-' =0. ChconC.
x=T=>t=—1
Cau 119. B4t r =1+sin® x, suy ra dt = 2sin x cos xdx = sin 2xdx .
x=0=t=1 2 42 15
D& cin: + . . Khidé 1=ft’dt=’— =-2. ChonB.
B x=—=t=2 4 4|, 4
2
Ciu 120. Dat u=+/3tanx+1 =’ =3tanx+1= 2udu = 3 demcr}n
cos?
x=0=>u=1 2 2 i
2 2“ - i
Viy I==~= —ld Chon C.
=2 y 3[ [u u . Chon |
=0=r=1
Cau 121. Dit r = cosx = dr = —sin xdx . D8i can: T .
x=—==t=0
2
0 0 (1_t)n+l° 1
Suyra I=—f(1—-tYdr= [ (1-2Y d(1-: =——< | =— — Chon A.
v s f0mof = fl-sf == S0 = hona

1
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i x=0=¢t=0

Ciu122.Djt r=sinx = dr=cosxdx .DSican | 1.
| r=—=r=_
6 2
1 . (1]n+!
: 2 n+1 F 1 1
Suyra I'= | t"dt = = == =3.Chon A.
yradl [ n+1l n+l  (nrl)2 g =3 Chon
i dt
Cfu=Inr (qu=2%
Cau123.D3t 1. = 1% 7 Knids I—tlnt fdt—tlnt il " 2m2-1.
i dv=dt v=¢
Chon D..
‘ u=Inx du=£
Cau 124. D3; = x.
v aT‘ dv=£2 1
x y=——
X
Khi d6 I\:[—lﬂi] +f£2=—£z-—l =—E—l+1 Suyra a=2.Chon A.
i x ) vyx a x| a
2x—1 2x—1
= 2 _ du=
CaulZS.DéJ ln(x x)=> X' —-x (x=1)
dv=dx ve=gx

=xln(%’ —x)| —(2x+Injx 1])] =3In3-2.Suyraa=3,5=2.ChonC
: du dx
|u=Inx T #Inx 17 & x° 4l
au 126. D3t = Khidgs r=2 2% fap X[
Cau a{dv:xdx £ , 2[” 4|, 2
y=—
| 2 ‘
ChonC.
i -1
Cau127. pge |* = 1% o
au . oa =
) [dv:x’dx v'——’i
4
 ar v | x' 17, _e“_x4'_fi_e_“___l_]_3e“+l
Khids I T[xlnxdx 1 4[" T4, T4 16 16) 16
‘Suy ra a_;4,b_16.Chan.
' 2x
du=
[u=1n(2+ 2 2
Cau128. 3t =2 +7) Z+x
Vv = xdx X 2452
\ v=—+1=:
‘ 2 2

329


http://www.facebook.com/groups/TaiLieuOnThiDaiHoc01
http://www.facebook.com/groups/TaiLieuOnThiDaiHoc01

—3m3_ma-l.
2 P2

2
Khi d6 I = 25%

In(2+x?)

1 ! 2 1
—fxdx=—3-1n3—1n2—x—
o 9 2 2

0

Suyra a=

Nlm

, b=-1, c=—-;—. Chon A.
Cau129.Tac I'= [InZde = [(ink-Inz)ds =Ink [ ds— [Insds.
1 x 1 1 1

ed=Ink|dc=Inkx
/

1

=(e-1)ink.

dx
y u=Inx du=—

eB= lnxdx.Dét{ = x .
j; dv=dx vex

Suyra B=xInx -x
1

—]dx:xlnx ‘
1

1

"=1.Dodé I=4—B=(e-1)lnk—1.

1
Theo gia thiét, taco I <e—2
@(e~1)lnk—l<e—-2¢>(e—l)lnle<e—1®lnk<l®k<e.C%an.
“ du=dx ‘
Céu 130. Détl 25 .

=
dv=2%dx P =
In2

Khi d6 I—x2

In2}o

2 ' _2m2-1
T2 W2

_ l 0f g = X2
n2J mzl

. Chon A.

.Khi dé
dv=e"dx

Céau 131. bt {
v=e¢

u=2x+3 [du=2dx
=

=(2x+3

f 2¢*dx = (2x +3)¢°

=3, b=—1.ChonD.

’ du=dx
=x-1
Cau132. Bt § , S 1 B . Ap dung cdng thic tinh tich phan tuTng phan, ta c6
eFdx=dv |v=— >¢ .

va .. z Va
f(x 1 Zxdx [x -1 21“ l_erde='\/;2—lez's/;+l_{leZZ]l
0 0

2 2 2 27 )
_{Ye-l.e 1 _[lew: N _Ne-l.p 1.6, 3
2 2 2 2 2 4 4

Theo bai ra, ta c6

Va1, 1.5 3 3-& Na<l,z 1,5 & |
— e e == G g L e =0 a=]. Chon A.
2 ¢ T4 2 ¢ T T ¢ ©
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du=dx

x
Cau 133. bat .
a 2 {dv—-stvax _Cos2x
% T : -
Khi d6 7= X522 +1fc032xdx= xeos2x iy Sn22l3 1 Chonc
2 2 o 4 |0 4
z u= du = dx
Cau 134. Tmh\ f ssinxdc. Dt | y .
. dv=smxdx v=—Cosx
E : 3
Suy ra A=]rfxsinxdx=(—xcosx) +fcosxdx=sinx T =1.
S0 o 0 o

~

Nn

m7r

Do dé I—‘A+2mfxdx—1+mx j =1+20
4

Z 2
Theo bai 14 ta 6 1+-4—=1+7r2 @T”=7r2@m=4.cm;nc.

P u= du=dx
Cau135. Tinh I = [ xcosdx . D3t 1 ST
‘ A dv = cos xdx v=sinx
z 3 = T on
Khidé I = xsinx|? —fsinxdx:xsinx 2 4cosx|t=——1.
0 0 0 0

Theo gia thiét, ta c6 1-[%-1]:1@ m=2.Suyra 9m* —6=230. Chon B.
m

! ; z 2
Cﬁu136.Tacéf2x -1- smx (xz—x+cos.x)2=[%—§]—l=7r[
0 0

a==4
Suy ra {b =2 Chon B.

Ch de 191 1 1 jx=1f 1 |1

C . : == [|——-——ldx ==In|=—| ==Inl—1.

Ca“137TaC°Ux2— 2[[::—1 x+1} 2 x4+l 2 le+l
1. le—1 1 =1 1 t=

1
=—¢& E.ChonD.
t+1 2 -2

r+1] 3

Theo bai ra ta cé: 3 —In

Cau 138. Chqrﬁ C. .
Cau 139. Xét (1‘1). Tacd I+J = f ¢* cos? xdx + f & sin’ xdx .
! 0

0

0

= j}e’ (sin2 x+cos? x)dx = ]e"dx =¢*
0

0

=¢" —1.Vay (I) sai.
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Xét (). Tacod I — J—fex cos? xdx—fe’ sin® xdx

0

= f *(cos® x — sin® x) dx fe cos2xdx = K . Vay (II) diing.

dv=

="

2 du = —2sin2xdx : i
Xét(III).Dt{u cosex {" sin

Suy ra K=(e’c052x) +2fe’sin2xdx=e"‘—1+2M.
o o
I uw, =sin2x |dw; =2cos2x
Tinh M = [ ¢* sin2xdx . Ta diit =
A dv, =e"dx v, =e
Suy ra M =(e sin2x) —Zfe" cos2x = —-2K .
0

0

Khidé K =e¢" —1+2(—2K)&5K=¢"-1a K =2 5_1 . Véy (III) dting, Chon D.

} 1 1
1+¢* i
Cau140.Tacd I, +1I, = dx+ dx = dx = dx=1.ﬁfhonB.
o f1+e «[1 e ~[l+e’r [
Céau 141. Chon B.
Céu 142. Theo hinh v§, ta ¢d

S= jf1|f(x)|dx = ~jf(x)dx +]f(x)dx = jf(x)dx+]f(x)dx, qj’,hgn C

Ciu 143. Xét phuong trinh hoanh d% giao diém
x=0
% +2x = 3% @x(xz —3x+2)=0® x=1,
x=2

Dién tich hinh phéng cn tinh 13 ‘
§= flx +2x 32| dx = f(x —3x% +22) dx+f —2* ~2x+3x° )d‘
2

=f(x’—3x2+2x dx— f (#* - 35 +2x)dx . Chon B.
1]

1

Ciu 144. Xét phuong trinh #* +2=3x & (x—1)(x-2) =0
phuong o

Dién tich hinh phéng cin tinh 14 § = f | +2-3x|dx ;

2 s 2 i
= [(~#* +3x-2)ax =[—"—+3i—2 ] _3_[_5]\=l.cm_mv.
/ 32 "3 767
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Cau 145. Phuong trinh hoanh 46 giao diém:
| x=0

Pox=x—2 oxr+x-2x=0e|x=1

i x=-2

Dién tich Afmh phéng can tinh I3

- .
- S=‘£H(3+x2 —2xpx=z|x3+x2 —2xldx+[lx’+xz —ZxIdx
o !

__’ =£([x3 +x° —2:;):1::—‘[(::3 +x* —Zx)dx

PR P2 A PN N | L 5
[ 4} 3 ¥ J -2 4 3 * 0 + 12 l "
Chu 146. Xét phuong trinh —* +32% ~2=0 & "=1i‘/§
; x=

Dién tich hinh phéng can tinh 13
2

‘ r y 5 5 5
S=[ITx’+3x2—2|dx=[(x3—3x2+2)dx+‘[(—x3+3x2—2)dx=z+z=-2—.
Chon B.
Q) Céu 147. Xét phuong trinh #* 2+ +1=0 ¢ (¢ ~1) =0 e x = £1.
;v Dién tich h)‘i’nh phéng cén tinh 1a
X 222 ) 8 -8 16
. s= flx —}Zx +1|dx = _f](‘—2x2+1)dx=[—5-—7+x] =575 = @vdy

Chon B. ; .
Ciiu 148. Phuong trinh hoanh db giao didm: xy1+%* =0 x =0 .

: 1 1
Diénti&hMphéng: S=f‘x\)1+ledx=fx 1+x%dx.
i [} 0
22-1
3

Bing cich d8i bién ¢ =1+, ta tinh duoc § = (dvdt). Chon B.

<

Céu 149. Phuohg trinh hoanh d giao diém 13 vV = % . \

|
Dién tich hinh phéng can tinh la

= J}& xdx{[r_g]dx:[w_g]:

[x>0

dx=x

% .Chon D.

T3 3

Cau 150. Dién ﬁich hinh phing can tinh 13

gl Lo

a‘:+1
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x>0
x=0&zx=1.
x=1

Cau 151. Xét phuong trinh xInx =0

Dién tich hinh phing can tinh 12 § = [|xIna|ds = [xInds.
1

1

dx |
u=Inx du:? p ;
bat = . Ap dung cong thitc tinh tich phén timg phan, ta c6

dv = xdx ___xz
T2
2 ¢ [ 2 4 2
S=|%mx ——l-fxdx—e———l-xz LA
2 ) 24 2 4| 2 |4 4
1
Cau 152.

Tathiy véi x>0=>¢" +x>° +0=1.

1 1
Suy ra S=f(e’r +x)dx=[e’ +12-]
0

—et+i_1=¢—Ll Chons.
2, 2

2

Cu 153. Phuong trinh hoanh d§ giao diém 13 & +x=x+1l & =lo x= p .

= 5 (ex +x)—-(x+1)|dx=

Te ~1)de=(e" -x)| =4-In5 (d{vdt) Chon D.

0

Cau 154. Xét phuong trinh (1+¢")x=(e+1)x & x(e" —¢)=0 &

Dién tich hinh phf-:ing can tinh 14 S=]|x(e’ —e)ldx:fx(e—e’)dx
0 0

D3 u=x du=dx
at a’v=(e—e”)dx§{v=ex—ex

Suy ra s=[x(ex—e’)]|:—I(“—e’)a=[_i+ex] -

Chon C.

e +1

In8
=f\/e’ +1dx.
In3

2t

Dit t=qe" +1=>+" =¢"+1,suyra 2tdt=e‘dx@dx=t2 dr .
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¥x=In3=t=2
x=In8=t=3"

Khi d6 sﬂ.ftZ’ cdr= [{ tzz_l]dt=['
Cau156.Tac<Py =2x-2.

Tiép tuyén A ctia (P) tai diém M (3;5) c6he s6 goc k= '(3)=4.

Suyraphﬁjrongtﬁnhtié’ptuyé’n Al y=4(x-3)+5ey=4x-7.

Xétphuon}gtrinh #-2x+2=4x-Te(x-3 =0 x=3.

Déi cén: {

t=I13 5 4 in3 (dvdt). Chon B
+1)2— 2 T

3

h 3 p— 3
V4y dién tich hinh phing can tinh 12 § = f (x—3) dx= (= 3 N o (dvdt). Chen C.
' 0

. 0
Cau 157. Véi §x=3,thay vio ham s6 ta dwoc y=35.
Ta cé y'=52x—2, suy ra hé s8 goc clia tiép tuyén k= y'(3)=4.
Phuongtﬁ%nhtié’ptuyé’n y=4(x-3)+5 hay y=4x-7.
Phuong trinh hoanh 6 giao diém ctia d6 thj va ti€p tuyén
x —‘!x+2 4x-Tox*—6x+9=0x=3.

Dién tich Hmh phéng caintim1a § = f| 2 = 2x+2)—(4x— 7)idx

3 3 3
f[‘ 2—6x+9|dx=f(x2—6x+9)dx=[x——3x2+9x] =9.Chen A.
0 0 3 0
Cauls8.Tir =4 Lo 2= g(y) =
* , 4—y
dy.Chon C

Dién tich Hxnh phang cantinhla §= f I \[

y| fJ4 y
Céu159.Xétﬁ‘ohucmgtnrﬂ1y =12-2y’ ey =4 y==+2.
. ‘ s ’ 2
Dién tich Hinh phing din tinh 1a = ['[35 ~12|dy
| %
2

= [(-3r +12)dy = (-’ +12y)] | =16—(~16)=32 (dvdt). Chon B.

-2

| 2
Céu160.Tac<‘6d‘6thi (C):y:x _21x=x—1— ] c6 duong tiém can xiénla y=x 1
x— x—
DxennchduahmhphangcannnhlaS fx ~_2”-~(:c I‘dx ———ll-dx
.
%1 2 2a-1
=l[x_14x=|( - a):ln 2" do a>1
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Theo bi ra ta 6 lnza_ll=ln34:)2a_11=3®a=2.Ch9nB.
a— a—

Ciu161. Chon A. Cau162. ChonB.  Ciu163. Chon C.

1
Ciu164. Taco V = 7rf[2(x—1)e"]2 dx = 47rf(x2 —2x +1)e*dx = 4n],
0 0

u=xt 2541 |WT2E2 ol A \ 1
pat{ = s I=(x-2x+1) | - [(x=1)e*tr =—~—1.
{dv:ez"dv v=2_ ( ) o ‘[( ) ? 2
2 i
du, =dx ?
u =x—1 1 211 ! 1 & 13 &
Dat ! = 20 = [ =(x—1 —= | ¥dx ==~ =t

2
Dovay I, = it suyra ¥V = (e2 —5)7r. Chon D.
CAu 165. Dién tich ciia hinh chit nhat 6 hai kich thuée x va 249 — 2 bﬁn%: 2x4/9— x*
3
Do vay thé tich ctia vt thé da cho bing V = f 2279 - xdx
0

x=0=¢r=3

Dat V9-x* =t=x* =9—1* = xdx = —tdt . D8i cin
x=3=r=0

o o

Suyra V=2 [Far=[-2¢| =18 (@vt). Chon B.
y 3 (

3 3

Cau 166. Ta c6 dién tich thiét dién 13 S(x)=~ (J" #) = —7rx :

2 5 2
Thé tich can tim 1a ¥ = f %wx“dx = [% . x?] = 16_7r (dvtt). Chon C.
0 0

Cau 167. Tiép tuyén v6i d6 thi y =x* +1 tai diém (1;2) c6 phuong trinh 1a ly =2x.
Thé tich ctia khdi tron xoay tao thanh khi quay hinh phing C quanh truc Ox bing:

I(x‘*—zxzﬂ)dx ["?S———+ ]I

=7

v, =7rﬂ(x2 +1) ~ 452
[}

Chon C.

Ciu 168, Xét phuong trinh 2y — 2 =0 & |

Hinh phéng D gi6i han béi (P) vatruc Ox quay quanh Ox tao nén kh6’1j’1 tron xoay cd

thé tich la:
2

¥ 2
=7rf(2x_x2)2dx=7f‘[(4xz —4x° -l-x“)dx=7r[i_‘:"‘3 - +x?s]o =

0

Chon A.
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Cﬁu169.Xétp]1huongtr‘mh -t =xex(x-1)=0s *=0

x=1

(Zx—xz)z —ledx

5

3 4, X
— +_
[x . 5]

Ciu 170. Xét pll‘hucngtr‘mh 4-*=2+x" & x=x%l.

: 1
A g ‘ ' by Ay A by {

Thé tich khdi tron xoay cin tim 1A ¥V, == f
' 0

1

=7 =T

'y
f ’(3::2 —4x* +x“)dx = % (dvtt). Chon C.
0.

0

The tich cir tim 14 7, = wf|(4—x2)2 —(2+2*) |
)

(12-124%)dx =l7r(12x—4x3)|1_1l= 167 (dvtt). Chon D.

; 2 =
Céu 171 Xét phuong trinh %:x@x(x—4)=0@ x-:
i X =
<]
s
4

= % (dvtt). Chon C.

| .
Th& tich khdi trdn xoay éan tim 1a ¥, =7 [ dx
i [}

< 2
=7f———
=%

Céu 172. Phuong trinh hoanh d$ giao diém 1a Ve=—xo {

—x>0

, ©@x=0
x=x

1 4
Thé tich khdi trén xoay can tim 1a ¥, = [/|#* —|dx.
! 0

=0
Xét phuongj trinh xz—x=0®lx .
. =

Do dé6 ¥, = w]'xz —:c[dx+7r]'|x2 —xldx = w](—xz +x)zix+7r](x2 - x)dx
[} 1 0 1

SIS B P
0 3 2 1

= T (tht). Chon A.

3 2
Céau 173. Xét phuong trinh Inx =06 x=1.

Th& tich cin tinh 14 ¥, = [ In? xdx .
1

=21nxdx

dv =dx

Dt {u:lnﬁ::=> du
| v=x
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Khi 46 ¥, =7r[xln2 o —zfmxde=7r(e—2I)
1

1
Tinh [ = flnxdx Dat{ =1Inx {da'-d".

db=dx b=x

Suy ra I=(x1nx)|:—fdx=e—(e—l)=
1

Vay V,, =n(e—2) (dvtt). Chon A.

>0
Ciu 174. Ta c6 y=~/;®{y/ ,Vay=—x+2&x=2-y.
y=-2
Xetphu'orngtrmhy =2- y@y +y-2=0& -
y=

Do y>0nén y=1.
Thé tich khdi tron xoay cén tinh khi quay quanh truc Oy la:

—(2,—y)2]dy

= 31251 (dvtt).i Chon C.

=7

5.3 !
2L 1oyt _4y
s 3 N

x=1+\/l—y
x=1—\/1—y.

T ](y“ -y +4y—4)dy
0

Ciu175. Trhamsd y=-x" 42z & 1-y=(x-1) &

Xét phuong trinh 1+1-y=1—-\l-y & y=1.
Theé tich khéi tron xoay can tim la

vy = =) =0T

A ’ 8r(1—y)2 1 w
= w[l%[l—yldy: 4#[,/1—ydy = —lg?_y_)ilo = 8?7'- (dvtt). Chon{‘B.
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k) -~
cHl BE

4. S0 PHUC

|
Cau 1. Chon d
.. Ciu2Tacé z%‘ =(a+4) =a* +2abi +(bi) =a* +2abi—&* =(a* —b*)+2abi. Chon B.
Ciu3.Tacd z=(VZ+3) =(v2) +2+Z.3i +(3i =2+6y2i—9=—7+6v5i Chon C.
- Ciud.Tacé z=4—3i+(1-3i+3: ~*)=4-3i+(1-3/—3+i)=2-5{. Chon C.
- Céu 5. 56 0 vira 13 s8 thu@n o, vira la s8 thuc. Chon C.
Cau 6. Ta c6 z =1+ (1+mi)+(1+mi) =2+mi+(1+2mi +m'?)
=2+ mi +(1+2mi—m*) = (3—m*) + 3mi.
D& z las8thuindo < 3—m* =0 < m* =3 & m=++3.ChonB.

Ciu7.Tacd z=(x+iy) ~2(x+)+5 =5* + 2y —y* —2x~2ip +5

=(x2 -y —-2x+5)+2(xy—-y)i
| =
D€ z las6 thuc @2(xy—y)=0¢)[y f.ChgnC.
| ,x=
Ciu8.Taco 2 = a* +3a%bi—3ab' — b =(a° - 3ab") + (3a% — 1)

: b=
D& lasSthyc « 32%-5' =06 b(34' ~5)=0+ J 32 - ChonA.

Cau9.Tacéd z-—z'@(2x+3)+(3y—1)i=3x+(y+1)i

2x+3=3x x=3
3y—1=y+1 y=1
Cau 10. Ta ¢6 (;jt+y)+(x—y)i=5+3i@(x+y—5)+(x—y—3)i=0

@{’H—y Oﬁ{x I . Chon A.

o . Chon C,

—y—-3=0
| , .
Caull.Tacs (2x—y)i+y(1-2if =3+7i & (2x—5y)i -3y =3+7i

el y=-1 .Chon A.
2x—5y=17 x=1

Cau12. Tacd 2x+3+(1-2y)i =2(2—i)-3yi+=x

@(2x+5§5)+(1—2y)i=(4+x)+(—3y—2)i o {2""'3 =4+ {" =1

1-2y=-3y-2  |y=-3"
Suyra ¥’ —$xy—y=1—3.1.(—3)—(—3)=13. Chon A.
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“+y=0 =-3
C3u 13. Ta co x2+}’—(2y+4)i=2i@{x Y ) {}’

—(2y+4)=
Suy ra (x;y)=(J§;—3) hodc (x;y)=(—x/§;—3) .Chon C.
Ciu14. Tacd 2 = -8+ 6i & (xz —y2)+2xyi =—8+6i

=3

e s x=1
8x*—-9=0
2_yp—_g ¥ T =3
@{x Y o 3 & .Chon D.
xy=3 y=-— x=—1
: e
Cau15.Taco x(3+5i) +y(1-2i)’ =9 +14i & (3 +5i) + p(~11+2i) =94 14/
172
3x—11y-9=0 |*~ 741
3x—11y—9)+(5x +2y—14)=0 XS !
@ (35 -11y=9)+ (52 +2y-14) ®15x+2y—14=0 _'_

172 3) 353
Vay 2x-3y=212_3( 3)_33 crons.
W LRI = S [ 61] 61

=

< =2 ;
Cau 16. Goi 4 1a diém bigu difn s& phrc, suy ra {"" 3 V& 4(2-3). Chon .
5=

Ciu 17, Ta c6 z=5-4i nén sd phitc d6i cia z la z'=-5+4i. Do d¢, qﬁem biéu dién
ctia z' 1a (~5;4).Chon D.

Cau 18. Ta thdy M(3;4) la di®m biéu dién cta s8 phic z=3+47, nen\so phic z ¢
phén thue va phan o [dn leot 12 3 va 4. Chon C. ‘

Cau 19. S5 phitc z =3 —4/ bifu dién diém c6 toa d6 1 (3;—4), diy chinh l%‘a diém D.
Chon D, |

Cau 20. Diém B(~4;0) biu dién s8 phitc z=—4.Chon A.

Ciu2l.Tacod A(4 0):0/1 (4;0) va B(0; 3)=>OB (0;-3).

Do d6 OC = OA + OB =(4;—3) = C(4;—3) = z =4 -3/ 12 s& phtzc biu dllen diém C.
Chon B.
CAu 22,56 phitc z=—146; c6 diémbiéu diénla 4 suyra 4(-16).
S6 phitc z'=—1—6i c6 diém biéu diénla B suyra B(-1;~6).
Do d6 {x" =% nén 4 va B d6i xtng nhau qua truc hoanh. Chon A|
Y4 ="Vs !
Céu 23.58 phitc z=2+5¢ c6 diém bifu dién 13 4 suy ra 4(2;5).
S8 phizc z=—2+5i c6 diém biéu dién1a B suy ra B(—2;5).

Do dé {x‘ =78 nén 4 va B d6i xtng nhau qua truc tung. Chon B.
YVi=DXs |
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Céu 24. S8 phirc z=4-7i c6 diémbi€u diénla 4 suyra 4(4;-7).
S8 phttc z'|=—4+7i ¢6 diém bidu diénIa B suy ra B(-4;7).
c|xarxp=0 N o ~
Do d6 | . Nén 4 va B d6i xiing nhau qua géc toa dé O . Chon C.
Ya+ys=0
Cau 25. S8 phirc z=3+2i c6 diém bi€u difn 12 4 suyra 4(3;2).
S8 phirc z'=2+3 c6 diém biéu dién 13 B suyra B(2;3).
. x = S . A2 ' a s . M
Ta thay { A\ i’ nén hai diém 4 va B d6ixing nhau qua dudmg thing y =x .
Vi =%*p
Chon D.
Cau 26. Tap IW\QP cic di€m biu dién ctia cic s8 phirc z=3+5 véi beR cb dang
=3 :
[; —b be j‘R Do d6 cac di€m nay luén ndm trén duong x =3. Chon A.

Ciu 27. Tap Hop céc diém biéu dién ctia cic s6 phitc z=ga+a’ véi a€R c6 dang

y=a
Céu 28. Theo bai ra, ta c6 4(—4;0), B(0;4) va M(x;3)

x=a ‘
{ , = %=x".ChonD.

Suy ra AB- (4:4) va m:(x+4;3).
Dé&ba diém 4, B,M thing hangthi 4B va AM ciing phuong
x+4 )

3
S—F=="6x=-1.ChonB.
4. 4 ¢

Ciu 29. Tix gid 1[%hié't, suy ra 4(2;—2), B(3;1), C(0;2).
Khi d6 4B = (1;3) va BC=(-3;1).

Ta cé [ A4B.HC =0 = AABC vudngcan tai B.Chon D.

Cau 30. Tacé 4(—13), B(-3-2), C(4;1).Suy ra 4B =(~2;-5) va AC =(5,-2).

4BAC= (—2)'5+(_5)’(_2) =0 => AABC vudng can tai 4.Chon B.
AB=AC=29

Ciu 31.S6 phite z, = (1+i) =2i.
Tir gia thiét b todn tacd 4(L;1), B(0;2), C(a;—1).Suy ra 4B =(~1;1) va BC =(a;-3).

, Yéuc‘éubéiﬁi:oa’n < ABBC=0&—-a-3=0«a=-3.ChonA. ’

Cau 32. Cac diém biéu.dién twong umg véi cdc s8 0,1,7,—2 trong mit phiang phic lan
lrot 12 O(O;Jp), A(10), B(0;1), C(—2;0). Nhan thdy ba diém 0,4,C déu nim trén truc
thuc Ox nén;i 4 di8m 0, 4, B,C khéng thé tao thanh mét tit giac. Chon D.

Khidé[
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Ciu33.Tacé z=i+(2—4i)—(3—2i)=—1—i.Chon D.
Cau34.Tacd 2, +2z, =(1+2{)+(2-3/)=3—i.ChonB.
Céau35.Tacd w=1z —22, =1+2/—2(2-3{)=-3+8i.Chon B.
Cau 36.Ta ¢6 3z, —2z, = 3(1+2/)—2(2-3{)=-1+124.
Véy 3z, —2z, c6 phan do béng 12. Chon B. ‘
Céu 37. Dya vao hinh v§, ta thdy z=3+7, w=—1+2/ vi z+w=2+3i.Cih9nC.
Céu 38. Chon C.
Cau39.Tacé z=i(2—i)(3+i)=(2{+1)(3+i)=1+7i.ChonB.
Chu 40. Ta ¢6 22,2, = 2(3—4i)(~i)=—8—6i . Chon C.
Cdu4l.Taco z'=(a+bi)(a'+b'i)=aa'—bb'+(ab'+a'b)i .
Vay 2zz' c¢6 phanaola ab'+a's. Chon B.
Cau42.Taco (a+bi)(1—i)=a—ai+bi+b=a+b+(b—a)i . Chon B.
Céau 43. Xét A: (3+7)(8+3i)=21+17: (loai).
XétB: (3—1)(8+3i)=27+:: théa man. Chon B.
Cau44.Gol z=x+yi(x,y€R)
Khidé: (1+9)z=3-io(x—y-3)+(x+y+1)i=0
& {z;’y’:zg@[;zl_zgoa;—z). Chon B.
Caud5.Ta cé z.2'=(m+3i)[2 —(m +1)i] = 2m + 6i —m(m+1)i ~3(m+1)i*
=(5m+3)—(m’ +m—6)i.
DE z.z' 1a s thuc @mz+m—-6=0@(m—2)(m+3)=04:[::-33.ClilQnA.

Ciu 46. Vi z =a+bi suy ra s8 phizc lién hop 14 2 = a—5i. Chon D.
Cau 47.Vi z=a+bi nén ;=a-bi,suyra z+z=2a 1a mét s8 thue. Chgni,A.
Caud8. Vi z=a+bi nén z=a—bi, suy ra z—z=2bi lubnla moét s8 do. C#'Aqn B.
Cau49. Tkt z=3-2{,suyra z=3+2i. |
Véy phin thuc bing 3 va phan 4o bang 2. Chon D.
Cau50.Tacd z=2+5i Suyra z=2-5;.
Khid6 w=iz+z=i(2+5i)+2~5/=2i +5{* 425 = 2i =5 +2~5i = —3-3i,
Chon B. ‘
Ciub51.Tacé z=5-3i=>z=5+3i.

Suy ra 1+Z+(2)z =1+(5+3{)+(5+3{) =(6+37)+(16+30i) = 22 +33/ . Chon B.
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Ciu 52. Taco‘z—5 3i=z=5+3.
Suy ra (z )\ (5+3i)’ =125+225i + 135 + 277
=125+225;+135.(~1)+27i.(~1) = —10+ 1987 . Chon C.
CéuSS.Tacéizo=1—-2i:g=1+2i .
Khi d6 f(%,)=(1—2i)’—3(1—2i)’ +(1-2i)-1
 =(-11+424)-3(-3—-4i)+(1-2{)-1=—2+12i
Va f(zn)-T(1+21) —3(1+2i) +(1+2i)—
= (—11-2{)=3(=3+4) +(1+2)-1=—2~12;

Vay f(2)~ f(2)=(~2+12{)~(~2~12{) = 24i . Chon C.
Cau54. Ta coi (i+\/§)z(l—-\/’2_i)=(iz+2x/§i+2)(1—~/§i)=(1+2~/_z')(1—~/5i)

=1-2i + 242 —4i* =5+/2; .
Suy ra z—-5 V2i . Do 46, phin 4o clia s8 phtec z bing —/2. Chon C.
Ciu55.Goi z=a+bi=>z=a—bi

Khi d6 2% + (Z)’ =(a+bi)’ +(a—bi) =24" + 26 =2(a* ). Chon D.
Cau56.Giastt z=a+bi (a,b€R)=>z=a—bi
(1) Tacd z.z=(a+bi)(e—bi)=a® b = a* +b* 1ambt s& thyc. Do d6 (1) sai.

(2) Taludnlcé z+z=z+z.Dodd (2) sai. Chon D.
z=a+bi(a,6€R)
2’=x+yi(x,y€R)

Cau 57. Glasu"{ Sz=a—biviz =x—yi.

+z4+2' —(a+b )+ (x—yi)=(a+x)+(b—y)i=(a+x)~(b~y)i
=(2z— z)+(x+yz)=;+z'
Viy z+2' |va z+2' Ia hai s& phc lién hop ctia nhau.

. [;=(aﬁ-bi)(x—yi)=ax+by+(bx—ay)z'=(ax+by)-—(bx~ay)i=>7_— ,
;z"=(a-§-bz-)(x+yi)=ax+by—(bx-ay)f
Viy zz' va{ zz' 12 hai s8 phiic lién hop ctia nhau.
- + z—-?:(&+bz‘)—-(x—yi)=(a-x)+(b+y)i
—x)=(b+y)i=(a—bi)—(x+yi)=z—2'
Viy z—2' vA z—z' 1a hai s§ phikc lign hop ctia nhau.
i . {E:(n-b—bi)(x+yi)=(ax—by)+('bx+ay)i=(ax—by)—(bx+ay)i=>;z;z'
zz' = (a - bi)(x + yi) = (ax + by) — (bx — ay)i

~

Viy zz' vi| zz' khong phai 12 hai s phiic lién hop ctia nhau. Chon D.
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Cau58.Tacd 2, =4=3i +(1-3i+37 —’) = 4=3i +(1-3i~3+1) =2-5i;

Suy ra z,.z, = (2 +5{)(7+i)=9+37 . Do d6 w=2(9—37i)=18—74i.(ibhon C.
Cau59.Dit z=x+yi (x,y€R),suyra z=x—yi. |
3x=‘j=6 @{x:Z -

Theo gia thiét, ta ¢6 x+yi+2(x—yz')=6—3i®3x—yi=6—3i®{ 3
y=

—y==3
Chon A. i
Cau60.Dst z=a+bi (a,6€R),suyra z=a—bi. | ‘ -

Tir 22 =10(z+Z), ta c6 (a-+bi)(a—bi)=10{(a+bi) +(a —bi)] > &* +5? j=20a.(1)
Hon nita, s§ phitc z c6 phén 4o bang ba [an phin thucnén b= 3a. (2)
a2+b2=20a®{a=2héc {a=0. |
b=3a b=6 b=0
Vay ¢6 2 s8 phitc can tim 1a: z=2+6{ va z=0. Chon B.
Cau6l.Dit z=a+bi (a,beR),suyra zZ=a—bi.

Tix (1) va (2), tacd {

Theo gié thié, ta ¢ (a +&i)(a—bi) +3((a+ i)~ (a— i) = 5+12i

.Chon C.

2 —
©a2+b2+6bz‘=5+12i©{a b =5 {“‘il

6b=12 b=2

Cau62. Dt z=a+bi (a,b€ER),suyra z=a—bi.

)
Theo gia thiét, ta c6 a+bi —(2+3i)(a—bi)=1-9;
—a-3b=1
3a—3b=9

Cau63.Dit z=a+bs (a,beR),suyra Z=a—bi.
Theo gia thié, ta c6 (1+i)(a+bi)+(3—i)(a—bi)=2-6i
4g-26-2=0 {a 2

@—a—Bb—(3a—3b)i=1—9i©{ {“_2 .ChenD.

b=-1

h
6—2b=0 p=3 ChOnC

Cau64.Dit z=a+b (e,bcR),suyra z=a—bi. 1
Theo gia thiét, ta ¢d (1—z')(a+bz')+2i(a—bi)=5+3z'©(a+3b—5)+(a‘i+b—3)i=0
a+3b-5=0 f[a=2 3
N & .

Suyra z=2+i=z=2-i.Khidé w=z+2z=(2+i)+2(2-i)=6—i. :

@(4a—2b—2)+(6—2b)i=0@{

Vay tong phén thuc va phén o ctia s8 phitc w 12 6+(~1)=5. Chon A
Cau65.D4t z=x+yi (%y€R).Suyra iz=i(x+y)=—y+x. ‘
Theo gia thiét, ta c6 X+ yi+2—4i=(2—i)(—y—xi)

344


http://www.facebook.com/groups/TaiLieuOnThiDaiHoc01
http://www.facebook.com/groups/TaiLieuOnThiDaiHoc01

i

j . . | +2==-2y—x [x=2
®x+2+(y~4)z—(—2y—x)+(y—2x)z@{y_‘l_y‘zx { 3

Suy ra z—2 3.Dod6 w=2"~i=(2-3i) ~i=—46-10; . Chon C.

Ciu 66. Ta ¢6 z+z,=3-2{.Suyra |z +2z,|=/3" +(-2)’ =VI3. Chon A.

Cau 67. Chon C. Vi Vz.z = (e +67)(a — 1) =& —5'F =T 5157 =4.

Céiu 68. Chon B. Céau 69. Chon D,

Cau70. Gid'str z=a +bi(a,b€ R) = 2= a—bi.
1.Tacod ;=;®a+bz—a bie>b=0.Suyraz=z=gq la mét s8 thue. Meénh dé 1 dung.
2.Tacdé M(a &) Iadlembleudlensophuc z,suyra OM =Ja* +4° = 2] . Ménh dé 2 diing,
3.Tacé ‘z—(a+bz)(a —bi)=a* 18 ,suyra zz =@ 15 = 2| . Ménh d@ 3 duing.
Chon B. !

Cau 71. Dledn P biéu dién s8 phizc z nén cé toa dd P(a;5).
Ta cé O. ;:«/m:lzl. Chon A.

Cau 72. Chgn D. Vi diém M(V2;3) bigu dibn cho s§ phitc u=Z +3 c6 phin thuc

bing +/2 , phin 4o bing 3 vi mé-dun || = (-\/_ ) +3 =11
Cau 73. Phuong trinh A:x+3y—1=0.
Theo bair P tac6 di€m I(z;1~1) 1a diém bidu difn s8 phirc 2 = r+ (1-1)i.

Suy ra |z|= \/_T_m_\/ +——\/2[t—lJ2+% %

Chon D. :
Ciu 74. Giésft'r 2, =a+bi vd z,=x+yi (a,bx,ycR).Khidé M(a;b) va N(x;).

2

Suy ra lzl-i—zzl_‘a %) +(b-y)i=(a—x) +(-) .

Lai ¢6 lﬁ':MN:,/(a—x) -i-(b—y)z ;

Vay |z, —zJ:IWl.Chqn B.

Cau 75. Chon/D. Vi z,.z, = (a+5i)(c+di) = (ac — bd)+(ad +bc)i.

_ =z zz—(ac bd)—(ad + &c)i

Ciu 76. Vldlé“m M(L,-2) bi€udién z nén z=1-2i, suyra z=1+2i.
Dod6 w=i(1+2i)—(1-2) = ~2+i—(~3—4i)= 1+ 5i
Vay |w|=+1+25 =26 . Chon C.
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Cau 77.Didt z=a+ bi (a,bER),suyra z=a—bi.
Theo gia thiét, ta 6 2(a+&)+3(1—i)(a—bi)=1-9;

Sa—3b=1 [a=2 '
.Chon D.
3a+b5=9 @[b=3 on

@(5a—3b)—-(3a+b)i=l—9i®{
Cau78.Goi z=x+yi (x,y€R).
x>0 x>0

Theo gia thiét, tacé {2’ +3* =2 & xz+y2=4®{x=

y=3x=0 y=+3x r=

Suy ra z=1+3i = —z=—1-43;. Chon C.

Cau79.Giast z=a+bi,(a,b€R)=>2=a—bi.

Theo gia thiét, ta c6 (a + &)~ (a —bi) = (a + bi)’ © 2bi = a® — b* + 2abi
a=b a=b=0
a=-b &la=b=1
2ab—-2b=0 a=1;b=f1

@ - =0
<
2ab—26=0

@(az——b2)+(2ab—2b)i®{

Viay cac s phirc z théamianla z2=0, z=1+7 va z=1—:.Chon D.

Ciu 80.Goi z, = m.i, taco z,z=(m.i)2=mz.z‘2=—-m2 ‘
Va |z|=V0* +n =|m|=>lzl|2 =m*.Do 46 z, =zf+|z,!z =—m’ +m’ =Oi. Chon B. g
| =0
CauBLTacé | =16 +(a—1f =1ea® +(a—1) =124 ~22=0 ]“ : -
4u8l.Tact |2|=1w |’ +(a—-1) =1 +(a-1) =124 -2a ad IS -
Chon C. |

Ciu 82.Goi 2z =a+bi = || =a* +5 =m.
Tac6 (1-i) z=(1-2i+4*)z=—2iz=—2i(a+bi) = —22i - 2b* =2b-2ai.

Suy ra |(1-i)’ 2| =V4a® +45* =2J& +5" =2m . Chon B.
Cau83. Tac (|a|—[p])’ >0 a* +5° >2)ab| & 20° +26° 20> +5* +2Jab|
& 2(a” +57) >l +[6l)" & \2(a* +57) >|a|+]b| <> |2 >[a] +}§|- Chon B.
Ciu84.Dit z=a+bi (g,b€R),suyra Z=a-bi. :
o Tt |z-2+i=2,tacd la+bi—2+i|=2 & |(e—2)+(b+1)i|=2 i -
& (@=2) +(p+1) =4. (1)
*D€ z—i=a—bi—i=a—(b+1)i lasSthuckhivachikhi b+1=0&b6=~1. (2) -

(a=2f +(p+1f =4 [(a-2 =4  [e=0Va=4
b=-1 b=-1

Véy c6 hai s6 phttc cAn tim 13 z=—i; z=4—7. Chon C.

T& (1) va (2),tacd
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Cau85.Dit s =a+bi (¢,b€R),suyraz=a—bi.
o Tix zE:jl,taduqc (e+bi)(a-bi)=1ea* +b* =1.

—_

)

o T |2—1”=2,taduqc (e-1)-bi=2 & a-1f +8? =26 (a-1} +5* =4. (2)

Tix (1) va (2), ta cé hé phuong trinh o
1) i() phuong {(a_l)z+bz=4

Ciu86.Dit z=a+bi (a,6€R), suyra z=a—bi.

az+b2=1 a=~1
. Chi .
{b:O on C

o Tix |z|z -422;+|;|2 =8,tacd 4((22 +b2)=8 (do |z]z =Hz =zz=a" +b ).

oT¥ z+2=2,tacé a+bi+a~bi=2&2a=2ca=1.
4(a*+5°)=8 {a—
<

T d6 ta cb hé phuong trinh [

Ciu87.Dit 2=a+5i (¢,b€R),suyra z=a—bi.

=1
.Chon A.

o Ti |z-1§|=1, tacd ja+bi-l=1e|a-1)+bi]|=1%(a—1) +5* =1. (1

e D& (1+z':[)(;—z')=(1+i)[a—(b+1)i]=a+b+1+(a—-b—1)z‘ 6 phén 4o bing 1

Sa—-b-1=1.

a-b-1=1
Ciu 88. Dit zjl=a+bz‘ (a,6€R), suyra z=a—bi.
Theo gia thiét, ta ¢6 5(a—bi)+3~i =(~2-+5i)(a+5)
| | & 5a+3—(5b+1)i = ~2a—56+(5a—2b)i
{5a+3=—2a—5b ’ {7a+5b+3=0

a=b+2

Flsb+1=26-52 © |5a+36+1=0

Tix (1) va (iz),tac(, {(“—1)2+b’ =1@{(a—1)2+bz =1®{a=2

b=0

|

(2)

1
1.Ch(,)nC.

hoic {a =
b

a=1
b=-2

Suyra z=1-2/,suyra 3i(z—1 =-12i . Vay P=|3i(z—l)z!=|—12i]=12. Chon C.

Ciu 89.Dit zl=a+bi (a,bG]R),suyra Z=a—bi.
Theo gia thiét, ta c6 (1+2i)(a+bi)+(2+3i)(a—bi)=6+2i
3a+b=6 {a:l

& 3a+b+(5a—b)i =6+21@{5a_b=2 Sy

Suyra z=1+3i,suyra z* +iz=—5+7i.Vay ]w|=|z2 +i;l=|—5+7i]=\/ﬁ.

347 (3+d)(1-2i) 5-5i

Cau 90, Ta co (1+2i)z=3+i®z=

142 5 5

=1-i.Suyra |z|=+2.

Vay P=|2f —|ef +1=(v2)' ~(v2) +1=4-241=3.ChenC.
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Cau 91. Ta c6 z=~%+iz_3—i©2z+l=\/§i.

Suy ra (2z+1)z=—3<:zz+z+1=0@z+l=—1.
b4
2 3 ;
T ddétaco 2° +—15—=(z+l] —2=-1vaz +—13—={z+l] —3[z+l]=i2.
z z z z z)
Vay P=(1) +(~1) +(2)' =16 . Chon D.

Cau 92. Theo gia thidt, ta c6 |o| =2 & \m +(3m +2)° =

3 2y =410 12 0
& m’ +{3m+ ) < 10m? +12m = ©[m——6/5

Vi m la tham s8 thirc 3m nén ta chon m = —%,suy ra z=—§—§i.€hq*n C.

m-i-3z']2 _ (m+31')2 _ m+6mi—9
1-i (1-iy’ =2

_ (m? +6n;i—9)(2i) _ —12m+(‘21m2 -18)i _ _3m+[m2 —9}1..

a1 2 m2—92
Theo gia thi€t |w|=9 &, [9m° + 3 =9

-\/m +18m* +81 =9 e m* +9=18m’ =9 & m=+£3. ChQnA

Ciau94.Goi z=x+yi (x,y€R). ‘
Theo gia thiét, ta cé |z x+yi —3|=|x+yz'—2—z'|¢)I(—3—y)+xi|=|(x—2f2)+(y—l)i|

Cau 93. Ta c6 w=zz=[

o (3-y)+2 =x-2F +(y-1f @ x=-2y-1.
;3o 2 2 2 2 2 22 J \/g
Khi d6 |z]=\/x +y =J(—2y—l) +y° =5 +4y+1=[5 y+§ +-g>—5—-

Dfu " =" xay ra khi va chi khi x=—-%,y=—§.€h9n C.

Cau95.Goi z=x+yi (x,y€R).
Theo gia thiét, ta c6 |x + yi—i| =|x+ yi +1]

©|x+(y—l)i|=|(x+1)+yil©sz +(y;l)2 =\/(x+1)z +y @—yi:x.
Khi d6 |z —(3-2i)| =|x + yi —(3-2)|

=[x =3)+(r+2)i|= J(x=3F +(3+2 =(x—3) +(-x+2)

=+2x" -10x+13 = Z[x—EJ +% 2\/5.
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B/

Déu "=" x4y ra khi v chi khi x=§,y=—§. Chon A.

at+bi _ (a+bi)(a'-b'%) _(a+bi)(a'-b'i) aa'+bb'+(a'b—ab')i

Cau 96. Ta c6 2=

2! a'+b'i (a'+b'i)(a'—b'z') - a4 b% - a?+p"
Vay — ¢é phan thyc I3 M . Chon B.
1 a—bi a—bi

Céu97.Tac6z=a+bi,suyral= = = .
‘ z a+bi (a+bi)(a—bi) o +5

1 -
Do dé ~ ¢6 phan 4o 13 . .
©~dp anaoaa2 7 Chon D

L __ 3-2i  3-2% 3 2
3+2i (3+2)(3-2i) 13 13 13 ChomA.

2 2(1—" ) _2-2iV3 1 3

=i

1+iJ§=(1+iJ§)( 1—i ) 4 2 27

Cau 98. Ta CO\

Ciu 99. Ta céi z=

Suy ra ;=%+i§.ChonA.

Cau 100. Tac&s z2=5-3i,suyra z="5+3.
1 5-3 _ 5-3 5-3 5 3,
z \5+31 (5+3i)(5—3i) 25-9% 34 34 34 °

Do do

cau1o1.Tacq.z=5—3i=>2=5+3i
Vay %(:-32):-37[(5—3: (5+3x)]=—( —6i)=—3.ChonD.
1

3-2 3-2i)(2-3
CiulOZ.Tac&f% y(1-2i) —6—5i©x(—g(-—,12+y(1—4i—4)=6—5i
: 1z

P —xi+y(§—3—4i)= 6—5i & —3y—(x+4y)i=6-5i & {;i{;is o [: _ 1_32.
Vay (x;y) =L (13;—2) thda man y&u cau bi toan. Chon C.
Cau 103. Dyra ﬁlréo cdc dap an, ta c6 cic nhan xét cu thé sau:
¢ 2=2-2y3= s&phticlién hop ctiané 1 2 = 2+2v3..
°z= 2—2\,1[5.1‘ = («/3)2 ~243i4+# = («/5—:')2 suyra z 1 binh phuong clia s8 phitc /3 — 7 .
‘ 24243 _242V3i 1 43,

===,

| 1 1
0 2=2-2fis= = =

! z 2-23i (2—2J§j)(2 +24/3.3) 16 8 8
Ttz day, céc fdép an B, C, D déu ddng suy ra A sai. Chon A.

|
Hoéc cd thé}lém triec ti€p 2° = (2—2«/31')3 =.=64.
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1+i 1-i _ (1+i) 1-iy

= =0.Chon A.
Caul08.Taco == ¥ 1 == +9) -0 +) on
Cau105.Tacé (1—i)z—1+5i =0 (1-i)z=1-5/
. & . Ai__ &2
@z=1—51=(1 5:)(1+z)=1 4i 5% 5o
1-i  (1-8)(1+i§) 2
Vay 4=zz=(3) +(~2)’ =13 ChonB.
2(1+2i 2(1+2i
Cau 106, Ta c6 (2+i)z+——(%,ll=7+8z‘@(2+i)z=7+8i—(T+;-l
. : i ]

447

@(2+i)z=4+7i©z—- Sz=34+2{.
2414

Suyra w=z+1+i=4+3i,suyra —-w=—4-3. ChonC.
2+11  (2+1L)(2-7)  15+20i

Cau107.Tacd z= = = =3+4i.
2+ 5 5

Suyra z=3—4i.Vay || =3 +(~4)’ =5=>4=27|=10 . Chen C.

Cau108. Tacé (1+i)(z—i)+22=2i & (1+i)z—(1+i)i + 22 =2i

@ (B3+)z=-1+3i & z=—

Suy ra w=(2016+7)z = (2016 +1)i = —1+ 2016/ , suy ra w = —1—2016:, Chon D.
S+ 10i _ 10i(1-2i)
142  14+2i 5
Suyra w=z+iz=(4d—-2)+i(d+2{)=2+2i.

Cau109. Ta c6 (1+2i)z=5(1+i)f & z= =442

Véy s8 phitc w ¢6 phan thuc bing 2, phén a0 bing 2. Suy ra 22 +2° —‘8 Chon D.
Cau110. Ta c6 (1+i) (2—)z=8+i+(1+2i)z & 2i(2—i)z =8 +i+(1+2i)z
©2(2i+1)z=8+i+(1+2i)z & (1+2)z=8+i |
8+i  (8+i)(1-2) 10-15i

S z= == = =2-3i
1+2i 1+4 5
Véy s6 phiec z c6 phén thuc béng 2, ph‘éin 4o bang —3.Chon B.
1-7)(1—¢ i
1- _1+z®z+1— Loz +1_-(———1-)(—')-©z+1=—zf@z=—l—i.
z+1 1+4 2 .

Suyra w=2° +1=(—1—i)3 +1=—(1+z) +1
—(1+#)(A+i) +1=—(1+4)2i +1=3-2.Chon C.

Cau112. Taco - 22, +z=28 z+2(1-2i)=2(1-2i).

Dit z=a+bi (a,b€R),suyra Z=a—bi.
Theo gia thiét, ta c6 a+bi +(a—bi)(1~2i)=2~4i
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b=1"

& (2a'—2b)—2ai=2—4z‘¢>{2a—2b =42©{a=2
: —2a=-—

Suyra we=z* —z=(2+i) ~(2+i)=(3+4i)~(2+7)=1+3 nén jw| =1’ +3* =10.
Chon A.
Ciu113.Ditz=a+bi (a,6€R), suyra z=a~bi.
\

I . a+bi N 1o o (a+bi)(1-4) N 1.
'Iheoglatlinet,taco T =(a—bz)—5(3+z)®—2—-—=(a—bz)—5(3+z)
|
a+b+(—a+bd)i (2a—3)+(~26-1)i [a+b=2a-3 a=4
& — = .
2 2 l-ato=—26-1% Jp =1 ChONC
L2 . - ) .
Ciu 114. Ta ¢ ﬁ+2iz+-2-(z—-|—,l—)=0®3'—z-+2iz+w=0
oz 1-i z (1=9)(1+i)
© 2+ 2z +(z+i)(1+i) = 0 & (a—bi) + 2i(a + bi) + (a + bi +5)(1 +4) = 0
2= 1
22-3b-1=0 Y a 3
2a-3b+-14+(3a+1)i=0 . Viy —==.
&2 +(3a+1)i @[3“_1:0 s 5 Vay =5 Chon B
"9
_ -1 —1+2(m-1)i.(1 1
Cau115. Ta c6 z = 722 =i _ [m—142(m=1)i].(1+mi)
I—mi 1+m®
_—2m2+3m-—1 m+m-2
: 1+m? 1+m?
b€ z lasGithyc @ m* +m—-2=0om=1 hoic m=-2.
Véay m=1 hodc m=-2.Chon C.

m+9i]2 _(m+9if (" ~81)+18mi [(m* —81) +18mi] 2

Ciu116.Gid st w=z =
G SAgr = [1-;‘ (- Y Z2i2i

—36m +2(m2 -—81)1‘ m? —81

- = —om 4| 281,
4 2

m? —81

D& w=2" [a s thue & =04 (m=9)(m+9)=0%m==+9.Chon C.
Cau117. Ap d;‘ung cong thize i =1; ' =i*i=1i=4 *? =% =1(-1)=-1
| = P =10 =1 () =~ 1.
Do d6 ta lﬁ'}jy 58 mii chia cho 4 d€ duoc s6 du bao nhiéu thi ting véi céng thirc trén,
Chon C. |
Cau118.Tacd z=(1+i) =142.1i+# =1+2i—1=2i. Chon C.

Cau119.Tacd z=(2-2i) =(2-2i).(2-2i).
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T (2-2i) = 2(1—if =2*(~2i), suy ra (2-24)° =[(2~2i)"]
=[22 (=2¢)f =2°.(<2i) =2(=2) # = —2°.(—i) = 2.

Vay z=(2-2i) =2°.(2—-2{)=2" +2°% . Chon D.
Cau120. Tacé P =(2i)""" = 2%V ;7 = 2% Chen C. -
cau121.Tacéz=(1+i)’5=[(1+f)} 1+§)=[24] .(1+) |

=(274).(1+1) =[128.()]-(1+7) =128 - 128i .

Suy ra z=128+128i. Chon C.
(1+0) = (2 =af =4
(1+if =(-4) = ‘
Ciu123.Tacé (1+) =2i, suyra (14+i)° = (2 )“"” = 2100 ;1009 _ 2‘°°’.i”2-‘+j' =21;,

Chon A.

Cau 124. D thdy t6ng trén 13 tdng clia cip s6 nhan cé 2019 s8 hang, troxpg do s6 hang
dau tién », =1, cdng bdi g=1++.

1— g _1‘1 (1+ )2019 _ (1_'_1)2019
1-¢ 1-(1+9) —~i

Suy ra (L+)°7 = (14" (14+i) = (20 (144) = 2% (14).

=25 (144) = 2 (—1+4) ‘ ‘ -

T4 -2 (1) if[1—29% (14 ;
1-(1+i) - ( +’)= [ 1( l)]=2mo9+(2xo¢j)9+1)i.
—i ~i ‘

Chon D. ‘ )
Cau125.Tacd w=4"(1+i+: +i° +.. ) =i (I 4P i)

Cau122. Tacé (1+i) =2i,suyra . Chen D.

Dodé w=uy

.Taco (1+if =1+2i+i* =2i.

Vay w=

D& thdy S =1+i+i* +:> +..+ 13 t3ng clia cip s6 nhan ¢6 14 s§ hang, trong 46 s6
hang dau tién », =1, cong bdi ¢ =1.

1—g" 14 _ﬂ_Z(l—i—t’)

Dodé §= =1. = =(1+17).
S =u S = T T T i )
Vay w=i(1+i)=~1+i.Chon A.
1-7 (l—i)z . 2017 2017 \S04.4+1 ‘ . N
Cau126.Tacd z=—=-——=—i Suyra 2" = ()" =(—) =-i. ChonB.
1+7 1+1 ‘
, (1) _1as 1
Cau127.Tacs —— = HLHH) _ —1+i | )
1-i 141 2 | :

2 }1012

Suy ra [_i—]zom B [—1+i}2m4 B (_1_’_1.)2024 _ [(_1 +z') (_21.)1012 1012 q
1-i] =

2024 = 7024 =T o2 T hH0%d . pi0iz-
2 2 2 2 ‘ 2

Chon B.
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. A\2 2017

. J1+i (14 ]

Cau128.Taco'L=-(—)-=i.Suyraz=[lﬁ] ==,
| 1—-7 1+1 1-¢

Do dé 22" 2" =2® =4 =i* =—i. Chon A.

(1) NS

1+—l.=( +i) =z'.Suyraz=-li = =i,

1-4 1+1 1-:

242" 428 =+ +i +i* =i—1—~i+1=0. Chon A.

Céu 129, Ta c6

Suyra 2° +

o 1 A2 3 _.2
Céu 130. Ta c6 li=(+—1)=i va 1—-l—=-(-l-l—)=_i,
I-i  1+1 I+7 141

.\16 .\8
Suyra z= li} [1;‘] =" +(~i)' =1+1=2. Chon B.

1 — 1+i
A 2 _Zi(l—i) . {2 Y 8 42! 4
Ciu 131. Ta cé i 2 =1+, suyra (m] =(1+44) =[(1—f—z)J =(2{) =16.

o (2) - -_16 - : :
D0d012=ﬁ 4=>IZ=16¢>Z=—‘¢>Z=—l6l.@2=16l.
H H

Suyra w={2—i)z=(2-i)16{ =16+327. Chon D.
Cau132. Goi z=a+bi (¢,b€R), suyra z=a—bi .
Tir gia thidt, ta c6 2(a+bi—1)(2—1) = (3 +i)(a—bi +2i)
©(4a+2b—4)+(—2a+4b+2)i =(3a+b—2)+(a—3b+6)i
[4a+2b—4=3a+b—2 [a+b=2 @{a:l

-

& .
—2ai+-4b+2=a-3b+6 3a-Tb=—-4 b=1

Suyra z=1
2015

(1+9)

Cau133.Tacd (z+2-3i)(1-i)=(1+i)"" & z+2-3i = -~
—1

1008
\1008 1008 ;1008
(2) 2% _ 0 Chenc.

e e

A e e 2
Céiu 134. Goi zi=a+bi (a,6€R),suyra Z=a-bi. Tac
27 g I N =

;_1“ -2 +(z) =;_ -z +(z) =—z +(z)-

=—(a +4‘;’7i)’ +(a—bi) =

o =

—a® —2abi + b + a* —2abi — b* = —4abi.

0 =22 n (o ZETNED o )

= (a-+bi)(a-+1+bi) +(a—bi) + (a—bi)

=d® +atabi+abi+bi—b +a-bi+d —2abi— =2(a* +a—b),
Chon D.

+i nén 2° =(1+i) =(1 +‘i)[(1+i)2]4 =(1+i)(2i)* =16+16i. Chon B.
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Ciu135.Bidts§ A=1-3=—3= («/3:')2 .

Do d6 phuong trinh ¢6 hai nghiém phic 1a z=

’ |
1£43 1 3 !
=—+Y2; ChonD.
2 2 e

Céu 136. Biégt s6 A’ =16-20= -2 =(2i)’.

=2+i

Do dé phuong trinh cé hai nghiém phtc: z, = Tz’ —2oivag=4%Z

Suyra w=2z{ +2} =(2—i) +(2+i) =3-4i+3+4i=6. Chon D.
zy=-143{
z,=—1-3;"

suyra 4=af +laf = () +3 ] +((C) +(-3] )= IO + VI = 243 Chon.

Cau137.Tacd 2% +2z+10=0&(z+1) =(3i) &

z +2z,=—

Cau 138. Theo Viet, ta ¢
z.z, =15

7
=2z +2z,+22,=-7+15=8. Chmjl D.

Cau 139. Biégt s§ A' =16—20=-2=(2i)’.

—2i |
Do d6 phurong trinh ¢6 hai nghiém phte: 2, = é—% =2—ivaz,= -4—-5—%1— 244,

1008

Suyra P=(1-i)" + +(1+7) 2°” {(l—z ] +(1+i)[(1+i)2]
= (1=i).(~2)™ + (141 )(2 )““’8 (1-7).2%% +(1+7).2%% = 2'%. Chon C.
Céu 140.Bigt s6 A=4-8=—4=(2i). :

—2 . .. 242

Do &6 phuong trinh ¢6 hai nghiém phic: z, = =l-ivaz=

=1+4+i

)

A‘,

=(__2i)1°08 (2)1008 1008 _ 1008 § 121008;

1008

Suy ra 2% =(1-i)"" = {(1—1‘)2}
2 = (1+i )2015 [( 1) } =(2 )1008 = D008 ;1008 _ 1008 | _ 91008
véy A= leDl6 +z:016 — 21008 +21003 = 21009 . Chon A.
Cau 141. Biét s§ A'=4-20=—16 =16i* = (4i)’. ‘
Do d6 phuong trinh ¢6 hai nghiém phttc: z=-2+4i va z=-2-4i.
Do z, la nghiém phitc c6 phdn 4o dmnén z, =-2—-4¢ va z, =-2+4i 1
2 H
Suyra A=|z,| +2(2 +22) =( (-2 +(—4)2) +2[(—2 —4i)’ +(-2 +1li)’]
= 20+2[(—12+167) + (~12 ~16{)] = 20 + 2(~24) = —28. Chon C.
Céu 142. Hai 8 phitc can tim 13 nghiém ctia phuong trinh 2> —3z4+4=0
Biétss A=9-16=—7=(7) .
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‘ IR .;‘,::x,x2=3t'(5i—1)=—15—3i )

si=1 léhaingl'\iémdxaphuongtﬁnh z +(1—81')z—-15—3i=0.ChonC.
Caii 3+ 7 z#1-{ vao phuong trinh, ta duoc (1-7) +(2-m)(1~i)+2=0
~:‘3+2f2i—m+mi+2=0@(4—m)+(m—4)i=0@{4—m=0¢>m=

&1 "

, Chon

Ciu 145. "zﬁfxy z=14{ vao phuong trinh, ta duoc {1 +z')2 +m(l1+i)+n=0

<
m+2=0 n=2

Suyra w ‘: ~2+42i nén | = (=2 +22 =22 .ChonC.

@2i+m+mi+n=0¢)(m+ﬂ)+(m+2)i=0@{m+n=0 {"’=_2.

| b—3= =
©a§+b—3+(2a+4)i=0®{a+b 3=0 [a 2

2a+4=0 " lp=5s

Suyra a+b=-2+5=3.ChonD.
Ciu 147. Vi r\n 1a tham s§ phircnén gid st m=a+bi (g;6€R).
. | 1a 1o A, . . LAtz =—-m
Goi z,, z, 1a hai nghiém ctia phuong trinh. Theo Viet, ta c6 3
‘ 2z, =3
Yéu cdu bai toan: z; + 2] =8 (2, +2,) —227, =8 & (-m)' ~23i=8 m* =8+6i

2 _ 2= = = —
& (a+bi) =8+6iea*—8 +2abi=8+6i & | ¥ T8 L1973 s [e=3

2ab=6 b=1 b=-1
Suyra m==3+i hodic m=-3—i.ChonC.

Cau 148. Vi 7 1a tham s8 phirc nén gia stt m=a+bi (a:b€R).
R Goi z,, z,|Ia hai nghiém ctia phuong trinh. Theo Viet, ta c6 {z' +a -
2z, =i

Yéu cau bdi todn 2% + 22 =—4i & (z,+2,) —22,2, = —4i

. & (-mf -2i=—dieom="2ie(a+b) =-2o (@ —8)+2abi = -2i

2— 2= =1 =—1 )
ﬁ{;ab:-—20®{2=—l hodc {a .8uyra m=1-i hoic m=~1+:i.Chon D.
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T \ , [fa+z=-m
Ciu 149. Goi z;, z, la hai nghiém ciia phuong trinh. Theo Viet, ta ¢6 e
4z, =-
Yéu ciu bai toan: 22 +22 =56 (2, +2,) —2z,z, =5 m* —2(=6{) =5 | m* =5-12
a-p =5 a=3
& (a+bi) =5-12i & (2 —b*)+2abi =5-12i & & : -
(a+5) fo (@ = 8)+ 2abi " 2ab=-12" l=-2 | -
a=-3 ‘
b=2
Suyra m=+(3—2i) néntacé =3, b=-2.Khid6é a+2b=~-1. Chon A. » -

hoic {

. zl =2 i

Cau150.Tacd 2° =8 2* —-8=0=(z-2)(z*+2 +4 =0
au acd z z (= )(z z ) 24274420, *)

2

Phuong trinh (*) c6biétsd A'=1-4=-3= («/3:) .

Do d6 (*) c6 hai nghiém phtc 1a: z, = —1—+/3i va z; =—1++/37.

Vay c6 duy nhat mét nghiém phirc c6 phin 40 dm 13 z, = —1—+/3. Choni A.
Céu 151. Thay z =1+ vao phuong trinh ta dwoc (1+i) +a(1+i) +5(1 +i)‘+c =0
b+c-2=0 ‘
2a+b+2=0

Thay z=2 vao phuong trinh ta dugc 2° +a.2’ +562+c=0¢4a+2b+d+8=0.
4a+2b+c+8=0 {a=-4

@(b+c—2)+(2a+b+2)i=0®[

Tiedétacohé {b+c—2=0 olb=6 .ChonA.
2a+b+2=0 c=—4
2=4 z==2 '_
Cau152.Tacé 2 -2 —12=0&|° o )
2 =-3 |z=4i3

Do d6 T =|z,|+|z,|+|2| +|z,| =4 +2+3. ChonC.
Céu 153. Xem 14 phwong trinh bac hai &n (2* —4z) v cé A =9+160 =169 =137,

Suy ra phuong trinh teong duong véi
3-13

z — —
z—dz= 2 3 22 —4z+5=0 (2—2)2=—1
zz—4z=—3+13=8 7' —4z-8=0 (2-2)2 =12 ' -
2= 2, =2+
Y =—le(z-2) = ol ' .
*(:-2) e (z-2) = QL-2=—:' 7, =2—i 3 -

z2=2-2V2
z=2+2\/§.
Khi dé P=lz[ +|z[" +|z|" +|z[ =34. ChonB.

¢ (z-2)=12®z-2=:2&
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Cau 154. Vi|z lasSdonéncodang z=bi (b R).
. Dodé cé;\c di#m biéu dién s6 phirc z trong mit phing phtrc théa man {x - 2, beR.
H y =
Téap hop }céc diém nay 14 truc do. Chon A.
Céu 155. S phizc z c6 phin thuc bing 2 nén c6 dang z=2+5i (beR).
| - . =2
Do d6 céc diém biéu dién 3 phitc 2 trong mét phing phitc théa man [" o bER.
-- : Tap hop i&céc di€m nay [uén nim trén dudng x =2 c8 dinh. Chon B.
Cau156.Goi z==x+yi (x,y€R).
56 phirc z 6 phiin thuc béng ba [an phin 4o nén x =3y hay x—3y =0,
Vay tap l;Lorp cac s8 phirc z thoéa man bai todn 13 mét duong thing. Chon C.
Cau157. D z=x+yi (x,y€R),suyra z=x—yi.
Theo gia %thié't, tacé (x+ yi)’ +(x—yif =0
@(x’i—y’ +2xyi)+(xz -5 —2xyi)= 0e Z(xz —y2)= 0el”=% .
: y==*
Vay tap h‘lop cac dim biéu dién s8 phitc z 13 hai dudng phan gidc ciia cac goc toa dd

khy=x véj‘ =-—x.ChonD.
) Cau 158. Theo bai ra, ta c6 Jx +1+(y+3)i| = |x~2+(y~1)

4:)\/(:%+1)2+(y+3)2 =\/(x—2)2+(y—-1)2

@2+ 420 +6y+10=x"+ 3 —4x—2y+ 56 6x+8y+5=0.
Phuong #m dudng trung truc cia 4B 1a: 6x+8y+5=0.
- Viay tap hipp cic di€ém M(x;y) biéu diép s8 phitc z=x+ y/ va théa man yéu ciu bai
todn 1a dubng thing trung tryc ctia doan 4B véi A(-1,-3),B(2;1). Chon C.

24P _ t+(y+1)i [x+(y+l)i].[x—(y—l)i]

Cau 159. Ta c6 =
@ G z—i x+{y-1)i [x+(y-—1)z’].[x—(y—1)i]
2, 2
_x +y 12+ 2x y
2 +(y-1" 2+(y-1)

. 2x=0 =0
D& 25 15 o6 thurc khi va chi khi —25 =0 . @{" :
- z—i i = +(y-1) Z+(y-1y =0 (|y=1

Viy tip hop diém M (x; y) Gin tim 12 truc 40 b dién bigu dién s§ phitc z = i . Chon D,
Cau 160. Goi i»z=x+yi (%,y€R),suyra z=x—yi.
Theo gia thiét, ta c6:
b+ 3 +3(x + i) +3(x— yi) =0 & 2* + * +6x=0e(x+3) +5*=9.
V@y tap hgp cic s8 phitc z 14 dudng tron tdm I(—3;0), ban kinh R=3. Chon A.
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Cau161.Goi z=x+yi (x,y€R), suyra z=x—yi.
Tacd (2—z)(§+i)=[2-—(x+yz')].[(x—yi)+i]

= [(Z—x)-—yz'].[x—i-(l—y)i] = (—x2 -y +2x+y)+(—x-—2y+2)z‘.

pé (2—z)(z+i) lasSthuindo « —x* —y* +2x+y=0 4:»(::—-1)2 +[y-%

‘4

—
I

> jw

Vay tap hop céc diém biu dién s8 phic z la

.Chon A.
2an

duong tron tdm I [ ] bankinh R=
Ciul62. Taco w=z-2i & z=w+2i.
Goi w=x+yi (x,yeR).Suyra z=x+(2+y)i.
Theo gia thidt, ta c |x +(2+y)i +i|=1

sle+@3+y)l=16 2 +(B+y) =le 2 +(y+3) =1.

Véy tip hop céc s8 phitc w = z—2i 12 dudng tron tdm I(0;—3). Chon B.'
Cau163.Goi w=a+bi,tacé w=a+b =(3+4i)z+7
_a+(6-1)i |a+(b-1)i](3-4i)

3+4i 9164
_3e+4b-4 (3b 4a-3) k= JBa+4b—-4) +(36—4a-3)
B 25 z 25 ¢

Ma Iz|=4 nén (3a+4b—4) +(3b—4a—3) =100 & & +¥& —2b=399.;
& +(b-1) =20*. Chon C.
Cau164. Tacd z, —z, =(1+i)—(1—i)=2 .Suy ra |z, — 2,| =0 +2° =2.D;b d6 A sai.
L Y1 d .
Tacéi~u_—l (——tz—)—(——tf-)—=£=i.DodéBdﬁng.
z, 1-7 2 2
Tacd zz, =(1+i)(1-7{)=1+1=2.Do d6 C dung.
Tacd z, +2, =(1+i)+(1—i)=2. Do d6 D ding. Chon A.
Cau 165. Theo dinh nghia, thi B va D ding.

Xét A: Chon z, = 3+4i va z, =—4—3i . Ré1ang z, =z, nhung |z,| =]z,}. [PodoAsal
XétC:Goi z=x+yi (x,y€R).Theodé, tacd \x* +y* =1& 2* +5° =1.\DodoCdung.
Chon A. i

Cau 166. Gia st z=a-+bi (a,b€R), suyra z=a-bi.
Ta c6 z+2=2a las8 thuc. Do d6 A dung.
Giastt z'=a'+b0'i (a',b'€R),suyra Z=a'-b'i.
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Khi d6 z+]z'=(a+bz')+(a'+b'z‘)=(a+a')—-(b+b')z’=(a—bz')+(a’—b'z')= z+2.
- Do d6 B diing, '
1 1 1—i+l4i

4 2
Xt—+-—_—%___11‘ 5t s& . . ing.
é T+7 T r (I i)(l i)—2 a mot sd thie. Do doCdung

-~ Xét (1+1) =[1+4f] = (20 =2* = 2%. Do d6 D sai. Chon .
Cau 167. Gia si‘;r z=a+bi(a,bcR),suyra z=a—b.
Tacé z=;{1®a+bi=a—bi@2bi=0@b=0.
Khid6 z=7%=a 1 s& thyc. Do d6 (I) dung.
Diém M (g llb) la di€m bigu dién s8 phitc z=a + 57, suyra OM = 2% + 57 =l|.
Do d6 (I) diing.
Tacé Vzz 5: J(a+bz’)(a—-bz') =Va ~ b4 = \/m=,z].
Do dé (IIT) di’ling. Chon A.
Cau 168. Ta c6 4 =2(4~3{)=8—6i, suyra u = /8 +(~6] =10 va s =81 6:.

Do d6 B sai, céc ménh d@ con lai déu dang. Chon B.

Cau 169. Ta c6 | =[0+ 1 = V0TI =1 va || =[0 -1 = 7 +(=1) =1.

Dodé A dt’m&g. Tac6 i* =-1, suyra i* =(z‘l)2 =(~1=1.DodéB ding.

S6 0 ciing 13/mét s8 phuic, nhung lai khéng 6 s8 nghich dao. Do d6-C sai.

Véi a>0, talc6 —a <04 (Vai) < 0.
Khi d6 can béc hai ciia —a 13 +vai.
Do d6 D ding. Chon C.
Ciu 170. Gia stx écé s6 thyc a thi a cling c6 thé viét dwoc dudi dang a=a+0; 1a mot s6
phize. Nhur v3y tap hop s6 thuc chinh 1a tap con ctia tp s& phitc. Do d6 A ding.
Gia str ¢6 hai s8 phitc z2=1+2i va z'=2-2, ta théy tong z +2z'=3 1a mét s6 thye.
Tuy nhién z va ‘z lai khdng phai 1a hai s6 thuc. Do d6 B sai.
Tacd u=(1-i)’ = -2 a mots§ phitc. Trong tip hop céc s8 phitc, ngudi ta khong hé
- dé cip dén khai r}iiém s6 phirc 4m hay s8 phttc duong. Do d6 C sai.
S8 phttc u=1-7/ c6 nghich do I
1__1 _ 147 147 1 7.
: u 1-7i 1+49 50 50730
’ Do d6 D sai. d’hgn A,
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CHU BE

ar 2 . . , ‘
5 BAT DANG THUG - BAI TOAN CUC TR

2
Caul.Tacoé ’ +y' +xy=3&(x+y) 3= xyg(x—'-y) .

Suyra (x+y)’ <4& -2<x+y<2. ChonC.
P+y +ry=lel-3xy=(x- y) >0=>xy\—l—

3. Chan
Py tay=lelty=(x+y)20=2>-1

Ciu 2. Tacod

Cau 3. Véimoi x, y tacod (x+y) >4dxy.
Suyra (x+y) +(x+») >(x+y) +42y >2 hay (x+y) +(x+y) >P®x+y>l.
Chon B.

Caud. Tacé (x—4) +(y—4) +2xy<32 & (x+y) ~8(x+)<0 & 0< s+ y<8.

Chon B.
Caub5.Tacé x* +y* =x+y+ay

«:»x+y=x’+y’—xy (x+y) =30 >(x+y) ——(x+y) ——(x+y)

Suy ra x+y>:11-(x+y) ©0<x+y<4 Chon D.

(x+ y)2
2

@(x+y)2—6(x+y)+8<0©2<x+y<4. dhan.
|
Cau 7. Tir gia thiét, ta c6 2(a+5)" +3(a—b)° <3(a+5)+2.Do 3(a—b) >0 véimai q, b

Cau 6. Tix gia thiét, ta cé 3(x +y)—4=2"+»*>

nén suy ra 2(a+b)z<3(a+b)+2¢)—%<a+bs2. Chon C.

Ciu8.Tacé 7x+3y+xy > +y* +17 ®x+y+xy>xz—6x+9+y2—?y+1+7
&x+y+my>(x=3] +(y=1) +7>7. Chon A. |

#(x=+2)<0

»*(y-+2)<0

Laico 4=(lz+12)2 (lz+lz)(x +y) (x+y),suyra 2>x+y.(* )

Cau 9. Tix gia thiét, tacé 0< %, y<V2 = =2+ gﬁ(@;2+y2)=2ﬁ.
|

Nhén hai v& ctia (*) cho x* +y*, ta duoc

2=+ )2 (x+2) (£ +5°)> (\/;.\/;3_-}-\/;.\/;3—)2:

Suy ra x* +3* >2. Chon A.
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CaulO.Taci l+:1—=1.[l+i]=(x+y)[—l-+é)=5+4x Y5542 ’4 2o
| x x y x ¥y y y x

Diu "= xay rakhi x= % =3 Chon C.

i 2
Cau 11. Ta ¢6 3=x+y+,y<x+y+(x4;y)

x+y>22

x+y<—6
Laicéd x4+ y+2y=3,suyra x+y<3 (do x,y>0). Chon C.

© Cau 12. Thep bét déng thirc Bunhiacopxki, ta ¢6 (a+5) < (I +1°).(a* +5°)

& (x+y) +4(x+y)-3206

©x+y22(dox,y>0).

=2(a2 +b2).
: 4
Két hop gia thiét, ta duoc (2 +b)2 La*h’ g —(a réb) .
|
: 4
(a;rab) & (a+8)'|(a+8)" ~16]>0, suyra a+5>4 (do a,6>0),

Suy ra (q +b)' <
Chon B. |
Ciau 13. T éjé thiét, taco xy(x+y)=x+y+3xy. (*)

V‘lx>0,§y>0 nén x+y>0.Dodé(*)©x+y=l+—1-+3> +3
: x )y

x+y

i <-1
@(x+y»)2—3(x+y)—4>0® ¥ty & x+y>4 (do x,y>0).ChonD.
: x+y>4

Cau 14. Tir éié thiét, tacé In(x+y+1)+3(x + y+1) =1In(3xy)+3.3xy. (¥)

Xétham |f(z)=In#+3¢ trén (0;+00), ta cé f'(:)=%+3>0, vz > 0.
Dodé (*) e x+y+1=31y &3xy-1=x+y>2/xy ©3xy—2xy —1>0.
Suyra & >1=xy>1. ChenC.

Ciu15.Ta c{é x* +y* 22x%y*, ket hop véi gia thiét ta dwoc xy +2 224"y +

1
Dit xy =it >0, ta dwge £+2 > 2¢ +;<:>2t3 - —(2r~1)<0

& (e+1)(e-1)(2-1)<0e(t-1)(2:-1)< 0«
Cau 16. Tugla thigt x+y+xy 27 2(x+1)(y +1) 216.

£t<1. Chon A.

I\)I»—l

Taco 165&2(,:+1)(},+1)=(x+1)(2y+2) [1_""_‘“"72}’_4&]

x+2y25

& (n+2y+3) 2640 [{®*+27>5 (do %,y>0). Chon B.
x+2y<—
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Cau17.Tacod (xy+1)2 2245 y+x° =2+xy(:c‘1 +y‘)>2+xy(2x2y2).5uyllra

< -1 i
1
1)’ 224 2(25°y* ) o 2() ~ () —209+1<0 —<ay<l
(zy+1) +xy( x'y )@ (xy) ~(2p) =22y + “ %éxy<1=>5 xy
Chon A. |
2
Ciu 18. Ta c6 3(x+y)=4xy¢)3x(x+y)=4xzy©xy=43x 3 (do x21). .
x— i
- sy e 3y
Cling tir gia thiét, suy ra x = .
4y -3 ‘
o 1s 3y N ,
Xétham f{y)= trén |};+o0),tacd f'(y)= <0, vy2>1.
()= g2 wen ives) et ) =<y
Suyra x= f(y)< f(1)=3.Dodd 1< x < 3.
2
Xét ham g(x)=43x 3 trén doan [1;3], ta duoc %sg(x)=xy<3. ‘
X — i
Chon B.
Ciu19.Ta c6 4xy=x+y>2\/§=>xy>i-.
Do x,y€[0;1], suy ra (1-x)(1-y)201—(x+y)+xy>0. (¥
Két hop (*) va gia thiét, ta dwge 1—4xy+xy >0 = xy < -;: Chon C.
+8%)(a+b
Céu 20. Gi thigt « (—“—# =(1-a)(1-5). (*)
a
@ +b)(a+b 2 p?
o¢—)={f’—+b— (a+b)>2ab.2/ab = 4ab. (1)
ab b a
o(1-a)(1-b)=1—(a+b)+ab<1—2ab +ab. (2)
Tix (1), (2) vakéthop véi (*), ta dugc
4ab < 1-2ab +ab @3ab+2\/¢;l;—1$0=>0<ab<%. Chon A,
2x+243y+3) _(7+5) |
Cau 21. Ta ¢ 6(x+1)(y+1)=(2x+2)(3y+3)<( x+2+3y+3) S( +5) <£36.

4 4
Suyra x+y+xy<5.ChonB.

Ciu 22. Tir gia thiét, ta cé 16 =(x" +4)+2y >4x+2y > 2/4x2y .
Suyra xy<8.D&u "=" xayrakhi x=2; y=4. ChonC.

(x+ 2y)z

Cau 23. Tir gia thidt, ta c6: x+2y = xy = %.x.z y % .
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& (x+2y)|(x+27)-8]>0 x+2y>8 (do x,y>0). Chon C.

Cau 24. Tir gia thiét, ta o (x—3) +(y~ 1) =>5.
i
Theo bit dérng thitc Bunhiacopxki, ta c6
[L(x=3)+2.(r -1 <(F +2) [z -3 +(y-1)'|=25
& 5<(x—-3)+2(y 1)<5©0<x+2y<10. ChenD.
Céau 25. Ta c6 ﬁa *b=(a* +5)(ab+1)

1 . a1 1 44%8* +(a* - ¥ Po(2+p)
®a2+b2;ab(g'—b'):E(Zab)(a —bz)SE (2 ) =( 2 )
& at+b <t(—a—+‘iﬂ¢>a2+b2 >4. Chon C.

>0 :
= b(b—2a)>0 & b —2ab > 0.

i b
Cau 26. Tt gia thiét, ta c6
au ugla;} iét, ta c6 [b—2a>0

Tacd 2= b{\6b* ~ab +/26" ~ab|= 1;(\/41;2 +26° —ab+N20" —ab | > b4 =28,

Suy ra 223:172 =b<1.Khid6 a<26<2.1=2.Chon B.
Cau 27.Tacé iixy+yz =3z + 25+’ <3y +5* +(+* +y2)=(x+y)(x+2y).
Két hop vc’riigié thiét, ta cé
(x+2y —1‘-3)«/2016::2 +7 +H(x+y)(x+2y)23(x+y)
@(x+2y—§,3)(«[20167—i-y?+x+y)20@x+2y—320®x+2y>3. Chon B.

Cau 28. Tix gia thidt, ta c6 16 =1+ 2> +1+2y+2,/(1+2°)(1+2y)

=2+§x2 +2y+2m>2+x2 +2y+2m.
Suy ra (1+3;r2 +2y)+2\/1:-x2—-|-2—;—15<0,t1‘rdé tacod
1+xi§:—27<3¢>x2 +2y<8. ChonB.
Cau29. Tacd (¥ +5* +1) +35°5 +1= 427 +5°
@(xl +_3yz)2 —Z(xz +;vz)+2+3xzy2 =y’

+y >y

Rorar'fg {( +y) —2(x"+y2)+2’+3"y >(x +y ) —Z(x +y ) +2°

Két hop (1) %vé (2), ta duoc

Py ey =(x2 +y2)2 —Z(xz +5°)+2+34°y >(« +y2)2 —2(:cz-+yz)2 +2.
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Suyra x* + 5 >(%* +y2)2 =2(x* +5%)+2
& (2 +) -3(x +5*)+2<0e1<+*+5° <2.Chon C.

X2
Cau 30. Diéu kién: {
y2

eTacé x+y+1=2 (\/ 2+4y+3 )

44+x-2 4+y+3 x+y+9‘
=2Jx-2+2Jy+3<
7 2 2 2z

2
37 Suyra x+y+120.

Suy ra x+y+1s3—+—y—+2

elaicod x+y+1=2 (\/ +\/y+ )
@ (x+y+1) =4(x+y+1+2Jx 2513 3)24(x+y+1) (do 2~/" 2/y+3>0)

x+y+1<0
x+y+124

<> x+y<T.

x+y+1=0
x+y+124

x+y=—1

Suyra (x+y+1) 24(x+y+1) & i iy23

Chon C.
Cau3l.Taco S=x"+y* +2" >xp+yz+2zx=3.Chon B.

2
+
Cau32.Tacé P=xy+yz+zx<("+3; 2 _3.ChonB.
3
Ciu 33. Ta c6 s=x+y+z=3xyz<(x+y+z)

(x+y+z)[(x+y+z 9] 0=x+y+223 (do x, y, 2>0). ChorrB

a, b, ¢c>0

aiba s b, cc(0;1).Suyra S=a®> +b +c* <a+b+c=1.

Cau 34. Vi {

2 2 2 b 2
Mit khac S =4 +5* +¢° =”T+1’T+.‘1_>Q‘+_3ﬂ=l_ Chon C.

Cau 35. Ap dung bat dang thirc Bunhiacoxpki, ta c6
1= [(a+b+c ] <[12+12+12) (¢ +b2+c —-[3 aa\/—+\/—b~/—+1/;c\/_)]
<9(a+b+e)(d’ +5 +)=9(c* +5° +¢°).
Suyra &’ +b° +¢° 2—;—. Chon B.

Cau 36. Tt gia thiét, ta cé
3(# +5" +2°)-2016(x+ y+2) < 2017 & 3(x* +5* +2 )<2017+20m(x+y+z)
Ap dung b3t ding thirc Bunhiacoxpki, ta cé
3(x +y 4z )_(12+12+12).(x + 42 )>(x+y+z)z.
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Tir d6 suy ra (% +y-+2) <2017+2016(x + y+z)
e (xty+z) —2016(x+y4 1)~ 2017<0 & ~1< 2+ y+2< 2017

Suy ra ml —1, M =2017 nén M +2m = 2015. Chon A.
Cau 37. Tt gid thiét suy ra &’ + 52 +c* < 4.

- Tacé 4=§a2+b2+c2+abc=a2+b2+c2+ a’b* .

( +b +c )
Ap dung Egat déng thitc AM-GM, ta c6

. ,a +b2+c l
Tu:dosuy[ra A< +6* +c + hay 37 24-Se3<5<4.

Chon D.
Céu 38. Ap duing bt déng thitc Cauchy - Schwarz, ta c6 3(a* +8' +c 2(a* +6" +c )Z.
Do dé 25(‘!1 P+8 +0)-4B=9(a' +5" +¢*)23(a* +87 )
& 3(a +b§’+c2)’—25(a2+bz+c2)+48<o@[3(az+bz+c2)-16](a2 +8 +c*—3)<0
<3< -i-;b’ +¢? <1?6 13_62(12 +b% +c? >£a—+—b§1)2@a+b+c<4. Chon C.
Cau 39. Ap dt,ing bét déng thizc Bunhiacoxpki, ta ¢
2w-+9)+ (o +2) +z+2)< o[+ ) + (74 2] Hz+a)]=6.
. Suy ra 3x-+i,-3y+2z<6. Chon B.
Cau 40. Ta c6 ES’ =2+ +2 +2(xy+ 3z + ).
Suy ra 2§? ;=2(xz +y* +zz)+4(xy+yz+zx).(1)

Mt khic, t'falai b 2 +y' +22 2ap+yz+2x véimoi x, y, z€R. (2)

[ ]

Tir (1) va (2), tacd 257 <3(x*+ 52 +2" +2y+ yz +2¢) =18, suy ra S<3. Chon A,

| 2
Caudl.Taco (x+y+2) —xy—yz+2=2"+3" + 22 + 3y + yz+ 2z +2
] =xy+yz+2zx+3.
|

Suy ra xy+1yz+22x=(x+y+z)z —y(x+2)-1.
‘ +b)

Ap dung b%t déng thirc ab < (s , Va,beR.

Ta duoc: xj,+yz+2zv=(x+y+z)2—y(x+z)—1
: >(rayrzf 2T 34 2f —1>-1. ChonB.

2 3
2(a+b+
Cau 42. Tie gid thidt, tacs CF2FY) L5t pp 143 pape 2@0HE%S
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28°

Suy ra §3—+3<T@253 357 -2720 6 (5-3)(25* +35+9)>0 & 5 >3. Chon A,

Cau43. Tkt a+b+c=0,suyra b+c=—a.
Laico @+ +* =6 o b +c* =6-a* & (b+c) —2bc=6-2a".
Tir (1) va (2), tacd bc = a* —3. Tém lai, ta dwoc hé {z::; :‘;
Dé&hé cé nghiem & o >4(a —3)©a <4 -2<ag.
Vivai trd g, b, c nhunhaunén g, 4, ¢ cling thudc doan [-2;2}. Chon(‘
(a-1)(6-1)(e-1) >0
(@—3)(b—-3)(c-3)<0
[abc—(ab+bc+ca)+(a+b+c)—l20 {abc}ab+bc+ca—5 Y
abc ~3(ab+bc +ca)+9(a+b+c)—-27<0

Ciu44.Do g, b, c€[L;3]=

Tie (1) va (2), suyra 11< @b+ bc+ca.

(a+b+c‘)2
3

Hon nita, talaicd ab+bc+ca< =12.Chon B.

) o, [(e=DE-1(e-1)>0
Ciu45.Do g, b, c€[1;3]= {(a-—3)(b—3)(5“3)<0

abc—(ab+bc+ca)+(a+b+c)-120 abc>ab+bc+ca—5 | (1)
abc—3(ab+bc +ca)+9(a+b+c)—27<0
Tix (1) va (2), suyra 11<ab+bc+ca.

(a+b+c‘)2

Hon nita, ta lai 6 @b +bc +ca < =12.Suyra 11<ab+bc+ca<12.

Ma S=a +8" +¢* =(a+b+c) —2(ab+be+ca)=36—2(ab+bc +ca).
Tird6 suy ra 12< S <14. Chon C. :

2
Cau 46. Do 5—(a+b+c)=ab+bc+ca<(—ai—bj—£)— nén ta cé
2 —_—
s-ss%@sz+3s—15>0=>s>3+‘/6—9-.

Laicé 5—(a+b+c)=ab+bc+ca>0 néntacd 5-S 204 5<5.

-3+69

Tém lai ———?—SSSS. Chon D.

Cau 47. Tix gia thiét: 4=a+b+c>c+2~/’¢5=c+2\/§. :
[4
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Suy ra 5\41’2—4«/;+2w/:7:<0@(«/E—x/f)(c+\/5.\/;—2)<0

K&t hop v‘;m diéu kién c €[;4}, suy ra cell;2).
Taco P=1L.ab+bc+c¢z=ab+c(a+b)=g+c(4-c)=—c2+4c+z.
‘ ¢ ¢
Xétham s§ f(c)=—c? +4c+z trén doan [1;2], ta im duoc
c

!
m§Pf( )=5

[t
- ; _ . ChonD.

Cau 48. Tir gja thidt, suy ra 42z >(2—») = 2V 22—y 22 5.
Do dé 2<2J;+y<x+y+z. Chon C.

Cidu49.Do x>0 nén tir gia thiét, ta c6 4(x—1+l]<16 yz-—3(y+z)2.
x

. e +5)
Ap dung bat dang thirc abé(a " ) , ta duoc 4[x—1+-1-]<16,/y —34yz
x

1 AM~GM 1
S4Jyz-Pyzzx+—1 > 2[x=-1=1
x x
g @3yz—4«/y_z+l<0®§<\[y;<1®% <1. ChonD.
. By
Cau 50. Tir gia thiét, tacd (a +6)c=2" +5° > (a+ )
\
) Chiahaivé’cé ¢*, ta duoc a+b (a+b] a+b <£2. Chon C.
B (b-+-c')2 (b+c)2 (b+c‘)2
tacé @ =H o=t s - = .
Cau 51. Tuglathlet c6a +c* —be : + 1 T+ P 2
i 2 2
2 J(b+c) a ] 1
> e 2= 2=
Suyra a2 [b+c 4 bte
‘ a bYf
1 a b > ab ;+;
Céu 52. Tir gig thiét, ta c6 (a+b—c)z=ab®[—+——l] =—.-<
‘ c ¢ cc 4
= ; 2
| b Y (E“Lé] 2_a. b
Suy ra [E--Q—-I] <L®—<£+—<2.Chgnc.
) c ¢ 4 3 ¢ ¢
’ Ciu 53. Ap duﬁlg bat déng thite m* +° 2%(m+n)3 véi mei m, n> 0, ta duwoc

4(a* .;j»b’)+c’ >(a+b) +& 2%(a+b+c)3.
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m+n)2

Ap dung bat ding thitc mn< ( véimoi m, n, ta duogc

2(a+b+c)(ac+bc—2)=2(a+b+c)[(a+b)c—-2]<2(a+b+c) -(—E+—1;lﬁ—2].

T 46 suy ra %(a-l—b+c)3 <2(a+b+c) , suy ra a+b+cj>4.ChonD.

(a-l-b+c)2 _2]
4

Ciu 54. Ap dung bt déng thite -1— +% > ——j—_—b véimoi a, >0, ta duoc
a a

2 + 2 S 8
3x+2y+z+1 3x+2z+y+1° 3Q2x+y+z)+2
. : by’
Ap dung bét dang thirc a_bs(i_il véi moi a, b, ta dugc
(2x+y+2z) 8 (2x +y+z}')2
+—=.5 < —.
(r+2)(=+2) 4 uyra 3(2x+y+2)+2 4

2
Dit u=2x+y+2z>0, tadugc ———E;-—SE—@,SuS +2u* 3220
3u+2 4

@ (u—2)(34* +84+16)>0 ¢ u>2.Suy ra 2x+ y +2>2.Chon A.

Cau 55. Ap dung bat ding thizc 1 +% 2% v6éimoi a, 5> 0, ta dugc
a a

—2-=l+l>—4—. Suy ra fj—Z}Z. Chon A.
z

z x y (x+y)

. b+c)
Ciu 56. Tix gia thiét, ta c6 3(a+b+c)=(a+5)" +¢* >(ii—2f—cl-.

Pit r=a+b+c>0, ta duoc 3t>—§—¢)t2—6t<0@0<t<6.
Suyra 0<:<6 hay 0<a+b+c<6. ChonB.
Cau 57. Ta ¢c6 2x+4y+22<(x2+1)+(y2+4)+(z2+1)=(x2+yz+x2)+6i<3y+6.
Suyra 2x+y+2z<6.Khi x=1;y=2;z2=1 thi P=6. ChonB. |
Ciiu 58. Tir gia thiét, ta 6 2(y* +1)+6 > (x* +1)+(»* +4)+(2* +1).
Ma (x* +1)+(y* +4)+(z* +1)> 22 + 45" +22°.
Suy ra 2(}12 +1)+6 >2x* +4y* +22° & 2* +y* + 2 <4.Chon B.
Ciu 59. Tir gi thidt, ta c6 (be)’ +bc=1+2a—a* =2—-(a—1)’ <2.

Suy ra (bc)’ +bc—2<0 & —2<bc<1. Chon C.
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R a= >0
Cau 60. T gia|thiét, ta c6 [""“y][l—"‘_]:s.oat 22
1 z xy z
b=1-—
xy
Ap dungbﬁ{ftdﬁngtht’rcAM-GM, ta cé a=M>2—ﬂ,suyra a2 2—%’—;}1@ z 2:4-2—.
! z z z Xy a

1 2
Do dé 3=["_+—”][1—f-
4 xy

sa[l—i,](:)az—-Sa—4 208 (a—4)(a+)200a24.
e

*+2 54 ChonB.
¥4

Suy ra

|
Cau 61. Ap dl_n;ng bat déng thirc AM-GM, ta c6

%az -+—!3(b2 +c2)=[%¢z2 +362}+[%a2 +3c2] > 3ab + 3ac.

| 2 2
Do d6 gia thidt <> 4ab +3ac >3ab+3ac+ @ ab>% = 0<2<2.ChonD.
gt 2 2 b

i 2 2
. i : + +
Cau 62. Ap dung bat ding thirc m’ +n’ ZM—, taduge x* + ' +2° 247 +(—y—22—)—.
i 2
. : +
Ap dung bﬁ‘}t dang thitc mn< (m 3 ) , ta duoc
i ' (y + z)z

xy+:dc+10yz<x(y+z)+10.—-z—.

| 2
Suyra x* +}M—< :t(y+z)+—§-.(y+z)2

er —z}r(y+z)—2(y+z)2 <O0e(x+y+z)r—2(y+2)|<0

x

< 2. Chon D.

& x<2y+z)e—2—<2 (do %, 2>0).Dodé 0<
. }\ y+Z y+z

i 3 3
| b
Ciu 63. Gia thit trong dwong véi &’ +8° =¢’ @[%} +[;] =1.
bit x=£;_'jv=£khid6giéthié'ttréthénl'l Ly =1vaP=x+y.
c c
55y
Tacd x*+y° 21—‘1}}—@(x+y)3<4(x’+y3)=4@x+y<%/Z.ChgnD. :

i +b)(a+c b c '
Céu 64. Gia thik't teong duong véi (i——zg———l=4@[1+;][1+;]=4_

Dt x=2; = Khi d6 gia thiét tré thanh
.a a
(l+x)§(l+y)=4©x+y+xy=3 vaS=x+y.
| 369
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T

(x+)
4

S(x+y—2)(x+y+6)>0&x+y>2 ChonB.

Tacé 3—(x+y)=x< @(x+y)2+4(x+y)—12>0

a2l
Ciu 65. Diéu kién: {6>1 ,suyra a+b+c—220.
c20

e Ap dung bt déng thitc Cauchy-Schwarz, ta ¢6 | -
a+b+rc—2=Va—1+b—1+Ve < BB(a+b+c-2) )

Suyra a+b+c<3.

Ja— 2
elaicba+b+c—2= +~/ T+Ve>Jarbte—2 2=>a+b+ﬂ \3
a+b+c<2’
" Lo 1o 52a+b+c>3
Két hop cac diéu kién lai, ta duoc >4 € .ChonC.
a+b+c=2
Cau 66. Ta c6 P=l+l+i+l,
x y y =x

Ap dung b4t déng thiec Cosi va bat déng thitc co ban 1 + ! 2% ,ta dsj:u*qc
u v u+tv |

4 x y

P> +2 —.—=£+2~ﬁ=4.Khi x=y=1 thi P=4. Chgn A.
x-+y yx 2 :

dx i 4y _ 4x + 4y : ) N
4’ +4 4y’ +4 (457 +1)+3 (47 +1)+3

Cau 67.Tacd P=

Ap dung (2a——1)2>0®4a'2+1>4a. vdimoi a€ R, ta dugc R
Pg 4x + 4y =1 3 3
4x+3 4y+3 4x+3 4y+3

P (U S S ICP 4 <2-3—2__% ChonB
4x+3 4y+3) 4(x+y)+6 41+6 5

+y <l.

Cau 68. Tuegléthlet()<xy<[ 2

Taco A=xy+i2+iz>xy+£.Diit t=xy voi O<t<l
x° y xy 4

Khi &6 A>t+g—32t+£—3lt>2\/32 ——z-=16--al——-— Chon D _
Ciu69.Do aq, b e[O,l] nén 1—a>0, 1-620;a+5>0. 1
Ap dung bét déng thitcc AM-GM, ta ¢6

3
P=(1~a)(1-b)(a+b)< 1—'“—11#“—“& =2i

-~
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XN e s s > . 1—a=1_b ‘
HEGXBY s4 khi va chi khi —p 1
) l—-b=ga +b®a_b_§.ChgnB.

’la y>0 nentuglathxet r+y=(x-y)Jmy Suyra x-y>0.

e (x<—y) >2tm.(x= 5] =4y (x—y)= 4(x+y)
cady) 94 (+) & (2+5[(x+2)~4) 200 (x+)-4>0.
hi (3:y)--(2+~/-2 -V2) thi P=4. ChonB.
+ 71, Tt glé; thiét, ta c6
(l—a)(ﬂ—b)(l—c)—(b+c )(a+¢)(a+b5)>2bc.2\ac.2\ab = Sabc .
(-0)a-)(1=0) _sai
abe abc

Suy ra P-— =38.

Khi a=b=}c=% thi P=8. ChonB.
Ciu 72 Ap dyng bt ding thtic AM-GM, ta c6

; z . N
x2+li+’—>3.s,xz.l.i= PRGN ANRLICS, L N N |
. xy. zx xy Yz xy yz

~ NGRS 4 4% P
Cong timg v€ clia ba bat dang thirc trén, ta dwoc #° + y* + 27 +2[i+l+ij >9.
j . . yz zx  xy

Suy ra P}QgKhl x=y=z=1 thi P=2. Chon C.

Cau 73. Ap dupg bat déng thirc AM-GM, ta c6
x +~lr+~/_+~/—>4x hay »* +3%x >4x.

Tuongtu._'; +3J—>4y va 2* +3¥z >4z, _

Suy ra P=jx’ +y +.z3+3({/;+{/;+%/;)>4(x+y+z)=12.

Khi x=y=z=1thi P=12. ChenA.
Ciu 74. T gié!thié’t suyra x, y, z€(0;1).

2
2 1757 5.3

Ap dung bﬁt ding thire AM-GM, ta c6 , [(1— x) < --:2—-— =—

valz

Tuong t: ( - ). <
: 5-3x 5-3y 5-3z
—x) 2+ =) 5+ J1-2). 5 < =2.
Suyraﬁl}x).3+‘/(l y).3.+J(l z)3<. 5 + 5 +. =
Dodé P=yi—x+{1-y +VI-z<+6.
Klﬁ.x=y=1=z=-§ﬁP=\/g,ChgnD_
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Cau 75. Ap dung bat déng tht’rc AM-GM, ta ¢6

2 x+y+—- 4 y+z+ 2 z+x+—
x+y§ y+z z+x§

Suy ra \/(x+y).§+\/(j+z).§+\j(z+x).%<x+y+z+2 4. _ -

Do dé P=Jx+y +\/y+z +Jz+x >243.

Khix=y=z=§thip=2J§. Chon C. :

Céu 76. Ap dung bat ding thitc AM-GM, ta c6

PO
P=x—+l-+—z—+l+l+-l->3,3/xyz+

3
y oz z x y z ﬁxyz.
Déitt=$/xyz,tacc')0<t=$/xyz<ﬁ_—§—-’i<l-

2
15
=

Khi dé P=3t+%=12t+-::1—9t >2«/§‘-%=

Kni x=y=z=1 thi P=2". ChonC.
Cau 77. Ap dung bat ding thizc AM-GM, ta 6

a+i>2,Ia.é=4 =>i[a+£]>3
a a 4 a

b+2>6 =>l[b+2]>3
b 2 b
C+E>g=> 1[5+E]>2 =>-1—[c+1§]>2. " -
c 4 4 c
3¢z b ¢ 3 9 4
S Tyt >8. 1
uy ra 5+ 2b+ ¢
NPT N a b 3¢
Tir gia thidt: a +2b+3¢ 220 nénsuyra Z+5+—Z>S. (2)

Tix (1) va (2),tac6P=a+b+c+%+%+%>l3.
khi e=2,5=3,¢c=4 thi P=13.ChonC. ‘ -
Cau 78. Ap dung bat déng thirc AM-GM, ta c6 |
1 ,2+44e 1 1 3495 1 1 _6+36c 1

7+da 16 C23+9 " 36 36436 144 °6 :
2+4a 3+9b 6+36¢ 11 1
S P+ + + 2l P+—+-— b+c)2leaP2—
WRETT T 14 7Hlerbe) ®
Khi@a:—l—;b=l;c=lthi =— Chon A.
2’77376
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A < ; ~ 4k 1 1 1 1 16
Cau 79. Ap dung bat dang thitc ~+—+~-+—>————_ v6i
P J J a b ¢ d a+b+c+d v g, b, ¢, d>0, taduoc

1 1.1 1 16
e Rt
x x'y 2z 2x4+y+z
- 1 !
1. 1,11, 16
- - x y ‘ Yy z x+2y+=z
1 1 1 1
L S T 16
x yiz z x+y+2z
- ‘ 1 1 1
- . Suyra 16PI<4|{~+—+—-|=16 o P<1.
! x y z

Khi x=y=;=z=%. Chon C.
CﬁuSO.Tt‘rgiéjithié’t,tacé (a+b+c)2<3(az-l-b2 +¢*)=36,suyra a+b+c<6.
| (67 +6)+22* + 42 > 60V +
Ap dung bé;ft déng thirc AM-GM, ta c61{(c* +4°)+28 +4b > 6byc? +a*;
| (a2+b2)+2:2+4c>6cm.
Suy ra 6P < 4(a* +5” +¢*)+4(a+b+c)<4.12+4.6=72 hay P<12.
Khi a=b=;c=2 thi P=12. ChenC.

<0 =x"4x-12<
yi = y=xtx O.Thay y=x"+x-12 vao P, ta duoc
X +x=y+12 |-4<x<3

P=x(# +2-12) 42 +2(2 +2-12)+17 = +3x* =92 7.
- Xét ham s& ; f(x)=x"+3x> —~9x—7 trén doan [—4;3|, ta dugc:

min f (%)= f(1)=—-12

[-4:3] 7

max f(x) = f(£3)=20"

43~

Cau 81. Tix {

Chon B.

2
x+y " - s ax 1
=1. t= te|0;1|.Khidé P=r+——.
> ] 1.D4t r=1xy véi t€[0;1]. Khi ey

Céu 82. Ta c6 (I)sxys(

1
Xétham sd | f(t) = t +—— trén |0;1], ta duoc .
f(2) Tl [0:1) mgxf(t):f(l):-;—

Suyra m=[l, M = % nén =™ +2016M =3025. Chon A.

Ciu 83. Tir gia thiét, suyra x+y>2.
|
3(x* +5*)+3(x+
(% + )+ 3(x }’)+ xy (x z)=_tz+t+£{___5__
w+x+y+1 x+y v t

Tacé P=
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N w

Xéthams8 f(r)=—t* +:+l§—-§ véi 1 €[2;+00), ta duoc gg;c)f(z): £2)

Chon D.
Ciu 84. Tir gia thidt:
(x—4) +(y-4) +29<32 & (r+7) —8(x +y)<0 & 0<x+y<8.
2
+ !
Khi d6 P=(x+y)3—3(x+y)—6xy+6>(x+y)3—3(x+y) 6.£—£4—y)—+6.

—3t+6 trén doan [0;8], ta duoc

_17-55

4 . ChonB.

Xéthams§ f(¢)=¢ —%tz

1+J_

nggxf(t):f(8)=398
2 2
Ciu85.Tacd 8>4x* +3° 2(—x;—y)—®(2x+y)2<16.
Suyra -4<2x+y<4©2<2x+y+6<10.

Ta cod P=2x+y+6+——é—.Dét t=2x+y+6 véi te[Z;lO].
2x+y+6

. min f(r)= f(2)=4
Xétham s§ f(t)=¢-+— trén [2;10], ta cé 52
g max f(r)= £(10) ==

Suyra m=4, M=% nén M—m=%. Chon C.
Cau 86. Tir gia thiét: x+y>2\/x7®1>2\/5©xy\%.
Tacé P=(4x* +3y)(4y" +3x)+ 252y = 162"y’ +125" +12" + 92y + 252y

=16x%y* -{-12{(::+y)3 —3xy(x+y)]+34xy .
Thay x+y=1 vao P, tadugc P=16x"y" +12[1-3xy|+34xy =16x"y" 22y +12

o,%]. Khidé P =162 —2: +12.

Patr=xy véi tc

. 1 M
t)= — e ———
'f,’é']'f €)= [16] 16
Xétham s§ f(t)=16¢> —2¢+12 trén [0;~|, tacd 1 ZSj . Chon B.
maxf 4 3

Pl

Cau 87. Theo gia thiét 7< x+ y+xy © 16 <2(x +1)(y+1)
‘ 2
@16<(x+1)(2y+2)<[1-1+22—y-+—2-] ,suyra x+2y>5.
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do(x-Sy)z;O
10x;iy—5y2=4xy+2.x.3y—5y2 < dxy+x* +9y2—5yz=(x+2y)2

Ta cé !
do abs (a:b)

% -f—%(x+5y)2=x2+-i-(4y+x-+y) > 2 +dy(x+y)=(x+2y)

Suy ra P<1n[1+(x+2y)’]—(x+2y)z.Dat r=(x+2y) >25.Khi d6 P<In(1+¢)—
Xétham s8 f(¢)=In(1+r)—s véi ¢ >25, ta c6 max f(s)= f(25)=~25+1n26.

Chon C.
Cau 88. Theo gi4 thiét %2(22 +8* +¢* 232’ , suy ra O<abc<%.
Theo bét déing thitc AM —~GM , ta c6
(a+8)(b+c)(c +a) > 2/ab.2\be.2\/ea = 8abe
1 1 1 1 11 3
S += +—>3.,3f—.—.—=—
b3 @ B abe
Do do P?Sabc+%.l(héo sat ham f(t)=8:+§ trén [O;—;— , ta duoc
| abc
P>f(t'i>f[-1-1=
Viy gia tri nho nhét cia P bing 25; khi (a b; c)=[-;- %,%] Chon A
| , [a+b}2 (a-{-b]z
) b
Cau89.Taco P=— 4(“: )b = > :
¢’ +4(ab+bc +ca) 1+4[3.—+“+ ] 1+[”+b] g2th
cc c c ¢
Pat r=2"2 Vig b cel2 nen 1<%<2 va Ll 2,
¢ 2 ¢ 1 2 ¢ 1
Suy ra l+-]L-<3+2<£+-2- hay 1<a+b<4.
2 2 ¢ ¢ 11 c
£ 1

Khao sat hérjrn s6 f(r)= trén doan [;4}, taduoc P> f(2)> f1)= 5

£ +4r+1

Viy gia tri nihé nhit clia P bing %; khi (a;6;¢)=(1;1;2). Chon B.
Ciu90. Tacé B =(a+5)’ —3ab(a+5)+56 <(a+b)’ ~3[(a+8)-1)(a+5)+5¢
=(8-2¢) ~3(7-2¢)(8—2¢)+5¢c° =~3c* +84c* — 294c +344 .

Theo gia thi%t, taco 2+2c<a+b+2c=8.Suyra ce[L;3].

P
Do q, be[l;él]:{Z;;=>(a—1)(b—1)>0 ©ab~(a+b)+120 s ab>(a+5)—
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Khao sét ham f () = ~3¢* +84¢” —294c +344 trén [1;3], ta dugc
P< f(x)< £(3)=137.
Vay gié tri 16n nhét ctia P bang 137 ; khi (4;5;¢)=(1;1;3). Chon A.
Cau 91. Ap dung bat déng thizc Bunhiacopxkia, ta c6

I N [a2 +i2].(42 +1?) >L[4a+l]
a a

a@ 17 7
1 1 1 1 1 .
B+ =, [b2 +—]. 47 41 >—[4b+—]
et 17 b ( ) iU b
1 1 1 1 4
Suyra P>—==|4(a+b)+|—+—l|>2—=|4(a+b)+
y 17 (a ) [a b]‘ 17 (a ) a+b

Khi a=b6=2 thi P=-?I. Chon B.

Cau 92. Tix gia thiét suy ra a, b€[~L1.]
Ap dung bat ding thitc Bunhiacopxkia, ta ¢6

a\/l—-i-_a+b\/l—-n<\/(az +8)(1+a+1+b)=va+b+2
< 2(e +8)+2 =2 +2.

Khi g = =‘—/2—Z thi P=+2+2. ChonA.

Cau 93. Ta c6 P=3x—2y+5=i.\/5x—-%.«/§y+5. -

V2
Ap dung bt déng thitc Bunhiacopxkia, ta c6

(P—5)2=[%w/_ —T«/_y] [ +§}(2x +3y*)= 254=-7-39.

Suy ra —ESP—SSJ?@—J?+5<P<\/?+S. Chon A.

Cau 94. Ta ¢6 P=[ i +1]+4[ b +1]+9[ id +1]—14 -
b+c c+a a+b

_ a+b+c+4.a+b+c+9.a+b+c_l4

b+c c+a a+b

9 1 4
=(a+b+ +—t -14
(a C)[a+b b+c c+a]

=%[(a+b)+(b+c)+(5+a)][aib+bic+cia]_14.
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Ap dung bt déng thirc Bunhiacopxkia, ta ¢6

I e ST > U ’
(3+1+}-2) =|Ja¥b. a+b+ b+ +Jcta. c+a]

<W+m+w+Q+@+4[9 L1 4}

a+b b+c c+a)
_(3+1+2)
suyra P3G
uyra P 2

-—14=-?2—1. Chon B.
Céu 95. Ta chon m, n duong sao cho
a+3ctx(a+b)=c+3a+y(b+c)

x+1=3 _
(x+1‘ia+xb+3c—3a+yb+(y+1)c4:) x=y @{x- ..
y=2
y+1=3
2(3a+3c+2b
Vay ta thém vao 4b +6= (3a+3c+ )
a+c a+c¢
Khidé P = ["*3‘ ] [*3" ] {—ﬂw] 10
! ate
1
= 3a+2b+3c[ ] 10
; +b b+c c+a

‘ 1 1 1
= b b 2 + + —10>4v2—4. Chon B.
| [(a+8)+(b+c)+ (c+a)][a+b g, c+a] V2 on

. . : 2 g +n+1) ,n teR
Ciu 96. Ap dung bat déing thixc LS S it ) B {’” "
?

-
r p+qg+r 72, r>0

, ta dwoc
(1+1+1)

9 9
&+ +c +2ab+2bc+2ca

>Z
(@+b+c)f 1

=0,

Khi a=bi=c=% thi P=9. Chon C.

2 2 2 2 ZZ 2
Céau 97. Tacd P_x_+x +y +y +— +
y z x x

y
< : 2 n_ (m+n .. [m neR
Ap dung Ijbﬁ't dang thx’xc m—+£—>( ) vm[
p

=

g rt+q 2, 4>0

2 2 2 2 2 2 + 2 + 2 + 2

P=[§—+"—}+["—+z—}+[2—+x— SEty) (2] (e4s)

» x z ¥y x z .y+x z+y x+z
=(x+y)+(y+2)+(z+x)=2(x+y+2)=2.

Khi x=

, ta duoc

y%=z=% P=2.ChonC.

2

o . 2 +n) , n€R
Ciu 98. Ap dung bat déng thitc LI ) {’” "
| p 4  p+e

, ta duoc
7 9>0
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2

2 ¥ 3+2x)
3Wi+24% =3 %+(2x) >3\j( +2%) =—3—(3+2x);

1V

(40+6y)’

i

2 6 2
240+ 957 =2\/%+( Z) >2J

J1i

Y 40+6y).
44 17 (40+67)

Khi d6 PZ%(3+2x)+1—1(40+6y)=£(49+6x+6y)=5~/ﬁ.

Khi x=l
3

Cau99.Tacé P=

11

;y:% thi P=5\/ﬁ. Chon A.

Ap dung bat déng thizc mLr e
r g

a b c at v’ et
+ + = + + .
be+1 ca+l ab+1 abc+a abc+b abc+c
2 >(m+n+t)z
r p+g+r
(rz+b+c)2 9

,tadwoc P>

. |mynteR
vol
p,¢,r>0

3abc+(a+b+c) 3abc+3

Theo AM-GM, tacé 3=a-+b+c >3abc,suyra abc<1.

9

Dodé P»——=2 Khia=b=c=1thi P=>. ChonC.
353 2 2

x2

Cau100. Tacd P=

yl ZZ

3x? +7(y+z)x+3y2 +7(z+:c)y+3zz +7(x+y)z"

P . . 2 2 g2 ? R i
Ap dung bét ding thire Z-+ 2 .= ZM véi {m’ HEER @ dirgc
P g r  prg+r 2 g, >0
P> (x+y+z)2 _ (x-l-y+z)2 :
/3(x2+y2+zz)+14(xy+yz+zx) 3(x+y+z)2+8(xy+yz+zx)
(x+y+z) 3
> - =2
3(x+y+z)2+§(x+y+z)' 17
Khi x=y=2z thi P=-1§7—.ChonD._
1 1 1
2 2 2
Ciu 101. Ta 06 P =—2 b [
R T bto) bleva)  c(atd)
. , 2 2 2 2 R ‘
Ap dung bat ding thixc m—+n—+£—>w voi {m' MIER dirgc
P g4 v ptg+r 7.9, r>0 !
[1+1+q’ )
S a b ¢ _(ab+bc+ca)  ab+bc+ca
“a(b+c)+b(c+a)+c(a+b) 2(ab+bo+ca) 2
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Theo bat déng thitc AM-GM, ta ¢6 ab+be +ca > Ra'b*c’ =3.
Suy ra P)%. Khi a=b=c=1 thi P=—;—. Chon C.

2 2
n m+ntt o imn teR
>————( ) véi{

Cau 102. Ap dl,mg bét déng thirc —+ >
r 4 5 p+a+r 2 g, r>0

, ta duoc
(x+yj+z) _xX+y+z

P2 =
2(x+9+2) 2

| : .
Mitkhac ¥+ y+z 2\/xy+\/yz+\/z_x=l nén suy ra P>%.

Khi x=y=j:z=% thi P=2. ChonC.

2 2 2
Cau103.Tacé P= la At 1‘ .

. Lo 2 2 P2 t) R
Ap dungb.%l'tdéng thie _m_+:z__+t_>(m+_n_+)_ véi {m, e , ta duoc
? qg r ptg+r 2,49, r>0
1 1 1) 1 1 1y
P#—+b+—+c+J b+—+—+%
a b c a b ¢
P>r— =
‘ 3 3

Theo bit déng thizc Bunhiacopxki, ta c6 ,
1 1.1 1 1.1

<(a+b —trt=l ottt =29

[ \J—+J—J— J_] (a +c)[a+b C]®a+ -

b
Suy ra P>‘—1—3— Khi a=5 —c—gth P—lg—q Chon B.

1 1
+

Ciu104.Do x>1 nén x* >x.Suyra P>x > > .
‘ (x+y)+x zZ+x

Ap dung bat dang thic —+ , ta duoc

r g r+gq

P> 4 _ 4x
g (x+yf +2 422 (x4y) +25+2x

Theo gia th{ié't, tacd (x+y)2 +z22 = 3[(x+y)+z]< 3,/2[(:c+y)2 +22] .

5 2(2x+18)—36
Suy ra (x+fy)z+z”<18 nén P> 4x = (x+ ) =2- 18 >2- 18 =,
18 +2x 2x+18 x+9 1+9 5

(m+n) .. [m neR
2 ~— voi
p,g>0

[y

Khi x=1,3y=2,z=3 thi P=%. Chon C.
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i (2::2 +1)+(2;v2 +1) 1 1 1 1 1
Ciu105.Tacd P= 3 F—=c|r+ +—.
2222 +1)(22+1) » 20247 +1 2°+1) wy
Ap dung bét déng thirc -1—+%> " véi a>0, b>0. Tadugc
a a ‘ , o
1 1 1 1 2 ; o
Prlag—F—|+—=|F07"F5—+—|+7—.
[xz+y2+1] xy [x2+yz+1 3xy) 3xy
) 2 2 2 :
Ap dung bt déng thirc LA ) B {m "ER i duge = -
r 9 p+q P, 4>0 -
p>_4—+_2_= 4 +i> 4 + 2 =§

(x+y) +m+1 3% 2+5 3z (

Khi x=y=1 thi P=§.Chan.
Céu 106. Tix gia thiét suy ra x,y,z €(0;1).

9 1

x+y} 45 3. [x+y]

2 2

Ta cht nh————<—— — (1).
a ching mi T 16 (1)
That vay:
—9x? - —(3x—1)
o= 2 o B A8t (3 )so:dﬁngV(xe(O;l).
=+l 16 16 16(x+1) 16(x +1) | :
9 1 z 9 1 )
Tuwong tw ta cling ¢o _y_<_ a —L—z+—.
& Hung ST67 716 31167 e
Cong céc v€ cua bat dang thirc, ta dugc -
x y z 3 3
= +- +y+z)t—=
711 y+1 16(" yHE)H T
Khix=y=z=§th‘1P=%. Chon C.
Ciu 107. T gia thiét suy ra g, b, c €(0;3).
2 2 2
Via+b+c=3 nén P vitlaila p=3t%  3+&  3+c
3—a 3-b 3-¢

. . 3+4 sroa
Ta chitng minh 3 >2a (1). Thatvay (1)
—a

2 2
+l;’ >2b va 3+¢

- -

Tuong tu ta cling ¢6 3

>2c.

—~1 2 |
@3’—(;———)—20: ding Vae(0;3).
—a

Céng cac vé clia bat ddng thirc, ta dugc P >2(a+b+c)=6.

Khi g=b=c=1 thi P=6. ChonB.
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Cau 108. Tir gié thidt suy ra #,y,z € (0:3).
. | . 2.1
Ta chu'ng} minh 3x +; }5(::2 +9) 1).

:t—l)2 (x—4)

’I‘héitvéiyi(l)@6x+i>xz+9®( <0: dung Vx€(0;43).
i X

x
T ~ . 2_1,, N 2.1,,
wong tu ta ciing cd 3y+-—>—(y +9) va 32+—>—(z +9).
: y 2 z 2
Céng CécivE ctia bét déng thic, ta duoc P >%(x2 +y' 42 +27) =13,

Khi = y—z—-ltl'uP 15. Chon D.
Cau 109. Tie | gla thiét suy ra 4, 5, c €(0;1).

2
Tacd bc\<j.[b+C],suyra——}——————2 4a .
2 1+&c  a*-2a+5
4a 4b 4c
Tuong tuita ¢é dugc P > + + .
8t Ry S Y S B Y-

4a 99a 3
(1)-

“24+5° 100

3z-1) (15-11

Ba-y(5-1a) déing Va &(0;1).

100(a* —22+5)

_ 4 93 _de %3

b*—2b+5~ 100 ¢—2+5" 100

9(a+b+c)~9 9

Cdng céc 'j‘vé' ctia bat déng thic, tadwgc Po———— 7~ 7
100 10

Ta chingminh p

That vay f'l) o

\

Tuong te ta cling c6

Khi a=b:‘=c=l thi P=-9—. Chon A.
1 3 10

Cau 110. Ttr gié thi€t suy ra g, b, ¢ €(0;3).

2

' 1 1 b(b—1) ,
Ta chimg minh ———>——b+1 (1). That viy (1) ——~>0: dtng Vb < (0;3).
gminh >t O y () 2p ey dine e(03)
Vi a+1>0 nén 1) e “:11 [-—%b+1](a+l)®;ill 2——;—ab—-;—b+a+1.
Tu’ongtu’f!acungco bl Ly 1 C-:_ll>—lca—%a+c+l.

>——bc——c+b+l va
E+1 2

Céng céc v& ctia bat déng thikc, ta dugc

1

P>—A(ab+bc+ca)—%(b+c+a)+(a+b+c)+3

1 (a+b+c)
20 3

Khi a=b=c=1 thi P—3. Chon B.

>- += (a+b+c)+3 3.

381


http://www.facebook.com/groups/TaiLieuOnThiDaiHoc01

CcHU BE
6.

Cau 1. Dién tich hinh vudng 4BCD 1a S, = &* . Chiéu cao khdi chop la SAi =a\2.

2

Vay thé tich khéi chép 1 Vg ey = “T (dvtt). Chon D.

KHO1 BA DIEN VA THE TiCH KHd1 BA DIEN

Cau 2. Vi hai mit bén (S4B) va (SAD) cling vudng goc véi (ABCD),
Suy ra S4 1 (A4BCD). Do d6 chiéu cao khéi chép la S4 = aV15 .
Dién tich hinh chit nhat 4BCD 1a S, = AB.BC =24’

2a\/——

Viy thé tich khéi chép 1a V; 0, = %S ep oA = are (dvtt). Chon B.

Céu 3. Dudng chéo hinh vudng AC = av2.
Xét tam gidc SAC, tacd SA=+SC* —AC* =a\3.
Chigu cao khéi chép 1a S4=a+/3.
Dién tich hinh vudng 4BCD 13 S,,, =d".
Thé tich khdi chép S.4BCD la
1 J_

Vs asco = Esum-SA =

Ciu 4. Dién tich tam gidc vudng ABC 1 S,,,c == BABC =%

Chiéu cao khéi chép S4 =2a.
3 ‘
Vay thé tich khdi chop S.4BC 1 ¥, 5 = %Sm s4=% (@vt). Chon C.

AD+ BC

Ciu 5. Dién tich hinh thang ABCD 14 S e =( - ].AB - %

Chiéu cao khéi chépla SA=2. _
Vay thé tich khéi chop S.ABCD 12 ¥, e = %SMCD,SA =1 (dvtt). Chon A.
Ciu 6. Goi H la trung diém cia 4B, suyra SH L 4B. ‘
0 (SAB) L (4BC) theo giao tuyén AB nén SH L (4BC). S

_ a3

Tam gidc SAB 1a déu canh AB=a nén SH=———

Trong tam giac vudng ABC, ta cd

AC=BC*~ 4B =a\2 .
Dién tich tam gidc vudéng ABC 1a B

)

Sausc ——AB AC =222
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1 a’x/g

Vay Vs aac =j=§SAABC'SH = 12

(dvtt). Chon A.
Cau 7. Goi I 13 trung diém cha AB . Tam gidc SAB cin tai §

vaco I 1a trung diém ctia 4B nén SI L 4B.

Mit phéng (S4B) L (ABCD) theo giao tuyén 4B
nén SI L (A.BC]D)

Trong tam glac vudng SI4, ta cd

SAz

Dién tich hl?nh vubng ABCD la S, asco = a.

a 1 4 ~/_
V&y Vs asen = gSABCD'SI

(dvtt). Chon B.

Ciu 8.Goi O lla tdm cta tam gidc déu 4BC .
Suyra O ciing la trong tam tam gidc ABC nén
40=228 ol
32 3

Do hinh chép S.ABC déunénsuyra SO L (A4BC).
Trong tam gidc vuéng SOA4 , ta cd A

SO =NSL —40° =2

i 2
Dién tich tam gidc déu ABC 13 S, = #.

i1 a«/_

Va&y Vs 4sc * gs_AABC'SO -

(dvtt). Chon C.

‘ .
Ciu 9. Goi M Ja trung diém AC . Theo gia thiét, taco SM L (4ABC)=SM L AC.
Tam gidc SAC c6 SM vira la dudng cao, vira 1a

trung tuyén nén tam gidc SAC cantai §. S
Mat khic tam gidc ABC vudngcan tai B c6 canh
gbc vudng bing @ nén canh huyén AC=av2.
Suyra AC = | SA=SC = a2 hay tam giac SAC déu.
- Do M 1a dhromg cao tam gidc déu canh a2 nén
a/6
SM =——.
2
| & A c
Dién tich tam gidc vudng can ABC la Sy 50 = ER

J‘

AT i1
Vay Vs e = Esmc-s
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Cau 10. Vi ZBC = 60° nén tam gidc 4BC déu.

3 33

Suy ra Bo=—‘/2§; BD=2BO=+3; HD=2BD==".

Trong tam gidc vudng SHD, ta ¢

SH =SD* — HD? =—}§.

S

Dién tich hinh thoi 4BCD 13 S 0p =28, 5 =
Ji5

- 1 5
Vay V ipep = ES sep-SH = ETy (dvtt). Chon B.

Cdu 11. Trong tam gidc vudng SAB, ta cé

SA* = AH.AB = %AB.AB = —i—az.

Trong tam giac vuéng SHA , ta ¢
SH =\SA* — AH* = %

Dién tich hinh vuéng ABCD 13 S,;., = 4.

3
Vay Vi poep = %SABCD.SH = ;/5 (dvtt). Chon D.
Cau12.Tacé ASAB=ASAD (c—g—c),suyra SB=SD. S

Hon nia, theo gia thiét SBD = 60°.
Do d6 ASBD déu canh SB=SD=BD=a\2.
Trong tam gidc vudng S4B, tacé SA=+VSB* — 4B’ =a.

D
Dién tich hinh vudéng 4BCD 1a S, =4’ N—
) '3 ot
VY V aep = %S mcp- A= a? (dvtt). Chon C. B . C

Ciu13.Ké SH L AC (H € AC).
Do (SAC) L (A4BC) theo giao tuyén AC nén SH L (4BC).
Trong tam gidc vudng ABC, ta ¢

BC=vAC* —AB* =a\3.

Trong tam gidc vudng SAC, ta cé

SC=\/AC2—SAZ=a«/§,SH=w=§. A

AC
@3
7

Dién tich tam gidc 4BC la: S, 5 = %AB.BC =

3
Vay V; ype = =Sppc-SH = % (dvtt). Chon A.

W=
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Ciul4.Taco
BC L 4B (do ABCD lahinhvuéng). (1)
Lai ¢é6 BC J. SA4 (do S4 vudng gbc véi ddy
(4BCD)). ()
Tix (1) va (2), suy ra BC L (S4B)= BC L SB.
Do d6 tam g;'éc SBC vuéng tai B.
Diét canh hinh vuéngla x>0.
Tam giac 54B vudng tai 4 nén
SB=+SA* + AB® = a’ +=* .
Theo chimg minh trén, ta ¢ tam gidc SBC vuéng tai B nén

2 ;
Z f:.?mc =%SB.BC=-;-\/a2 +x*a,suyra x=a.

. 3
Dién tich hinh vubng ABCD 12 80 = a* . Vay ¥y soep = %s,,m, 54=% (@vt). Chon C.

Cau 15. Goi M i N lan luot la trung di€m 4B, AC.
Suyra G= CM NBN latrong tim tam gidc ABC .
Theo dé SG L (ABC).

S

Tam giac Al%c vudng can tai C, suy ra

]
1
]
i
AB 3 !
CA=CB="==-=vaCM L4B. !
Bz 2 i
1
Tacé CM=1—AB=3,suyra oM=tcm=1; ;
2 2 3 2’ '
| ]
e A 1 B
BG =BM® +GM® =—-—“;°; TS
. &= -
s G
SG =SB +GB* =1.
Dién tich tam gidc ABC la Sy 5 = %CA CB =—Z—. C

Vay Vs.usc -\; ausc-SCG = (tht) Chon C.

Ciu16.Goi O= ACNBD.
Do S.4BCD [la hinh chép déu nén SO L (ABCD).
Suy ra OB léii hinh chigu cia SB trén (4BCD).
Khi 46 60°=FE,(4BCD) = SE,0B =SB0
Trong tam gi;a'c vudéng SOB, ta c6

SO=OJ;B.tan®=-a—2\/§.
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Dién tich hinh vuéng 4BC 1a S ., = AB> =a’.
1 V6

VAY Vs isep = gSABCD'SO = 5

Ciu 17. Trong tam gidc vudng ABC , tacé BC=vAC? - AB* =2\/6a. |
Do SA4 L (ABCD) nén hinh chiéu vudng géc ctia SB trén mit phéng (ABCD) 1a 4B.
Do &6 60° = SB,(4BCD) =SB, AB="SBA.
Trong tam gidc vudng S4B, tacd S4= AB.tanSBA=a\3.
Dién tich hinh chi¥ nhit 4BCD 1 S, = AB.BC = 2/64".

Vay thé tich khdi chép S.4BCD la v, = lS SA =223 (dvti). dhgn C.
y P s.a8cp = 30 ancp

(dvtt). Chon A.

Cau18. Do S4 L (ABCD) nén ta cd 60° = SB,(4BC) = 5B, AB = SBA.

Xét tam giac S4B, tacd SA= AB.tan$BA = a3 =a 3. S
i o e N &3
Dién tich tam gidc déu S4B la S, ;. = 7

. 1 :
VaY Vouse =5 Sasc-S4 = % (@vit). Chon A. A B

Cau 19. Do S4 1 (4BCD) nén
60° = SD,(ABCD) = SD, AD = SDA.
Trong tam gidc vudng S4D, ta c6

SA= AD.tanSDA = axfg.
Dién tich hinh thoi

a3

Spsc0 =28nzsp = AB.AD.sin BAD = >

3
Vay V; ypep = %sm, Sd= “? (dvtt). Chon C.

Cau 20. Vi SH L (ABCD) nén hinh chi€u vuéng géc ciia SC trén mit phéﬁg day (ABCD)
la HC.

Do d6 30° = SC,(4BCD) = SC,HC = SCH . s

Trong tam giac vudng BCH , ta cd

HC=+BC' +BH® = g

Trong tam gidc vudng SHC , ta ¢d

, D
SH=Hc.tans’c?7=2/—;_3.- N ———
Dién tich hinh vudng 4BCD 1a Sypp =1. [ el
VaY Vy ipep = %SAMJ.SH = % (dvtt). ChonB. B i
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Chu 21. Goi Of 13 trung di€ém AC, suy ra O 1a tim dwong tron ngoai tiép tam gisc ABC.

a Theo gia thjét dinh S cich déu cicdiém 4, B, C nén hinh chidu ctia xudng dayla O .
Suy ra SO L (ABCD) nén hinh chiéu vudng géc clia SB trén mit ddy (ABCD) 1a OB.

Do d6 60° = 3B,(4BCD) = SE,08 = SBO .

Trong tam giac vudng SOB, ta ¢
SO = 0B.tan SBO = a+/3 .

Trong tam %gia’c vubng ABC, tacd
AB=NAC* -BC* =a\3.

Dién tich hinh chi nhat 4BCD la
S ocp = AB.BC = &*+/3.

Vay Vs socp = %sm, SO0 =a* (dvtt). Chon D. A

Céu 22. Vi S4|1 (ABC) nén hinh chifu vuéng géc ctia S/ trén mit phing (4BC) 1a 4I.
Do 46 60° = 5T,(4BC) = ST, AT = STA. s

Tam giac Ai(BC vudng can tai 4, suy ra trung tuyén

a~/_

Ar —:—BC—

Trong tam mac vudng SAI ta cé

f

-

SA=41.mn§12 =

Dién tich tam gidc vudng ABC la ¢
L1 a

S, =—=AB.AC=—. >
AA4BC T 2 2

a6

Vay V, e = %SA.SM,C ==~ (dvtt). Chon D. B
Cau23. Vi SH L (A4BC) nén hinh chiéu vuéng géc ctia S4 trén mit day (4BC) 1a HA.
Do d6 60° = 54,(ABC) = 54, FA = SAH . S

N

Tam gidc AIBC déu canh ¢ nén AH = a2

Trong tam gidc vuéng SHA, ta cé

SH = UH tanSAR =22

: 2 /3 C
- Dién tich tam gidc déu ABC 1a S, 50 =2 ;/— .

n 1 a «/_
Vay ¥ apc = 7 Sausc-SH =

(dvtt). Chgn A,

w
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Ciu 24. Goi H la trung diém AC . Do tam gidc 4BC vudng tai B nén H |1a tm dudng
tron ngoai tiép tam gidc 4BC . Dinh § cach déu cic diém 4, B, C nén ]{unh chiéu cia
§ trén mit day (4BC) trung véi tim dudng tron ngoai tiép tam gidc ABC, suy ra
SH L (A4BC). |

Do 6 60° = 3B,(ABC) =SB, BH = SBH .

Trong tam giac vudng SHB, ta cd
SH = BH.tan SBH = Az—c.tanﬁ =a\3.

Trong tam giac vudng 4BC, ta c6
AB=+AC* —BC* = a\3.
Dién tich tam giac vudng

23
>

Supse = -;:BA.BC =

3
VaY ¥, e = > S pe SH = “— (dvtt). Chon C.

w

Cau 25. Vi SH L (ABCD) nenhmhdueu vudng gécctia SD trén it day (A]fCD ) 1a HD.
Do &6 60° = 5D,(4BCD) = 5D, BD = SDH . s

Trong tam giac vudng SHD, ta c6

1
1
SH = HD.tanSDH = tanﬁ = ‘_{;— !
¢
Trong hinh vudng 4BCD, ta c6 E
BD 1 i
BA=ABV2 = AB="Z=—.
22 :
Dién tich hinh vung ABCD 13 S pep = AB* =
VAY ¥y gaep = %s,,m.sa = ‘2/——2 (dvtt). Chon A.

Cau 26. Goi 0= ACNBD; M latrung diém A4B.Suyra H=BONCM . |
Theo gia thiét SH L (ABCD) nén hinh chidu vudng géc cia SD trén mit day (4BCD)
14 HD. Do d6 30° = 3D,(4BCD) = SD, HD = SDH. S :

Tam gidc 4BC va ADC la cic tam giac déu
canh a, suy ra

op=23
2
D
omr=Lpo-2
3 6 ,
=>HD=0D+0H=2“3‘/§. A O
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Trong tam gidc vuéng SHD, ta c6 SH = HD.tanSDH = —2—33 .

i 2 2
Dién ticH hinh thoi ABCD 12 ;0 = 25, 1 = 2.2 3 _ a3

4 2
2\3
9

, | 1
Vay Vs ueo =§SAm,.SH=

Cau 27. Ta 61:6 45° = m =5D,AD=5DA. Suy ra tam giac SAD vudng cin tai 4
nén SA%:AD:Za. S
Trong hinh thang 4BCD, ké BH 1 AD (H € AD).
Do ABdD la hinh thang cin nén
AD-BC

2AH+BC=AD=>AH=—2—=%.

(dvtt). Chon C.

!
Tam gidc AHB, c6 BH =V AB* — AH? =

3a2s/§
o

Dién tich S50 = %(AD +BC)BH =

23
! 2
Q) Ciu 28. Hinh chiéu vudng géc chia SC trén mit ddy 1a HC nién
30° = SC(4BCD) = SC.HC = SCH
Trong tam gidc vudng SAD , ta cd

SA% = AH.AD & 124* = %AD.AD = %ADz )

" i 1
Viy V. asep = ;S scp-SA = (dvtt). Chon B. B C

Suyra AD=4a, HA=3a, HD=a,
SH =HAHD = a\/3, HC = SH.cot SCH = 3a,
CD=JHC* —HD* =2a\2.

Dién tich|S, ;) = AD.CD = 824" .

! 3
VaY ¥, jpp = %s“w.SH - 8‘/33“ (dvt). ChonD. 4
i
Cau 29. Tam| gidc SAD vudng tai 4, c6 AN la trung tuyén s
nén 4N = %SD .

Goi M 15‘1 trung diém AD, suy ra MN || S4

nén M L (4BCD).
Do d6 30 = ZN,(ABCD) = 4N, AN = NAM .

Tam gidc ;wéng NMA, cé
AI = AN.cos NAM = #.
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Tam gidc SAD, c6 SD* =S4’ + AD* & SD* =

_[sp\3 J

Suy ra SD =2a nén AD=a\3.
Dién tich hinh chi* nhat §,,, = AB.AD=a*/3.

1 a«/_

SSABCD SH =

Ciu30.Ké SH L BC (He BC).

Vay V5 ipep = (dvtt). Chon B.

o (SBC) L (ABCD) theo giao tuyén BC nén SH L (ABCD).

DC L BC
Ta cé = DC 1 (SBC).
DC LSH

Do d6 60° = 3D,(SBC) = 5D,5C = DSC .
Tir DC L(SBC)= DC 1 SC.

Trong tam giac vudéng SCD, ta cé

SC=

bc__,
tan DSC
Trong tam giac vudéng SBC, ta cé

SB.SC _~BC*-SC*.SC

SH = = =

ol

BC BC
Dién tich hinh vuéng 4BCD la: S, =3.

N3

Vay Vs asep = -;—SABCD‘SH = 3 (dvtt). Chon C.

Cau 31. Goi E, F [an luot la trung di€ém BC, B4; O=AENCF .
Do §.4BC 12 hinh ch6p déunén SO L (A4BC).
Khi d6
0" = (SBC) (4BC) = SE.0F =SB0

Xét tam giac vubng SOE, ta c6
SO = OE.tan SEO = —3- .tan60° =

Dién tich tam gidc déu 4BC la

@3
Sauzc = 4
o 1 PAVK)
Vay V:S.AEC=§SAABC‘SO= 24 vit).

- Chon A.
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Cau 32. Vi S4 L (4BCD)= SALCD.
. {cD'L 4D '

° {CD.L 54
. {(scp)n(wcp): cD

= CD L(SAD)=CD 1L SD.

. ,suy ra
SD L CD; AD 1. CD

M] |sD,4D|=sPa.
Trong tam’ giac vudng SAD , tacd

SA=|AD.tanSDA = a3 .
Dién tich Hmh vudng ABCD 1a § ascp = AB =4

0S5

60°=

Vay ¥, oy = %s,m.SA =233 (dvtt). Chon D.

Cau 33. Vi S4 L (ABCD)= S4 1 BD. (1)
Goi 0=ACNBD,suyra BD L AO. (2)
Tit (1) va (2), suy ra BD 1 (S40)=BD L SO.
(SBD)N(ABCD) = BD
Do {SOC(SBD);SO LBD ,suyra 6o°=[(ﬁm] =[50, 40| =502 .
40C e’ABCD);Ao 1 BD

N3

Trong tam ‘g1ac vudng SA0, tacé SA= A0. tanSOA = a2

aJ’

Vay 7, ,wco\ =—8 pep-SA= (dvtt). Chon C.

Ciu 34.Goi H la trung diém AB ,suyra SH L 4AB.

Ma (S4B) JE-(ABCD) theo giao tuyén AB nén SH L (ABCD).

AB«/— zz\/g

Tam gidc ABC déucanh 2 nén CH L 4B v CH-—-—:T.Suyra CH 1CD.

(SCD)N(ABCD)=CD
Ta c {SC ¢ (SCD), SC LCD
HC =(ABCD), HC L CD

suy ra 45° = (SCD),(4BCD)= SC,HC = SCH .

Trong tam §giéc vudng SHC, tacé

SH = Hmanﬁ AM.SCH = “‘/_

Dién tich hirih thoi ABCD 18 S 50 = 28, 4nc = o
‘ 3

Vay Vs s = -;’—SA sco-SH = % (dvtt). Chon A.
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Céu 35. Goi I 1a trung diém AB,suyra CI=AD=1=—A4B.

1
2

Do d6 tam gidc ABC vudngtai C.
Suyra BC L AC nén

~ 45° =(3BC),(ABCD) = SC,AC =5CA.
Tacé AC=+AD* +DC* =2 .

Trong tam gidc vudng SAC, tacd
SA=AC.tanSCA=+2.
Dién tich hinh thang ABCD la:
(4B+DC)AD 3

Sasop =" =73"

Ql

Vay Vs aaep =

Wi

S pcpSA= —52— (dvtt). Chon C.
Cau 36 Tacod Vg = -é—AB.AC.AD = %.6a.7a.4a =28a".

DEé thdy S, = %chu- Suy ra Ve =~V = 7a° . Chon D.

N

Cau 37. Tix gia thiét suy ra AB=BC =a. s

.
Dién tich tam gidc ABC 1 S50 = %AB.BC = “7 A

, 1 a*
Do d6 V:S.ABC ='§SAABC'SA=?'
Goi I la trung diém BC, do G la trong tdm
ASBC nén §§-=-2— A C
SI 3

Vi () song song BC nén MN || BC, suyrta S, =§SM3 .
3
Vay Vo = %.Vwc - 22i7 (dvit). Chon A.
Cau 38. Theo gi thiét, ta c6 SH =a+/3.
Dién tich t gidc: Sepmy =S 1500 — Sausw — Sazme

5¢°\3
24
Cau 39. Goi M latrung di®ém CD, suyra OM 1 CD nén

60° = (SCD),(ABCD) = SM,0M = SMD .

Vay Vo = %SCDNM SH = (dvtt). Chon B.
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Tam gié%c vuéng SOM , c6 SO = OM.tan SMO = a3 .
Keé KH L OD = KH || SO nén KH L (ABCD).

Trong ta’m gidc vudng SOD, ta ¢6
- , KH _DK_DO* oD
-- so ps " DS SO’ +oD

2a\/§
5

=2
5

Suy ra KH =§S0=

Dién tich tam gidc ADC la
Sadpe = %AD.DC =24%.

J‘

Viy mec = %S KH = (dvtt). Chon C.

Cau 40. Trong tam gidc SAB, ta c6 SB=+/S4* + AB* =/3.

Tacé Vs.jmcp =Vsacpt V:s‘ AHC *
I

1 1

1 1
Vs sep ==Sasen-SA=—~|=ADCE SA_.—
® Vs.aco | 3 Y24 3[2 ]
. Vs.mczsﬂ_[ﬁ]z_ a\/EZ_E
A Yoo B \SB) (&3] 3
| 2 ﬁ
B ,‘\Z\ Suyra V . =§Vs..wc =.9__

| J_ f 4J' A

VAY Vs guep = =+ (dvtt). Chon B.

Cau 41. Bt Fanh clia khm lap phuong a x (x>0).
Suyra C@T" =x AC=x2.

Tamglac’vuong ACC', c6 AC'—JA_CW—x«/_@a«/_ W3z zx=a
Vay thé tmch khéi 13p phwong ¥V = a* (dvtt). Chon A.
Cau 42. Do fBCDA B'C'D' lalang tru dingnén A4' L AB.
XettamgpacvuongAAB tacd A'A=VA'B - 4B =a 5.
Dién tich lhmh vudng ABCD 1& S, = AB* = 44" .
V&Y Visep aomc = Sp0p-A' A= 450" (dvtt). Chon B.
Cau 43. Tronig tam gidc vuéng ABB', ta c6 BB'= m =2a.
Dién tich hinh chi¥ nhit 4BCD 1 S,,,, = AB.AD = a*/2 .
Thétich ld;hé’i hép 4BCD.A'B'C'D' 1a
! BB' =242 (dvtt). Chon D.

i =
Vascp.azcor = Sascor
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a3
2 ‘
Vay thé tich kh&i ling tru ABC.4'B'C' 1 Vpe. ypc = Spppc-Ad' = 215 (ﬂ'}[vtt). Chon B.
Cau 45. Vi ABC.4'B'C' 1a lang tru dimg nén AA' L (ABC), suy ra hinh chiéu vudng géc
cia 4'B trén mat day (4BC) 1a AB. |

Do 6 60° = A'B,(ABC) = A" B, AB=4"BA.

Trong tam gidc vudng A'A4B, ta c6

Chu 44. Dién tich tam gidc ABC 1a S, ;. = lAB.AC. sin BAC =

= AB.tan 4" BA = 3.
Dién tich Sy, = %BA.BC - -12-
V3

Vay V=SABC.AA'=—2— (dvtt). Chon C.
Cau 46. Vi ABC.A'B'C" lalang tru dingnén A44' L (4BC).

Goi M latrung diém B'C', do tam giac 4'B'C' déu

Nénsuyra A'M L B'C".

Khi d6 60° =(AB'C"),(4'B'C)= AM, A M = AMT .

Tam giac 44'M , cb

4 M:-‘C AA’—A‘M.:an@:%“.

@3
T

Dién tich tam gidc déu S, .50 =

Vay V= S poodd' =2 ‘/— (dvtt). Chon D.
Cau47.Tacé AA4' L (ABCD) nén 4°C,(ABCD)=A°C,AC=4'CA.

Xét tam gidc vudng A4'AC, ta cd6 AC = AA'.cota=av5.

Xét tam gidc vudng ABC, tacé BC=+AC? —AB* =2a.

Dién tich hinh chi nhat ABCD 13 S,,,, = AB.BC = 24° .

Viy thé tich kh6ihép 4BCD.4'B'C' D' la

Visconscn = Suep-AA'=2a° (dvit). Chon A.

Cau 48. Tam gidc ABC cinvaco BAC =120° nén can tai 4.

Goi M latrung diém BC,suyra AM L BC.

BC L AM
Tacé = BC L(4'AM)= BC LA'M .
BCLA'A

Khi d6 60° = (A" BC),(ABC)=A"M, AN = A MA. |
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Tam gidc vudng AMB, cé
AM = AB.sin ZBM = a.sin30° =%, :
,I, “\\\\

Tam gidc vdxong A'AM , ¢
A A= AM.tan AR = a3

2 ’/l

’/

[

- - ]

]
\
Dién tich: | \

\

2 "M
AB.Ac.sinmJ'f. B ——7

!

]

4

1
Sausc = 5

3
‘A= ig—- (dvtt). Chon B.

Vay Ve apre = Sausc

Cau 49. Ta c6 30° = A'C,(4BCD) = AC, AT =4"CA.
Ba. I ,
Al D

Lai c6 60° =f= A"BC),(ABCD) = 4B, AB=4 BA
AA' \1‘\\'
\ T

Tam giac vuon A'AB,c6 AB=

8 wnABA
Tam giac vﬁong A'AC,c6 AC= A 3 A
’ @ndca < =

IR
Tam gidc whc‘mg ABC ,c6 BC=\AC* — 4B* =2a\2. P
N - D

Dién tich 8,0, = AB.BC =2a*2
AA'=2a°J6 (dvtt). Chon A.

V&Y Vs a A’E o = Sasco-
Cau 50. Hinh thoi 4BCD c6 BAD =120°, suy ra ADC =60°.
c

Do d6 tam ‘glac ABC va ADC la cic tam gidc déu
B

Vi N la trung di€m 4'D' nén
C'N ;LA‘D' va C’N=iz_3—.

Suy ra 30° m’) AC', AN = m !
C'N 3 :"
Tam acC AN,c6 AN = ——— ;

¥ @nC AN 2 i
]

— 7LC

/SN

N

B
Tam gic AA'N 6 Ad'=JAN —4'N* =42.
1 4
‘\/— { /I N
17544 \

2
A

Dién tich hrmh thoi S ;0 = AB*.sin BAD =
= J; (dvtt). Chon C.

Vay Vyseo.icpr = Sasco-A4' ==
Chiéu cao khdi ling tru 4'0=a

a2

Céu 51. Dién tich tam gidc déu Sy sc
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Viy thé tich khdi lang tru 4BC.A'B'C’ la

a \[3— _a \/_
4

Cau 52. Goi M, N [an kot Ia trung d:em AB, BC.

Khidé G=ANNCM la trong tdm tam gidc 4BC.
Theo gia thiét, ta cé 4'G L(4BC).

(dvtt). Chon A.

V =Sp50-A'0=

Suyra AN =CM =(2a~/§).—\/——?i=a\/g;

AG=-§- =—aJ_

Tam giac vudng A4'GA4, c6

A'G=VA' 4~ 4G =£
Dién tich S, ;. = (2a~/_ ) £=2azs/_

V&Y Ve ppe = Sapc-A'G=2a" (dvtt). Chon D.
|
Cau 53. Goi I la trung di€ém BC.Tit 4'4=A'B=A4'C=a, suy ra hirﬁh chiéu vudng
goccha 4' trén mit day la tAm dudng tron ngoai tiép tam glac 4BC . '
Suyra A4'I L(4BC). B | c

Tam gidc ABC, c6

BC=+AB + AC* =a2 = BI = “‘/_

Tam giac vudng 4'IB, c6

AT=~A'B —BI* = >

2
Dién tich tam gidc S, e = %AB.AC _Z

7
af

V&Y Visc anc = Saasc-A'I = (@vtt). Chon C.

Cau 54. Tir gia thiét suy ra BA= BC = av2.

Tam gidc vudng A'HA, c6 A'H = 44" — AH* _a¥s

Dién tich tam gidc ABC 1a S, .. = %BA.BC =a’

af

Vay V=S, A'H= {dvtt). Chon C.
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Cau 55. Tam gidc ABC déu canhbang 2 nén 4H =+/3. A c
Vi A4'H L (ABC) nén hinh chiéu vudng géc clia
A4’ trén mit ddy (4BC) la AH .
|
Do d6 45° = Z4",(ABC) = A4, AH = A" AH .
- Suy ra tam gidc 4'HA vuéngcin tai H nén A
|
HA'= HA=1[3.
Dién tich ta;im gidc deu S, ;. =+3.
Vay v = s%BC.A'H =3 (dvtt). Chon A.
Céu 56. Theo %;ié thiét, tacd A'H 1 4B.
Tam gidc visdng 4'HA , c6
A'H = 4?—4H" =§.
Dién tich hinh vudng S0, = a° .

23
2

(dvtt). Chon B.

VEY Viaeouiwero = SuscoA'H =
Cau 57. Dién tich hinh chi¥ nhat
Sisep = AB.A.D= a*3.
Dubng chéo hinh chit nht

AC =+ 4B’ + AD? =2a=>AO=ATC=a.

Vi 4'0 L(4BCD) nén
45° = A7 ABCD) = A7, 40 = A0 .
Suy ra tamigiéc A'0O4 vudbng can tai 0 A
nén A'0=AO0=a.
Vay V,wau',;w"u' =8 150-4'0=2*\/3 (dvtt). Chon D.
Céu 58. Goi O |l tim cita hinh vuéng 4BCD, suy ra 4'0 L (4BCD).

Tam gidc vubng A'0A4, c6 4'0=A4" - 40* =4a’~24* = a2 .
Dién tich hihh vudng §,,c, =44’
Vay thé tich/khi hop ABCD.A'B'C' D' 13 Voo g0 = Sasper-A'0 = 402 (dvtt).
Chon D.
- Cau 59. Tl gia thiét suy ra A4BD déu canh «.
Goi H la té{m tam gidc A.BD,Vi A' cich déu cic diém 4, B, D nén A'HJ_(ABD).

- Dodé 60° = AT, (ABCD) = A4 BA= A AH .
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a3
2

2
O\S
w

Ta cé OH=§AO=

W=

Tam giac vudng A'AH , ¢6

A'H=AH tandT AB =a.

@3
>

Dién tich hinh thoi § ) =28, = —>

@3

2

V&y Vasconsco = Sapcp-A'H = (avtt).

Chon C.

Céu 60. Goi H la chan duong cao ha tir B trong AA4BC.
Theo gia thiét, suyra A'H L {ABC).

Tam gidc vudng ABC, cd

Tam gidc vuéng A'HA, ¢

U N TR )
3

Dién tich tam giac S, ,,. == A4B.BC =X

2
V21
4

NH!\J

Vay Ve spo = Saspe-A'H = (dvdt). Chon A,

Cau 61. Goi M latrung diém BC,suyra AM L BC va AM = % .

Goi K 14 hinh chiu ctia 4 trén SM,suyra 4K 1 SM . 1

. |AM 1L BC
Ta co
{BC 184

Tir (1) va (2), suyra
AK 1 (SBC) nén d|4,(SBC)|= AK.
Trong ASAM , c6

= BC 1 (SAM)=> BC 1 4K,

SA.AM 3¢ ad15
AK s .
Jsa ramt NI55

Vay d[4,(SBC)|= AK = =>. Chen A.
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Cau 62. Goi H latrung diém ctia BC, suyra
SH 1 BC = SH L (4BC).

Goi X latrung diém AC,suyra HK L AC.
Ke HE L SK (E€SK).
Khi d6 d[ (SAC)|=2d[H,(S4C)]
SHHK _ _2a\39
| VSH* +HE? 13
T Céu 63. Goi O 13 tim ctia ddy, suy ra SO L (4BCD).
Tacé d[A,i(SCD)] =2d[0,(SCD)).

Goi J 1 trung diém CD, suyra OJ L CD.
Goi X la Eunh chidu cia O trén SJ, suyra OK L SJ.

= ZI:EYE =2, . Chon C.

Khi d6
4o (S(,,D)} ok —__S00J af
VSO* +or’
A o 2a\7
Véy d{A,(.})CD)] =20K = B Chon B. 3 -

) Cau 64. Do AD || BC nén d|[D,( SBC )|=d|4,(sBC)].

N Giikn Hinh chiéu cda A trén SB, suy ra 4K L SB.

| SAAB 23

NEYT

Cau 65. Goi Hﬂ la trung di€m AB, suyra SH L AB.
Do d6 SH .L (4BCD).

Do AH || CD nén d[4,(SCD)|=d|H,(SCD)].
Goi E la trlpng diém CD;
X 13 hinh chiéu vudng géc ctia H trén SE.

. Chon C.

Khi d[4,( sch]=AK_

SH.HE NZ)
Khi d6 d[H,(SCD)|= HK = —2 =2
e [ ( )] JSH? + HE? 7

: Vay d[4,(SCD)|=HK = -‘/72_1 Chon D.

Cau 66. Do 4B||CD nén d|B,(SCD)|=d[A4,(SCD)]. Ké AE L SD tai E.
: Khi d6 d[A4)(SCD)] = AE. Trong tam gi4c vudng SAD , ta c6:

‘/_ChB

= 544D 2 vy als, (scp)|= 4E =3~
3+ 3
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Chu 67. Ta c6 d[0,(SBC)]==d|4,(SBC)].

1
2
Goi K 12 hinh chiéu cia 4 trén SB,suyra AK L SB.
Khi 46 d[4,(SBC)|= 4K :

SAAB _ ay285 - ..
Jsa4+48 19 |

Trong tam giac vudng SAB, tacd 4K =

Vay d[0,(SBC)|= %AK =2 28

. Chon C.
Cau 68. Goi O 1a tdm clia tam gidc déu ABC.
Do hinh chép S.4BC déu nén suy ra SO 1 (4BC).
Tac6 d|4,(SBC)|=3d|0,(SBC)].
Goi E latrung di€ém BC ;Ké OK L SE.
Khi 46 4[0,(SBC)|=OK.

: C
Tinh duoc SO =2 va OE= 5= a\/§. ~~~~~~~~~~~~~~
2 3 6
Trong tam giac vudng SOE , tacé OK = _SO0E =
JSO? +OF*

Vay d[4,(SBC)|= 30K—§4‘i Chon B.

CAu 69. Xac dinh 60° = m SB,AB=SBA,suyta SA= AB. tanﬂ-a«/_ ' -

Ta cé AD || BC = AD |(SBC) nén d|D,(SBC)|= d[4,(SBC)].

Ké AK L SB.Khidé d[A,(SBC)]=AK=M;=:‘_\/_§, )
' Jsa#+4B* 2
. aJ’
Vay d[D,(SBC)|= AK =—~. Chen A. ;

Cau 70. Xéc dinh 60°=m=sfbs=ﬁab va s0=03.:ans%b=§.

Goi M 1a trung diém BC , ké OK L SM . Khi d6 d[0,(SBC)|=0K .

Trong tam giac vuéng SOM ,tacé OK = oM _ l/—4—£ | )
JSO* +oM* 14
Véy d[0,(SBC)|=0K = f— Chon D. i :

Cau 71. Xac dinh 60° = m SB,AB="SBA va SA= ABtanﬁ-a{/——a«/—
Do M la trung diém cta canh 4B nén d [B (sMmc ] d [ SMC)] |
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Ké AK L5M .

Khi d6 d[4,(SMC)|= 4K

Trong tam gidc vudng SAM , ta c6
| S44M  _a39

. s ramr 13 : B
Vay d F‘MC =%. Chon B. Vs

-- Ciu 72. Goi @ la trung dim 4C, suy ra O la tdm duong tron ngoai tiép tam giac ABC .
Do dinh § céch déu céc diém 4, B, C nén SO L (ABCD).

Ta 6 d|M,(sBD)|=4[C.(sED)]

Ké CE L BD .Khi 46 d[C,(SBD)]=CE = _CBCD _af3
| N

Vay d[M(SBD)]= %CE = fz‘é. Chon A.
\

|
Ciu 73. Ta 8 d|E,(S4D)| = —;—d[c,(SAD)] .

Goi M l‘a}trung diém AD, suy ra ABCM 1a hinh vuéng = CM L AD.

CM i 4D )
be {CM is4 = CM L (S4D) nén d[C,(SAD)|=CM = AB=03.
: |
vay d[E,(lSAD)]:%C _i\_/__ Chon C.

Cau74. Xéc&inh 60° =S/Aﬁ)=sﬁbzsﬁ va SA= AD.tanSDA =243 .
Tacé d[o (SBD)|=d|A4,(SBD)|.
Ke AE.LJBD vaké AK L SE. Khidé d[4,(SBD)|= 4K .

AE__ 4BAD __2a
" JaB*+aD* 5

Trong tanl‘l gidc vubng SAE , ta cd
- K = SAAE _ _ a3
| NSAP+4EP 2

3

Vay d[C(SBD] AK ===

. Chon A.

Cau 75.Ké ,«psmp, ké 4K L SE.
Khi d6 d}{4,(SBD)|= 4K .

401


http://www.facebook.com/groups/TaiLieuOnThiDaiHoc01
http://www.facebook.com/groups/TaiLieuOnThiDaiHoc01

Trong tam giac vudng ABD, tacé AE =

AB.AD 2V5
AB* + AD? 3
SAAE

Trong tam gidc vudng SAE ,tacd 4K = ———== 2 .
S4*+4E* 3

Vay d[4,(SBD)|= 4K = % .Chon A.

ID 4D 3
Cau 76. Tam gidc HAD,tacé AI laphingidcnén —=""==.
au am giac a co a phan giac nén H o482
Suy ra £ = i S
YR EDT s
A
Do &6 d[I,(CSD) ]— d[H (csD)]|= 2 d[H,(csD)]. [\ >
Y
Ké HE 1 CD,ké HK 1 SE. AN
Khi d6 d[H,(CSD)|= HK. st OR = D
. VS N U
Trong tam giac vudng SHE , ta cé jé---' N T
Hx - SHHE __ SHBC _ a2l B —C
JsH? + HE* sH®+BC* 11 ‘
Vay d[1,( CSD]=-§-HK=-3-“§3‘/3_1-.Chan. f

Cau 77. Xéc dinh 30*= SD,(4BCD) = 5D, D = SDH va SH = HD. tans’?ﬂ_—

Tacé d[B, scp]_ d[H SCD]:E.d[H,(SCD)].

Tacé HC L AB=HC LCD.

Ké HK L SC.

Khi d6 d[H,(SCD)|= HK .

Trong tam giac vudng SHC , ta c6
SHHC  2a\21

S (s#t+mC? 21

B
Vay d[B,(SCD)|= %HK = “‘/— onB.

Cau 78. Goi M la trung di€m AD, suy ra ABCM 13 hinh vudng.

Dodé CM = MA= % nén tam gac ACD vudngtai C.

Ké AK 1 SC.Khidé d[A,(SCD)]:AK:ﬂC—=i Chon C. '

Jsa2+act 3
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3
Cu 79. Thé tich khéi chép V; 1y = %Sw; SA= ZT“

1 . 1 a
Vi Sasuw = ZSASRD nen vV, gy = ZVA.SBD =%
Tacé AM, AN la cic dudng trung tuyén trong tam giac vudng,

MN | 1a dudng trung binh

Nén tinh dugc

AM=%<E, AN =aV2, MN=%§-.
: 2

Tir 46 tinh duoc S, = 2 ;/g.

Vay d[S,(M)]=M=£J—E.ChQnA.
! SAAMN 3

Cau 80. Goi 7 1a tam hinh vuéng ABCD,suyra Al L BD.

Ké AK L A'T.Khi d6 d[4,(BDAY)|= ak = —24AL__ B g

‘ A4 A* 3

Céu 81. Goi H la trung diém AD.
Suyra SH 1 AD = SH L (ABCD).
Dit SH = :c .

Tacé V= -;;L.x.(asff)z = %a’ =x=2a.

Tacé d[B,diSCD)] =d[4,(sCD)|

= 24[H,(SCD)| = 28K =22 . Chon’B.
|
Cau 82. Ta ¢6 4[AD,SC]=d[AD,(SBC)|=d[4,(SBC)].
| S44B a3

Ny

C4u 83. Goi O/ I tam hinh vuéng S.4BCD, suy ra SO L (ABCD).

Ké AK L SB.Khidé d[4,(SBC)|= 4K =

Dit SO==x.
Sy, =L LoV a2
Taco Vs.acf—:,’.Sm.SO—Ba.x— 5 Sx= ,
Tac6é BC|| AD nén BC||(SAD). Do dé y
d[BC, 4] d‘ d|BC,(SAD)|=d[B,(SAD)|= 24[0,(54D)|. ’ﬂ%
Ké OK L SE. ' D
‘ SO.0E a 22
Khi 46 d|0,(S4D)| = OK = —~————=—=. Vay d[BC,54]=20K =<2 Chon C.
(GASAP 0K = o vom ~ v V¥ AlpCsal =20k =
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Cau 84. Tac6 ASAB=ASAD (c—g—c),suyra SB=SD.

Lai c6 SBD =60°, suy ra
ASBD déucanh SB=SD=BD=ay2.
Trong tam giac vuéng S4B, ta c6
SA=+SB* ~AB* =a.
Goi E latrung di€ém AD, suyra
OE | AB va AE 1 OE.
Do do
d[4B,SO|=d[AB,(SOE)] = d|4,(SOE)].
Ké 4K 1 SE.

Khi d6 d[4,(SOE)| = 4k =—2A4E__ _ 25 ChonD.
JS4* + AE? 5
Cau 85.Ta cé BD L (SAC).Ké OK LSA.
Knid6 dfs4, BD]= —3204_ _ V30 oyonp
Jso*+ro4* 5
Cau 86. Goi E = HK N AC. s

Do HK || BD nén

d[HK,SD|= d[HK ,(SBD)| = d|E,(SBD)| = %d[A,(SBD)]. . )
Ké 4AF 1SO. )
SA40 _2a b
Khi d6 d[4,(SBD)|= AF = ——=——==".
IS o ¥

Vay d[HK,SD]= %AF = 2. Chena.
Ciu 87.Do BB'|| 44' nén
d|BB',A'H|=d|BB',(A4'H)|=d|B,(44'H))|.

BH | AH

= BH 1 (A4'H) nén
BH L A'H

Ta co {

d[B,(44'H)|=BH = 32_c= a.

Vay d[BB',A'H]=a.ChonB.
Cau 88, Goi I 13 diém d6iximg clia 4 qua D, suyra BCID 1a hinh binh hanhinén BD||CI.

Do d6 d[BD,CD'|=d|BD,(CD'I)|=d[D,(CD'I)]. |

Ké DE L CI tai E, ké DK 1L D'E .Khi dé 4[D,(CD'I)|= DX.
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B /N, |
| |
: ! 1\,
'A* —_— .} - ——*:: ——————————— I
} 7 ::—‘*1:’ T » s
oo N E

Xét tam g}iéc L4C, tacé DE| AC (do cling vubng géc v6i CT) va cé D 1A trung diém
ctia AI nén sj;uy ra DE la duong trung binh ctia tam gidc. Suy ra DE = %AC =a.

D'DDE___2a/5 . ChonC.
JD'D* + DE? 5

Tam giac 'jvuéng D'DE,cé DK =

Cau 89. Do ABH CD nén d[SD, 4B|=d[AB,(SCD)|=d|4,(SCD)|= %d[H,(SCD)].

Ké HE L 0D, ké HL L SE.
Tinh duoc

g SH =+/S4* ~ AH* = a2, HE=%AD=3a.
Khi d6

SH.HE 322
d[H’('?CD)]:HZ: JsH rmEr V11

Vay d[SDj 4] =3 HL = 4"1‘{2_2. Chon A,

Cau 90. Goi P 12 trung diém CD va E=NPNAC,suyra PN || BD nén BD|) (MNP).

1

Do d6 d[éjep, MN|=d|BD,(MNP)|= d[0,(MNP)| = -gd[A,(MNP)] .

Ké AK L ‘zvm
~ Khidé
d|4,(MNP)] = 4K.
Tinh du'ch
SA=NSC* —AC* =103 = MA=53;
| 152

AE=?AC=—.
‘4 2
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Tam gidc vubng MAE, c6 AK =

Vay d[BD,MN|= %AK =+5.ChenB.

Cau 91. Xac dinh 60° = SC,(4BC) = SC, AC = SCA
va §4= AC.tan SCA = 54/3.
Goi N la trung diém BC, suyra MN || 4B.
Lay diém E d8ixing véi N qua M,
suy ra ABNE 1a hinh chit nhat.
Do d6 d[4B,SM| = d[AB,(SME)| = d|4,(SME))].
Keé 4K | SE.

SAAE 1023 .
Js4* + 47 19
Cau 92. Goi I la trung diém cia AD nénsuyra SI 1 AD=>SI L (4BCD).

Ké Ax | BD . Do d6 d[BD,SA]= d[BD,(SAx)| = d|D,(S4x)| = 2d[1,(S4x)].

Ké IE L 4x k& IK | SE .Khidé d|I,(S4x)|=IK .

Khi d6 d[4,(SME)|= 4K = hon D.

Goi F 1a hinh chiu ciia I trén BD, ta c6 IE=H~"=%O—=¥.
Tam giadc vudng SIE, c6 IK = SLIE _ _av2l .
NSIP+IE? 14
A av21
Vay d[BD,SA]=2IK = —— Chen C.
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CAu 93. Xéc dinh 60° = SC,(ABCD) = SC, AT = SCA vh SA = AC.tan SCA = a5 .
Goi M laftrung diém 4B, suyra ADCM la hinh vudngnén CM = AD =g4.
Xét tam giiéc ACB, tacéd trung tuyén CM =a = %AB nén tam giac A&B vudng tai C.
L3y diém 'E sao cho ACBE lahinh chi¥ nhit, suyra AC|| BE.
Do dé d[Aj\C,SB] =d[AC,(SBE)|= d|4,(SBE)|. Ké AK L SE.

- Khi ¢6 d[Jﬂ,(SBE)]:AK:——M—J—Z@.Chon A.

- JSA* + AE?

Calu 94. Xéc dinh 60° = 5T,(4BCD) = SC, AT = SCA v SA = AC.tanSCA = a6 .

Ta co d[S,(?AD[)} _3Vsumr _ a«/E'
’ ! Saapr 7
. Vsam __1;52__ 1 1 1 26 S

V;-'ABD iSB 2 S.AID 2 S.ABD 4 S.ABCD 12

) {AD_LAB

e Ta b = AD 1 (SAB)=> AD 1 AI

AD L SA
hay tam gidc w vudng tai 4.
Trong tam gidc vudng SAB, ta cé

SB=§4 + 4B =a\7.

o1 a7
Ar=-sp=22
Suy ra =3 2 B
: | 1 27
. Dign tich tam gidc ADI 1a Sy =7 AD.AI = “—4[-.
Vay d[s,(AD1)|=2Lsar _ “—“742. Chon C.

AADI
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Cau 95. Goi M' la trung diém A'C',suyra BM || B'M' nén BM]l(B'M'CD.
Dodé d[BM,B'Cl=d[BM,(B'M'C)|=d[M,(B'M'C)]. A’

Tacd MC L MB,suyra MC L M'B'. (1)
Theo céich dung thi A'M'CM la hinh
binh hanhnén A'M | M'C.
Ma
MC | BM
MC 1L A0

Tird6 suy ra MC L M'C. (2)
T (2) va (2),suyra
MC L(B'M'C) nén d[M,(B'M'C)|=MC=2.

=MCLA'BM=MC1A'M.

Chon A.
Cau 96. Do SA4 L (ABCD) nén 5C,(ABD)=5C,(4BCD) = ST, AC = SCX.
Xét tam giéc vudng SAC, ta 6 tan SCA ————L—ﬁ

AC (4B + BC*
Suy ra SCA=60°. Chon C.
Céu 97. Vi S4 1 (ABCD) nén hinh chiu vuéng géc ctia SO trén mit day (ABCD) a 40.

Dodom m 501

Trong tam gidc vudng SA40, ta cé tanSOA = 2= = 2./2.

B

Vay SO hop v6i mit day (ABCD) mét géc nhon ¢ théa mian tanp =242 . Chon A.

Cau 98. Vi S4 L (ABCD) nén hinh chiéu vuéng géc clia SM trén mijt day (4BCD) 1a AM.

Do d6 SH,(ABCD) = (SM, AM) = SHA.

Trong tam gidc vudng 4BM , ta cé
a5
5

AM = AB* + BM? =

Trong tam gidc vubng SAM , ta cé:
tan SMA = 54 =+/3.
AM

Suy ra SMA = 60°.
Vay SM tao véi mat day (4BCD) mét géc 60°. Chon C.

Cau 99. Goi O la tim mét day (4BCD) , suy ra SO L (ABCD). ‘
Vi SO L (4BCD), suy ra O4 1a hinh chiéu ctia S4 trén mét phéng (4BCD).
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Do dé (5,(4BCD)) = (54, 40) = SAD.
SO ~JSB* - BO? J—

Tam gidc|jvuéng SO4, c6 tanSA0 ="~ =""2_""" X" ChonD.
A0 A0
Cau 100. Goi H 14 trung diém ctia BC, suy ra SH L (ABC).
Vi SH L (ABC)

nén HA 13 hinh chiéu cia S4 trén mit phing (4BC).

Do d6 (SA(ABC)) = (54, AH) = SAH .

o Tam giz“'\c SBC d@éu canh 2z nén SH = av/3.

e Tam gi%ic ABC vudngtai 4 nén AH = %BC =a. B

Tam giéc;vuéng SAH , c6:

mm=—j—§—= 3, suyra SAH =60°. Chon C.

Cau 101. Goi“ I 1a trung diém cta 4D, suyra SI L AD.
Vi SI L(4BCD), suy ra IB la hinh chiéu
vudng géc cﬂla SB trén (ABCD).

% Dodoﬁ/m (SB,1B)="SBI .

oSl la ddrcmg cao trong tam giac déunén SI = f
a5
AI* + AB* =—=.
o IB= \/ + > h
Tam gidc|vuéng SIB tai I, c6 tanSBY = 51- = f— Chon B.

Cau 102. Goi H la trung diém 4B, suyra SH L AB=SH 1 (4BCD).
Vi SH L (ABCD) nén hinh chiéu vudng géc cia SD trén mit déy (4BCD) 1a HD.

Do d6 m=(s/aﬁ)=@.

e Tam giz‘ic SAB déu canh g nén

\/“

H,_._—

SH==
.}m=J§AH2+ABZ=i‘2/—§.

Tam giéc|vuéng SHD, c6

| DH _ 5
cotSDH = ——=——.
| SH 15

Chon A.
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C4u103. Vi SH L (ABCD) nén hinh chiéia vudng géc ciia SD trén mit phiing (4BCD) 1 HD.

B
Do d6 3D,(4BCD) = (5D, HD) = SDH.
o Tinh dwoc SH =VSA® — AH? = a+/2.
o Trong tam giac ADH , c6 DH =+ AH? + AD* —24H.AD.cos45° = a/10.

Tam gidc vudng SHD, c6 tanSDH = Sﬁ = £ Chon C.

Cau 104. Ta c6 MN || SB. S

Do d6 MN,(ABCD) = SB,(ABCD).

Do SH 1 (A4BCD) nén

¥, (ABCD) = SB(ABCD) = SB.HB = S5

Tacé BD =+ AB* + AD* =2a;

BH=-§2=2—‘Z. b b
3 3 - i

Tam giac SHB,c6 gL T

i I

Ciu 105. Ké MK || SO, do SO L(ABCD), suy ra MK L (ABCD).

Do &6 MN,(ABCD) = FN,NK = MNK . Ta c6 CK=30A=%‘/—E.

f CN? 2 _KN? f
Tam gidc CNK , c6 32 = cosas? = £ CK —KN? gy @10,
2 2CN.CK

Tam gidc vudng MNK , c6 cosMNK = % = -;— = FINK = 60°. Chon C.
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Cau 106. Goi ‘M 13 trung dim 4D, suyra 4BCM 1a hinh vudng nén CM L 4D.
CM 1 AD S
Tacé { . CM L (S4D).
{CM Ls4 =M L(54D)

Suy ra h‘mlh chiu vuéng goc cia SC
trén mit phéng (S4D) 12 SM.

Do d6 5C,(SAD) = SC,SM = CSM .

Tam giac \iruéng SMC, c6: B C
m@—%——"w———— , suy ra CSM =30°. Chon A.

Céu 107. Goi M latrung diém AB,suyra CM L 4B. 4y
Hon nita $A L(4BC) suyra SA LCM . (2)
Tix (1) va tt2), suyra CM L (SAB). S
Do d6 h‘u\+ chidu vuéng géc cia SC trén mit

phéng (S4B)1a SM.

Suy ra m = m =CSM .
a3 1

Ta cé CM-—— AM——AB:-—
2 2 A

Tam gidc vudng SMC, c6

smm_ —CM—-=—C .Chon D.
SC  Jsa+act 10 c
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BALAD
CAu 108. Ta cd = BA L(S4D).
it V- YRR (54D)

Suy ra hinh chi€u vudng géc ctia SB 'trén mit
phéng (SAD) 1a 54.

Do d¢ SB,(SAD) = (SB,54) = £Sa.

Tam gidc vubng S4B, ta c6
SB 4 25
5S4 Jsa*+aB* 5
Céu 109. Xéc dinh 45° = 5T,(4BCD)=5C, AT = SCA, suy ra S4 = AC =2a\2.

DO 1 4AC
DO 1 §4
trén mit phing (84C) 1 sO.

Do d6 3D,(SAC) = SD,50 = D50 .

Tacé DO=%BD=ax/_2_;

Goi 0= ACNBD, ta { = DO L (SAC) nén hinh chigu vuéng goc céa SD

SO =+/S4* + 40* =~[SA* + DO* = aJ10 .

Feo_9D _+5
os 5 °

Tam gidc vuéng SOD, ¢4 tan

Chon A.

Cau 110. Goi I=HKNAC.
Do H, K Ian luot Ia trung diém clia 4B va AD nén HK || BD.
Suyra HK 1 AC.

Laicé AC L SH nénsuyra AC L(SHK).

Do d6 (54,(SEK)) = (54,5T) = 431.

Tam gidc SI4 vuéng tai I, c6

Chon C.

Véy A'C tao véi mit phing day (ABCD) mét géc 45°.
Chon B.
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Ciu 112. Goi 0= ACN BD . Theo gia thiét B'0 L (ABCD).
Do d6 BB',(4BCD)=FE,BO=E BO.

T gia th‘lié't suy ra tam gidc 4BD déu canh @, suyra BO= lBD = -;: .

Tam giéc/vudng B'BO, ¢6 cosB' B =§=—=>m 60°. Chon C.

Cr

—————

i . [BC L 4B e D
Cau 113. T = BC 1 (AA'B'B).
2 fo {BCJ.AA' ( ) T
7 4
| B’ N AN C
Do dé A'C,(44'B'B)=(4'C,A'B)=CA'B. TN
Vi BC L (A4'B'B) AN
: I, I \\
= BC 1 BA'nén tam gidc 4'BC vuéngtai B. / A \ D
Tam giac ivuc‘mg A'BC,c6 / e =T
\
mnm_ﬂ__Bc___ B p
Vi &

Viy 4'C \tao véi mit phing (44'B'B) mét gbc 30°. Chon A.
Cau 114. Goil H 14 trung diém ctia BC, suy ra SH 1 BC = SH L (4BC).
Goi K lé}&ung diém AC,suyra HK || AB nén HK 1 AC.
1
, {AC L HK
Taco ‘
AC LSH

Do 6 Gﬁa’ci(ﬁ’):(sfﬁ):@

Tam giac yudéng ABC, ta ¢6

s
= AC L (SHK)= AC L SK.

AB = BC.cos ABC =a :HK:%AB:%_
Tam giac iyu(“)r\g SHK ,tacod

tanffﬂ?z === =23.ChonB.
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Cau 115. Goi M la trung diém ctia BC , suyra AM 1 BC.
AM 1 BC

Ta = BC 1 (SAM)= BC L SM .
401 B 1 54 (s42)

Do d6 (SBC),(4BC) = (SM, AM) = SMA.

Tam gidc ABC déu canh a,

(

suy ra trung tuyén AM = 2

Tam gidc vudng SAM , cd
sinSHA = S4 --S;=i Chon D.
SM s + An

Cau116.Ta ¢ AD L CD; CD 1 (SAD)=>CD L SD.

Do 46 (SCD),(4BCD) = (3D, AD) = SDA.
S
Tam giac vudng SAD , c6 cot SDA = % = {2— . Chon B. "

Cau 117. Goi Q la trung diém BC,suyra 0Q 1 BC.

BC 1 SO

Do &6 W=m=@.

Tam giac vudng SOQ ta co
tanSQ0="==+3. = dGe===ll

Vay mit phéng (SBC) hop v6i mit day (4BCD) mét goc 60°. Chon B.
Cau 118. Ttk gia thiét suy ra tam gidc ABD déu canh a. ‘ i

Goi H lahinh chiu ctia § trén mét phéng (4BCD). Do S4 = SB=SD riénsuyra H
cach déu cac dinh cta tam gidc ABD hay H la tdm ctia tam gac déu 4BD. :

o3

6

BC L
Tacé{ CLO9Q_, pe 1 (so0)= BC L 50.

Suy ra HI=§AI=

=S4 - 4H?

Vi ABCD la hinh thoinén HI L BD.
Tam gidc SBD cantai § nén SI L BD.

Do 6 (SED),(ABCD) = ST, A1 =STH .

Trong tam vuﬁng SHI , ta cé

tan STH = =./5. Chon A.

414 -



Ciu119.Ké HE L CD .

_ , [cD L HE
Ta cé :

Cq LSH

Do d6 (Sm=(sfﬁ)=@.

- Ta co SH%: V842 —4H? = a2,

= CD 1 (SHE)=CD L SE .

Trong tami gidc ACD, c6 HE_CH_3 = HE = 2AD 3a.
AD C4 4 4
- Tam giéc vudng SHE , ¢6 tan SER = f{—lé _2 Chon D.

Ciu 120. Ké H LBC=SH L (ABCD) nén SH =

Ké Iﬂ(J.JBD,suy ra HKHCO nén

1 SH

- Do 46 (SED),(4BCD) = HK, 3K = K2 .

Tam gidc v}uéng SHK , ¢6

_ LHK
B Tacs [DB‘ = DB 1 (SHK)= DB L SK .
\

-
-

Suy ra Sﬁ? =45". Chon B.
Céu121. Ké AK | MC (K € MC). S

MC L 4K
Tacé % |=MCL(SAK)= MC 1 5K.
2o MC-LSA} (S4K)

DodéW:@:Sﬁ.

|
. | . MA MC A C
AMBC =—— suyra =
Ta cod AMAj:A ©w nén — BC y

MABC 28 - “‘ %

“Mc i3 K v

Tam giécvﬂ;n‘ing SAK , c6 tanﬁ:—j%:;/iz. Chon B.

. K4 =
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"Cau122. Goi I=ACNBD.
BD 1A
Tac'{ ¢

(o] @BD.L(ACC'A')#BD.LA'I.
BD 1 44’
Do d6 (BDA'),(ABCD)= AT, AT=4"1a.
Tam gidc vudbng AA4'I, cé cosd'L —£=L=£.Chon A
AT AA|2+AIZ 3 :

Cau 123. Goi H la trung diém SC.
Tam gidc SAC c6 SA=AC=a
nénsuyra 4H L SC.
Tam giéc SBC ¢ SB=BC=a2
nénsuyra BH L SC.

Do dé (SAC),(SBC)=4H,BH .

e AH la trung tuyén clia tam gidc vudng SAC nén
SC_54\2 _aV2
=5 == =7 )
e BH la trung tuyén cta tam gidc déu SBC
canh béng av2 nén

B = i
Ap dung dgnh li ham s8 cdsin trong tam gidc AHB, ta cé B
2 2 _ 42
cos ZH,BH = lcosmi _|ZA +HB —AB =-J—§. Chon C.
2HA.HB 3

Cu 124. Goi O = ACN BD . Do hinh chép S.4BCD déunén SO L (4BCD).

Goi M la trung diém ctia SD . Tam gidc SCD déunén CM L SD.

Tam gidc SBD c6 SB=SD=a,
BD =av2 nénvudngtai §,

suyra SB 1 SD=OM 1 SD.

Do a6 (SBD),(SCD) = OM,CM .

OC 1 BD
Ta cé = 0C L (SBD)=0C LOM .
oc L 50

Tam giac vu6ng MOC, 6
tanCMO == =/2 . Chon D.

Cau 125. Goi H la trung diém BC . Tam gidc ABC vudng tai 4 nén H \Ia tam duorng
tron ngoai ti€p tam gidc 4BC .

Theo gia thiét, ta c6 SH L (4BC).

-
-
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Qua B ké Bx|| AC.

Knido SEAC=SFB2.
Ké HE 1 Bx tai E, cdt AC tai M.
Suy ra AMEB la hinh chix nhit nén

BE—AM=Y4c=2
; 2 2

HE=HM=14-2
2 2
- Tacs |29 EE |, pe | (SHE)= Bx L SE
- X B
Br LSH ¥
Tam giac ';vuc‘mg SEB, co
cotSﬁE:E:———@-l—:ﬂ. Chon C.
-~ SE ysH*+HE* T
Cau 126. Ap J}:h_mg cong thirc Youe _SI ST SK _111_1 Chon A
! Viwe SASBSC 222 8
Ciu 127. Theo gid thidt, tace 22 =L 3 A< _ 1
AB 2 AC 3
Ap dung déng thirc Vigep ABAC'_11_1 Suy ra Vaeo 1 Chon B
| View AB AC 23 6 Veews S
Cau 128. Goi M la trung di€m cia BC . S

) Tacéd IJ}HBC nén £=£=£=E,
SB SC SM 3
Ap dung abng thirc
) M‘=£ﬂ=gg=i Chon C.
Vewe SBSC 33 9

Cau 129. Goi|O 1a tAm ctia ddy, suy ra SO L (4BC).
Tacé SO =SA — 40" = “—g

" ‘ 1 243 a1 211
Suy ra Vs.,;uac=§- R = .

= Ap dung aéng thixc Youm _SM
- V;‘.ABC
i
Suy ra Vaone _2 V s+

I/SJ:ABC
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14
Céu 130.Ta ¢6 {ﬁ N czg = AB | (ACD)=> AB L CE. (1) o
Laicé BD L(a)=BD LCE. (2)
Tix (1) va (2), suy ra CE L(ABD)=>CE L AD. L
1_CD* _DF 1
Trong ADCB, tacé CD* = DF.DB=~= ==. !
rong ADCB, tacé CL 3 DB - DB E

2

Twong t, ta cling c6 — D CD2 =
D4 D4

Ap dung céng thixc Voere _ DE DF

Vousc DA DB 6

Suyra ¥V, =iy =L {l.laz.a

6‘ D.48C 6‘

Céu 131. Luu y: Ti 8 thé tich chi 4p dung cho khéi chép tam gidc nén néu &ay 1a tir giac
ta chia nho ra.

Taco Vs ppcn =Vsape +Vsape -

Ma Vsase _S_A_' SB'SC' 111 1

Vowse SA SB'SC 222 8

Suy ra V;

S.ABC*

1
o ==V,
apc =g

[ P

Tuwong tw ta cling ¢ V; ,.pc = %-Vs..«wc-

1

Vay ¥ E(V?.Asc +Vsane ) =

1
ABCD = §Vs.,wc +§Vs.}wc =

Suy ra Vewreo _ % Chon C.

S.ABCD
Cau 132. Theo gia thiét, tacé 4'B'|| AB = Si 54

Tuong tur ta ¢ ¢ _sb —l-
SC SD 3
Taco ¥,

S.A'B'C' D VSABC +V:§.A'D‘C“
vy Voxze _ S4' SB' SC'
Ve e SA SB SC

11 1 1
53 = —2—7~ Suy ra VS.A‘B‘C' = E'VS.MC'

Tuong tir ta cling 6 ¥ ,.p0 = '2_711.$.ADC'

Suy ra

1 1 1 1 V
Vsagenr = E-Vs.uc + EVS.A.DC = E(Vs.ac + szc) = 2—7‘1{9..43@- = E‘ Chon C.
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Cau133.Ké MN ||CD (N €CD), suy ra hinh thang ABMN 13 thidt dién ctia khéi chop.
B, Tacé Vs[.wmv“ s.amm Vs o -

M__M. SLM._l

Vswse SC 2°
Suy ra
) 1 1
Vs.,wMi = EVS.AEC = ZI,S.AECD'
Va
: Vowot SMSN_1_, 1,
V;'ACD SC SD 4 S.AMN 8 S.ABCD
Suy ra

1 1 3
Vs amaw = Z Vs.a8c0 + § Vs.asco = § Vs asco-

T d6 sujl( ra

Vs amman 2

; 5 ~
VAEMMPC = gI,S.ABCD nen

i ABMNDC 5 '
ChonD.
Cau 134. Ta ao Visc.amc =Saupe-BB';
» 1 11 1 .
% Vonp = 3 Saauo-BB' = 5[5 SM”].BB =5 Saasc-BB"
B ChonD. :
Cau 135. Ta 66 ¥,5c 4y = Sppe-AA' = Sy e d[4',(4BC)). B c
1 M
E Va V= 3SMC.d[I, ABC)] A’
l t
yaswc 3 d|M,(4Bc) ]_- suzc-d[4',(ABC)) . I
Chon B.
B c
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cm; BE MAT CAU - MAT TRY - MAT NON
" |

Ciu 1. Chon C. |
Cau 2. Vi I la hinh chi€u clia O trén (P) nén d[0,(P)|=0! ma d[0,(P)]=R nén I I
tiép diém ctra (P) va (S). 1
Dudng thing OM cft (P) tai N nén IN vudng géc véi OF tai I.Suy ra IN tiép
xiic véi (S). : --

Tam gidc OIN vudng tai I nén ON = RV2 & IN = R. Chon D.
Céu 3. Vi 4B ti€p xic vdi (S) tai B nén 4B L OB.

Suy ra 4B =+OA® —OB* =+4R? — R* = R\/3. ChonD.
Cau4.Goi H 13 hinh chiu ciia O 1én BC.

|
Tacd OB=0C =R, suyra H latrung diém ctia BC nén HC=%=-1%')/—§.

Suy ra OH =vOC* - HC* = g Chon B.
Cau 5. Goi H lahinh chidu ctia 0 xudng (c).

Tacé d[0,(a)|=OH = % <R nén (o) cit S(O;R) theo dudmg tron C(Hr).

Ban kinh duong tron C(H;r) 1a r =+ R* —0H?® =RT\/§.
Suy ra dudng kinh bing R+/3. Chon B.
Cau 6. Mit phing cit mit cau § (Z;2,6cm) theo mét dudmg tron (H;r).
Vay r =R~ IH? =,/(2,6) —(2,4] =lcm.ChonC.
Céu 7. Hinh trdn 16n ctia hinh cdu § 13 hinh trdn tzo bdi mét phing cit hinh cu va di qua
t4m ctia hinh cdu. Goi R 1a ban kinh hinh cdu thi hinh tron 16n ciing c6 ban kinh 1a R.

Theo gia thiét, ta cé 7rR2=p®R=\/—;f- va 7rr2=§©r=‘ 2
m

27
Suyra d=vR ~r* = ,/E}-’-.Chan.
Y

Cau 8. Goi khoang cach tir tdm cau dén mit phing la d, tacé &> =R* —r*.
2,4m ‘

Theo gia thiét R=2m va 2nr =2,drm=>r= =12m.

Vay d =JR*—7 =1,6m. Chon A. | ' -
Céau 9. Goi H lahinh chi€u vudng géc cia O trén (P) thi
e H la tdm ctia dudng tron giao tuyén cia (P) va (S).

o U4,(P) = (04, AH) = 60°.
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L

Ban kinh q‘ﬁa duomg tron giao tuyén: r = HA = 04.cos60° =—

2 2
Suy ra dién tich dudong tron giao tuyén: 77’ = w[g] = % Chon C.

Cau 10.

Goi H la im clia hinh vudng 4BCD.

Ta cé SH 13 truc dudng trdn ngoai tiép day.

Goi M la trung diém cha CD va I la chén
dudmg phin giac trong clia goc SMA (I € SH).

Suy ra I la tdm ctia mét cau ndi tiép hinh chép,
ban kinh r=[H .

Tacod SH =‘=\/SA2 —AH? =.a_2‘/.5.’

SM;i MH——Z—
Dya vao tﬂrlh chat cia dudng phén giac ta ¢é:
IS _MS _SH _MS+MH _ .. SHMH ___a _4(43—‘/5) Chon B
mH MIH H  MH MS+MH 2++6 4 T

Cau 11. Goi M la trung di€m AC,suyra M 1atdm dudng tron ngoai tiép tam gidc 4ABC .
Goi I la H[u.ng diém SC, suy ra
IM || SA nén IM L (ABC).
Do dé IM| 1a tryc chia A4BC, suy ra
4=IB=IC. (1)
Hon nika, fam gidc SAC vudngtai 4 6 I la
trung di€m SC nén IS=IC=1I4. (2)
Tit (1) va (2), tacd IS=4=IB=1IC
hay jI 13 tdm clia m3t cAu ngoai tiép hinh chép S.4BC. B

2 2
Vy bankinh R=1IS = 52": - -5’4—;45— = “‘2/3 .ChenC.
Ciu 12. Goi 0 =A4CNBD, suyra O la tam duong
tron ngoaﬂ tiép hinh vudng ABCD.
Goi I 13 trung diém SC, suy ra
|
10| SA=>10 1. (ABCD).

Do d6 IO ‘ 14 truc ctia hinh vuéng ABCD, suy ra

A= IB=IC=ID. (1) : P \/

o mmmmmmmmmm =3y Uy
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Tam gidc SAC vudngtai 4 c6 I latrung diém canh huyén SC nén IS=IC=1I4. (2)

Tir (1) va (2),tacé: R=I4=IB=IC=ID= IS=—=a~/—

Véy dién tich mit ciu § = 47R* = 87a® (dvdt). Chon B. .
Cau 13. Goi M la trung diém AC, suy ra SM 1 (ABC)=SM 1 AC. ‘ - -

Tam gide SAC ¢6 SM 1a dudng cao va ciing la trung tuy&n nén tam giac SAC’ cantai §.

Tac6 AC =+ AB® +BC* = a2, suy ra tam gidc SAC déu.
Goi G latrong tim ASAC,suyra GS=GA=GC. (1)
Tam gidc ABC vudng tai B, c6 M la trung diém
canh huyén 4C nén M la tdm dudng tron ngoai tidp
tam giac ABC .

Lai cé SM L (ABC) nén SM 1a truc clia tam gidc 4BC .

Ma G thudc SM nénsuyra G4=GB=GC. (2)

Ti (1) va (2), suy ra ' :
GS =GA=GB=GC hay G la tim mit cau ngoai tiép khéi chép . AﬁC

\/.

Ban kinh mdtcdu R=GS= -,J;SM =2 . Chon B.

S
Cau14. Goi O la tdm AABC, suyra SO L (ABC) va 40 = #

Trong SOA , tacé h=SO0=+/s4?— 40" =&

Trong mit phing SO4, ké trung truc d ctia doan S4
cdt SO tai I,suyra

elcdnén IS=14. A
e/cSOnén IA=IB=1IC.

Dodé I4=IB=IC=1IS nén I latdm mét cau ngoai
tiép khéi chép S.4BC .

Goi M la tung diém S4, tacé ASMI o ASOA4 nén

2
SO 250 12° h 6 S

Cau 15. Goi O =4CNBD, suy ra SO L (ABCD).
Ta 6 60°=3F,(ABCD)= SB,08 =SB0 .

Trong ASOB, ta c6 SO = OB.tan SBO =

a6
>

Tacd SO la truc cta hinh vudng 4BCD.

Trong mit phing SOB, ké dudng trung tryc d
cia doan $B.
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IeSo {IA:IB:IC:ID

Goi I=50nd = => IA=IB=IC=ID=1IS=R.
0 ! {Ied IS— I3 = IB=IC=ID=IS=R
Xét AsBD ko |2 = 5P ASBD d
e co = eu.
"~ |SBD=5BD =60°
Do dé d ciing la duong trung tuyén cha ASBD.Suy ra I 1a trong tim ASBD.
i 3
Bén kinh mijt chu R=SI =250 = Y8 Suyra v = 4rr2 = 82¥6 ponp.
3 3 3 27 '
Céu 16.Ta c6 $4 L AD hay S4D = 90°. S
Goi E la trung diém AD.
Tacé EA=AB=BC nén ABCE 12 hinh thoi. 1
Suy ra CE=]EA=—;-AD.
Do d6 tam gidc ACD vudng tai C . Ta c6: A b
DC 1 AC!
= D =90°.
{DC Lsa = D€ L(SAC)= DC L SC hay SCD =90
1
Tuong t, ta ciing c6 SB L BD hay SBD = 90°. B

Ta c6 SAD = SBD = SED = 90° nén kh6i chép S.4BCD nhin trung diém I ciia SD Iam

i 2 2

t4m miit ciu ngoai ti€p, ban kinh R=%=_‘SM_?A2_
Céu17. Ta c6 45" = 5C,(4BCD) = SC, AT = SCA.

Trong ASAC ,tacd h=SA=a5.
) {BC 1 4B
Tac |

=a~/§.Suyra 5:& Chon D.
a

A

| BC L (SAB)= BC L BN .
°lBcisa” (548)=

Lai 6 NA 1. AC . Do dé hai diém 4, B cling nhin
doan NC duéri!mét g6c vudng nén hinh chép N.4BC  /
ndi tiép mit Ay tim J 1a trung diém NC, bankinh B,

. _NC 1 54 _5a

R=JN=—2—=-2-. AC? +(T) =T
Cau 18. Mit pthg () song song véi BD cit SB, SD lanluot tai E, F nén EF || BD.

ASAC cantai 4, trung tuyén AM nén 4AM 1 SC. (1) S
Ta o {BD L4c
BD 154

- Dodé EF L SC.(2)

Tér (1) va (2), suy ra SC L(a)=SC L 4E . (*)

--------
_______
-

. Chon A.

= BD 1 (SAC)=BD 1 8C.

-
-

-
~——
—— bl

BC 1. 4B
Laicé{ ] = BC 1 (SAB)= BC L AE .(**)
BC 154 '
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Tir (*) va (**), suy ra AE L (SBC)=> AE L SB. Tuong ty ta ciing c6 AF L SD.
Do d6 SEA=SMA=SFA=90" nén nim didm S, 4, E, M, F cing thudc mit ciu

tim I 13 trung diém ctia S4, ban kinh R = STA = % .Chon C.
Cau19. Goi 0 =ACNBD. S
Vi ABCD 1a hinh vudng nén OB=0D =0C.(1) A
]
CBL AB ;
Ta ¢ = CB L(S4AB)=CB L AH . i
CB 1354 i
Laicé 4H L SB. i
Suy ra AH 1(SBC)=> AH L HC nén tam gide  HA__ H D
AHC vudng tai H va cé O la trung diém canh e “*}0_ _\ --------
huyén AC nénsuyra OH =0C .(2) e S
Tix (1) va (2), suyra 2
R=0H=OB=OD=oc=f-‘2/—E. Chon C.
Cau 20. Theo gia thiét, ta cd. S
4BC =90° va ZKC =90°. 1)
AH | SB

D = AH L HC. (2
°\Bc L 4B (BC 1(54B)) @
Tir (1) va (2), suy ra ba diém B, H, K cing
nhin xudng AC dudi mét géc 90° nén hinh chép
A.HKCB ndi tiép mit cau tdm 7 1a trung di€ém
AC _ABVZ a2

AC ,bankinh R=—=-——=
2 2 2

s \
Vay thé tich khéi cau ¥ = %71'113 = \/—Z_;ra_ (dvtt). Chon A, B

Cu 21. Ta ¢6 60° = SD,(ABCD)=SD, HD = SDH .

Trong tam giac vudng SHD, cé '_S
s =22 tanstr =22 va sp=—B__2, |
4 4 cosSDH 2 i 1 :
Trong tam giac vuéng SHB, c6 1 B
a3 ; |

SB=+/SH? -I-]{.B2 =T.

Xét tern gidc SBD, ta 6 SB +SD* =a* = BD?. D
Suy =z t2m gidc SBD vudngtai S.
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Vay céc }dinh S, 4, C cing nhin xudng BD dudi mét géc vudng nén tam mit ciu

ngoai tiép hinh chép S.4BCD 1a O, ban kinh R= —;—BD = % .Chon C.
N

CéuZZ.Tac‘é 60° = SZ,(ABC) = SA, B = SAX .

‘Tam gxac ABC déucanh ¢ nén 4H _a_\/__

Trong tam gidc vudng SHA, ta c6 SH = AH.tanSAH = 22‘5.
Vimat cdu cé tim G va ti€p xiic v6i (SAB) nén ban kinh mit ciu R = d[G,(S4B)|.
Tac6 d|G,(S4B)|= %d[C,(SAB)] = —i-d[H,(SAB)].

Goi M, £ Iin luot 1a trung diém 4B va MB.
CM 1 AB HE 1 AB
Suy ra va .
y o =23 HE=Ycm— i‘/_g
! 2 2 4
Goi K 1 hinh chidu vuéng géc cia H
trén SE, suyra HK 1 SE. (1)

HE 1 AB

Tacé | . o = AB 1 (SHE)= AB L HK. (2)
AB LSH

Tir (1) va (2), suy ra HK L (SAB) nén d[H,(SAB)|= HK .

Trong tan;Ln gidc vubng SHE , tacd HK = SHHE _ 3e

JSH? +HE* 2413

Vay R= J:—HK ~—2_ ChonD.

NER
Cau 23. Goi )= ACN BD

Suy ra 04 =0B=0C =0D. (1)

Goi M h@\ trung diém 4B, do tam giic
SAB vubng tai § nén MS=Md4=MB.

Goi H lafhinh chifu cia S trén AB.

Tie gia thi{"é"t suy ra SH 1 {4BCD).

Ta cé OM L 4B = OM L (SAB)nén OM latruc
oM LsH~

cla tam giéc IS4B, suy ra 04 =0B=0S. (2)
Tix (1) va|(2), tac6 OS = 04 = 0B=0C = OD.

a2
=
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\/_7ra

Suyra ¥ = %WR’ (dvtt). Chon A.

Cau 24. Goi G la trong tim AABC, suyra G la tdm dudng tron ngoai tiép AA.BC
Tir G dungtia Gx L (4BC) (nhu hinh v8).
Suy ra Gr la truc clia tam gidc 4BC.

Trong mit phéng (S4,Gx),
ke trung truc d cia doan thdng S4.
0er=>[0A=OB=0c

Oed 04=0S

=>04A=0B=0C=0S=R.

Suyra O la tam mt cau ngoai tisp khéi chép S.4BC .

1 a3

Tacd OG=P4A= 2SA=——

Goi O=Gxﬂd=>{

Trong tam gidc vudng OGA4, ta c6 R=04=+OG* + AG* = f Chon (

Cau 25. Goi M Ia trung diém BC, 4
suyra M la tim dudng tron ngoai tiép AOBC.

K& Mz 1 (OBC) (nhu hinh v&).

Suy ra Mx la truc cta AOBC.

Trong mit phing (04, M), ké trung tryc d cia
foan thing O4 cit Mx tai 1.

Khi dé I chinh 1a tAm mit cau ngoai tiép tir dién.

Ban kinh mt ciu: R = I0 = IM? +OM? = aVi4 Ch
“4u 26. Ta ¢6 60° = 5T,(ABC) = ST, AT = $TA .

oz 5
=2

Tam gidc ABC vudng cintai 4,suyra A = %BC =

Trong ASAI, tacé SA= AltanST2 = % .

Ké Ix L (ABC) (nhw hinh v&).
Suy ra Ix latruc cia AABC.
Trong mit phdng (S4,[x), ké trung truc d cia

oan thing S4 cit Ix tai J. Khi d6 J chinh 12 tim
it ciu ngoai tidp hinh chép.
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Ban kinh: R =J4 = JJI* + AT =5‘f—z nén %=§= "‘E. Chon B.

Cau27.Goi G ’1a trong tim tam giac déu ACD .Ké Gx L (ACD), suyra Gx latruccia A4ACD .
Trong mit phing (S4,Gx), ké trung truc d clia doan S4 cit Gx tai I.
. Khi dé I chinh 13 tim mit cu ngoai tiép.

Ta cé IGQMA=£=&;
; 2, 2
]
- GA=3§AE=5‘/—§.
3‘ 3
Suy ra ban kinh:

R=IU=IG +G4* = “‘/f. Chon A.
| B

Ciu 28. Goi M trung di€m 4B, suy ra SM L AB va SM L (ABC).
Do d6 SM |Ia tryc clia tam gidc 4BC.
Trong mit phing (SMB), ké dudng trung truc d cta doan SB cit SM tai I.Khi dé
I 13 thm mit ¢3u ngoai tiép hinh chép S.4BC, bankinh R=SI. S
Tac6 AB = SA* + SB — 254.5B.cos ASE = av3.
Trong tam Egiéc vudng SMB, ta c6

|
SM = SB.cos MSB = a.cos 60° =§ .

Tacd ASMBU)ASPI ,suy ra
Sﬁ=§£:’R=SI= SB.SP=
- SB .?‘,I SM
Chon C.
A 2 =n0 _ ' — t =7
Ciu 29. Ta c6 60 —A'B/,(m—m—m.

Trong A4BC ,tacéd

a.

AB:%AC.sinZEB:%—s-. 4 ok
Trong AB'BA, tacé \\\
- BB = ABtanm=32—a B#“\:{
Goi N 1 trung diém AC,
. suy ra A" 1a tim dudng tron ngoai tiép A4BC. a N s' \\\ c

Goi I 1atrung diém 4'C,
suy ra IN || 44" = IN 1 (4BC).
Do d6 IN Iatruc cia A4BC, suyra. I4 = IB= IC. (1)
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Hon nita, tam gidc 4'AC vubngtai 4 c6 I latrungdiém A'C nén I4'=1C=14. (2)
T (1) va (2), tacé IA'= I4=IB=IC hay I la tim clia mt cdu ngpal ti€p hinh
12 2 21 1
chép A'.ABC véibankinh R=14'= A C _ NAA"+AC —“‘/_.Chan.;,

2 2 T4 !
Cau 30. Goi M latrung diém B'C', ta ¢6 A ; C
0° =(AB'CY,(A'BC)=4M,AM=4MZ. G\ ?
t
BLx
Trong AAA'M , c6 A'M=“*/§; N
2 1 \\ P
P
AA'= A'M . tan AT = 22 . AN
2 l';; Y
Goi G' la trong tdm tam giac déu A'B'C', suy ra A’ E ‘ e
G' cling la tdm dwong tron ngoai tiép A4'B'C". IS
Vi ling tru ditng nén GG' L (4'B'C"). < }
Do d6 GG' 1a truc cia tam giac 4'B'C'. B’

Trong mit phing (GC'G"), ké trung truc d ctia doan thing GC' cit GG' tai I.Khi
d6 I la tAm mét cdu ngoai ti€p khdi chép G.4'B'C', ban kinh R=GlI.
Tacd AGPI 5 AGG'C'= @— i
GI GC'
' 12 2 tye2
GP.GC' _GC* GG +G'C =§3,‘E.Chqnn.

= R=GI= = =
GG’ 2GG' 2GG'

Cau 31. Hién nhién (I) dung.

Dién tich tam giac MAB khong d6i khi va chi khi khoang cich ti M dén duong
thing 4B khéng d6i (gia st bang R).

Vay tép hop cac diém M la mit tru ban kinh R vatrucla 4B.
Vi vay Ménh dé (II) cling ding. Chon C.
Céu 32. Do thiét dién di qua truc hinh trunéntacd £=a.

3
Ban kinh day R = % Do d6 thé tich khéi tru ¥ = Rin.h = % (dvtt). Chon D.
Ciu 33. Dién tich xung quanh ctia hinh tru: §,, = 27R.RV3 = 2437 R? (dvdt).
Dién tich toan phén cta hinh tru:
S, =8, +2.5,, = 237k +2(nR?)=2(V3 +1)7R* (dvdt). ChonB. |

Cau 34. Do thiét dién di qua truc hinh trunénta cé 2=2R.
Dién tich toan phan ia: S, =27R(R+4)=67R* (dvdt). Chon B.

Céu 35. Xét hinh vudng ABCD ¢6 4D khéng song song va khéng vuong g6c vai truc
00" cta hinh tru.

Dung duong sinh 44', ta ¢é
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AA
CDLAL | o 1 (44'D)y=>CDLAD.
CD L AD
Suy ra 4'C la dudng kinh d4y nén
A'C L 2R =140cm.
Xét tam gidc vudng 44'C, tacd
AC =1{/44"+ 4'C* =100v2cm.
Suy ra canhhinh vuéng béng 100cm. Chon B.
Cau 36. Thiét dién qua truc cia mot hinh try 1a mét hinh chit nhat ¢6 hai canh an leot
bing duwdng kinh ddy va chiéu cao ctia hinh tru.
Véy hai c:_arqh ctia hinh chi nhit 1A 8cm va 6cm.
\
Do d6 d6 dai dudng chéo: /8% +6% =10cm. Chon A.
Céu 37. Tix hinh vé két hop véi gia thiét, tacé 0O4=0"B=R.
Goi 44’ l3|dudng sinh ctia hinh try thi
O'A'=R, AA'=R\3 va BAT =30".
|
Vi 00'||(4BA") nén

.,
..

/j»

d[OO‘{,(AB)] =d[00',(4B4")| = d[0",(4B4")].
Goi H la njiung diém A'B, suy ra

i Lol
O'HLA'B o B
% = 0'H L (ABA') nén d|0',(ABA")|=0'H . 31k X
Tam gidc AlBA' vudng tai 4' nén B4'= A4'tan30° =R B
Suy ra tam j glac A'BO" déu c6 canh bing Rnén O'H= —i Chon C.

Cau 38. Ké dubng sinh 44', goi D la diém ddi xting v6i 4' qua tim O' va H lahinh
chidu cta B trén A'D.

‘ 1 A" 0" H ™Np

Tac BH L (AOO'A') nén V45 = 3SM,(,..BH ) *\/_

Trong tam gxac vubng A'AB c6 A'B=~AB =+l3a.
Trong tam glac vuéng A'BD c6 BD=vJA'D*~A'B’ =a.

- Do 46 suy 1 ra tam gidc BO'D nén BH = i;i "I// ,1'
V&Y Vs i = [1 2] aJ— J—a (dvtt). Chon A. ,"»": ------- ,' froees, .
312 2 4

- A (o)
) Cau 39. Dung ‘ducmg sinh BB', goi I latrung di€m ctia 4B, tacé

OI L AB'

l = Ol 1 (4BB').
orL
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Suy ra d[4B,00'|=d[00",(4BB")|=d[0,(4BB")|=0.
Goi bén kinh day cia hinh tru la R.

aV3

[\e
/\

Vi thiét dién qua truc ctia hinh try I hinh vuéng
nén O0'= BB'=2R.
Trong tam gidc vuéng AB'B, ta ¢

AB"® = AB* — BB® =4a’ —4R*.
Trong tam gidc vudng OIB’, ta ¢

B} _
2 P
a3 +[_A£]z
2 2 )7

L0 J
Suyra 4B” =4R*-34>. Tirdd tacd 4¢° —4R* =4R* -34* = R=
Cau 40.

OB? =0’ +IB? & R* =

Theo gia thiét ta duroc hinh try c6 chidu cao 2= AB=1, ban kinh ddy R=
Do d6 dién tich toan phén:

L.y
2
A M~ D
» =27Rh+2nR? = 4. ‘
Chon C.
Cau 41. Goi ban kinh &4y l1a R. B N c
Hinh tru c6 chu vi ddy bing 2 néntacé 2rR =22« R=2.
™
Suy ra hinh tru nay c¢6 dudng cao Z=a.

Vay th& tich khéi tru ¥ = 7R* = w[%)z a= é (dvtt). Chon A.
Céau 42. Goi ban kinh ddy 1a R.
Tir gia thiét suy ra #=2a va chu vidéy bing a.
Dodé 2rR=a & R=—. ChonC.
Cau 43. Cong thirc thé tich khéi tru V = wR%A.

o Ocich1,suyra k= 50cm va 27R, =240 & R, = 12

v
120 pods v, = w(ﬁg] 50 (dvtt,
™ ™
* O céch 2, suy ra m&i thing c6 k=50cm va 27R, =120 & R,

60
—.
2
Dodé ¥V, =2x w[@] S50
g

Suy r. ? =2. Chon C.

2

(dvtt).
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Céu 44. Congthikc tinh thé tich ¥V = 7Rk, suyra h= Vz .
! 7R
Hop sita chi kin mgt dy nén dién tich ton can diing Ia:
|
S, =IS,, + Sy, = 27RA+7R? =2—;;~+7rR2.

o Xétham f(R )=2?V+1rR2 trén (0;+00), ta duoc min (R) dattai R=4. Chon A.

Céu 45. Hinh vé, két hop v6i gia thiét ta co:

) 04=0B=R, 00'=2R va Tl =30". 9 s
' SV . P S s
Trong tam; gidc vuéng MOI, ta c6 OI = MO.tan30° = N i
Trong tam; giac vudéng AI0, ta c6 MII/'
; 2 i
A=No4*-0r* = |R* —[51 _RY2
| 3 3 B i
Suy ra AB[: 2I4= ZRJ— . Chon C.

B
Cau 46. Theo glé thiét, ta cé
SA=¢=2a va 5S40 =60°.
Suy ra ‘
R=04=54.cos60" =a.
Véy dién tich toan phian ctia hinh nén bing:
S =nRI +7R? = 372* (dvdt). Chon B.
Ciu 47. Theo sia thiét, ta co
0A =22 va 0S2=30°.
Suy ra d6 dr:lxi duc‘mg sinh:

= S/‘! 3 —— =2a\2.
|

Vay dién tich xung quanh bing:
S, =7RE=4ma’ (dvdt). Chon A.

Cau 48. T g1é| thiét suy ra hinh nén c6 dinh 12 B, tdm duong tron ddy 14 4, ban kinh
dayla AC=av3 vachiéucaohinhnénla 4B=a.

Vay d6 dai !duong sinh ctia hinh nén la: B
¢=BC=\4B* + AC* =
ChonD.
A c
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Cau 49. Goi S, O 1a dinh va tam dudng tron ddy clia hinh nén, thiét dién
tam gidc SAB.
Theo bai ra ta cé tam gidc S4B vudng can tai § nén

AB=5SB2 =a\2, So=S—BZ‘/-_2—=%E-.
Suyra b= SO—E—J; I=84=a va
SB\/E=2R=>R=§§‘/—5=[2—‘1.
2 2
: (l +«/§)7raz ;
Dién tich toan phan ctia hinh nén: §,, =7R¢+7R* = — (dvdt).,

2ma

3
Th& tich kh&i nén 1a: ¥ = %szh = Y272 (vto). Chon A,

Cau 50. Goi § la dinh, O 13 tim cua ddy, thiét dién qua trucla S4B.
Theo gia thiét, ta c6 S4 =2a va 4SO =60°.
Trong tam gidc S40 vudngtai O, tacd

04 = SA.sin60° = av3.

Vay dién tich toan phan:

S, = "RE+7R? = mOASA+7(OA) =nd’ (3 +243 ) (dvdt). Chon B.

Cau 51.

Goi §' 1a ¢iém d8i xting chia § quatdm O va 4 la
mdt diém trén duong tron day ctia hinh nén.

Tam gidc SAS' vudng tai 4 va c6 duong cao AH
nén $4> = SH.SS'=> SA = a3.

Chon C.
Cau 52. Theo gia thiét ta ¢6 tam gidc O4B déu canh R.

R«/'

Goi E latrung diém 4B, suyra OE L AB va OE =

Goi A la hinh chiéu cia O trén SE,suyra OH L SE .

AB 1 OF
Taco = AB 1 (SOE)=> AB L OH.

4B 1 S50
Tir 46 suy ra OH L (SAB) nén d[0,(SAB)|=OH = _122,
Trong tam giac vudng SOE , ta cd

1 1 1 8 R6
TS o = e v S0 ="
SO* “OH* OE* 3R 4

Chon A
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o~

Cau 53. Theo gia thiét ta c6 tam gidc SAB vudngcintai . S
1 4B R

|
. i . SE 1
Goi E latrung & AB, 3 =—ARB.
0i E latrung diém suy ra {OEJ_AB va SE 2AB

Ta o6 Sy = —;-AB.SE -4l o %AB.—I-AB =4

: = AB=4q= SE=2a.
Goi H la Ymnh chiéu cia O trén SE,suyra OH L SE.
, (4B.LOE
Taco 1
4B|1 SO
Tir d6 suy ra OH L (SAB) nén
30° = 50,(84B) = SO,SH = OSH = USE.
Trong tam|gidc vudéng SOE, ta cé SO = SE. cosOSE = a+/3. Chon C.
Céu 54. Goi [I'la trung diém AB,suyra Ol 1 4B, SI L AB vA Ol =a. s

SAV3
==

= AB 1 (SOE)=ABLOH. [/ _________ e

Trong tam gidc vudng SOA, ta c6 O4 = SA.cos SAD =

Trong tam gi4c vudng SIA, ta ¢ IA = SA.cos SAB = %4

Trong tam gidc vuéng OI4, ta c6 [ SR S R SR

A4? = 01 + I4? @%SA’ =a +%SA’ =>S4=a2. 7N

Chon B.
Céu 55. Vi gdc & dinh la 60° nén thiét dién qua tryc SAC la tam gidc déu canh 2R .
Suy ra dudng cao ctia hinh nén Ia ST = RV3 .
Tam giac $4B la thiét dién qua dinh, chén trén ddy cung 4B c6 s§ do béng 90° nén
I4B la tam gidc vudngcin tai 1, suyra 4B = RV2. S
Goi M la trung di€m clia 4B thi
M1 4B RN2
[SMLAB va M=-2£'

Trong tam| ,glac vudng SIM , tacd

SM = J SI* + R“/_
R’f

(dvdt). A

Vay SASAB ABSM = c

Chon A.
Cau 56. Goi E la trung di€m ctia BC , dung OH 1 SE tai H. B

Ching minh duoc OH L (SBC) nén suy ra OH =d[0,(SBC)|= ..
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Trong tam giac déu ABC, ta c6

oE=Llyp_128¥8_a¥3 o) 2 p_
3 3 2 3 -3
Trong tam gidc vudng SOE, ta c6 -
1 1 1 1 1 1 =—12—=>SO

—_—— et — a5 — = —
OH* OE* S0O* SO° OH®* OF® a
Vay thé tich khéi nén

1 1 {2a¥3)  4ma?
V=—m04>S0=—n| 222} ;=22 (dun).
3 3| 3 9

Chon B.
Céu 57. Nira goc & dinh ctia hinh nén la géc 450.
Hinh vuéng 4BCD canh a nén suy ra
a2 ‘
==
Trong tam gidc vudng S04, ta ¢

04

tan 450 = o4 = azﬁ. Chon C.

SO h

Cau 58. Dién tich xung quanh cta hinh tru:
Sqm =27R A =27RR\3 = 2\3xR* (dvdy).
Keé dudng sinh 0'M cta hinh nén, suy ra
£=0'M =y00"+0M* =\3R* + R* =2R.
Dién tich xung quanh ctia hinh nén:
S,y = TRE=TR2R =27R’ (dvd). , ’

Xq

t3

S,
vay =2 = /3. Chon C.
xa(N) M
Ciu 59. Hinh v& két hop vdi gia thiét, ta c6 SH = 9cm, OS =04 = 5cm.
Suy ra OH =4cm va AH =+JOA* ~-OH? = 3cm.

Th& tich khdi nén ¥, = -;.MHZ SH =27n (dvtt).

5007

4 = —3— (tht).

Thé tich khdi cau ¥V, = §7I’.S (o4

v, 81
S =% =—, ChonB.
uy ra 7 =300 Chon

c
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Céu 60. Xét miit phéng qua truc SO ciia hinh nén ta dugc thiét dién 12 tam gidc can S4B.
Mit phéng d6 cit mit ciu theo dudng tron ¢6 ban kinh 7 (ban kinh mit cau) va ndi

tiép trong tam gidc can SA4B.

Trong tarﬂ\ gidc vubng SOB, goi I la giao diém ctia dudng phan gidc trong géc B véi

~ dudng thing SO .

Chitng minh duoc I 14 tim dudng tron néi tiép tam giac va ban kinh »=I0=1IE (E

I hinh chi6u vudng géc ciia I trén SB).
Theo tinh chat phén giéc, ta c6 5_B5_13 .
I0 BO 5

Lai c6 IS-}-IO=SO=\ISBz -0B* =12.
Tir dd suy;ra IS=%6-, IO=—1370.

Tacé ASEImASOB nén

£ ‘59—3:1}5— > 7s=10,
. IS BS 13 13 3
Thé tich klj\ox cau:
= §£7rr3 = iﬂ[&] 400072’ (dvtt). Chon A.
3 3 81
CHU BE
g ! PHUONG PHAP TOA B0 TRONG KHONG GIAN

Cau 1. Dua vio ly thuyét: x =mi+nj + pk,suyra x = (37, p). Chon C.
Ciau 2. Tacé 2 4x *+3a=4bo r=25 +(—%a] Suy ra x= [—4;%;——;—] . Chon A.

2m—n+3p=-5 m=2

Cﬁu3.Dét;=;=(m,n,p),tac6 m—3n+2p=—1lei{n=3 @}.:(2,3,—2).Chan.

3m+2n—-4p=20 p=-2
Cau4.Tacs [f|=VI+1+0=+2; [{=+I+T+1=+5.
Xét ab=(~1).1+1.1+0.0=0, suyra 2 L b. Vay dap an cdn lai D la sai. Chon D.

lbzl 11+1.1+0.1 _ 2 ChenC.

BN | VPP +OAE+E+ 6
Cau 6. Ki€m tra cic d4p an, ta thdy d4dp 4n B ding.

Thit vay, tacé 2p —3¢ +7 =(11,-6,5)=¢ . Chon B.
Cau?7.Tacé 22+3b—c=(—3,22,5). Chon A.

Cau5.Tacod éos(z Z)
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Ciu8.Tacod ma+nb= (m—2mm—2m+3n).
m—2n=-4
“ . - m=2
Suyra ma+nb=c&in=3 @{ _3.ChQnC.
—2m+3n=5 B

2a—b=(3;2m +5,—4)

Ciu9.Tacé 1. :Z(zZ-Z):-sm—zo.

b=(1;-3;2)
s 7 m+10=2 |m=-5
Do dé ‘b(2a—b)|=4®[—6m—20|=4®[3m_HO:_Z@ i =_: .Chn A.
m=0 :
Ciu10.Taco 4 va » cungphuong © Jk€R: u=kv & —2=k(m-2)@{l’[’_=1°. Chon B.
m+l=Fk

Cau 11. D& hai vecto z va b cung phuong < 3k €R: a=kb e {2=kn = Z
3=k2 | n=-3—

Chon B.

Z=(4,2—3J§m,3ﬁm—4)
;=(2m,m+~/§,—2m—\/§)' ‘
Dod6 u L v ¢ 4.2m-+(2=332m)(m++2) +(3vZm—4)(~2m—2) =0
i2_66’“—‘/5.019

Ciu 12. Tacd

& —9\2m* +6m+62 =0 m= nA.

Céu 13. Sai & Budc 3, do giai phuong trinh co ban VA4 =B ma khéng c6 diéu kién B>0.
Chon D. ‘
Cauld. Tacé @b = |Zz’|.|5l.cos(&',5) =9
v w ~ , - 7 - —\2 -2 -7 27
Si dung cdng thuc:lma + nb| = (ma +nb) =m'G +2mn.db +n’p?

Ta tinh duoc |37 —25] =+32.12-2.3.2.9 + 2.9 = /36 = 6. Chon D.

{=3= = =9
Céu 15. Theo gia thiét, tacé 1 o e @
lvl=1=>v =,vl =1
T ';—;l.=4,suyra 16=l;—;|2 =4 +v 2. (2)

Kéthop (1) va (2), taduee 2ur=i +5 ~fi— =9+1-4*=—s.
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Khi d6 Ji+] =i +7' +2m=9+1-6=4. Vay Ji+¥=2. Chon C.
Cau 16. Ap dung cong thirc “Z Z” = (2] [g.sin(2.5). ta duoc I[Z Z]I =2.5.5in30° = 5. ChonB.
Cu 17. Chit § réing (52,~25) =180° - (a.B)=150°.

Stt dung cohg thirc [mé, b | = lm.nl|a|15).sin (ma, n5) , ta duroc

[sa.-23] =§|5.(—2)| 243.3.5in150° = 30v3. Chon C.

Cau 18. V& tam gidc déu ABC, goi M la trung diém BC . A
Tachon = B4, v=BM thoéa man gia thiét bai toan.
Suy ra u—v=BA—BM =MA.

Khi d6 (;,Zj— v)=(BM, Md)=90". Chon .

B M C
Cau19. M lafrung diém ctia 4B suy ra toa dd diém M (L; 1;0).
Nla tni”ung diém ctia CD suy ra toa d6 diém N (1;1;2).
; Ila tnI;mg diém ctia MN suy ra toa d6 di€m I(1;1;1). Chon D.
Cau 20. Ta cé 2132 ~b= (5:2;-3). Goi M (x;9;2), suyra AM = (%y-2;2-1).
? x=35 x=5
Theo gia thiét, suyra {y~2=2 ={y=4 .ChonD.
: z—1=-3 |z2=-2

Cau 21. Ap du%ng ly thuyét: Diém M (x,;,;2,) c6 toa &6 hinh chiéu trén cic mit phang
(Oxy), (092), (Oxz) Tanluot1a M, (x,;9,;0), M, (0;35;2,), M, (%,0;2,) . Chon B.

Cau 22, Ap dul}\g ly thuy&t: Bi€m M (xy;y,:z,) c6 cac diém d8i xting qua cc mit phing
toa o (Oxyjl, (092), (Oxz) Tanluot1a M, (x4;353—2 ) M, (=%03 95320 ), My (%3=9532, )
Do d6 dié’mldé’i xtmg cta M (—3;2;~1) qua mit phing (Oxy) 1a M'(-3;2;1). Chon A.

Cau 23. Ap dung ly thuyét: Diém M (x,;,:2,) c6 hinh chifu vudng géc 1én cic truc
Ox, Oy, Oz | Tan luot & M, (x,;0;0), M, (0;5,:0), M,, (0;0;2,). Do do hinh chigu
vudng géc clia M (2016;—1;,—2017) trén truc Oz 1a (0;0-2017). Chon D.

Cau 24. Ap duing ly thuyét: Di€m M (x,;,;2,) thi dim déi ximg ctia M qua cac truc
Ox, Oy, Oz| lan lugt 1a M, (x,;~35;~2,), My (—%y; 05— 2 ) M (=%i=3432, )

Do dé diémidé’i xing ctia 4(-3;2;~1) quatruc y'Oy 1a 4'(3;2;1). Chon C.
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Cau25. Khoang cich tir A(x; y;2) déntrue Or , duoc tinh theo cbng thisc (4, 0x]=\y* +2 .
Tuong ty d[4,0y) =% +2° v d[4,02]=x + 5" .
Do d6 d[4,0y]=+1+9 =+10. ChonB.
Céu 26. Khoang cach tit M dén gdc toa d§ O béng MO =J9+1+4= \/— lChonD
Ciu 27. Toa d6 didm M' d6ixtmg véi M qua mit phéng (yOz) 1a M (-2;— S,fl ).Chon A.
Cau 28. Toa 46 diém M' d8i ximg véi M quatruc Ox la M'(1;2;—3). Chon B.
Céu 29, Ta ¢6 ZE:(—Z;I;O), E:(—I;S;—S). Goi D(x;3;2).
#+3=2(-2)+3(-1)=-7 [x=-10 ,
Theo gia thiét AD =24B+34C & {y—4=22+3.3=13 < 1y=17 . ChonA.
2-2=2.0+3(-3)=-9 z=-17

Cau 30. Goi G'(x;y;z) 1a trong tAm cia tam gidc 4A'B'C'.

Ta c6 G‘_A;+G'B'+—‘—C—"=5®(ﬂ+ﬁ) (G—'B'+BB') (G c+cc) =0

—— ——— ——— RN — -

G A+G'B+G'C=A'"A+B'B+C'C= 0

Suyra G' ciling 12 trong tdm ctia tam giac ABC nén co toa d§ G[Z % -—] {Chon C.

Ciu 31. Tacé MN =(2;10;—14), MO =(-1;~5;7).Suy ra MN =—2M.
Do d6 ba difm M, N, Q tha‘"mg hang. Chon B.
Cau32. Tacé 4B =(-12;6;0), AM =(2m—3;3;n—1).
2m—3=-12k 3
D& 4, B, M thinghing 3k cR": AM =#AB & {3=6F =1"" 77,
n—1=0k n=1
Chon B.
Céu 33. Goi M(4;0;0)€0x.

Theo gia thiét: M4 = MB(I)\/a 1) P34 \/(a 3) P 2% 4 (4)z Sa=-

Suy ra M[—%;O;O] . Chon B.
Cau 34. Goi M (x;0;z)€(Oxz).

e MA=MB |MA*=MB
Yéu ciu bai todn <

=4
MA=MC | MA* = MC?

@[(1_;;)’ +(1=0) +(1=2)" = (-1-x)’ +(1-0) +(0—2)’ @{;;:5/6 |

(1) +(1-0) +(1-2) =(3— ) +(1-0)" +(~1-2) ——7/6?‘ Chon C.
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Cau 35. Ap dung cong thitc tim ta d6 trong tam. Chon B.
Cau 36. Goi fﬂj(x;y;z).Ta c6 E:(x;y;z—l), B_C.=(3;3;—1), ﬁ=(x+1;y+2;z).
15 L B¢ x3+y3+(z-1).(-1)=0 5 4 s
Yéu cau bai todn < Six+l y+2 2z =2 H|l—-—;——|.
- BCllBH LI AL 19° 19 19
-- 3 3 -1
Chon A.
Cau 37. Goi D la chan dudng phén giéc trong géc B clia tam gidc 4BC
- Taco FA::-%BE.Tinhduqc B4=426, BC =104

V26

Suy ra ﬂ;——BE@D—c:-_zﬁ.

Jios
‘ —4-x=-2(1-2) [x=-2/3
Goi D(x;y;z) . Tit DC=—2DA={7—y=—-2(2—y) ={y=11/3 .ChonA.
5-z2=-2(-1-2) z=1
Céau 38. Goi D!la chan phén gidc trong ctia géc B, ta cé D4 _B4 -3—=> Dd= —lﬁ .
| DC BC 15 5

Suy ra D(0;0;3). Vay BD =25 . Chon B.

%Cﬁu 39. Goi F 1a chin dumg phan gidcngodi géc 4 cita tam gidc ABC , taco FB = %.ITC :

Tinh duoc 4B =545, AC =35 . Suy ra FB =2 FC « 3FB =5FC.

w

3(-5-%)=5(3—x) [x=15
Goi F(x;2). Tit 3FB=5FC = {3(6—y)=5(2—y) ={y=4 .ChonB.
‘ 3(0-z)=5(0—z) z=0
Cau 40. Ta c6 NM =(3;2;-2), NP =(Zm—21).
Tam gidc MNP vudngtai N & MW.NP=0®6+2(m—2)—2=O®m=0.Chan.
Cau 41. Gid ste 4(x,;7,;0) € (Oy), B(0;0;2,) € Oz.
Vi G(—-l;l;Zj‘) 12 trong tim cdia tam gidc ABC nén

° 1 %, +0+(-2)
_poFat 022
40 32 *e=-1
) 1=£% =1y,=1 = 4(-L;L0), B(0;0;4).
_ 2—9_i+23+2 =4
=2t
"Chon B.
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Cau 42. Goi M Ia trung diém ciia 4C . Do M € Oy nén M (0;;0).Suy ra C(4y;—2).

Goi N la trung di€m ctia BC, suy ra N[%;”Ty;— ]

Do N €(Oxz) nén 5;}) ¥0®y=—5:€(4;—5;-—2). Chon A.

Ciau 43. Ta c6 AB® =125; AC* =45:BC* =80.
Do d6 AB* =CA® + CB* =AABC vuéng taiC . Chon C.

.  |4B=(0;2-1) — '
Caud4.Tacé {__, = ABAC=0& AB 1 AC.ChonD.
AC =(-1;12)

Cau45.Tacé AB=3;BC=3; AC =+2 . Vay tam gidc can & B.Chon C.
Ciu46. Tacé A(LL;1), B(5%—1) va BC =(2;8;3). Suy ra toa & diém C(7/9;2).
Goi D(x;y;z). Vi ABCD la hinh binh hanh nén

X=X, 4% — X x=3
CD=BA &iy=y,+y.—y, ©{y=9.ChonD.
z2=2z,+z.~2z, z=4

Cau 47. Goi Q(;z). D& MNPQ 12 hinh binh hanh thi MN = QP

Xp—Xg =Xy —Xy Xo=Xpt+ Xy — %y x=2
PV Vo=In—Yu S{Yo=Yr+IYy—¥y ©1y=3.ChonC.
Zp =2y =2y —2), Zo=2p+ 2y —2y z=4

Ciu 48.Ta c6 AB=(2-3;3), MC =(2;-3;3).
Suy ra AB=MC hay ABCM 12 hinh binh hanh.
NA =(3;1;-1),BC =(3;1;~1) . Suy ra NA=BC hay NACB 12 hinh binh hanh.
Chon D.

Céu 19. Tl gia thiét, suy ra 4(—11,0) va B(11,0). Gei D(x;y;z2).

X=X %, x=2
Do O4BD 1a hinh binh hanh nén OD=4B ¢ {y=y,~y, ©{y=0.ChenB.
z2=2z,—2, z=0

C4iu 50. Ap dung cong thic tinh toa d6 trong tdm ctia tit dién. Chon D. !
Ciu 51. Goi 7 la tdm chia hinh hép nén I 14 trung diém ctia ciia D' B, suy ra I(5;4;5).
Va I cling la trung di€m ctia AC", suy ra C'(8;4;10). Goi B'(x;;z).

X =Xp+Xo— X, x=13
Do B'C'CB lahinhbinhhanhnén C'B'=CB & {y =y, +yc. ~y. & {7=0 .ChenC.
z=zp+z.—2 z=17
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C4u 52. R6 rang A diing theo tinh cht clia tich ¢6 hudng.
Dit a = (::3:2), b= (x%352Y) (%,9,2,2,9",2' € R).Tacd
35 =(3x';3y%32') [,35] = (3y2'~3y", 312"~ 32x' 3" 32" )
S i T
(28]~ 0=z -y —2) [68]=(2~ 2tz zximy- 2 )
= [Z, 33] = 3[2;3] . Do d6 B duing.
2;=(gx;2y;22) { EZ]= 2yz'—2zy" 202" 222" 2xy"— 2% y)
L3R A
[a,b =‘(y2'—2y';x2'—zx';xy'—x ») [ ]= (y2'—zy'xz'— 222"~ 2" y)
=[24,8]=2[,5]. Do d6 C diing.
Vay dap éin sailaD. Chon D.
Ciau 53. Ap djung ly thuyét vé tinh chat cta tich c6 huéng, ta 6 Hu v" , ” ,sm (u,
VayAla d‘tap én sai. Chgn A.
Ciu 54. Chori B.
Céu 55, Kiémitra ta thdy chi ¢4 bo B thoa man.
That vy, ta c6 @ =(4;34), b =(2-12) = [Z,E] =(10;0;—10).
Suy ra [4,8]¢ =10.1+0.2-10.1= 0. Chon B.
Céu 56. Nhén] thay [2, Z] £=-35=0 nén 2,b,c khéng dbng phéng.
Ja+b=(710,1)
Taco{. _
c+d=(7,10,1)
Vay chi cdcdu D 1a sai. Chon D. (Ban doc cé thé kiém tra truc tiép)

.Suyra '2+Z’=l2+2’ va 3+;=2+3@2=2+5—;.

: cla
Cau 57. Dyra véo ly thuyét vé tich c6 hudng cuia hai vecto, suy ra _C_ _a_ .Chon C.
clb

Miab|=(-1-3-7) .. . ,
{ ] ( )¢ a,bj.c=0.Suyra g, b, ¢ dong phang. Chon C.
( y g phang,

Céu 58. Ta cé!
c=(5-52)
Chu 59. Ta 6 [2,5] = (-m+4,~3m~2,7).
~-m+4=35
em
-3Im-2=1

Cau 60. Ta co; [;,;] =(=3;-1;5)

De E=[a,i';]thi{ =-1.Chon A.

D&ba vecto dong phéng thi [Z,;:l.; =0-3m-3-5=0m= —%. Chon D.
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Ciu 61. Ta cd ble=-Sm+2.

’[Z,Z =(m—4;2m+1;-—m2—m+2) [_. _}..
Déba vecto a, b, ¢ déng phing thi [a b]c—O & -5Sm+2= Oﬁm—- ChQnA

Cau 62. Ta c6 = [a,b].2= —2m* —12m—16.

- o = . - - ; = =2
D€ ba vecto a4, b, ¢ ddng phang thi [a,b].c:O e -2m* —12m—16 =01« ” 4
- m=-

Chon A.
Cau 63. Ta c6 AB =(0;2;~1), AC =(~1}2), AD=(-Lm+2;p).
Suyra [A—B,A—C] =(5;1;2).
D&bdn diém 4, B, C, D déng phing khi {E,A—C]E =0&m+2p=3 .lChQn C.

Chu 64.Ta cé AB = (21;~4), 4C =(1,4;~4), 4D =(a;t;-4).Suy ra [ 45, AC] (12:4;7).
D& hai duomg thing 4D va BC cung thudc mot mit phéng khi va chi khl bdn diém

4, B, C, D ddng phiing [ 4B,AC| AD=0«3a+b=7.Chon A.

Ciu 65. Goi M (x;0;0)c Ox .Ma M = OxN(ABC) nénbdn diém 4, B, C, M d‘611ng phéng.
Taco AB=(4-2;4), AC=(6;0:3), AM =(x—1,~2;1) . Suy ra [4B, 4C|=(~6;12;12).
Bon diém 4, B, C, M ddng phing
©[4B,4C) a0 =0 & ~6(x ~1)+12(~2)+12.1= 0 & x = —1= M(~2;0;0). Chon D.

Ciu 66. Ta c6 4B = (~3;—1;0) nén bai giai sai & Budc 1. Chon B.

Cau 67. Goi I latrung diém ctia 4B, ta cd MA+MB=2MI .

Kni 46 (324 + MB), 4C| = § « 2347, 4C|=
Suy ra MI cung phuong véi AC. Chon B.

Cau 68. Dién tich S, 5 = —' = CB]( =¥% chenc.

Cau 69. Dién tich S, 5 = l'[c?;, c_'é” - 7
25 _+6 \/E

D dai duong cao 4H = —==——.Chon A.

BC 5
Ciu 70. Diéfm M € Oy nén M(O;m;O).Ta 6 BTlZ:(—Z;m;O), B_C"=(2;0;0).

442


http://www.facebook.com/groups/TaiLieuOnThiDaiHoc01
http://www.facebook.com/groups/TaiLieuOnThiDaiHoc01

Suy ra [W ) B—CJ =(0;0;—2m). Theo gia thiét

1= == 1 m=3 M(0;3;0)
s ;:3:)—{BM,BCI=3@——-2m=3® = . Chon B.
AMBC 2{ ] 2| I [m=—3 M(O;—3;0). ¢
) . . AB=(1;~12)
i . | AH =(a—1;6—2;c+1) — S
Ciu71:Tac[{__ vA 1AC =(-1-13) > [4B, 4C| = (-1;-5;-2).
|BH =(a—-2;b—1;c~1) —
BC =(-2;0;1)

- Do Hla Hucﬁmcﬁa tam giac
|4H.EC=0 ~2(a=1)+(c+1)=0
ABC < {BH.AC=0 & 1-1(a=2)-1(6-1)+3(c-1)=0
[E,R].ﬁ:o ~1(e=1)=5(6—2)-2(c+1)=0

[-2a+c=-3 : {a=2
1—a—b+3c=0 << {b=1.Dodda+b+c=4.ChonA.

|—a-5b-2c=-9 |c=1

Cau 72. Ta c6 wE =(-2;-38), AC= (~1;0;6).Suy ra [TB,A—C] =(~18;4;-3).

Di¢n tich hinh binh hanh §, 4 = 4B, ZE]’ =+/349 . Chon B.

Céu 73. Do A];BCD 1a hinh binh hanh nén I 1a trung diém cia BD, suyra D(;—1;1).
4B = (1,3,1)

Tacé || = [4B,4D|= (,0;-1).
AD‘:(O;—I;O)

Dién tich cfia hinh binh hanh S, 0 = |[E, E]' =1 +0? +(=1 =+2.Chon C.

Cau 74. Ap dyng cong thirc 7 = %I[A_ER] EI = % .Chon C.
Ciu 75. Goi D(0;5;0).

) ; e — b=-7
Ap dung céng thizc ¥ = %HAB.AC].ADI =5&|-4(b-1)-2/=30 & ‘b _g -ChenC.

| — —q 25
Cu 76. Dién tich tam gidc 5, c = 5| 45, 4C| = 2.
) Thé tich tr/dién 7,50 = %ME, ,Tc},TDI = 335

Vasco

Suy ra d6 dai duong cao 2 =d{D,(4BC)|= =2.ChonC.
y ! g s

AABC
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Cau 77. Ta c6 AB = DC =(4;2;0), BC =(2;—4;0) va 4B.BC =0.
Suy ra ABCD la hinh vuéng. Chen B.

Céu78.Tacé BC=~2, BD=+2, CD=+2.Suy ra tam gisc BCD déu.
Vay D la dap an sai. Chon D.

Cau 79. Nhan thdy ba vecto 44, BB', CC' c6 gia cing song song vom mét phéng
(BCC'B') nén ba vectwo 44", BB', CC' ddng phing. Chon A.

Cau 80. Do ABCD.A'B'C'D' néntacé A'D'=BC, suyra 4'(7,0;-5). -
Va A4"=BB' nén suy ra B'(6;-1;-1). ‘
Tacé BA=(;1;—4), BC =(-5;1;4) va BB = (6;=11).

The tich khi hop ¥ pep yperpe = |{BTT,I§E].§Z! =38. Chon B.
Cau 81. Chon A.
Cau82.Tacsd: (S):x* +3* +22 +2x—4y+62—2=0
hay (S):(x+1) +(y—2) +(z+3 =16.
Do @6 mét céu (S)c6 tdm I(-1;2;—3) vabankinh R=4.ChonA. .

Céu 83. Phuong trinh (S,):%* +y° +2°+62-2=0 ving x vd y nén tim mit Gu nay
nim trén truc Oz .

Ngoai ra ta c6 thé chuyén phuong trinh mét ciu (S,) vé dang: #° + y* +(z+3)’ =11, ;
suy ra tdm J(0;0;—3)€ Oz . Chon B.

Nhén xét: Trong phuong trinh mit cdu, ndu véng dbng thdi hai hé s§ ctia bién bac -
nhét nao thi tim clia mét cau ndm trén truc toa dd khéng chia tén ctia nhung( bién do.

Céu 84. Phuong trinh (§,): %’ +y* +2° +2x—4y—-2=0 ving z nén tAm «Ga mit cau
ndy ndm trén mit phang (Oxy).

Ngoai ra ta c6 thé chuyén phuong trinh mét cdu (S,) veé dang:
(x+1y +(y-2f +22=7, suy ra tam I(—1;2;0)€(Oxy). Chon A.

Nhén xét: Trong phuong trinh mt ciu, néu véng hé s6 ctia bign bac nhdt nio thi tim
ctia mit cdu d6 ndm trén mit phing toa dé khéng chita tén ciia bién dé. ?

Céu 85. Ban kinh R =d[I,0¢]=/}? + 2. =5. Chon B.
Cau86.Taco (§): " +y* +2° —2x—4y—62z+5=0
hay (S):(x—1)" +(y—2) +(z—-3)' =9 1
Do d6 mit cdu (S)cé ban kinh R = 3. Dién tich mit Cau la : § =47 R? =36%vr. Chon C.
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Cau 87. Xét ddp an B, ta c6

3x? +]3y2+3z2—2x—6y+4z—1=0<:>x2+y2+z’—%x—2y+§z—§-=0

N2 2 2 2
@(x—%-) +(y—1)2 +(z+§) =%+G—) +12+(§j >0.Chon B.

Ciu 88. Ta cgé (8):x*+y* +2* —4x+8y—2az+6a=0
hay (8):(x—2)" +(y+4) +(z—a)’ =a* —62a+20>0.
Do d6 ban kinh miit cau : R =’ — 62+ 20 .

bg 2R=y12ﬁR=6®\/az—6a+20=6®a2—6a—16=0©[a=;2. Chon A.
! a=

Cau89.Tacod (§): 2> +y* +2° —4x+2y—2az+10a=0
hay (x—2)' +(y+1) +(z—a) = & —10a+5.
DE (S) léJ; phuong trinh ctia mét cdu &* ~10a+5> 0. (*)
Khi 46 miit c3u (S) 6 ban kinh R = /a? ~10215.
Chu vi dudng trdn Ién clia mit G (S) I P =27R =272 —10a+5 .
Theo gia thiét:

2rJa? —10a+5 =8 & az—10a+5=4©a2—10a—11=0®(a 1 - ChonC.
| a=
Cau 90. Ta co (S): x* +y* +2* —(2m~2)x+3my+(6m—2)z—7=0

hay (S)'):{x—(m—l)]2 +(y+37mJ2 +[z+(3m-1)]2 =7+(m-—l)2 +[§2£]2 +(3m—1)z >0.

! 2 2
Suy ra ban kinh R=\/7+(m—1)z +(§2ﬂ] +(@3m-1) =1'4—9‘-1-m—-—8m+9

7 8} 377 _377
= L2 £ 2L SN ~honB.
[2"’ 7]+49 7 on

Cau91. Dum}\g tron giao tuyén ctia (S) véi mit phéng (Oxy) 6 phuong trinh
(:c-}-Z)2 +(y-2) +(2-3Y =14 @{ =2 +(y-2) = 5
z =‘f0 z=0 :
Tir phuorig trinh ta thdy duong tron giao tuyén c6
| tam J(1,2,0) € (Oxy) va cé ban kinh r =+5.
Chon A. ‘
Céu 92. Chon C.
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Cau 93. Mat cau duong kinh 4B c6 tdm la trung diém cta doan théng 4B .

Suy ra toa dd tdm miét cau can tim 1a (0;3;—1)

Tacé AB=1(-2-2) +(2~4) +(-3-1) =6=>R=—21-AB=3.

Do d6 phuong trinh mit cau dudng kinh 4B 1a x* +(y—3) +(z+1)’ =9. Chon D.

Cau 94. Goi R >0 la ban kinh mit cau ().

Taco V=§7rR3=9727r®R3=729©R=9.

Suy ra phuong trinh clia mit cau (S) 1a (x +1)° +(y—4)° +(2—2)° =81.Chen A.
Céu 95. Ban kinh mit cdu: R =d{I,(0yz)]=|x,|=2
Do dé phuong trinh mit cau can tim 13 (x—2)2 +(y—l)Z +(z +1)2 =4.ChonC.
Céu 96. Goi tdm mit cau (§) 1a I(a;0;0) € (Oxz).
) {1,4:13 @{az +4+48° =(a—2) +9+(6-1) {a=1 =>[1(1;03)
@ +4+8 =a* +9+(b-1) b=3
Cau 97. Goi I(4;0;0) € Ox v6i 2> 0 1a tdm ctia (S).
Theo gié thiét, ta cé d[1,(0yz)|=R s |x,|=2 e a=2.
Vay (s):(x—2)2 +y*4+2°=4.ChonC.
Cau 98. Goi I(a;5;¢) 1a tAm mit ciu ngoai tiép t dién OABC.
=18 [@+8+E =2 +8+¢  (gaiaco (b1
Taco {10 =IB* & {a* +b* +c* =a* +(b~4) +c* & |-8b+16 =0 {6 =2.
I0°=1IC* 1219 10 =g +b +(c—4) |~8+16=0 [c=2

Ban kinh mét ciu ngoai tiép tir dién OABC1A R=I0=+1? +2*+2* =3 . Chon B.
Cach nhanh. Ta thit ta d6 cac di€m vao cic phuong trinh. Cy thé thay toa d6 diém
0(0;0;0) chi théa man B.

Céu 99. Ta co
A4 = MB' + MC* & (x~1) +5* +2 =2 +(y=2) +2 +2" +5* +(2-3)
@ x+y +2 +2x—dy—6z+12=0e (x+1) +(y—2) +(z-3) =
Suy ra tap hop cdc di€m M (x, y,z) théa min la mit cau cé ban kinh R = ﬁ Chon A.
Cau 100. Phuong trinh (S,): #* +y* +2* +2x+62=0 ving hé s tw do nén miit ciu ctia
no di qua géc toa dé 0. Chon C.
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Cau 101. Mt can (S) c6 tam I(1;2;3), ban kinh R=3.
Xét diém P(j-l;é;—l), tacé IP= (—2;4;,—4).Suyra IP = J4+16+16 =6>R.
Do d6 diém P ndm ngoai mit cau (S). Chon C.
Cau 102. Mt c‘énL (S) 6 tam I(3;2;1), bankinh R=+14 .
Xét digm M(0;;—1), taco IM =(~3—1;-2).Suyra IM =9+1+4 =14 =R.
Do d6 diém ,;M thudc mit cau (5). Chon A
Cau 103. Miit Gaa (S) 6 tim I(0;1;2), ban kinh R=5.
Xét didm Q,tacé I0=(1;2;—2).Suyra IQ=+1+4+4=3<R.
Do d6 diém Q nim bén trong mit céu (). Chon D.
Ciu104. Taco (S):x° +y* +2° —2x—4y—62=0
hay (5):(x—1) +(y-2) +(2-3) =14.
Suy ra (S) c6 tam I(1;2;3) vabankinh R=+/14 .
Tacs Ol =14 =R, [A=1<R,[B=+26>R.
Viy trong ba; di®m d3 cho nhan thiy c6 mét di€m A(1;2;3) thoa man. Chon B.
) Cau 105. Ta c6 (iiS)::c2 +y +22—2y+42-9=0
hay (S): #* +(y—1) +(z+2)' =14.
Suy ra (S) cc}& tam I(0;1;—2) vabankinh R=+/14 .
Diém 4 nim trong khéi ciu & U<R& I <R’ & (17 +(1—a) +(-3) <14

a

-1
ead-22-3<0& < . Chon D.
la>3

Cau 106. M3t G (S) c6 tam I(0;4;1), ban kinh R =6.
Ta 6 d[z,(OJ‘xy)]=|z,|=1<R va I(0;4;1)¢ (Oxy) (do z, =1=0). Chon A.

Cau 107. Mt cau (S) 6 thm I(—12;5), ban kinh R=2.
Tacé d[I,(o}xy)]= lz:|=5>R, d[L(Oyz)|=|x,|=1<R, d[1(0x)|=|r|=2=R.
Vay chi ¢6 nlxjxét phéng (Oyz) cit mit cau (S). Chon B. v

Cau 108. Xét méiit cau (8,):2* +y° +(z+4)2 =16, cétam I(0,0—4)c 0z va R=4.
Tacé d[I,(O}Egz)] =|z,|=4=R.ChonD.

Cau 109. Mt Giu () ¢6 thm I(~3;0;2), ban kinh R = +4.
D& (S) tiép xitc v6i (Opz) khi d[,(0pz)| =R ]z, |=R & 3= Vi +4 & m==15.
Chon B. '
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Céu 110. Miit Giu (S) c6 tim I(2;—/5;0), bén kinh R=1/m’* +2m+6..

D& (S) cit truc Oz tai hai diém phén bidt khi d[I,0z]< R & \/x] + ¥} <R
m<—3

e3<ym +2m+6 om +2m-3>0& o1
m
Cau 111. Mt ciu (S) ¢6 tdm I(—1;3;0), bankinh R =3. :
Nhan thiy d[I,0x|=/y} +z =3=R. Vay (S) ti€p xic véi truc Ox.Chon A.
Cau 112. Xét mit cu (S,): (x—1)' +»* +2* =1 c6 tam I(1;0;0), ban kinh R=1.

Tacé d[I,0y]=# +2 =1=R va d[[,0z)=/x’ +y? =1=R.ChonB.
Cau 113. Mt ciu (S) cd thm I(—1;—2;—3), ban kinh R =+14.

. Chon D.

Ta co E:(Z;l;—B),suyra I4=+14 =R nén A€(S).
Goi B(0;0;¢) € Oz 1a'diém can tim. Suy ra E:(—l;l;c+6) .

D& ti&p xulc voi (S)@ELﬁ@E.L_fi:O@2(—1)+1—3(c+6)=0®‘c=—?.

Chon A.
Cau 114. Gia st B(a;b;c) €(S).
Be(S) @+ 4t ~4a—4b—4c=0
Theo gia thiét, ta c6 ;04> = 0B & {a* +5 +¢* =32
04" =AB*  |(4—a) +(4—b) +c* =32 ‘
Giai hé phuirong trinh, ta im dwoc hai nghigém (2;65¢) 1a (0;4;4)_ hoic (4; 0;54) .Chon D.
Cau115. Chon D.  Céu 116. Chon D. ‘
Céu 117. Ta can chu y
e Khi D =0 thi (o) di qua g6c toa dd.
BC =0 '

thi («) chira truc Ox . Chon B.
A=D=0

* Néu [
Céau 118. Ta c6 (P) song song v6i (Q) nén c6 dang: (P):2x—y+5z+D= 0 véi D=0.

Lai ¢6 (P) qua E (1;2;—3) nén thay toa d6 diém E vao phuong trinh cia (P), ta
dwoc D=15. ‘

Vay (P):2x —y +5z +15=0.Chon C.

Cau 119. M3t phéng (P) di qua 4(0;5;1) va nhan A_§=(1;1;2) 1am mét VIPT nén c6
phuong trinh (P): x+y+2z—3=0. Chon A. ‘ '
Cau 120. Mit phing (P) di qua G(L1;1) va nhin 0G =(L;1) 1am mdt VIPT nén ¢

phuong trinh (P): x + y+2z—-3=0. Chon A. 1
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Cau 121. Mt phing cin fim di qua 4(2;1;—1) va nhin BC= (L,-2;-5) 1am mdt VIPT
nén ¢ phuong trinh x—2y —5z—5=0. Chon C.

Ciu 122. Toa d;kf) trung diém cia 4B la M (g;s;%].

Mit phéngi can tim di qua M [%;5;%] va nhin AB =(1;8;5) 1am mét VTPT nén cé
phuong trinh x+8y+5z—-47=0. Chen D.
Cau 123. Do (L;S‘) d6i xtmg véi (a) qua I nén (8)|(e).

Suyra (8):4x—3y—7z+D=0 véi D=3.

Chon M(O},I;O) €(c), suy ratoa dé diém N d8ixtmgvéi M qua I 1a N(2;-32).

RG rang N?(Z;—3;4) €(6) nén thay toa d6 vao phuong trinh (8), ta dwoc D=11.

Vay phucmiig trinh mt phéng (8):4x—3y—7z+11=0. Chon B.
Cau 124. Tacd 4B =(1;0,—3) va AC =(~L10).Suyra [TB, 25] =(3;3;1).

Mit phéngfc‘é‘n tim di qua A(3;-1;2) va nhin [TB,TC} =(3;3;1) lam mét VIPT nén
¢6 phuong trinh 3x+3y+2z—8=0. Chon B.
Cau 125. Mt phé’mg () chita truc Oz nén phuong trinh ¢ dang

Ax -ILBy =0 véi 4> +B* =0.

Lai ¢6 (a) (dl qua P(2;-3;5) nén 24 -3B=0.Chon B=2=4 =3.

Vay phironjg trinh mét phing (a):3x +2y =0.Chon C.
Cau 126. Ta ¢ MN = (~1;1;—4), truc Oy c6 VICP j =(0;1,0). Suy ra [M2N, /] = (4,0;-1).

M3t phé’ing§ (@) di qua M(%-15) va nhan [M—N,;] =(4;0;—1) 1am mét VIPT nén c6
phuong trinh l\a) 14x—z+1=0.Chon A,
Cau 127. Ta c6 [2,5] = (~10:4:6) = (10;~4=6)..

Mit phing| (a) di qua M(0;0;—1) va nhan [¢.8]=(~10:4;6) 1am mat VTPT nén c6
phuong trinh ﬂ:a): —10x+4y+6z+6=0.Chon A.
Cau 128. Mt phing (P) ¢6 VIPT 7, =(2:0;~1) va (Q) c6 VIPT 7, =(0;5;0).

Ta cbd [;t:,;“;] =(10;2).

Mgt phing (o) di qua A(2—%1) va nhin [n,,n,]=(50;2) lam mét VIPT nén c6
phuong trinh {a): x+2z—-4=0.Chon B.
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Ciu129. Tacé PQ =(—1,—1;4), mit phing (P) c6 VIPT 5, =(3;2;—1).
Suy ra [E’—Q',r—z;]=(—7;11;1).

Mt phing (o) di qua P(2;0;~1) va nhn [PG,%,|=(~7151) lam mot VIPT nén cé
|
phuong trinh (a): —7x+11y+2z+15=0. Chon C. ‘

Cau 130. Phurong trinh mit phing (o) theo doan chinla: £ +% +Z-1.
a ¢

Ma M (8;0;0), N(0;—2;0), P(0;0;4) thudc (&) nén

(a):%—y?+zz=1®x —4y +2z —8=0.ChonD.

Cau 131. Tix gia thiét, ta c6 M (4;0;0), N (0;—3;0), P (0;0;2).
Phuong trinh mit phing (MNP) theo doan chén 1a:

%—%%—%:1@3:: —4y +6z —12=0.Chon B.

Cau 132. Ta 6 (P)N0z = M (0;0;2) . Mt phing (Oxy) c6 VIPT E=(0;0;1).

Mit phing can tim (P) di qua M(0;0;2) va nhan E= (0;0;1) 1am mét EVT_PT nén cé
phuong trinh (P):2—2=0. Chen A.
Cau 133. Do 4 ={(a)N0x = 4(4;0;0). Twong tw B(0;5;0) va C(0;0;¢).

abc]
3’33

K&t hop vdi gia thiét, ta duoc a =3;b=6;c=9.

Suy ra toa d6 trong tam tam gidc 4BC 1a G[

Vay phuong trinh miit phing (a): §+§+3=1 hay (a):6x+3y+2z—18=0. ChonC.

Cau134. Vi 4€0x, B0y, C€ 0z nén (o) c6 dang ic~+%-|—-z—=1.
a c

Vi H(Z;l;l)e(a)¢£+%+l=1@2bc 4-ab +ac =abc .
a c

AH.BC=0 {c-—b=0
& .

Va H la tric tam cia tam giac 4ABC &
BH.AC=0

Tixr @6, tadwgc a=3,b=c =6.
Do @6 phuong trinh mét phéng (a):§+%+—;-=l hay (a):2x+y+z-6=3=0.ChonA.

=(0;3;—6)
AC = (~2;0;—6)

Cau135. Ta cd ,suyra [E,R]:(—IS;IZ;G) 1a mét VIPT ctia mp (A4BC).
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o (SBH)L (ABC) nén mit phéng (SBH) c6 mét VIPT la
[[EJTC],S—B} = (~6;—30;42).
Viy mit pl}hé;ing (SBH) di qua diém B(0;3;0) va 6 mdt VIPT
[[A—B,M_C.'],EE] = (—6;—30;42) nén c6 phuong trinh x +5y—7z—15=0.Chon A.

PB.1+4.(-2)+2.3+4| Chon C.
=—— n
V3 +47 427 N

Cau 137. Vi H 12 hinh chi€u vudng goc clia 4 trén (a). Do d6 AH =d[4,(a)].

Cau 136. Ta c6 d[4,(P)|=

16.2—12.(-1)-15.( 4|
\16% +(~12)" +(-15) 5

Ciu 138. Ta cé AB =(~2;2;-1) va BC=(0;—11) nén [4B;BC|=(1,2:2).

. Chon B.

Ma d[4,(c)] =

Suy ra phyong trinh mét phéng (4BC):x+2y+22-9=0.
-9
Cau139. Tacé (S): 2> +y* +2° —2(x+y+2)-22=0
hay (S):(x =1 +(y=1)" +(2—1) =25.
Suy ramit cau (S) c6 tam I(LL1).
| _pi-21+61+14
3 +(-2) +6°
[2.2—2.1—(-1)(-1)+3| _% ChenC.

V2 +(-2) +(-1 3

Khi &6 d[0,(4BC)|= =3.ChonB.

)
Khoang cdch can tim la: d[1,(P) =3.ChonC.

Céu 140. Bén kinh ctia () 1a: R =d[I,(a)]=

BC=(-3,0,1)

Cau141. Tach .
" |BD=(-4,-12)

Suy ra m3t phéng (BCD) c6 mét VIPT la BC,BD|=(1,2,3).

Do d6 mit phing (BCD) cé phuong trinh x +2y+3z—7=0.

3-4 7
Suy ra banl kinh mit cdu cAn tim: R=d [A BCD)] L—Jl_416—| Vid.ChonC.

Ciu 142. Mét‘c‘éu (8) co tam I(4;-5;—2), bankinh R=35.
3.4+(-5 3 6
3.4+(=5)-3.(-2)+¢| —Jio.

NSO 3)2

Tacd d [I P)]
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Ban kinh dudng tron giao tuyén la: 7 = \/Rz —-&*[1,(P)]|=V5"-19=+6. ¢hgn C.
Cu 143. Mt Giu (S) c6 tim I(3;—2;0) va béankinh R=5. |
Mt phing can tim cit () theo dudng tron cé ban kinh
r=3ed[L(P)|=VR -7 =4. "
Tinh khoang céch tr I d&n cic mét phing da cho chi c6 két qua D thoa mﬁn Chon D.
[4+1+2+2
Va+i+a
Suy ra ban kinh mit cdu R= \/rz +d? [I,(P)] = +3 =410.
Vay (8):(x—2)" +(y—1) +(2—1)" =10. Chen D.
Céu 145. Mt ciu (S) c6 tam I(0;5;1) vabankinh R=4/3 .

Ciu 144. Ta c6 d[ (P )]

Tacé d[1,(P)|= [0+21-21+15 53
V2 +2 (-2 2
. . P 33
Vay khoang cach ngan nhat: 4 =d[I,(P)]—R=—2-.ChQnA.
Céu 146. Chon 0(0;0;0) e (P).
7 7
Do (P)||(Q) nén 4{(P),(Q)]=2[0,(Q)| = =—=—==

N
(@)=

Khoang céch giita hai mit phing (P) va (Q) 1a d((P);( 1 7

2+ 1) +12 Ve
Chon D.
Cau 147. Puong thing A di qua M(L7;3).

Vi (8) la mit phing chiza A va song song véi mit phéng (@) nén

d(e)(8) =4[, (o \/ljiﬂ 3+5| ﬁ'

Ciiu 148. Miit phing (P) ¢6 VIPT n, =(2;,—3;4), mt phéng (Q) O VIPT n, =(4;—13;-6).

Chon B.

Tacé %z—:%.Dodé (P) cat (Q).

Lai 6 n,.n, = 2.4 +(~3).(~13) +4.(=6) = 23 = 0. Chon C.
1 2 2 -l4

Ciu 149. Ta cé I 55T Do d6 (P) song song véi (Q). Chon A.
2 1 -1 1 =3
Céu 150. Ta xét hai mit phang (R) va (S), tacd 35555 (R)N(s)
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Xét céc cip con lai ta thdy ching khéng song song véi nhau. Chon B.
Cau 151. Ta c6 VIPT ctia (@), (8), (v) lnlwotla ;(a) =(L52), ;(J) =(51-1), ;<,) =(1-10).
11 2 o« .
oo BCO T=T= = Suy ra (o) khong song song véi (8). Chen C.
Ciu152. Tac6|A€(Q) vi —~1+2.2-3.1=0.

R
Xétcdp n,van

Mt phing (P) o6 VIPT 7,, = (2;4;—6), mit phing (Q) S VIPT 7, = (1;2;—3)= + 7

" -
Viy mit phﬁng (Q) diqua A vasong song vdi (P). Chon A.

Céu 153. Mt gh?mg (P) ¢6 VIPT n, =(5,—3;2).
Mit phéng | (Q) 6 VIPT 7, = =(2m—L—-2m" + m;2m—4).
D& (P) L(Q) ¢ n, L1y € 1pm =0 ¢ (2m—1).1+(=2m" +m).(~3)+(2m—4).2=0

m=1
3. Chon A.

m=—=—

2
Cau 154. Miit phing (a) c6 VIPT 7, = (1;—1;), mit phing (8) 6 VIPT 7, = (2;m;2).
| 1=k2 .
PE (a)|| (ﬁ) khivachikhi n, =kn, (k=0)e{-1=km= 1m_—1—- . Chon A.
P n=~k2 -

‘ & 6m’ +3m—9=0&

Ciu 155. Ta c6, 4B = (5;0;—4) . Suy ra {E,:] =(—4;-23;,-5).
Do d6 mit phing (P) duoc xic dinh 1 di qua A4(-3;2;2) va c6 mét VIPT
[4B,7] = (~4;~23;~5) nén c6 phuong trinh (P): 4x+23y +5-44=0.

~ — : PN s .4_m_5_—' m=2
De(P):(Q)khvachlkhx4—23—5—1_n,suyra {n=45 Chon A.
—-m 3 —6+m
Ciu 156, DE (a) tring (8) khi —— =T =3 _1
u 156. DE (a) tring (5) +3 2 Smtl —10 0T
_-m 3 —6+m

~ i —
bé (a) song.song( ) khi —— +3 e el T

Viy d8 (o) cit (8) thi m=1.Chon C.
Cau 157. Truc gOz ¢6 VICP k= (0;0;1) . Mt phéng (a) c6 VIPT n= 4-3,7).

: khéng c6 gia tri m .

Ro rang n ﬂihéng cung phwong véi Evank=7=0.
Suy ra truc !0z cét mit phing (c) tai M(0;0;1). Chon A.

Cau 158. Truc Dx ¢6 VTCP 7 =(1;0;0). Mit phing (a) c6 VTP n=(0;21).
Tacé in=0 vadiém 0(0;0;0) €& (). Suy ra mit phing () chira tryc Ox. Chon D.
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PNOx = A4(2;0;0)
Céu 159. Xét mit phing (P), ta cé {PNOy = B(0;~3;0). Chon A.
PNOz=C(0;0;1)
Céich khdc. Ta thily (Q) ving y va z nénsong song véi (Oyz), (R) vang y nénsong
song véi truc Oy, (S) ving x nén song song véi truc Ox. !
Chu 160. Miit phing (y) ¢6 VIPT 1a n=(0;0;1) cing phuong véi VICP cta truc Oz .
Suy ra (v) L(0z).Do 46 B sai. Chon B. :
Céu 161. M3t cau (S) c6tdm I(0;4;1), bankinh R=6.
o-8+2-3

Khoang céch tit tim I dén (P) 1a: d[I,(P)]= =3<R.
04ng cac 4m I dén (P) 1a: d[I,(P)] Ny
Vay (P) cét (S). ChonD.
Cau 162. Mt G3u (S) c6 tam I(5;2;3), ban kinh R=3.
X . N ~ x 2 Il 4+6+24|
Khodng cach tir tim I dén mit phan la diI,(P ———-—————j-——-—9>R.
s phing (7) B AP ="~ 3

Do d6 (P) khéng cit (S). Chon B. _
Céu 163. Mt cau (S) c6 tam I(3;2;1), ban kinh R=+14 . -
Khoang cach tir tim 7 d&n mit phing (P) la

d[1,(P)]= [9+2+2+Y _JiA_R.

Jo+1+4
Do d6 (P) ti€p xtic véi (S). Chon C.
Cau 164. Mat cau (S) c6 tim J(—1;2;1) va bankinh R=2.
|-1+2+1-2]
Ve
Suy ra (P,) di qua tdm mét cau (S). Chon D.
Céu 165. Mit cau (S)c6 tdm I(1;—3;2) vabankinh R=7.

Nhién thdy d[7,(F,)]|=

Mit phing (a) ti€p xic véi mit cau: S)ed [I ,(a)] =R
Nhan thdy mit phing 6x+2y+3z—55=0 théa man. Chon C.
Céau 166. Mit cau (S) ¢6 tAm J(—1;2;1) vabankinh R=2.
o (P){|(a) nénsuyra (P):2x—y+2z+D=0 véi D=—4.
Lai c6 (P) tigp xic véi (S) « d|L(P)|=R

|(—1).2+2.(—1)+2.1+D|_2 Dodlege|P=8 }
© 3 =2«|p-2= D=4 (logi)”
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Vay (P):2x—~y+2z+8=0.Chon B,
Ciu 167. Mt i:‘éu (8) c6tam I(1;2;-1).Suyra = (2:2;1).
Mit phing tiép dién véi (S) tai 4 di qua A(3;4;0) va nhan I4= (2;2;1) 1am mot
VTPT nén c6 }%hu’ong trinh 2x+2y+2z-14=0. Chon C.
Ciu 168. Mt ¢au ($)cotam I (,—3;—1) vabankinh R =4/3.
o B.1+(m—4)(=3)—3m(~1)+2m g

D& (o) tigpxiic (S) & d[I,(a)| =R N =3
m m
ﬁ_lzzﬂﬂ——=~/§©(2m+7)z=3(10m2—8m+25)®m2—2m+1=0®m=1.
V10m?* - 8m+25
Chon A. | :
Ciu 169. VTPT ctia mit phing (P) va (Q)ranluqtlé:n“,, (2-5-1), n, =(1,0,—1).
np g [2+0+1]] V3
Ta cé cos|(.P), cos(n,, N =—,
[(1)( l F "' I”P ,”0’ VAFI+1/1+1 2

Suy ra hai njhét phéng (P) va (Q) hop véi nhau géc 30°. Chon A.

* | Cau170. VIPT ciia méit phéng (P) va (Q) lan luot Ia: n, = (2-1;-2), n, = (L;~1;0).
% Goi ¢ la gdc gitra hai mit phing (P) va (Q).

]

- _.), 2.1+ (~1)(-1) 3 2

Tacéd cos¢¥lms n,m = —==——¢=45". ChonB.
: 2 V2R LR 422+ W2 2

Céu 171. Vecto phap tuyén clia mét phing (4BC) la n, = [ZE,E] = (—2@;—2«/—2_;—4) .
Vecto phip tuyén clia mét phéing (ACD) 1a #, =[4C; 4D| = (vZ;0,0).
Goi ¢ 14 gor gifra hai mit phing (4BC) va (ACD).

, ZJ_ 4J_I =1 @ =60°. Chon C.

~I- J=242) +(-242) +4 . ffasz) 2

Ciu 172 Mjt phing (MNP ).c6 mét VIPT 1a 7= [3V; 32P| = (111)..

Ta cé cosp = lcos

Mt phing (Oxy) c6 mét VIPT Ia £ = (0;0;1).
Goi ¢ la gée gitra hai miit phing (MNP) va (Oxy).
[1.0+1.0+1.]|

Ta co cosp = = cos(n,le)l m = T— Chon C.

Cau 173. T glaJ thiét, suy ra OH = (2,—1;—2) 12 mdt VTPT clia mt phéng (Q).
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Mt phéng (P) c6 VTPT n, = (;—1;0).
Goi ¢ la goc giita hai mit phing (P) va (Q).

2.1 +(-1)(-1) 3 JE
Jzz TE+Z R+ N2
Cau174.Ta c6 4B =(-42;0), AC =(~1L;0;m).

Tacd cosp = lcos n,,,OH l—

Suy ra mit phéng (4BC) c6 mdt VIPT 12 n= [E,R] = (2m;m;2) .

Mit phing (Oxy ) c6 mot VIPT 1 &= (0;0;1).
Goi ¢ la géc gilra hai mat phing (4BC) va (Oxy).

Ta cd cosy = cos60° @'cos(ﬁ,i)l=c0s60° @M=l@m= .1_2.,
J@myY +mP 420 2 5
Chon C.
Ciu 175. Vi M € Oy nén M(0; ,;0).
_ 25| lyo=6 M(0;6:0)
Thy thiét: 4| M, =4 =4 =6 .
eo gia thié [ (a)] @m lyol ﬁ}ﬁ,:— = M(o;é;o)
Cho_nA. 1
Cau 176. Goi M(0;5;0)€0y.
Tacé: d(M,P)=d(M,Q) p+1 _|y-9| 5| ely+l=|y-5|e y=2=m(0;2;0).
3B
Chon A.
Cau 177. Gia st M(0;0;z) € Oz 1a diém can tim. ‘
2.0+30+2-17
Theo gia thigt: AM = d[M,(a)] & (0—2) +(0—3) +(z—a) = 2030 +z-11
NIRRT
2 (2—17)2 2 !
e13+(z-4) =—"—2"- 62+9=0&2z=3= M(0;0;3). ChonC.

14

Cau 178. Goi E(L;3;0) v6i y€Z.

] Ry _ 4-5]
VEL2 4T ot (<1 4 (-1)

Theo gia thiét: d[E,(a)|=d|E,(8
had

{2y=4—y

4
y=
’ E(1;—4;0) . Chon B.
2y=—4+y 3 = E(l—40). Chon

y=—4
Cdu179.Tacé M €d nén M(2+3;2+45—1).
Do I latrung di€ém MN , suyra N(-352-451).
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Mt khéc, N €(S) nén (-3r—1)" +(2—-4¢-2)} +(r-3) =36

| [t =1 [N(-3-2)

2618 —26=0 = . Chon B.
‘ t=~1|N(3;6;-1)

 Cau180.D3t f=x+y+z—4.
- Tacd f(4)=2+4+4-4=6>0va f(B)=2-5-5-4=—-12<0.
Suyra 4, B &khac phia d8i véi mit phing (P).
Khi d6 diém M thoa man bai toan chinh 14 giao diém cia dudng thing 4B va mit
. phang (P).
x=2

Phuong trinh duong thing 4B:{y=1+3:.
z=1+3t
x=2
y=1+3¢
z=1+3r
x+y+2z—4=0

Suy ra toa:dd diém M théa min = M(2;5;1). Chon A.
Cau18L Dt f=2x—y—z+3.
. Tach f(A)=2+1-2+3=4>0 vk f(B)=4—0—1+3=6>0.
Suyra 4, B &clung phia d6i v6i mit phing (P). (1)
Tacd |MA-MB|< 4B. ' (2)
Tix (1) va (2) suy radiéim 4 thoa méin I giao ctia dudng thing AB voimit phing (7).
z-2

- Phucngtrihhduimgthéng (M):%:%{: T

x—1 y+1 2z-2

Suy ra d6 ¢li€ém M théaman { 1| =TT T3 = M(-1;-3;4) Chon A.
2x~y—z+3=0

Céu 182 Goi I(a;5;c) 14 diém théa man 274 — I8 =0, suy.ra I(4—1—3).

Ta c6 2MA—MB = 2Mi +214—MI —TB = M. Suy ra I2W—J\El=|ﬁ|=MI.

— —

Do d6 2344~ MB| nho nidt khi MI nho nhét hay M 1a hinh chidu ctia I trén m3t

¥—4 y+1 243
1 -1

phéng (P). WMg théng di qua I va vudng géc véi (P) c6la d:
. Toa &3 hinh chi€u M cta I trén (P) théa man

x=4 _y+l 243
I 1 -1 =M(5-4;0).ChonD.
x4y—24+3=0 :
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Cau 183. Goi I(a;6;c) 1a diém théaman LA+ IB+IC = 0, suyra I(1;2;2).
— —_— R, — -—2 — — et —n2
Ta c6 Md* + MB® + MC* = MA +MB + e =(MI+L4) +(MI+IB)i +(MI+IC)

= 3MI? +21T4Ir(172+E+Tc)+m2 +IB' + IC* =3MI* + IA® + IB* + IC*.

Do I c8 dinh nén M4’ + MB* + MC® nhé nhat khi MI nhé nhét hay M 13 hinh
chiéu vudng géc cia I trén (P).

Dudng thang di qua I va vuéng géc véi (P) blad: x;l = y—32 = Z_f .

Toa d6 hinh chi®u M ctaa I trén (P) théa man
x=1_ y=2 2-2
3 -3 -2 = M(4-10).ChonB.
3x—3y~-22-15=0

Cau 184. Goi I(2;6;¢) la di®m thoa man 14— 278 — 0, suyra I(13;—1 ;19).
—_ —] — —a\2 —_— —
Tacé MA> —2MB* = MA —2MB" = (M7 +TA) —2(328 +IB)2
=—MI*+ 2M(E-2E)+IAZ —2IB = —MI* + I4* < 2IB".
Do I'c§ dinh nén MA4®—2MB* 16n nhét khi —~MI* 16n nhét hay MI nhé nhét nén
M 14 hinh chiéu cua I trén (P).Vi M 13 hinh chifu vubng géc ctia I trén (P) nén
M(13+5~11+519+1) |
Me(P)e (13+2)+(~11+1)+(19+£)=0
Cau 185. Chon C.
Cau 186. Ki€m tra M & trén dudng thing thi loai (III).

©t=-7.Suyra M(6;-—18;]§2) .Chon C.

Kiém tra VICP clia (1) 1a ¢; = (2,~3;5) va VICP ctia (IL) 1 2, = (~4;6,— 10).Chon C.

Ciu 187.Ta /Tﬁ:(-—l;—l;S); EZ:(I;I;—S). ,
(I) Phurong trinh tham s8 ctia dwdng thing qua 4 va c6 VTCP B — (L,1-5).
(II) Phuong trinh chinh tic ctia dudng thing qua 4 va cé VICP BA = (11;1;——5) .
() Phuong trinh tham 8 ctia duéng thing qua 4 va c6 VICP B — (1L-5).
Chon D. |

Céu 188. D& dang thdy (I) va (II) ding.
Ma (I) va (IT) diing thi ta suy ra dwoc (III) cling dting. Chon D.

Cau 189. Chon D.

—3+2t=5+¢" r=3
Cau 190. Ta giai hé —2+3t=—1—4t'=>[t,__ 2
6-+4r=2-8¢' -
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Thay =2 vao d, ta duoc (x;y,z)=(3;7;18). Chon B.
Cau191. Ta cb a= (4,-6;2)= 2(2;—3;1) .Chon C.
Cau192. Ta of AB =(-2;3;-2).
[x =4z )
Pudng thing {y =2-+6¢ ¢6 VICP u = (4:6;,—4) khéng ciing phuong véi 4B .
z2=1-4r
Do d6 A loai.

% x=2+42r

Dudng thing {y =—1+3¢ ¢6 VICP u=(2;3;2) khéng cling phuong véi 45 .
z=34+2¢
Do d6 B loai.
L x==2+2:
Dudng thing {y=5-3¢ 6 VICP »= (2,-3;2) cung phwong véi AB.
z=—1+2¢

Ta kiém tra xem hai diém 4, B c6 thudc dudng thing hay khong. Thay toa d6 diém
4 vao phuong trinh ta dugc =2 . Do d6 C dung. Chen C.

- ) Cau193.Tac 4B =(2;-3;4), Bd =(~2;3—4). Chon B.
éCéu 194.Ta cd 4 song song véi Oy nén c6 VICP = (0;1;0). Chon B.

Céu 195. Mijt fbhéng (@) O VIPCla n, = (4;3;-7).
Do d L (a) nén c6 VICP la u, =7, =(4;3~7). Chon B.

Cau 196. Goi G Ja trong tdm cua tam gidc 4BC, suy ra G(é ;—%;OJ .
Tacé 4B=(-1~2;-1); 4C =(2-2)
Pudng thérj’lg A vudng géc véi mp (4BC) nén cd VICP u = [Zﬁ, Té] =(5,—4;3).
Chon C. |

Cau 197. Dudmg thing A ¢6 VICP , =(L;—1~3). Truc Ox c6 VICP 7= (1;00).

Do d LOx vad LA néncé VICP , = [i4]=(0:3-1). Chon .
Céu 198. Du‘orng d, c6 VTCP 2= (1,-4;6); d, c6 VICP b= (2;1;-5).

Vi d, vuc‘mg 86c V6i d,; d, nén c6 véc-to chi phuong z = [;, ZJ =(14;17;9) . Chon B.
Cau 199. Duc‘mj‘g thang d c6 VTICP u, =(-L5;3).

Mit phng (P) ¢6 VTPT 7, =(3;-2;3).
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Goi mit phing (Q) chira d va vudng géc véi (P).
Suy ra VIPT clia (Q) 1a ng =|u;,,|=(21,12;-13).

Vi d' 12 hinh chigu ctia d 1én mit phing (P) nén d'=(Q)N(P).

Do dé d' c6 VICP 12 u, =, mg| = (10;- —102;-78) = 2(5;,-51;-39) = —2(~5;51;39).

Chon D.
Ciu 200. Dudng thing d ¢6 VICP u, =(3;—1;-2).

Pudng thing d, di qua M, (5;0;—4) va c6 VICP , =(L-1;2).

Tacd u,.u, =0 va A(50,—4)e d.Dodé d, vudng goc va ct d . Chon B.
Cau201. Goi M(1+£0;t—5)€d,, N(0;4—2:55+3¢") €d,.

Suy ra MN = (-1~£4-2:510432'— £).

Putng thing d, ¢6 VTCP 2= (L;0;1), d, ¢6 VTCP & =(0;—2;3).

Wa_oﬁ t=3 M (4;0,-2)
MNb=0 t'=-1 N(O;6;2)§

D& MN Ia doan vudng géc chung thi [

Phuong trinh duong vuéng géc chungla MN : ad 24 = -;i =2 + 2

Céu202.Do 4=AnNd, suyra 4€d, nén A(2+t;1—2t;1+2t).
Vi M latrung di€m 4B, suyra B(—t+2;2t~3;—2t+1).

.Chon D.

- - - - -1 A4(2;1;1
Theo gia thiét, Be d, nen —+2=2_2=3+3 2041 1@z=o:l (21)

1 -1 B(2;,-31)
=2
Dudng thing A di qua hai didm 4(2;11), B(2;-31) nén A:{y=1+z.ChonA.
z=1

Ciu 203. Dudng thing d, c6 vecto chi phuong #, =(2~L1).
Goi B=AnNd, suyra Bed, nén B(1-£1+26—1+1).
Dudmg thing A c6 vecto chi phuong 4B = (—£;2: - 1;:—4).
Theo gia thiét, ta cd A 1. d, nén
4B =06 2(~1)~1(2t~1)+(t—4) =0 & = —1=> B(%~L;~2).

Khidé A di qua hai diém 4(1;2;3) va B(2;—1;—2) nén a: xl—l ~¥z2_ z-3

Chon A.
Céu 204. Goi B=ANd,suyra Bed nén H(1+54-1421).
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Khi d6 A c6 VICP Ia 4B = (£;¢;2¢ ~ 3). Duimg thing d c6 VTCP , = (L1;2).
Theo dé biji: A L d & ABu, =t+t+4r~6=0&t=1= B(211).
|

Dudng thing A can tim di qua hai diém 4, B nén A: x_l—_l = % == —12

. Chon B.
Céu 205. Mat }phi’ing (P) c6 vecto phap tuyén n, =(2;1,~2).
Puong thing d c6 vecto chi phuong u, = (1;2;0).
Buong thi?ng A song song véi (P) va vudng goc véi d nén cé VICP
ey =3[Z,Z] =(4-23).

Vay phuong trinh dudng thing A: _x4 1_ }'—2 z-1 )

Ciu 206. Mt phing (P) c6 VIPT 7, = (1;2,0).

Goi d la d*iu't‘mg thing can tim. Ta ¢6 dNOx = B(b;0,0).

Suyra d 6 VTCP AB=(b+1;~3;4).

Do d||(P) nén 4B L7, = (b+1).1+(~3).2+4.0=0 & b=5= B(50,0).

| x=5+6¢
Dudng thing cin tim di qua hai diém 4, B nén c6 phuong trinh {y =—3; .Chon A.
z=4r

Ciu 207. Mt phing (a) ¢6 VIPT n=(LL-1).

Goi B=A}ﬂd, suyra Bed = B(3+13+352z).

Suy ra du'b?ng thing A c6 VICP E=(2+t;1+3t;1+2t).

Vi All(e) nén 4Ba=0<2+r+1+3t—2t—1=0er=—1.

Dodophu’bngttmh A -{l—l—y-z—z—iﬂ Chon C.

Cau 208. Mt phang (P) 6 VIPT n, =(1,2;— -3); d c6 VICP u, —(LL;—-1).
xt2_y-2_z
Goi A=dN(P),toadbdiém 4 théamanhé { 1 1 —1= 4(-3;L1).
x+2y—~3z+4=0

Do A ndm/trong (P) va vuéng géc véi d nén cé VICP uy =[;:,Z] =(;;-2;-1).
Khi d6 durong thing A duwoc xic dinh 13 di qua A(—s-i-l) va ¢ VTCP
x+3 _r-1 1

-2 —1
Cau 209. Phuo}ng trinh mit phing trung truc ctia 4B 1a (@):3x+y—7=0.

[n,,,u,] (-2;-1) nén cé phuorng trinh A:=—= .Chon C.
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Pudng thing dan tim d céch déu hai diém 4, B nén s thugc mit phing (a).

x+y+z-7=0
Laicé d < (P), suyra d =(P)N(c) hay d: 3x-3y—7=0
x=2t
— Chon z=1, ta duoc . Chon B.
y=7-3¢

' Cau 210. Goi H 13 hinh chidu vuéng gécclia M 1én d.

Suyra Hed nén H(1+35,-2-261) = MH = (3t—1;4—25;2-3).
Dubdng thing d ¢6 mdt VICP I # = (3;—2;1).
Tacé MH Ld nén MHu=0 3(3r—1)—2(4—2:)+(¢—3)=0 & r=1= H(4,-41).
Chon D.

Cau 211. Dudng thing d c6 VICP u, =(3;-1L1).
Goi (a) la mét phéng qua 4 va vudng goc véi d nén ¢ VIPT n, =u, = (3;—L1).
Do d6 (a):3x—y+2z—4=0.
Toa d6 hinh chidu vudng goc H cua A4 trén d théa man

3 -1 1 =H(ZL-1).
3x—y+z—4=90 _
Khi d6 H la trung di€m ciia 44' nénsuy ra 4'(3;0;—5). Chon C.
Ciu 212. Miit phing (P) c6 VIPT n, = (2-54).

Goi d la dudng thing qua 4 va vudng goc véi (P) nén cé VICP u, =;:=(2;—5;4).
x+1 y-3 2z-2
T -5 4
Khi d6 toa d6 hinh chiéu H théa man hé
x+1_ y-3 z-2
2 -5 4 =H(-26).ChonC.
2x—5y+4z-36=0 :

Dodé d:

Cau 213. Céch 1. (An may) Dé thdy chi cé diém (2;—1;3) théa man phuong trinh ().

Chon A.
Céch 2. (Lam nhanh) Trong tdm ctia tam gidc 4BC la G(l;—2;2) .

Gia s H 1a hinh chiéu vudng géc clia G 1én mit phing (o) thi GH fung phuong
v6i vecto phap tuyén ctia mét phéng (o). Chon A.

Cach 3. (T8ng quat) Trong tim cla tam gidc 4BC la G(1~2;2).

Goi d 1a dudng thing qua G va vudng géc véi mit phing (). Khi dé H=dn(a)
chinh Ia hinh chigu vuéng géc ctia G 1én mét phing ().
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x=14¢
Phurong trinh tham sd clia @1 {y = —2 +¢ » thay vao phurong trinh mét phing (a) ta cé:
: z=2+41:
(I+£)+(=2+2)+(2+)~4=0r=1= H(2-1;3). Chon A.
Céu 214. Miit phéng (P) o6 VIPT , =(2;3;-1). i
Goi d 1a dudng thing qua A(3;5;0) va vudng géc véi (P) nén c6 VICP
- - ‘ c 5. %x=3 _y-5 z
=n,=(2;3;=-1). Dodd d: Z—— =2~ - %
gy =np ( ). Dodé 2 3 1
Toa d6 hinh chiéu H vuéng géc cia 4 trén (P) 1a nghiém ctia hé
x—31_ y+5 _Z '
2 3 1= H(L21).
2x+3y—2z-7=0
Khido H 1a trung di€m ctia 44’ nén A'(~1;-12). Chon B.
Ciu 215. Toa db diém K 12 hinh chidu vudng géc clia I 1én mit phing (c).

x=1+2¢
Do IH 1 (a) nén IH <6 phuong trinh tham s§ {y =2—2¢.
) z=3-1¢
~ x=1+2¢
’ Toa dd diém ¥ langhiém ctiahe |” ~ >~ % :H[E,E,E‘l), Chon A.
z=3-¢ 999

2x~-2y—-2z—-4=0
Ciu 216. Toa 46 dim H can tim 12 hinh chiéu vudng géc ctia I trén (P).

x=342t
Phuong trinh duéng thing d qua I va vuéng géc véi (P)lad:iy=—1-2¢.
: z=—4-¢
x=3+2r
5 4iz s | Y=—1-28
Toa d6 dlem; H thoa min I = H(L;1;-3). ChonB.

2x—-2y—2z-3=0
Cau 217. Goi (Q) 12 mt phéng chtta A va vudng géc véi (P), suy ra

(Q):2x+y-32z+1=0.

2z N T ~ . ~ sx 1 |[XTY+2=T=0
' l 5 P h ]
Khid6 A' cin tim 12 giao tuyén ctia (P) va (Q) nén théa man e{2x+y—3z+l=0

x=-8+4r
Dt z=1, ta c6 phwong trinh tham s§ ctia A’ 1a { y=15-5 . Chon D.
z=t

463


http://www.facebook.com/groups/TaiLieuOnThiDaiHoc01
http://www.facebook.com/groups/TaiLieuOnThiDaiHoc01

Cau 218. Goi M(1+2;2;—t)€ A.Tacd
AM? =(1+2:) +9+(—1—3) =50 +1) +14>14.
Suy ra d[4,A]= AM,, ¢ t=-1& AM =+/14. ChenB.
Cu 219. Dudng thing A di qua M(L-L1) vacé VICP u, =(%12).
Tacé AM =(0;~1;—2), suy ra [AM uA] (0;,—4;2).
[

e

_n5

Khi d6 d[4,A]= 3 Chon A.

Ciu 220. Ta c6 4B =(0;;;-2) va BC=(2%-L1).Suyra [Zﬁ,ﬁ] =(~%-4;-2).

Khi d6 d[4,BC}=

———-—“EF ]I=@ _\/_2: Chon B.

[Be| V6
Cau 221. Dudng thing d diqua 4(0;—12) vac6 VICP u=(L-5-1).
Tacé Id = (—L—4-3) = | u|=(1-4;5).

73]

M e +<—

Béan kinh can fim: R =d[I,d]=

Céau 222, Chon D.
Cau 223. Dudng thing d qua diém M (1,7;3) va c6 VICP u, =(2;L4).
Mt phing (P) c6 VIPT #, = (3;-2;—1).

Taco

——= —Z2—4 = .__‘=0 '
uynp =6-2-4 0@[“” " =" Dodé d songsong véi (P).

31-27-3+5=0  |M¢(P)
Vi d song song véi (P) nén

dap)=afpep)=E2_ 2 S cogn

ordr1 14

Ciu 224. Dudng thing d, qua M, (2;—1,—3) va c6 VICP 4, = (1;32).
Duong thing d, qua M, (LL—1) vac6 VICP i, =(1;2;2).
Tathdy o, =u, va M,(2—L—3)¢d, nénkétluén 4, ||d,.

42
3

777,

Khi 46 d[d,.d,]=d|M,d,]= .Chen B.

U,
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Cu 225. Dudng thing A qua M(1;—3;4) v c6 VICP u, = =(2;1;~2).
Duong tha}ng A' qua N(-2;5;~1) vacé VICP u,, =(—4;——2;4).
Tathly i, = —2.u, v M(2—L-3)¢ A’ nénkétluin A[A".

l[ MN A] Jss
Céu 226. Ta b A qua M(2;3;1) va cd VICP u, =(2;—4;-5); d qua N(1,0;-1) va e
VICP 7, = (5-2;2).

Khi d6 d[A,A"]=d[M,A"]= . Chon D.

[ d’ A]

Suyra N]W\—(l 3;2) va [u,,uA] (18;9;0) . Do dé d[d,A]= =+/5.Chon A.

Tem]
Ciu227.Tacé d qua M(L,0;0) va u; =(~LL;-1); d' qua N(0—1;0) va u, = (2L1).
Suy ra [Z,Z;?,T]:(z;—l;—s) va NM = (5;1;0) nén [u,,,uA].Mw

Do d6 d[d,A] N Chon B
o d6 d|d,A|=>~———=-——_.ChonB.
; [ud»ua]l Jia
; |#B:cp) 4]
Céu 228. Khodng céch 4B va CD duoc tinh theo cong thirc d[4B,CD|= —"TT
AB;CD[
Tac6 4B =(1;-2;2), CD=(-2;6;—1) va AC =(-2-2;-3).
Suy ra [A“B;‘Eﬁ}:(—lo;—s;z).Do d6 d|4B,CD)= ,[AB;CZi4CI =2 ChenB.
| [4B;co] Vi3
| ‘ I[A—E'Eﬁ Rl
- Céu 229. Khoang cach 4B va CD duoc tinh theo cdng thirc d[4B,CD]= l 5z ]I
| [4B;CD

Tacé AB=(L,0;~2), CD=(-2m~20) va 4C =(22-2).
|

Suy ra [E,E’B} =(2m—44;m~2).

I{ABCD]ACI |22m 4)+8-2(m—-2)|
[BeD]  Jem-af + 4 +(m-2y

& [2m+4)= 2\5m> — 20m + 36 @ ChQn C.

=2

Do 46 d| AB CD]=
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Cau 230. Pudmg thing d, c6 VICP  =(2;0;—1), d, c6 VICP %, = (~11;0).
Goi M(1+21;2;—t)cd, vd N(3—t34+134)€d,.Suyra MN = (2—1'—252+14+1).
MNu, =0 |
Ma MN ladoan vudéng gécchung cia d, va d, nén §___ "
MNu, =0

2(2-1'-2)-4-1=0 — : e
_(Z_t,_Zt)HH,_0@r=z'=0¢MV=(2;2;4)=>MN=2JE..ChgnA.

Cau 231. Vi M(2;m;n) thudc dudng thing A nén %:7'1—-'-12=2-;—1 .
2=——2 = —
L e{™= " Chenc.
n—1=6 n=7

Chu 232. Dudng thiing d, di qua M, (—1;0;1) va c6 VICP # =(3;—-1;-2).
Duong thing d, di qua M, (1;2;3) va c6 VICP u, =(-3;1,2).
3 -1 -2

TaCO'-_—3'=—1-=—2— nén Z”u_;. (1)

_—_1_—_1:9_——_2_7:1_;_31 nén M, ¢d,. (2)
T (1) va (2), suy ra d, va d, song song. Chon A.
Cau 233. Pudng thing 4 di qua M (- 1,0;1) va c6 VICP ;; =(3;-1;,-2).
Pudng thing d' di qua M'(1;2;3) va ¢6 VICP u, =(-3;1;2).
3 -1 -2

Tacod -——3=T=7 nen Z”Z (1)

— ==, mén Mgd'. (2)

Tir (1) va (2), suyra d va d' trung nhau. Chon B.
Chu 234, Dudng thing d, di qua M, (3;2;1) vacé VICP » =(1;2;1).

Dudng thing d, di qua M, (0;2;2) va c6 VTCP u, =(10;1).

Ta 6 [, = (2:0;-2), MM, =(~3;0:1).

Suy ra [Z,Z].W: ~6+0-2=-8=0.Dod6 d, va d, chéo nhau. Chen C.
Cau 235. Dudng thing d, qua M, (0;0;2) va c6 VICP # =(1;,2;-3), ‘

d, qua M, (0;—3;0) va c6 VICP x, = (2;;1;0) .

o uu,=2-2=0=4d, 1d, (1)

o i) =(~3—6;-5), MM, =(0;-3-2) = MM, i, =18+10=0.

Vay d, vudng géc d, va khdng cit nhau. Chqﬁ D.
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Cau 236. Dudng thang d, qua M, (0;—2;6) vac6 VICP y = (1,3;-4)
d, qua M, (~42;~5) va c6 VICP u, =(6;2;3).
o wu,=6+6-12=0=4, 14, (I)
o [a|=(17,~27,-16), MM, =(~4;4;-11) = M3,
Véy d, cit d, va vubng géc véi nhau. Chon C.
Céu 237. Dumg thing d, ¢6 VICP %, = (3;1;5), dudng thing d c6 VICP 7, =(2-5-1).
Vi, =32-1.1-5.1=0.Chon A.

{u1.2]=—68—108+176=o.

Céu 238. Dudmg thing d, qua M(~2-3;1) va c6 VICP &, =(~4;2,—4).
Dudng thing d 6 VICP #, = (2-1,2). Ta cd 7, = ~2(2—1;2) =25, .

Thay toa dol diém M(-2;-3;1) vao d: 22+2 :% -1+ khéng thoa man. Chon C.

Cau 239. Xét hé g6m phuong trinh dudng théng d va 4,

tadu’qc
=t x=1
y=2 =2
z=241 el 3 .Vay d cdt 4, tai M(1;2;3). Chon B.
ZzZ=
x—l:;y—2=z—3 f=1
’ 1 -1 1

Ciu 240. Duong, thang d qua M (L;—2;0) va c6 VICP u=(a;1;—2).
Duing thang d' qua M'(0;3;-2) va c6 VICP «' = (2;—1;2).

'I'hay difém A{(l ~2;0) vao phuong trinh d': ; —_-ZT3=02L2 khéng thoa man.
Do d6 dé dsongsong d', ta can cé u||u'©—=%%%2=>a=f2.Chan.

Céu 241 Dutng thing 4, qua M, (1:3,-1) vA c6 VICP & =(L—11).
Pudng thang d, qua M, (m;~1;3) vacé VICP u, =(2;-2; sm).

A=1_ —-1-3 341
M, €d, =T = =5
Ped=d ol " el 1 41" Chena.
ally  (2_=2_m m=2
1 -1 1

Ciu 242. D€ d, va d, cit nhau khi va chi khi hé
l+at=1-1" @

t=2l+2t' (2) 6 nghiém duy nhit.
—142r=3-r¢" (3)

Tir (2) va (3),tacé r=2 va t'=0.Thay vao (1), tadugc 2=0. Chon A.
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Cau 243. Dudng thing d di qua M(1;2;3) va c6 VICP u, =(331).
Mt phing (P) ¢6 VIPT 7, = (1,-2;3).
o un,=3-6+3=0. (1)
e1-22+33-1=0 hay M ¢(P). @)
Tix (1) va (2), suy ra d song song véi (P). Chon B.

Ciu 244. Dudng thing d 6 VICP #, = (~11;—1). Mt phiing (a) 6 VTPT 7, =(LL1).

Taco u,m, = —1+1-1=—1=0.Suy ra duong thing d cit mit phing (). Chon A.

Ciu 245. Dudng thing d di qua M(—11;2) vacé VICP u, =(2;4;3).
Mat phing (P) c6 VIPT n, =(9;3;-10) .
® un, =29+43+3,(~10)=0. 1)
e —9+3-20+26=0 chingto M e(P).(2)
T (1) va (2), suyra d C(P).Chon B.
Ciu 246. Dudng thing A ¢6 VICP , =(5;11).
Mst phing (P) c6 VIPT n, = (10;2;m).
1_2
5 1
Cau 247. Duong thing 4 di qua M (2;n;

DEAL(P) & u,ln, & & m=2. ChonB.

n
1
1) vacé VICP u, = (m;3;-2).
Mit phing (P) 6 VIPT n, =(2;5;-1).

—_ — —— 5
L = 2 = =_= :
bedc(P)e I Ll & m+3 0@ =73 . Chpn D.
) 4+ﬂ—1+3=0 n=-6 n=—6 i

Ciu 248. Mt phing (P) c6 VIPT n, = (2-2;1).
Puong thing d qua A(L;—1;3) va c VICP », =(2;1;2m~1).
—— 1
P& d|(P) e "™ ‘0@{2"’“_0@ =73, ChonC.
A& (P) T—n=0 I
Cau 249. Miit cau (S) 6 tim I(~1;2;1)€d nénloai D.
Goi M(—1+2¢;2t;1) € d. Thay toa 46 M(—l +28,28;1) vao (), ta dugc

_ ? Chon B.
Céu 250. Mt cau (S) c6 tam 1a I(~1,2,1)€ d, nén d, cit (S). Chon C.

Cau 251. Mt Gu (S) c6 bankinh R=0I=3.Suy ra (S): (x=1)" +(y—2) +(z +2)’

(—1+2041) +(20 -2 +(1-1)° _44:8t —$=0s|
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Thay , y, z tt phuong trinh dudmg thing d vao phuong trinh mit cau (S), ta duoc
(-3-1y +(2426—2) +(3+£+2) =9 & 5¢* +10¢ +32 = 0: v8 nghiém. Chon C.
Ciu 252. Thay x, y, z tit phuong trinh dudng thing d vao phuong trinh mét cau (§), ta duoc
(2+4s—1) +(5+3t+2) +(4+7-3) =256 267 +52:+26=0«r=—1.Chon A.
Ciu 253, Dudmg thing d, c6 VICP # =(~14:3), d, ¢6 VICP #, = (L-4-3)=~
Chon A.
Ciu 254, Dudng thing A c6 VICP #=(L;-2-3), A' ¢6 VICP &' =(-41;5).
Goi ¢ la géci gitta hai duong théng Avad'.
)+(=2).1+(-3).5|
(-3)2 .\R—4) 145
CAiu 255. Ta c6 JAB =(- 1;1;0) va CD = (—2;1;—2) .
Goi ¢ 1a gde gilta hai dudng thing 4B va CD.

Tacd cosyp = Icos uu I— =—\/2—§—>g0=30°.Chan.

Ta cb cosy i |cos (E,Fﬁ)l = 12_2— — ¢@=45". ChonB.

Cau 256. Dudng thing d, 6 VICP 1 =(22i-1).

- ’ Dudng théng d, c6 VICP 4, =(L;-21).
: — l‘l-uz I2—4—1| Jé
Ta ¢6 cos(d,,d,)=1cos|y, == =—.Chon C.
() Joos( %) falfe] ETeriTraT 6

Ciu 257. Dudmg thing d, c6 VICP i, =(;—+2;1), d, 6 VICP 1, =(12m).

2 ]

——

Do d6 cosél%[)o = cos(d,,d2)=|cos(3,5)| =

1
B 23 2
Ciu 258, Duomg thing d 6 VICP %, =(5;1;0). Mt phing (P) c6 VIPT n, = (3-2;0).

Goi ¢ 12 gdc gitra dudng thang d va mit phing (P).

=i2——2———> p=45". ChonB.

Taco sing = lcos (1_4:,;;)
Cau 259. Duonig thing d c6 VTCP #, =(2;1;1). Mét phang (a) ¢6 VIPT n, =(3:4:5).
Goi ¢ 1a gdc gitta dudng thing d vamit phéng (o).

—\—/2—2—-»50=600. Chon C.

Tac sinp = !cos(z,;;)
Cau 260. Mt ﬁhéng (P) c6 VIPT 7, =(1;—2;2) . Dudmg théng d c6 VICP u, =(2-1L1).
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Goi ¢ 1a géc gitta dudng thing d va mit phing (P).

Tacé singp = icos(z,;z:) = g Chon D.

Cau261. Vi M€ A= M(1+26-2+15;~1-3¢)= AM = (2t -1, +3;-3¢+5).

Taco AM =+35 & (2t—1) +(r+3) +(3t—5] =35 —
= M(1;-2;-1
®r2—2t=0©[t 0=> ( ).ChgnB.
r=2 | M(5;,0;—7) )

Céu 262. Goi A(2t;—t;¢~1)ed véit>0. -

2t~2(—t)—2(t~1)+5 2t +7

pr=2()-2-1+5) | e+
V2 +(=2) +(=2) 3

ole+7=96| =" =1 A(2-10).ChonC.
t=-8

Tacé d[4,(a)]=3

=3

Cau 263. Dudmg thing d di qua M (1,0;-2) va c6 VTCP = (1;2;2).
Do A€ 0x nén 4(4;0;0). Tacé Md = (a~1,02), suy ra [, MA|= (420~ 4;~2a+2).

Ta cod

l M4| 16+(2a—4) +(~2a+2
alad]=dl4(P) [ l | ] \/4I-i‘11|+4 é\/ - J1+)4+E1 2 J4E‘;l+4
& \[82° ~24a+36 = |24/ & & —6a-+9 =0 a = 3= 4(3,0;0). Chon B.
Cdu264.Do M €d nén M(1—£;-2+1£2t).
Tacé MA =(r;6—£;2—2t), MB=(:—2;4~r;4~2¢). Theo gi thiét:

M& +MB =40 & 7 +(6—1) +(2-2t) +(r—2)" +(4—2) +(4—21) =40
M(0;-1,2)
M(~256)
Cdu265.Do 4, Bed nén A(1+a;1+4;0), B(1+4;1+5;0) véi a=b.

t——l

12 —48t+36 = 0@‘ Chon C.

Tacd MA=(a~3a+15;-4), MB=(b-3;6+1;~4), 4B =(b—a;b—a;0).
MA=MB [(@=3 +(a+1} +16= (53} +(b+1) +16
Tam gidc MAB déu @{ M ﬁ{(a ) +(a+1) (6=3) +(6+1)

MA=A4B  |(a-3) +(a+1) +16=(b—a) +(p—a)

Giai hé ta dwoc e hodc ¢ .Chon C.
b=-1 b=3

Cav. 266. Diém H €d nén H(1+242;—1).
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Knido AH =(1+20f +(2+1) +(=r—3] =52 +15:119 = JS(e+1) +14 > T4 .
Dau "=" jxéy rakhi £=-1.Suyra H(-12;1). Chon B.
Cau 267. Diéra M €d nén M(l—t;—2+t;2t).
Taco m1=(t—1;3—t;l—2t), H:?:(:—a;z—z;s_zt).
Suy ra M4* = 6¢% 12t +11, MB® = 61> —36:+65.
Do &6 MA* + MB* =121 —48:+76 = 12(¢-2)* +28>28. Chon A.
Ciu 268. Dim M <d nén M(1-t;~2+152t).
Tacd Md =(t—1;3—£1-2t), MB=(1—6;2—£,5-2).
Suy ra MA —3MB =(17-21;2t—3;4¢ - 14).

Do d6 lEi—3ﬁl=J(17—2z)z+(2z—3) (42-14) = \J24(r—4) +110 > 4110 .
Ddu "="xdyrakhi 1=4.Suyra M (-3;2;8). Chon C.
Cau 269. Diém M €d nén M(-3+45,2+5-3+21).
Tacd MA=(4—45-7-1;5-2t), MB=(6—45—3—1;1-2¢). Suy ra:
MAMB = (4—42)(6—48) +(~7~1)(=3—1)+ (5—-2¢)(1- 2t) = 21 (s 1)} +29329.

ChonD.
Cau 270. Diém M €d nén M(5;—1-r£;2— 2t).

Tacé AM =(5;—2~£,1-2t), 4B =(1;1;0). Suy ra [W,E]= (2e-1;1-25;26+2).

Do d6 8,5 = ][m Té}’:l (26~ 1) +(1—-2 + (20 +2) M>_
Dau "=" xayrakhx t=0.Suyra M(0;—1;2). Chon B.

Cau271.Tacd B(0;—3)€d = 4B =(~L;~1;~6). Do dé ,, =[4B, u,|=(-2317;1).
Do d6, phuong trinh mit ph%mg (@) 12 23x —17y —z +14=0. Chon B.

Cau 272. Mit yhang (P) e n =(1;-2;2) va dudng thing d c6 u, =(-1;-2;3).
Mit phang (@) vubng géc véi mat phéng (P) va song song véi d .
Do d6 7, _[ #ayths | = (~2—5;-4)=(25,4) = (a): 22 +5y +4z =0. Chon C.

Ciu 273. Duorr“lg thing d c6 VICP u, =(-1;1;-3).
Dudng thdhg MN di qua M(1;—1;10) va song song véi d nén nhan 4, =(-13-3)

x=1-¢
lam mét VICP. Do d6 cé phuong trinh tham s8 |y = —1+:.
z=-3¢

Suy ra toa c}fé N(1-£;—1+£-3¢).
Ma N thugc (P) nén I-t—1+4£-3t-3=0®r=—-1= N(2;—2;3). Chon B.
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Cau 274. Goi (@) 12 mit phing qua B(—1;1;0) va c6 vecto phép tuyén Z@ =(~140;~2)
nén cé phuong trinh (a):x+2z+1=0.
Goi A 1a giao tuyén ciia (o) va (P) nén 6 phuong trinh

hay A: X2 _2
dtydzel=0 D ETTFTTT

{x+22+1=0 x+1 y =z

Tam gidc ABC vudngtai B nén C€(a).
Hon nita, tacé C €(P).Dodé C €A nén C(—1-2t42).

Theo gia thiét, ta 6 BA=BC & /5 = J(=2t) +(t-1) +#
C(-311)
C(1/3;-2/3~2/3)

t=1

&6’ -2t—4=0s
t=-2/3

Chon A. .

Cau 275. M3t phing (P) c6 vecto phap tuyén np = (1;-2;-2).
Goi () 1a mit phing qua B va vudng goc véi 4B nén (a):x+y+3z ~11=0.
Goi A 1a giao tuyén cta (a) va (P) nén c6 phuong trinh

hay A:X=8 Y23 _ %2
x—2y—2z+4=0 ¥ STy 5 3

Diém M thda man yéu cu bai toan thudc A nén M (6 +4¢5+5¢,—3¢).

'[x+y+3z—11=0 x—6 y-5 z

Theo gia thigt, ta 8 AM =61 ¢ \[(4r+5) +(5¢+6)" +(~37)° =61
M (6;5;0)
M(=2;-5;6)

t=0

. Chon B.
red Chon

@50r(r+2)=0®{

Cu 276. Ta c6 AC = AB+BC =(-3;3;1).
Do AI 13 trung tuy&n ctia tam gidc 4BC nén AI = %(E + E) =(-1252).
Suy ra d6 dai dudng trung tuyén A bing (—1)° +2° +2? =3.Chon C.
Cau 277. Theo gia thiét, ta cé: M(2;0;0), B(0;5;0), C(0;0;¢) thudc (P) nén

X, y. z
iy iy
() 2 b+c
Lai 6 N(L5;1)€(P) nén %+%+l¥1®bc=2(b+c).Chgn A.
¢ .
Cau 278. Phuong trinh mit chin (4BC): £+-2i+£ =1
a ¢

Cosi
Do I €(A4BC) nén l+—2-+§-=1 > 3.‘3/£.Suy ra abc >162.
a b ¢ abc
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: a=3
Do tit dién vudng tai O nén V=%abc>27. Dau "=" xayrakhi {)=6 .

c=9
Khi d6 6x+3y+2z-18=0. Chon D.

Cau 279. Ta kiém tra [TB, E].E =0 néncicdiém 4, B, C, D 1a céc dinh cia mdt tiz dién.
Do d6 diém ‘cach déu bén mit phéng ctia t dién chinh 1a tim mt ciu ndi ti€p cta nd.
ChonC. .

Ciu 280. Tacé 4B =(~LL1), 4C =(1;3;—1), AD (2 3;4).

Suy ra [TB; :R’]E =-24=0.
Suy ra bdn diém da cho khdng dong phing nén tao thanh t dién 4BCD .
C6 2 loai ma}it phéng théa méan de bai la:
Logi 1: Mt fphéng qua trung di€m ctia 3 canh bén c6 chung dinh:
C6 4 mit phing théa man loai nay (vi c6 4 dinh)

Nhin xét. Lou'f nay ta thiy cé 1 digin ndm khic phia v6i 3 diém con lgi.
Logi 2: Mit lbhang qua trung di€m ctia 4 canh (4 canh nay thuéc 2 cdp canh, mdi

c3p canh 1a chéo nhau):

Cé 3 mit phpng nhur th.
Nhin xét. Logindy ta thiy cé 2 diin nim khac phia véi 2 digin con lgi.
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