


L MUC LUC

FLUIM O AAU ot s

ptian mot'. Gidi chi tiét d& minh hoa THPT quéc gia 2017.......

fT

iphan haii Phwong phap tw duy giai nhanh Toan trac nghiém

1 [ ]

iIChuwoTig I. Ly thuyét chung vé phuong phapgiai nhanh Toan
TrEC NGNIEM (oo™ e

tchu’crag Il. Phvong phap tv duy gidi nhanh phan ham s6 va cac

F o ’

bai toan lién quan............. et e

ChuoTig Il. Phrong phép tv duy gidi nhanh phan hinh hoc
[
I . KNONG QIaN ..ot i e eaeeas

|

\_[_t ’ | m'

1IChuwong IV. Phrwong phép tv duy giai nhanh phan mi va iégarit
i Chuong V. Phuvong phap tv duy giai nhanh phan nguyén ham,

tICh PRAN (e e
Chuwong VI. Phuong phap tu duy gidi nhanh phan hinh toa do6
0] 0o o - Us PSR

Chuwong VII. Phuong phap tv duy giai nhanh phan Sé phtc.......

Chuong VII. Phrong phap tv duy giai cac bai toan thuc té....... .



LOINOI PAU
.

Cac em hoc sinh than ménT %

Néu cac em Ia thi sinh sdp budc vao ky thi THPT qudc gia hodc céac ky E
c6 mon Toan thi theo hinh thic tric righiém va dang gap kho khan véi mon Tod’
thi bd sach nay sé gilp cac em gidi quyét duvoc cac khd khan do. 1

Hién nay, trong hau hét cac ky thi I6n, mon Toan da chuyén tir hinh thirc f;
tr ludn sang thi trac nghiém (nhw ky thi THPT quéc gia). Viéc chuyén qua hié.
thiec thi trdc nghiém d6i voi mon Toan khién cac em hoc sinh gép kho khan, |
lang khi trong”sudt qua trinh trwéc d6 cac em dd va dang hoc theo hudng tw lud)g
Nham gitp cac em gidi quyét duoc khé khan do, chidng téi da bién soan bo sa(f
6n luyén Toan trac nghiém, bo sach gém 3 cudn:

Cubn i: Phuong phéap tu* duy gidi nhanh Toan trac nghiém - 16p 12, dii
cac phuong phap giai nhanh va cac chuyén dé trong chwong trinh kién thirc l6p 12. f

Cudn 2; Phuong phap tv duy giai nhanh Toan trdc nghiém - 16p 107 j
I6p 11, gbm cac phwong phéap tv duy gidi nhanh va cac chuyén dé kién thirc tro| "
chuong winh 16p 10 va lop 1L "i

Cubn 3: Tuyén tap dé thi va phwcmg phap giai nhanh Toan trac nghiéigi
bao gobm bd dé thi dwoc bién soan theo cdu tric dé thi THPT qudc gia va dé tir;
m& rong hon co két hop kién théc 16p 10, 11 cung cac hudng dan giai thé ~
phwong phap tw duy giai nhanh. 1i

Cudn Phuong phép tw duy gidi nhanh Toan trac nghiém - 16p 12 dwl-i
cau trdc thanh cac phan nhu sau: I 1

ePhan 1: Bé minh hoa THPT qudc gia 2017 mén Toan co l0i gidi chi té a

va phan tich cau trac dé thi. mm 43
. Phan 2: Phuwong phap tu duy gidi nhanh Toan trac nghiép va ap dung Vi *
cac chuyén dé kién thtrc 16p 2. ; i E

Cubn sach gdm khoang 1000 bai tap trac nghiém Toan c6 dap an vahuong di e
giai theo tlrng chuyén dé gilp cac em hoc sinh c6 moi truong dé luyén tap. i
1 N
.Du da cé nhigﬁ c(g gé(ng, day cbng bién soannhung cué%séch kho traii %
dwoc hét thiéu sét, rat mong nhan dwgc su gop y cla cacthay co giao, cac em hc
sinh va ban doc dé cudn sach duwgc hoan thién hon trong lan tai ban.
Chuc cac em hoc t6t va thanh cong! L
Tac A :



Trai nghiém cla hoc sinh vé cac phuotig phap tu duy giai nhanh

4 Tl ndm 2015, thay Nguyén Ba Tudn di nghién ctru va dua ra nhiéu phwong
"t| phap tu duy gidi nhanh cho Toan wac nghiém dwgc hang nghin hoc sinh biét
b| dén qua cé4c video bai gidng, cac dé thi thir Toan trdc nghiém. Cadm nhan chung

| clia cac em V& cac phurong phap tw duy giai nhanh Toan d6 1a: don gian, do hiéu,
> van dung hiéu qua, phu hop cho moi déi twgng hoc sinh. Hang nghin hoc sinh
liTl d& dp dung thanh cdng trong cac ky thi c6 mdén Toan thi trac nghiém tir nam
11 2015 dén nay.
ja)0 Thi Ninh (Tan sinh vién BPH Khoa hoc X h6i vdNhan van —DH Quéc gia Ha Noi)

[ Nhitng bai giang, nhitng phrong phap tu duy giai nhanh cho Toan tréc nghiém
i cua thay Tuan that tuyét voi. Em la mot hoc sinh khéi ¢, hoc Toan rat kém, tir
»°ic khi biét t¢i thay, em da hoc theo cac phwong phap tu duy cua thay, né giup em
| thdy yéu mén Toan hon. Thay la ngudi da truyén dong lwc cho em. Nho céac
) f phwong phap gidi nhanh, cac dé thi thir va ca sv vui tinh cda thay trong cach
'0| gidng, em da dat dwoc két quad nhu mong mudn va dé vao khoa Bao chi cla
1 trvong Bai hoc Khoa hoc Xa hdi va Nhan van.

&fguyén Prc Thién (Sinh vién DH Cbng nghé - DH Quédc gia Ha Noi)

— —y

La mot hoc sinh hoc kha moén Toan nhung khi fam dé Toan trac nghiém em van

I chua lam chi dugc thoi gian. Nhwng tir khi hoc cac bai giang vé phwong phéap

y tu duy gidi nhanh cla thay, em da cai thién dwgc rat nhiéu. T clc phuong

f phéap tw duy cla thay, em cling d& hoc cach gip céc bai toan déu c6 géng tim toi

1 huéng lam nhanh hon, thay da day em khdéng chi kién thirc ma con ia cach tu
ti duy toan hoc, phwong phap tiép can van dé sao cho nhanh va hiéu qua nhat.

)ang Hung (khoa Y duoc —BH Qudc gia Ha Noi)
vée & A

| Em cam on thay rat nhiéu, nho nhitng phuong phap tu duy ctia thay da gilp
} em gidi nhanh hon, cling giGp em c6 tdm thé chd dong tim kiém thém céac
| phrong phap méi. Clng tir cac dé thi thir thay soan citng da gilp em rén iuyén
1 t6t hon, 1am quen vai cac dé thi Toan trac nghiém. Thay da truyén cam hing
_ cho em trong mdn Toan. Cam on thay réi nhiéui

° *
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HUONG DAN S DUNG SACH 1

BO sach on luyén Toan tric nghiém gom 3 cudn, trong dé 2 cuén: Phirc
phap tu duy giai nhanh Toan trdc nghiém I6p 22 va Phuong phap tu duy gii
nhanh Toan tric nghiém i6p iO1 16p 11 bao quat ndi dung kién thirc modn Tod|
THPT qudc gia dé phuc vu cho cac ban 6n tap. Cac ban on thi THPT quéc gil®
nam 2017 chi can tap trung vao cudn I&p 12 vi cau trac dé thi chi tap trung vai
|6p 12, sang ndm 2018 thi can nam chac ca kién thirc 16p 11 va tir ndm 2019
toan bo kién thirc Toan THPT nén 6n ca 2 cudn. BG6i voi cac ban 6n cac ky tip
khac, can chi y cau trac cla dé thi dé cé dinh huwéng va ké hoach On luyén té
nhét. Cubn Tuyén tap dé thi vaphuong phap giai nhanh Toan trdc nghiém bé
gdbm cac d@é thi trdc nghiém duoc bién soan theo cdu tric d&é THPT qudc gia va 4
thi m& rong kém theo dap an va huéng dan giai theo cac phwong phap tu duy gié:
nhanh gidp cac cm ren ky nang lam bai va phuong phap tv duy giai cac bai ta]
trac nghiém, quen dan va&i cach lam dé trac nghiém. 0

Mot sc%<lun g'/(dé st dung hiéu°qué bd sach: ™|
1, Boc va hoc cacphwong phap tirduy. Ké ca chua hoc téi cac phan kién thuf
d6 thi viéc doc"vaboc trude cac phuong phap tw duy cling s& gidp cac

3. Ghi chu, ghi chépl danh dau cac muc, phan ma cac em thay can ghi nhé. |
4. Khi c6 kho khan ho&c vudng méc, cac em co thé: I
e Hoi giao vién trén 16p; I
« Trao doi v&i ban beé dé tang hiéu qua cla viéc hoc; A
® Trao d6i truc tiép voi tc gia cudn sach la thay Nguyén Ba Tudn qua céac kénh:
Email: batuantoan@gmail.com
Facebook: https;/7www.facebook.corn/NguyenBaTuan.gvToan
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PHANMOT
BE THI MINH HOA THPT QUOC GIA
VA PHAN TI'CH..C‘:AU TRUC DE THI

I£s e
j Gidi dé minh hoa THPT qudc gia 2017 modn Toan theo

| phuwvong phap gidi nhanh cNgubn dé: B Gido duc va Bao tao)

H f , . A ] :
iledu 1: Buong cong trong hinh bén la do thi ciia mot ham s6 frong bon ham sb
I duoc liét ké 6*bon phrong an A B, ¢, Ddu@i day. Hoi ham s6 dé la ham s6 nao?

Il Ay--x2+x-1 B.y=-343*+11
f c. y=X4—X2+1 D, y —X3—3x+ |
ﬁvé L Huwéng dan giai v

Céach 1: Nhin vao do thi c6 ngay a >0 nén loai A B.
D0 thi da cho la d6 thi ham bac 3 nén chon dap an D.

icach 2: X
I D0 thi ham s6 0 hinh bén ¢6 hai diém cuc tri va / °

E limy=—@limy=+&

| ASaivi day la do thi ham bac hai chi c6 mot diém cuec tri

| ¢ Saivido thi ham tring phwong nhan Oyiam truc doéi xing

i BSaido limy=-co,hésdoa<O0. :

| Dap an: D.

|cau 2: Cho ham s6 y=f(x) c6 lim/ (*) =l va iim/(*) =-1 . Khang dinh

| nao sau day la khang dinh ding?

| A D06 thi ham s6 d& cho khong c6 tiém cin ngang

1 B. D06 thi ham s6 da cho cé ding mot tiém can ngang

| c. D6 thi hdm s8 d4 cho cd hai tiém can ngang la cac duong thang y =1 va

i D, D0 thi ham s da cho co hai tiém can ngang la cac dwong thdng X=1 va

www.facebook.com/Qroups/TaiLieuOnThiDaiHoc01
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Hudng dan giai
+) lim f(x) =1=>y =1 lamot dwong tiém can ngang
+) lim f(x) =1 y—1lamot dwdngtiém can ngang. Bap an: C.
cau 3: Ham s6 y =2x4+ 1 dong bién trén khoang nao?

A -~ B. (ir,+e°) C.i-i;+~ D. (=:0) g
. X g fc
Hwdng dan giai
Tacd y —&2>0<>x>0.
Do d6 ham s6 da cho dong bién trén khoang (0; +00)
béap an: B.
Cau 4: Cho ham s6 y —/(jt) xac dinh, lién tuc trén R va c6 bang bién thién:

Khang dinh nao sau day la khang dinh ding?
A. Ham s6 c6 ding mot cuc tri
B. Ham s6 c6 gia tri cuc tiéu bang 1
c. Ham s6 c6 gia tri 16n nhét bang 0 va gia tri nho nhét bang —
D. Ham so dat cuc dai tai x =0 va dat cuc tiéu tai x =1
Hudng dan giai
Pap an A: Sai vi ham s6 c6 hai cuc tri
Pap an B: Sai vi ham sd cd gia tri cuc tiu bang -1
Pap an C Sai vi ham sd khong co gia tri I¢n nhét va gia tri nho nhittrén RI
béap an D: Bung
Bép an: D.
Cau 5: Tim giatri cuc dai y@® cla ham s6 y =x3—3x +2.

A. yCb =4 ACD =1 c- = o D-yCb= -1
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Hudng dan giai
, Xx—">y =4
Tacoy =3x -3=0<> . .
* = :>y:

Vaéy gia tri cuc dai ctia ham s6 bang 4 [ham bac 3 co gia tri cuc dai 16n hon
g

id fri ere tidu).
" Pap an: A
Cau 6: Giatri nhé nhat cita ham s6 y = x trén doan [2;4] la
19
A miny- 6 B. miny == C. miny =-3 D. rainy s—
[fo4] M [a:4] A 3

Huwéng dan giai
Cach 1: Do xét trén [2;4] nén dé thdy y > 0 tir do loai B, c. Con lai Ava Dthi
thdy x=3 thi y=6, Dap an: A. (c6 thé dung may tinh Casio dé tim x)
X—2x—3 _ [*=—(loai)

cach2: Taco: v 2= -0 e [do ta xét trén doan i2:401
(Jt-1)2 [x =3

Ham s6 lién tuc trén doan [2;4] vataco y(2) =7;y(3)=6;7(4)=—,
bép an: A
Cau 7: Biét rang dudng thang y =-2x+2 cat do thi ham s8 y = J3+x +2 tai
diém duy nhat, ky hiéu (*0;y0) la toadd cta diém do6. Giatri cia yQla
A y0=4 B. =0 c. =2 D. y0—1
Hudng dan giai
Phuwong trinh hoanh dd giao diém:
2N+ 2=X3-hX+2 *3+IP—~0D<>x=0=>y=2,Dap an: c.
Cau 8; Tat ca cac gia tri thwc cta tham s6 m sao cho d6 thi cia ham sb
y =Xa+2mx2+1 c6 3 diém cuec tri tao thanh tam giac vudng can la:

A m==—\=. Bm=—1 C. m=—= D. m—1
- 119 19
Hudng dan giai
x=0
Cach 1:Taco: y =4* +4mx=0<>
X2=-ra

Diéu kién ham s6 ¢6 3 diém cuc tri —=m >0 (cd thé nhin nhanh dé ham so bac 4
trung phuong cé 3 cuctri thi a.b<0] <>m <0 => Taloai dap an C, D[*)
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Khi d6 toa do 3 diém cuc tri la A(0;1); B(J—m;—m2+1); ¢ (-4—m\- m2+1) i
Ta thdy AB = AC nén tam giac ABC ludn can tai A

Yéu cau bai toan <>ABAc 0 <m+m4—0 <« ’\1, loai n::,?) W
Huwéng khac: Tir (*) Dén day chi con dap an A hodc B dung, Thay Tl =~ | ta ¢ |

toa do 3 diém A(0;1); C(—L;0}, thay théa man tam giac ABC vubng can |
nén chon dap an E (néu khong théa man ta sé chon A). I

Céach 2: Ta ¢ cong thirc dang tong quat ctia do thi ham s6 y = X4+ bx2+ ¢

c6 3 diém cuctri khi b<0. Néu db thi ham s6 c6 3 diém cuc tri thi 3 diém I:

cwc tri dé tao thanh tam giac can véi goc ¢ dinh la a thi tanng'—b . A
bép an: B. I
Cau 9: Tat ca cac gia tri thuc cla tham s6 m sao cho do thi cla ham sO i
+
y = _X Lo ad2 tiém cén ngang ia
yymx2+ 1

A. Khong co gia tri thuc nao cia m théa mén yéu cau dé bai.
B, m<0 c. m—0 .D, m>0
Huéng dan giai
Cach 1:Khim =0ta cdy =x+1thi do6 thi ham so khong cd tiém can => Loai
Khi m >0 ta co:

<

N N
lim—7AA2L = lim— 0= = T'Vlzr => y=—1 la mot tiém can ngang
A.w-11 m Vm V »
:C2
- o — 7= lamottiém can ngang
\Imx2+1 /[ "1 Vm Vm
Khi m < 0: 6 thi ham s6 khong cd tiém céan. V- ¥

DPép an: D.

Cach 2: m = 1 thay vao roi dung may tinh Casio tim tiém can ngang sé thay c6 2
tiém can nganglay=1vay=—i .Bép an: D .: 1

10



cau 10: Cho mot tdm nhém hinh vudng canh 12 cm, Nguoi ta cat & bon goc cla
tdm nhom do bén hinh vudng barig nhau, méi hinh vudng c6 canh bang  (cm),
réi gap tdm nhom lai nhu hinh vé du¢i day dé duoc mot cai hop khong nap.
Tim x dé hop nhan dwoc co thé tich idn nhat

n u CTEE:..r o
A xX=6 B. x=3 c. x=2D.X-4
Huéng dan giai
Cach 1: Goi X Ccm) la canh hinh vuéng bi cat (0 <X <6)
Co:V=y= x(12-2x)2=4x(36-\2x +X1)

'= 12x2- 96+ 144= (k=* X =
y = %Z6(l0ai)

Céach 2:
V=x(12-2x)2=-Ax.(12-2;¢).(12----2jc)<-"4* + 12~ 2j*+ 12~ 2*j =128

V...=128 4x=12- 2x GX=2
Céch 3: Thir truc tiép cac dap an dé tinh V. Sau do chon dap an (rng véi VI6n nhat
béap an: c.
Cau li: Tat cad giatri thuc cia tham $6 m sao cho ham s6 y - -an— ~ dong

bién trén khodng 10;— 1
V 4

A. m<i0 hodc 1" m<2 B. m<0
Cc.I<m<?2 D. m>2
Hudng dan gioi

batt = tan* (t €(0;1J). Do tan* la ham dong bién trérL n~n aé thoa

man dé bai two-ng duong véi y(t) __tf_—Zm déng bién trén (0;1)



2—m >0

D6 ham y[t) doT me A m<0
y inE (0;1) 2>m> 1

n

C6 thé dung Table dé khao sat. Bap an: A,
Cau 12iGiai phvong trinh log4(x-i) =3

A x =63 B. x —65 c.x=1i D. x —82

Huwéng dan giai

Diéu kién: X—1>0<=>X>1

Phwong trinh trir thanh x — =43 ¢>X= 65 (th6a man). bBap an: B.
Cau 13: Pao ham ctia ham sé y - 13* la:

A y'=x 13*1 Bi y' =13%*Inl3 C. y'e* 13
Hudng dan giai
Taco ;y =s(13*)'= 13*In 13. [C6 thé dling may tinh Casio tinh dao ham tai diém
dé loai dap an]. Bap an: B.
Cau 14: Giai bat phuong trinh log2(3X- 1) > 3.

A, x>3 B.%<X<3 G X<3 D. X >10
Hudng dan giai
Céch 1: BPT <=>3*—1 >8 <I>3. bap an: A
Céach 2: Ham s6 la dong bién nén nghiém c6 dang X >a nén loai B, C, Thir gia
tri thudc tap ¢ dap an Ama khong thudc dap an Dthay théda méan nén chon A
Cau 15: Tap xac dinh D cua ham s6 y —log2(X2—2x-3) la

A. B=(<>-11u [3;-K») B. D =[—13]
c. 0 =(-00;-Nu(3;-Hx>) D. D« (-i;3)
Hudng dan giai
0 ~c>3 e A 4 e s s
a —2Xx—=3>0<> Do do, tap xac dinh ctra ham so la
Jt<-1 F e =u
D= ) %j(3;-fro),

Pép an: c

12



cau 16: Cho ham s8 f(x) =2*.7X Khéng dinh nao sau day la khang dinh sai?
A f(x) <l<>x +x2log27 <0 B. / (x)<1 xIn2-h X2In7<0
c./ (*)<l<>*log72+X2 <0 D. / (*)<1l<£1+"l0og27<0
Hudéng dan gidi
'mCach 1:V6i / (*) <1 tacd
2*12< 1<>log2(2*.7*2) <log21=0 <>l0g22X+ log2 7*2< 0 «>X4-X210927 <0
2J71<1<>In(2J71) <In1=0<>In2'+ IN7X<0*>>XIn2+*2In7 <0

I*y <10 log, {t .V*)<log71=0<=>log, 2X+log, V 1<lt<t>xlog72+X2<0 m

nén khéng dinh
X+ X210g27 <0 < (1+ Xlog27)<0<=>1+ JJog27 <0 la sai.

2: Dung phuong phap woc lugng.
Céach 3: Dung phwong phap diém bién.
bép an: D.
Cau 17: Cho céc s6 thuc dwong a,b, vai ¢~ 1. Khang dinh nao sau day la
khang dinh dung?

A. logg (ab)=ilog,, 6 B. logd (4i>) = 2+ 210gdd

c. loga&®)=1log,, b D. loga(ab) =1 + |log,, 0
Huwéng dan giai
Ta c6: logal (ab) =1 (loga«i») =i (log,, a+log, b) =i ilog,, b.

Céach khac: Cothé 1ay a =2, b= 1vath dap an, Chiy dung phwong phap
Tong quathoda dé viéc thir dwoc toi wu. Dap an: D.

Cau 18: Pao ham cla ham s6 y =—7- bang:

A . 1=2(c+i)In2 T+2(s+1)In2
2U 2U 1
1—2(x +1)In2 . 1+ 2(* +1)In2

*y - 4% u.y-



Hudng dan giai

SacitFacsy = —— (CADA-(ar )[4 4jr-(x +1).4Mn4
ml 4] (4%)2 (412

= _]'_:i:j_(i-'-_l)_;lf_f'_» _}:_%_(_)E_t__l_)_l_rl_z_ ] -ESép an: A.

Cach2 Doy =— nén y' xudthién dau trr & t, ta loai B, D*Mau cua y
Vv

khong thé c6 dang 4*znén ta loai c. Pap an: A
Cach 3: Dung may tinh Casio. ) )
Cau 19: bat a e=log23 va b - log53. Hay biéu dién Ibg045 theo a va b

. i. 45 = ho B. I 4 :_2_§_|_-2ah_

A 09645 ab +b 09645 s

B, foge45=- 7 — B, loqgf€ = 282—2ab
9 <0 o ab+b

Hudng dan giai
Céch 1: Bién ddi va duing cac cong thirc co ban va cong thirc
o = L. % 1.
°g(«4)c Tog”™Mab) logta+iogca
Bién doi ta dwoc dap an c
Cach 2\ Dung may tinh log23 —A (Shift + STO+A); log53 -> B (Shift + STO+B}
Sau dé thir vao 4 dap an A, B, ¢, D.
Céch 3: Udc lvong: log645 >109636 = 2
Nhan xét cac dap an dé chon dap an G
Cau 20: Cho hai s6 thuc a va b, v6i 1<a<b.
Khang dinh nao dwéi day dang?

A, logitb <1<log* a B. i<logiib<log"a
c. loglra <loglr¢ <1 D. iogha < 1<logab
Hudéng dan giai |
Céch 1:

l<a<b=> logab >1=>\ogha< 1

+) A :logab < 1=> loai

-h)B:\ogba >logHo = loai. :
+) ¢ :logog< 1”=>loai

14



m,
e

-

1

I Cach2 B=2; ;7=3 = Tinh logEa\ logit> => Nhan xét

| Cach 3: Taco b>a>1

flogab >log_a<>log, b>\

<>logba < 1<log 6.
]Jogbb > logEa «>1> logh a J v

| > Dép an: D.
| Cau21: Ong Avay ngan han ngan hang 100 triéu dong, voi 13i sudt 12%/nam.

Ong mubn hoan no cho ngan hang theo cach: Sau ddng mot thang ké tir
ngay vay, 6ng bat dau hoan no; hai 1an hoan no lién ti€p cach nhau ding
mot thang, s6 tién hoan ny & moi ian la nhw nhau va trd hét tién no sau
ding 3 thang ké tlr ngay vay. Hai, theo cach do, so tien ma 6ng A sé phai trd
cho ngan hang trong mor 1An"hoan no 1A bao nhiéu? Biét rang, 14 sudt ngan
hang khong thay doi trong thiri gian 6ng A hoan no.

1 A,,.Mi5I1(M éués, B.m.-M I-(,rléuaS,g,
1. 3 ( gz (1,01)*-(1 lg
& m= -1-99-%-9--(tr|eu dong) D. m-— 1204112) [tri]gu dong')a‘

Hudng dan giai

é.p =100 triéu, 12%/nam => 1%/thang, r - 0,01, rp = 1.

Gia st cac thang la:
01/03 fSZIEL>1/04"-— » L&i rp; m=mi+rp
eTragoc => Conngp —n\

01/04— » 1/05~— »Lai r1Q?*ra, | ----—---- — m=m2+r(p-mJ
Tra géc m2 - -Con 1O p —mx—m2
01/05—— » 1/06 »Lai rp —Mi—m2m - 7'+ r(p ~mi—iihy)
Trandt géc VBB p —
Theo dé
=>mL+rP~m2+r(P--mi}=>m2=mJ(l + r); ws =7"2(14-r) —N1+7r)2
MfM+m =p=mr ==mP m-iL +rp~ rp. (L+n3
; (I+r)?2-1 : (I+r)3-1
Pép an: B.
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Cau 22: Cong thirc tinh thé tich V clha khéi tron xoay dugc tao ra khi quayS'i .
hinh thang cong, gi¢i han b&i d6 thi ham s6 y=f(x)T truc Ox va hal]

duong thdng x =af x =b (a <b), xung quanh truc Ox la:

b b Ei
A. V=TT f 2(x)dx. B. V=If 2[x)ax. iig
a ,
b )
c. V= f {xche> D. V = j|/(x)|Efc. Iq‘
Hudng dan giai =
Nht cong thirc (hi€u cong thirc dwgc lap nén tlr goc la tinh tdng vo han
dién tich cac hinh tron) 2
COthé nh¢ diém mau chét latrong cong thirc c6 T, f 2(x)  loai B, ¢, D
bép an: A %
Cau 23: Nguyén ham clia ham s6 f(x) = y/Tx—i I&; £’
A. fl (x)dx :?(2*—1).?625—1%. E1
B. if(x)dx :-3(2x-l)\!2x-l+c.
CIf (x)dx - —yilx-T+C.
D. I/ [x)dx :E\I2x—1+ c
Hudng dan giai I
cach 1:Tac0: [ = J/ {x) dx=h=j2x—dx. 1
pit ]
n2n1 =t X t22+' | =Jtdi~"-] =ltdt =—+C=-{2x-\) \fix- 1+ c.l
Céach2: F'A u =5;/(59=3=>8 m. il
Bép an: B.

Cau 24: M6t 6 td dang chay véi van toc 10 m/s thi ngudi lai dap phanh; tir thoi |
diém do, 6 td chuyén dong cham dan déu véi van toc v(f) =-51+10 fm/s],|
trong do t la khoang thoi gian tinh béng gidy; ké tir luc bat dau dap phanh. 1
Hai tir luc dap phanh dén khi dirng han, 8t con di chuyén bao nhleu met? |

A02m B2m c.10m p.20m
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-\

m||.yy, Hudng dan giai
v=10= —5i+10=>ti—0j =0—=5t+ 107> =2
Al . 2
5(r)=f|(-5i+10)|di=10
i m ,
tach khac: Ta c6 cong thirc v2-vR= (trong do6 Qla gia toc, V0 ia van toc

dau ¢ day la bang 10 m/s, via van téc ltc sau, 1a quang dwong di dwoc).
Trong bai do chuyén dong cham dan déw nén a < 0 ldy a tir cong thirc cla v,
a=- 5m/s2

pj||.:Péap an: c.

| Cau 25: Tich phan J cos3)X ST xdx la;

Itlfl Al =72\ B. i=-fim4. c. I/ =0.

! Hudng dan giai

. ' X 41
f* cach 1: Ta c6 7 = J—eos' xd (cosx)'= --5-0-34—‘13 tOl_z 0:

0

% Céch 2: BAm may tinh Casio va van dung to hop cac phim dé so sanh 6ap an
ISm nhanh nhét
| Cach3: Batt =cosx dwaveé cong thirc dac biét co tich phan bang 0.
p/bapéan:C

Cau 26: Tich phan / =ixInxdx bang

1 ‘v

_ez+1 c | ez+l D./=e*'\
;- 2 *
|&> Huwéng don gidi

Al =— B. /
2

=N [
1]

F et st L - nC - w
i - Ty = xdx x
o _ V-~ 2

\ Céch 2: €2« 7,3; / »2,... (bdm may), tlr d6 thay chi c6 C thda man dé co thé

I6n hon 2.
bap an: c.
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Cau 27: Dién tich hinh phang gi¢i han bi dd thi ham s6 y =X3—X va do thi [lé

ham s6 y= X“ X2ia i11
A3 B. L = B. 1% B
12 4 12
Huwdng dan giai
x =20
X~ X2=X*—X<>X3+X2—2x =0 X =\
X = —2 §h
0 | Sy
s = |l (x3+x2-2x) \dx +jl (x3+x2-2x)\-— (b&m may)
= 0 12
m

Pap an: A
Cau 28: Kihiéu (//) 1a hinh phéng gi6i han bii do thi ham s6 y = (x —)ex,
truc tung va truc hoanh. Thé tich V cla khoi tron xoay thu dwoc khi quay |
hinh (//) xung quanh truc &xla
A.V=4-2e B. V- <A-26)7V c V=<2-5 D.V =(e2-57TIl;
Hudng dan giai 'H
2(x-T)ex=0**x =I W
s “N2(x- Tex\dx=(ez-5)x ‘;

Péap an: D. v I
Cau 29: Cho s6 phirc z—3-2L Giatri phan thyc va phan ao cla s6 phtc z 1a |

A. Phan thyc bang —3 va phan ao bang —2i. r|

B. Phan thirc bang —3 va phan &o bang —2. I

c. Phan thic bang 3 va phan 4o bang 2L I

D. Phan thirc bang 3 va phan 4o bang —2, iip

bap an: D. %
Cau 30: Cho hai s6 phttc 4 —1+T va z2=2-—-3L M®bdun cua sé phic Z+ z2 la

A- |zx+122/= VI3. B. j4+" =" .

e- (MN+M1=1. D. |z + 22| =5.

Huwéng dan giai

Zi+72.-3 —2i =>lzj + z2-a/13

C6 thé dung may tinh Casio khi may cho modun la sd thap phan thi binh

phuong Ién dé biét né la can cla s6 nao.

bap an: A

18



ledu 31: Cho s6 phitc z théa man (1+7)z = 3-z. Hoéi diém biéu dién cla z 1a

| diém nao trong cac diém M,N, P,Q & hinh bén? N I .
i||J A Diém p. B«Diém Q. i 1
i GDiém M. D, Diém N. L. Hi y

Hwéng dan giai f ;
(3-1)(1-1) PITA 1o
: 2

i' (co6thé dung maytinh Casio dé tim z)
llgf)ap an: B.

i Cau 32: Cho s6 phtrc z-2 +5i. Giatri s6 phttc w- iz+T la

| la. =73 B. w=—=3-3i.

I C. w—=3+Ti. D. w=—7—L
r A Huwdng dan giai
m TacO w—i(2+50 + (2*-5f) = “ 3—3i

bép an: B.

Icau 33: Kihiéu zv z2, z3 z4 lab6n nghiém phtrc clia phwong trinh
feix" s*- 12 = & Tong' Tz 17221+ 1231+ 1- *tha
Illa.T =4 B.T=2-S
|1 c.r =4+273 D. T =2+2-j3
Huwdng dan giai

Patt=z2 t2-t-12 =0=> 3

t=4
pibTa co: 12 M z2[;l Z3H 41
ép Trwong hop 1: z2=4=5iz N z21=2
Truwong hop 2: z2- -3 ;3J=04 >13
mi Dap an: c.
Cau 34: Cho s6 phic z thoa man I2 = 4, Biét rang tap hop céac diém biéu dién
| cac s6 phic w=(3+4z)z+i la mot dudng tron. Ban kinh r clta duong
tron d6 bang:
A r== B.r=5 - c.r=20 D.r=22
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Hudng dan giai
\z 1=4; w=(3+4i)z +i
< Iw-i| = | (3+4i)z 1=5.4=20
Tap hop diém biéu dién s6 phtc w la dudng tron tam 1(0;1); r=20. |
Pép an; c. a;
Cau 35: Tinh thé tich V cla khdi 1ap phvong ABCD.A'B'C'D\ hiét
AC'~aS.

A.v = = . = . -~ .
v =a\ 4 C.y=35a\ DV3a3Il

Hudng dan gioi
Ta c6 duong chéo clia hinh hdp chir nhat 3 kich thuwéc la x,y,z*

AC'— +z ='lTd&>ma x =y =z=>x=a
n - .3
c. V=a~J2 D. V=—
R 3 I
Huwdng dén giai \

K=iVTia.a2= ~ . I
3 3 I

Péap an: D,

Cau 37: Cho tir diéen ABCD cd cac canh AB.AC va AD dbdi mdt vubdng goi
v@éi nhau; AB =6a,AC -la va AD=4a. Goi M,N,P twong &ng la trung
diém cac canh BC,CD,BD. Thé tich V cla t& dién AMNP la

A.V=?a3. B. V =14as, C. V=—3 a\ Vi.V =la\
Hudng dan giai
Cho @=l.
VABCD=i | i
4 4 2 3
Béap an: D,
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1cau 38: Cho hinh chop t giac SABCD c6 day 7a hinh vudng canh bang V ia.
Tam giac SAD cén tai s va mat bén vudng goc véi mat phang day.

*-Bié't thé tich khdi chép S.ABCD bang -3&\ Tinh khoang cach h tlr B dén
mat phang (SCD).

2 4
Ah-—a B. h=—a E. h=—a D. h=—a
3 3 i 3 4
Hwéng dan giai
IcachU vAECD=isH.(V 2)2= E:>SH - 2a

| i Dathé truc Oxyz\

! S(0;0;2); D(->/2;-J=-;0); a~2;~=-;0) mB(V2;"-;0)
I[SD;SC),SBI
I[SD;SC]l
II" Trongdé: SD=(-V 2 ;AZ'-Z);SC :W’\;—Z ;-2);SB = (V2;—2 -2)
Il [SD.SC]=(0;-42;2) => =8=4
11 I[SD,SC]lI 6 3

Cac/z 2: Goi Hla trung diém AD khi d6 ¢é SH la duong cao cta chép S.ABCD
SH =2¥8stD =ig |- 2a=>$D =J s 2+f AD

ABCD v2)-\™ m2-]J7
2a. 2
C6: &{fi,(5CD)) = 2d  ,(5CEN) =2 SHKD =2 30,2 - 4?9
VA

Pap an: B,
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A l=a B. I1=a-JI. Q.l=as.
Hudng dan giai
Ta c6: BC —VAti2+ AC2-2 a. Khi quay tam giac ABC quanh truc AE
dwong sinh cla hinh nén la doan BCdo d6 / = 2a
bép an:D.

Cau 40: T mot tdm tén hinh chi nhat kich thudc 50 cm x 240 cm, nguli &
lam céc thung dwng nuwdc hinh tru co chiéu cao bang 50 cm, theo hai cach satl
[xem hinh minh hoa dwdéa day).

Cach 1: Gotdm ton ban dau thanh mat xung quanh ctla thung.

Cach 2: cat tdm t6n ban dau thanh hai tdm bang nhau, rdi gd moi tdm doi
thanh mat xung quanh cta mdt thung.

Ki hiéu la thé tich cla thung go dwoc theo cach 1va V2 la tong thé ticla

cla hai thung go dugc theo Cach Z Tinh ti s yF

C& -2 D.—=4
2 \Val \V

Hudng dan giai

>
QV<
I

Do chiéu cao cla cac thung la nhw nhau nén ti s6 bang ti s6 tong dién?

V2
tich day thung I
s=TR2=T-S5 =20 SV 8 s
ARl Ax  SZ2 c: V2 252 o rp

Pép an: c.
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p cau 41: Trong khdéng gian, cho hinh chir nhatABCD c6 AB =1va AD = 2.
il.;  Goi M, N lan lvot la treng diém cla AD va BC, Quay hinh chi* nhat dé xung
quanh truc MN, ta dwoc mét hinh tru. Tinh dién tich toan phan Stp cta hinh

Y - tru do
H!A =4* o B.Slp=2x C.Slp=6x D, =70x
vpli Hwéng dan giai

m  Hinhtru cé dién tich day S:=7T, cd dién tich xung quanh la
Um Sxg=AB,27t. ’C-:

W
g|. Vay Sip-m2S:+ SX =Ak
J Dép an: A.
Cau 42: Cho hinh chép SABC c6 day ABC la tam giac déu canh bang 1, mat

= [ih SAB Ya taifii gido du va.ndm tiomg ht phdxig Vudii §6€ voi mit pRang
" day, The tich Vcta khdi cau ngoal ti€p hinh chop da cho la

Y& A
AV = VI g v =5iT5x C.V D.v =V
18 54 27
$i- Hwéng dan giai
Goi Gla tam duong tron ngoai ti€ép tam giac ABC, Gf la tam dwong tron
. ngoai tiép tam giac SAB. Dung duOTLg thdng d, & 1an lwot qua G G'va song
song v6i Sii, CH, hai duong d va ¢’ cdt nhau tai L Khi d6 | chinh 1a tam mat
caw ngoai ti€p can tim.
Dé co:
iG=-SH, AG =—SH, SH=—
3 3 2
R=\JAG2+IG2
1~si +Qsp Y =VB X £
'3 J
vy VTBY_5>/T5%:
3 6, 54
Péap an: B.
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cau 43: Trong khong gian v&i hé toa dd Oxyz, cho mit phéng 1
(p):3x- Z+2=Q.vécto nao dudi day la mot vécto phap tuyén cda [P)?
=(-1;0;-1) N =(35-12) I
=(3;-1;0) D. iij =(3;0;-1) I
Béap an: D. I
Cau 44: Trong khbng gian véi hé toa d6 Oxyz, cho mat cau
(S): (x+1)2+ (j —=2)2+("* 1)2=9
Toa dd tdm / va tinh ban kinh Rcua [5) la I
A [(—1;2;1) val? = 3. B./(l;-2;-1)va R =3.
c. /(-1;2;1) va ?=9. D.7(1;—2;—)vaR=09.
Hwéng dan giai
Phuong trinh téng quat clla mat cau tdm / (a;b\c), ban kinh R cé dang
($):(x-a)2+ (y-b)2+{z-cf =R2
Vay (S):(x+1)2+iy —2)2+(z—)2=9 cotam 7(-1;2;1),A =3
Péap an: A i
Cau 45: Trong khdng gian véi hé toa dd Oxyz, cho mat phéng I
(p) :3x+4y +2z+4=0 va diém A(1—2 3). Khodng cach dtir4 dén (P) la: |

[r——

Aod2_ B d [ a=_0 p L= |
29 V29 3
Huéng dan giai I
- 51+4( 2)+23+4| 5 I
d(AAP)) = 3----- =-i==.Pap an: c.
v32+42+2 V29

Cau 46: Trong khdng gian voi hé toa do dxyz, cho dwdng thdng A co phuong trinh: i
v 10 _y—2 _ Z+2

xét mat phang (p) :10;c-1-2:y+mz+11=0, m la tham s& thwc. T4t c cac gia

tri cla iii d& mat phang (P) vudng goc véi dudng thang A 1a
A m==2 B. ra—2 C m" 582 D. m- 52
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iﬂ " Huéng dan giai

1’ BEé (i3 vudng goc véi duong thang A thi vécto phap tuyén clha (P) phai
i-7 cung phwong véi vécto chi phrong cla A ta co: ~>_-1l <ym=2

mm o9 AN R 102 m

| | Déap an: B.

cau 47: Trong khong gian véi hé toa do Oxyz, cho hai diém 74(0;1;13 va
‘B[1;2;3). Viét phuong trinh cla mat phang (P) di qua A va vubng goc Vi
duong thang AB

A jcty+2z-3 =0 B. X+y+2z-6 =0
| c, Xx+3y +4z-7 =0 ~D.X+3y+4z~26:0
t Huéng dan giai

icach 1\ Tacé AB = (I;1;2)
| . Vay mat phdng (P] di qua A va vudng gdc voi dudng thang AB ia:

>

i 1(*"-0)+1(y~D)+2(z—4) =0 hay x+y+2z~3=0.
| Cach 2: Thay toa do diém A vao cac dap an thi chi dap an Alathda maén.
i Cach 3\ Tim vécto AB tlr d6 c6 vécto phap tuyén cla [P] nén loai dap an c, D
|  Sau dé thay toa do diém A vao dap an Ahodac Blathdy dap an Athda man.
|  Pépan: A.
| Cau 48: Trong khdéng gian v&i hé toa d60xyz, cho mat cau (5] cotam 1(2; X 1)
- va mat phang (p):2x+ y+2z+2-0. Biét mat phang (P) cdtmatcau (5}
theo giao tuyén 1a mot dwong tron cé ban kinh bang 1.
Viét phrong trinh cta mat cau [5).

A (je+2)2+(Gy+1)2+(z +1)2=8 B. (*+2)m+(>+1)1+(z+1)2=10
1 ¢ (x=2)*+@>)2+(z—1)*=8 D. (jc-2)2+ (>-1)2+{z-1)2=10
b; = Hudng dan giai

Dé dang ta loai dwoc A, Bvi khéng nhan I 1am tam.
Ta c6 ban kinh mat cau R =/jr2+d2(/,(p)) trong d6 r ban kinh dudng
tron, ®(/,(p)) .1a khoang cach tir tam | dén mat phéng (P]
[ 22+1+21+2
. J(L'(/;Z):l g R =
>a; v 'S V2 +12+23 &
=>R=y/i+9-710.
Pép an: D.
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Cau 49: Trong khong gian véi hé toa do Oxyzf cho diém j4(1;0;2) va du<

théng d c6 phuong trinh — =—=
Viét phuong trinh dudng thdng A di qua i4, vubng goc va ct w.

A AR Y=TZ¢ B. A: =2
| T~ 1~ 1 1 -1
C_A:X—I_J_Z—Z
2 w3 1 1-3 1

Huéng dan giai ,
Nhan thay tat cd cac phuvong an khi thay toa do diém A déu thda man.
Tiép dén xét tinh vuong géc ta loai dwoc dap an A c.
Xét tinh cat nhau

ix=I+t'
Cophwong 4an B: A:— = —- - — =t (ieR
phuong 71 71 y 2 t'( )
7=2-
. | X —\+t
d: XM=Y T ot (fed)
z=—1+2/

T+i“ 1+
PE xét tinh cét nhau ta xét hé sau c6 nghiém hay khong t=t'
-1 +21=2 -t
Nhan thay hé trén c6 nghiém. Bap an: B,
Cau 50: Trong ichong gian voi hé toa do Oxyz, cho bén diém:
m4(1;-2; 0), fI(0;-1;1), c(2;1;-1) va o(3;1;4)
HOi o tat ca bao nhiéu mit phang cach déu bén diém do?
A. 1 mat phang B. 4 mat phang
c. 7 mat phang _ D. C6vb s6 mat phang
, , Hudngdongiai
Kiém tra 4 diém A B, ¢, Dxem c6 dong phang hay khéng?
CoAB=H:;1;1),AC =(1;3;-1),AD = (2;3;4)

Xét AB"AC,AD =-24 &0 vay 4 diém A B, ¢, Dkhong dong phéng,

r 6 Uoi 1n\nd w\X*hVIXnrr +k A« Vniin rirt Uni 1A

loai nay)
C6 7 mat phang thda man dé. Bap an: c.
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PHAN TiCH CAU TRUC BE THI

Theo phwong an thi THPT qudc gia nam 2017 dugc BO Giao duc va Pao tao
cong bd: Ndm 2017, ndi dung thi ndm trong Chuong trinh Itp 12 THPT;
nam 2018, ndi dung thi nam trong Chuong trinh 16p 11 va 16p 12 THPT; tir
nam 2019 tr& di, ndi dung thi nam trong Chwong trinh cap THPT.

Theo d& minh hoa do Bd Giao duc va Pao tao cong bd, nam 2017 cdu tric

cfé thi dwgc phan bd nhu sau:
No6i dung kién thirc

1. Ham s0 va cac bai toan lién quan

2. Miiva logarit

3. Nguyén ham - Tich phan
4. SOphtrc

5. HInh hoc khéng gian

6. Mat cau, mat tru, mat nén
7. Hinh hoc toa d6 Oxyz
Toéng

Cu thé:
:1. Ham s6 va cac bai toan lién quan
[lgom llcau)

Céc dang cau hdi veé:
1? B0 thi ham; tiém can
E: Tinh don diéu
I Cuctri
n GTLN- GTNN

Tuong giao

2. Miiva iogarit (gom c6 10 cau)
E Tinh dao ham: Tim tap xac dinh
&' Biéu thirc logarit
T- Phuong trinh, bat phuvong trinh
Ei 16garit; Bat phuvong trinh m
E Bai toan lai kép
3, Nguyén ham - Tich phan (7 cau)
I> Ly thuyét; Nguyén ham; Tich phan
> (*ng dung tich phan

SO cau

4.s6 phtrc (6 cau)

- Dang dai s6 cla s phic

- Dang hinh hoc gém 2 cau

- Gidi phvong trinh s phtc

5. Hinh hoc khéng gian (4 cau)

- Cau hdi vé ly thuyét vé khoi da dién

“ Dang cau hot vé tinh thé tich [khoi lap
phuong, khoi chop, tir dién, lang tru)

- Khoang cach tir 1 diém dén 1 mat

6. Mat cau, mat tru, mat rién (4 cau)

- Cau hoi c6 tinh lién hé thuc té

- Thé tich khdi cau ngoai ti€p hinh chdp

7. Hinh hoc toa d6 Oxyz (8 cau)

GOm cac kién thic vé mat phang,

dwdng thang, mat cau khoang céch

quen thudc ma moi hoc sinh bt ki nam

chéc kién thirc co ban co thé giai duoc



PHAN HAI

PHUONG PHAP Tu DUY GIAI NHANH
TOAN TRAC NGHIEM

Chuwong I. LY THUYET CHUNG VE GIAI NHANH
TOAN TRAC NGHIEM

Bai 1. Ky ndng bam may tinh giai Toan tric nghiém

1. Phim CALC
Chirc ndang (CALC) latinh gia tri cila mot biéu thic
Vidu 1. Giadi phuong trinh:
Sin 4x 4sin 2X =C0S 4X +C0S 2X

x= — + 2iC7T

2
A. * B. ke Z
K k77 (*€ 2) ( )
X — -
x—|2< 2kt X—KTT
: ke Z D.
C 2 KTi (ke 2) - m KT (ke 2)
2 3 12

Huwéng dan giai
Céach |7 sin4x + sm 2* = cos 4x + cos 2X

<>sinJjc = ccv 3jccojt
cos X—0 :'2_4'&_ o
: - . .bBap an: C
sin3x = coj3ji: « 4_Iﬂu_
12 3
Céch 2 ;

(Chay: Trong céac bai toan chra ham luvong giac véi cac dap an & don vi
radian thi can chuyén vé hé radian truéc khi nhap ham,)
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V. Thtr dap an — + 2 truwdc vi tlr phwong tinh ta thay co tinh hudng:
1SISP 12 3

E1.. =sinb néntanghidén a+&=— bx— &Bx=—
|SSSEYa J 2 2 * 12

phim CALC gan gid tri X :E tg thdy phuong trinh théa man.

tuc gan gia tri X =—+—thdy phwong trinh théa mén. Bap an: c

i dy2 Giatrf [jpy = VBN XFVIESINX
gy Y y3
iiSSI? 1-¢  m

A - , B. —c.4

S8r-V , ‘ ' tivong o gioT

| * Nhép biéu thtrc rdi dung phim CALC gén céac gid tri xap xi 0 cho X [nhuw
xm3.001; X=0.000,,,.)

\@Mw'j wl+tan (X)~ylT+sm(X) ..

= 0,001
lai:

— ——

. Cuthé ta co cac thao tac nhap trén Casio nhu sau:
U Taduwoc két qua
E3A.

i mVaygidi han la 0,25 :T Péap an: A

I Chay : Trong nhiéu bai toan néu ta chon gia tri Xkhong khéo sé dan ti hién
tvong tran s6 cho két qua khong chinh xac.
Nhuv bai trén néu cho X <0-0001 thi sé dugc két qua la 0.
B&i vay, néu nghi nglr dap an, ta nén thr nhiéu gia tri Xkhaq nhau,

iVidu 3. Cho métphang (a):2x +3y +2+1=0. Matph&ngnao sau day vudng
goc voi mat (a)
A. 2x—=y- Z+1=0 B. x+y—-5z+6=0
c* 3x—y-\-2z~0 b. x—y—~Z+1=0
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2.

Hudng dan giai
Ta c6 2 mét phang vudng goc voi nhau khi tich vé hwéng cla 2 vécto phap
tuyén bang 0. D& tranh phai tinh toan nhiéu ta dung chic nang phim CALC
nhuw sau:
Tacdo =(2;3;)nhap biéuthrc 2A+3B+C &if->A=2,B=-3,C =-i
(A, B Clatoa do twong tng cla cac vécto phap tuyén trong dap an A) duuci
k&t qua 14. E
Tiép tuc nhan CALCva chon A-1,B=1c =-5 (latoa dd twong (*rng cla
cac véctw phap tuyén trong dap an B) duoc két qua 0. Bap an: B.
Phim SHIFT+ CALC (SOLVE)
Chtrc nang (SOLVE=SHIFT+CALC]J la tim nghiém cua phwong trinh bat ki
trong mot lan can cla Xda chi ra.
Nhv ching ta da biét, phim MODE 5 gilp tim nghiém cuta phwvong trinh bacf
2, bac 3 va hé phuong trinh 2 an, 3 an. V6i wu di€ém quét toan bd cac|
nghiém \cﬁa phrong trinh dang bac 2, bac 3. Nhwng né ¢6 1 nhugc diém)
I6n do6 lavei cac loai phwong trinh vo ti thi khong giai duoc.
BUi vay, phim SOLVE gilp ta tim 1 nghiém hodc xét s ton tai nghiém cla
1 phuong trinh bat ky.

Vidu 1. Giao diém McUla dwong thang cd) - « = -F- =7i-tl va

30

(P):2x-4y-3z =-8 la

r
A M 5;-3;]t B M(I;I;2) c. M(7;-1;-7) D. M(5;3;2)
Hudng dan giai
X =4+t
Phuong trinh dang tham s6 ctia dwdng thang (d): y =5~2t.
5i~I1
7=
L=4+/
y =5-21
Vay giao diém Janghiém clia hé 5{—1
z 2
2x—4y-3z--38



J Thay 3 phwong trinh dau vao phuong trinh cudi ta duwc
mi;’ 2r+4)—45—20"3.~—+8=0
Vay thao tac chuyén d vé dang tham s0 roi nhap vao may biéu thic sau

i;p 2(X*4)-4(5-2X)-3.—  +8"va an [SHIFT SOLVE], gia tri khoi dau

r| §x~0; v6éi X chinh la &n t. Ta dupc két qua

ae o17
LICX+4J-4C.M:a?2TA 11
fg,,;J.. lE S P - ii
%vay x=I1=>1i=1=> M(5; 3;2). bap an: D.

phim MODE 7
Chirc nang MODE 7 iatao bang giatri cita 1 ham sé y - f{x)- Tl bang gia

TI'f tri do6 ta quan sét, tr do:
- Tim nghiém phwong trinh khi cac dap an cach nhau 1 khoang khéng doi;
¥i- Dudoan tinh don diéu ctia ham so;
Tinh gioi han;
uf- Dw doan dwgc min, max ham s6 néu co.
Vidu 1. Nghiém clra phwong trinh sin G+ Q06a; = cos2  la:

B. — c.ic D. —
o 2

"1a.o
® w 2 X s
Huwdng dan giai

; Nhan thay cac dap an déu cach nhau 1 khoang khong déi la » dan dén viéc
! [ X ] .

i'; 'tao bang kha thuan lui.

;1/iTa nhan MODE 7 nhap ham / (X )=sin(X )+ QX%B(X)- (cos(X))2

I'§, Chon gia tri khé&i dau START: 0 (la gia tri nhé nhattrong cac dap an)

| Chon gié tri cu6i END: — mgia tri I6n nhattrong cac dap an
lgr ° 2
j I'i Butrc nhdy STEP la “ (khoang cach nhé nhat gilta cac dap an)

™™ Ta duwc bang gia tri



FO‘?? - i

V. ~

Quan sat thdy gia tri /(*) =0 chi tai X =0  nghiém cuaa/(*)=() Ei

X =0.bap an: A —thE

Vi du 2. Gi6i han cia ham s6 !’r\inm-4-xt|-. la... mP
Hwéng dan giai $;

x . A , ] s LA s 3X+4X e S

Néu ta dung chirc nang cua phim CALC thi nhap ham —4X-:i-CALC roi gaagI

gia tri cia Xla 1s6 kha Iénnhvw X =200*Khi d6 may bao MATH ERRQ|;--

day la 1 nhwoc diém cla Casiokhi may tinh phai x& ly cac d* liéu so to dllp
tdi hién twong tran s6 may khong tinh toan dwgc. Nhu vay ta can chon gi|;
tri cia Xphu hop trong pham vi may tinh cé thé tinh duoc.

Véi tinh nang cua MODE 7 ta sé xtr ly nhe nhang bai todn nay nhuv sau

3X 4-4*

4*-|

chon gia tri kh&i dau START: 100 (do gi¢i han khi 'x---- H>00)

chon gia tri cudi END: 200

bwéc nhdy STEP: 20

Ta duoc bang gia tri

MODE 7 nhap ham f[ x)

-u yur. KY H . E]QO *ey MVH . K fa
. 2H . mm
1mETOIT - Al m i TEQ 1
AV %k Ilso T SB Rll'll?)lu EFRROKROB
! ! N TAY R L] |
l..%‘:- -\%llg‘ ToXe) wt 200
e A ir e : . 3X4-4X
Quan sat thay giatri /(x ) =Itai X =100,120,140,160 lim---—--—=1
béap an: 1.

Nhén xét: Nhuv vay néu st dung chirc nang phim CALC thi nén gan Xco gi
tri <160, khi dé may tinh sé cho ta dap an.

Vidu 3. Hé s6 clia x26 trong khai trién nhi thirc
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} trong Khai trién bang bb I&:

r A 210 B. 126 c 252 D. 330
m m Hudng dan giai
Icdch 1:

Trwdc hét ta can phai tim n dua vao di¥ kién tong ba hé so cla ba hang ti
| dau tién trong khai trién bang 56 <>cn+c\ 4cl =56

11 mode 7 nhap ham f{X} =XC0+ xci+Xxc2-56

% START: 3
*1 END: 13
| STEP: 1
Ta duoc bang gia tri:
«Qlia SO bét
(6 i o Fip W
"7 P -]Jé)
8> |l I
, u * pmat — 10 7

d tathdy X =10=~/(Jf) —0="/i=10
» +PE xac dinh hé sé ciia XB
V6i cach thong thuwdng ta can tim k théa man

ko1 «
i - X* <>1k-4(10-/t) -m26

Giai phwong trinh trén ta duwc k- 6
| Vay hé s6 clia &6 la Cio = 210.DBap an: A,
8lch21

A o 1Y D ;
r Bé xac dinh hé so cua X2trong khai trién VD+-)-(5- =22 ™0 -*7*3-(4(
K

1

lo&dv

|
Tagan cho =10

i Dung bang TABLE nhap ham 10Wﬁ1v¥-ky’cA° A chay ti' 0 dén 10 voi buédc

nhay 1

rv I-A T e —— 04« AXTH#I



Khi d6 ta dwoc bang gia tri:

s PO dpoTiy W é
|”1- H W Inn G '~ n
t1AE - l;.e% ¢ 6 1
Nhan thdy tai X=6 thi/(x ) =10% véi cach gdnX=10 thi /(X ) = 10&
trong (¢ng Voo ixes 1

Nhwv vay k =6 => hé sb can tim la Cio = 210.

4.Tinh tich phéan

* Ham chtra #/0 tri tuyét doi: *Ham c6 mi béac cao:
Lwu y: DE an gia tri tuyét doi ta Vidu: Cho tich phan
dung phim Shift + Hyp (ham Abs) M998 + *6
Vidy: Cho tich phan M «j1098+ 2"
1 A<l B ./>1998 I
Giatri cta/= .. 11
C. />1 D./ < 1998?t
Ta duoc két qua trén Casionhuw sau:  Ta dwoc két qua trén Casio nhu sau:|
“\0 MKMT? © dm- B T rui«l. A" i a
: 998+X N
1:1 X+ 1—1X—21dx 1 998+2<2 4
-V 1.007900026

5. Giai phvo-ng trinh bac 3 va hé phwong trinh thuan nliat [2 an, 3 an)

a) Phuvong trinh bdc ba (MOBE +S, 4)

Vidu 1. Giatri cla m dé do thi ham s0y = x3- 3x2+3mx+3m+4 tiép xic M\
truc hoanh la f m
A. m=-—=3 hoac m—0 B. m=3 hoac m —4 .
c. me M D. m=1hoac m =3 '!
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Huong dangiai v ..
DPé d6 thi ham s6 y =f (jc) tiép xdc véi mot dwong thang d @y - ax +b

Thi phvong trinh f{x) = ax+b phai c6 nghiém bbi. >



1 ; jVan dung ly thuyét do ta sé thir cac gia tri cila m trong cac lwa chon dé tim
E§| dap an:
| Quan sat chon cac gia tri m xudt hién nhiéu nhat trong cac dap an, & day c6 2 gia
tri m=—3 xuét hién & dap an Ava D, m =3 xuat hién & dap an Bva D
0El VoI m=-3 ta co 3X—38.310—3,3+4=0<=>x=5,x=—} langhiém,
chitng td 1trong 2 nghiém la nghiém kép. Chon dap an Ahodac D.
I VoI m=3taco X2—3x2+3.3.*+3.3+4=0<>*=1 *=2+3/ la nghiém,
suy ra phuong trinh khéng c¢6 nghiém kép. Loai dap an D.
bap an: A
I Giaihé phirvng trinh
Hé bac nhat 2 6n (MODE+5,1)

Vidu 2. Cho cép s6 cdng {wn}thda man: | gid tri cla 0 la

% 1
[UZ+UA- 10
A2 B.29 C.19 D. 11
Hwéng dan gidi
bat d la céng sai cia ddy s6 trén ta c6 U2= +d;U3=u:42d\o4=ui +3d
_[300+2d =7 . o
hé * =>d=2,vi=1=>UW=19. bép an c.

Hya -I- J=1U

Hé bac nhat 3 an cMODE+52)

Vi du 3: D06 thi ham sdy = X3+ ax2+ bx+c¢ di qua 3 diém
A(0;D),6(1;-1), c(-i;3) thi phwong trinh ctia ham s6 la:
A.y= *3+4x +1 B.y = X3+ 2x2—1
c.y = *3+3JC-1 .D.y=*33x+1

Hwéng dan giai
i J Thay lan lvut toa do cac diém A B, ¢ vao ham s6 ta duoc hé

1 c=* \ ! . .
U+ i/+c=-2 bang cach bdm may ta dvoc <=0, b=-3, c=1
a-b+c=4

Pép an: D.

6. Tinh toan vect<y

Mot thirc té cho thdy viéc tinh toan cac phép tinh bang vécto dic biét trong
khéng gian Oxyz dé iam cac ban tinh toan sai. Nén vOi chirc nang trong



MODE 8 va SHIFT 5 sé giup viéc tinh todn vécto nhu tinh tich co hu’c'rngflé
tich vé hwdng hay do dai vécto tréd nén dé dang va co két qua chinh xac.
MODE B mén hinh ¢6 hién thi 1:VctA? 2:VctB? 3:VctC? thi khi chon véctgte
dau tién ta nén nhap la VctA (bang cach ¢dm 1) hién thi:

1:3 2:2 ’ 'Ea

1:3: it vécto trong khdng gian Oxyz :
2:2: fayécto trong hinh toa do phdng Oxy '‘iHI
Néu lam phép tinh vécto trong khéng gian thi ta bdm 1 va nhap cac gia tri!'l'
hoarih dé, tung do, cao dd cho vécto A fc
Sau khi nhap vécto A thi bdm SHIFT 5{ VECTOR) 2 [DATA) dé vao nhaj&s
veety B (VctB). Nhép thétTl vécto c thi larn tvong tuw, e 3Ei
salifehinhap hét cac vécto can nhap thi bam AC. if!

Gao phép toari trén, vécter bang phim SHIFT 5 né h|en ra DIM, VCctA, VciB, Vctcfo
DOT, DATA, VctAns
Phép cong vécEoi ta bAm SHIFT 5 3:VctA rdi bam + rdi SHIFT 5 rdi bdm

4:\/ctE. Man hinh sé& hién thi: IEE
VctA+VctB ' 11’
bdm =la ra két qua, da 1a VctAns. ip
Phép trir vécCo: tuortgty phép edng véeto. i|J
Nhan vo hvéng vécto: Mubrx nhan vo hvéng VctA va VctB thi nhén
SHIFT S 3:VctlASHIFT 57:pOT SHIFT 5 4-\ctB, Man hinh sé hién thi: -E\
VCtA-VCNEVCtA VetB - ' : . -Mi
bam =la ra két qua, dé la mot so. 1;--

Nhan c6 huéng, vécto: Mudn nhan c6 hwong VctA va VctEi ta thic hién thao tac sau:| V
SHIFT 5 3;VctA Cbam d4u iihan} SHIFT 5 4:VctB. Man hinh hién thi:
VctAxVctB mip
bam - I3 ra Két qua va tv dong; dwoc gan chovéeto VctAns.
VctAns thay dai khi két qua clia, phép tinh véeto (co két qua la vécto) thay doié
Tinh toan vai VctAps, cliug n&ur vai VclAva VcetB:fray VctC), -|
Paciaa.clia I
SHIFT HOT SHIFT 5 3:VetA)man hinh, hién tivt Abs bam phim=ra kétqua, |
Tinh goc clra 2 vécto: Ta d& biét cong thic tinh goc cla 2 véeto la: EE
alb.
+
a.h

B&m SHIFT COS i( SHIFT 5 3:VetA SHIFT s 7:D0T? SHIFT s 4:VctB J:
CESHIPT H¥P SHTfT 5 37VctA) Xism m SMim 5 4:VctB »)*
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liirdu 1.Chot dién ABCD biét A{i:3:1), 5(4;1:-2), c(6:3:7), Z>(1;-2:2).
Thé tich cla t& dién ABCD Ia:
E® A 140(dvtt) B. 70[dvtt) >, lGO (dvtt)

Huwéng dan giai
. ._:v;ll',a da biét cong thirc sau: VABD  \[AB, AC6]|.AD (*)
W7 -
'|§ | Gan AB(2;-2;-3) choVctA; Gan AC(4;0;6) choVctB; Gan AD(-1;-5;1) cho
'VCtA
e 70 . .
Kétquarala — . Bap an: c,

AV idu 2, Cho cac diém A(-1;2;0),B(-3;;2)> ¢ (1;2;3)
| .. a Tim khoang cach gi*4 6A vo 6¢ ]
Tinh khodng cach tir Bdén dudng thang OA
Hwéng dartgiai
\ iBAmAasi 26
a d(CABC)=— . ®m—= -f—«
[OABC]I V105

i!,§ b. d(B, OA!%%?EI -|2L£IO

® = [a4] 5

| vi du 3. Cho hai médt phdng (or):  Jly +Z—4=0; (/?): JC+yyfi—z = 0. Goc

| tao b&i (a) va (/?) ia

li. WA 30° B. 4& ke D. 90°

' Huwéng dari gii
MOVctAgan (1;->/2;13, mkVctB géan Biéu thirc hién Ién man
hinh c6 dangcos"1{VctAyctB: (Abs(VctA) Abs(VctB))|

| pr KEtqua la 60°. Bap an: C.

7. Tinh toan s6 phtrc

PE thuc hién cac thao tac tinh toan cac s6 phic td nhdn MODE 2 dé vao
moi truong phttc. SHIFT 2 cho ta 4 lya chon
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Trong do: Jp

1: argi argument ctra s6 phirc 11
2:conjg: s6 phic lién hop

3: Chuyén vé dang lvgng giac cla s6 phirc 'Mi
4: Chuyén vé dang dois6 cta so phirc to

Tuy vao nhirng yéu cau bai toan ma ta st dung cac cong cu tinh toan khac nhaulil
Ngoai lam viéc trong méi truong phirc (MODE 2] thi ta c6 thé tinh toaiké

truc ti€p qua 2 phim: Ip
Poi: tim m6dun va argument cta i sd phiicz ifg
Rec: dé tinh c&n bac ncla 1s6 phircz IIE
Vidu 1. Tim mdédun va argument clia s6 phirc z = 3+4i* |8
buogc két qua: =1
i A

1]

;r-5»3-53.130102» u

Chiy médun va argument bén trén sé dwoc may tinh tu déng lwu vao biéiiQ

Xvay. ‘M

Bai vay str dung cac cong thirc Maivre vé dang lvgng giac lwvgng giac trongl
s0 phtrc ta de dang tinh dwgc can béc n cla s6 phitc z—3+4i/nhd chirc  |!
nang cta phim Rec El

1aECtr,YI2)E ;~a. |

Nhu vay can bac 2 cia z=3+4i1a z=2+L

Vidu 2. S6 phtrc z = +1c0s17 ra dang dai s5 13;
€0s28° +isin 280

A 1+ B.1-i

0.7071067/8m E & i
Bap an: D.



Oly

Uii Tim ménh dé sai trong cdc ménh deé sau:

5 4 g

H'a.zf+ zi =“ 10+ 28i | Z, In 60 + &
22 4 25

iEC. Z?+Z| =106- 46|, D* z2zf +z1z1 = —30+107i

li- Hudng dan giai
Ke, Tim nghigm 7,272
A1+ Tinh VA
jlletr A= (r+1)2—-5+10? =—5+12/
dung chirc nang Pol dé tim moédun va argument clia A

Pol(-5i12)
m N -

r=13,0=U2.6198"

St dung chic ndng Rec dé tinh can bac n cla A
f8y [ mpirB — T-TAIErir

iRac(.MTYiZ)E

A=

éi: n

) Vay phwong trinh c6 hai nghiém 7a

& 4 =—14-1) + 2-i-3/ —i +2i va z2=—l+1)—2+3i) —3 i
Tagadn ~ A 22 —»i?

" Khi do ta tinh tirng dap an

i| A Z +zi =—10+28iduoc két qua dung.
i | isi G ' O ~— MthA

-10+281

Vidu 3. GPloo z rvz2 | daHedinyghédm odizapdhworn g trinh x2 + 2(1+0*H-5 ~107

=0,



5 422 66+8 i0g

72 25 . T
IO > oB -m i A =

%:A:l&& 66 ms -\ '®

25X- A I p

\Vay dap &n nay sai. Dap an B. , . E
Bai 2. Phurong phap tw duy loai trir E
Phrong phap nay cé thé dung cho moi dang bai. Dua ra cac tiéu chi dé
b&t hai phuong an trong lan dau (c6 thé lan dau loai 3 phrong an] va loaaj
bét 1 phwong an cho 1an th 2. Khi do ta con lai phwong &an can tim hodkEr
tim dugc phuong an can tim sau 2 lan thwc hién tv duy loai trir. plg

E
I

Vidu 1. Phwong trinh mét phang (P) déi xing voi mat phéng [R):

5x —2y +1z +2=0 qua mit phang 0xz la: E.
A -5X+2y-72-2 =0 B.5*-2y-7z-2 =0 E
C. 5X42y+72+2=0 D. bx—=2y—7z2+2=0
Huwéng dan giai )
Cach iaii thong thuvong: B~

- Tim giao tuyén d gira mat (R) véi mat (Oxz).
- Lay 1 diém bat ki M thudc (R), xac dinh diém do6i xrng qua mat (0xz||

clia Mqua(Oxz) la Ml l|e
- Khi d6 mét phdng qua M' va chtra d 1a mat d6i xrng can tim. I
Cach gidi nhanh: 8v

- Nhéan thay 1 diém .. bat ky khi ldy d6i xirng qua mat (Oxz) thi dwoc dién|
M’(x;~y; .Talaydiém M(0;1;0)=> Diém d6i xtrngla M'(0 ;-1 ;0). |

- Thay M’(0 ;—%;0) vao cac dap anthi chicé dap an Bva C thda man.

- Tiéptuctaldy Idiemkhac )v(l;0-1)=> Diém ddi xitng la AS1 ;0 1)

- Thay AT(l;0;~I) vao cac dap an thi chi cé dap c théa man.

bép an: C.

Vay dégidi quyétnhanh bai toan nay ta can biét:



S60

«1diém M (x;y;z) batky khi idy doi x(rng qua mat (Oxz) thi dwoc diém
K [/ A

® | diém M (x\y; z) bat ky khi idy d6i xirng qua mat (Oyz) thi dvoc diém
ipl xen™ ja o (=Xy'
I-1 Céach chon diém thuan lo
E;V. .thanh phan toa dod chira , ) ,
11Vidu 2. Phrong trinh mét phang (OT) qua giao tuyén cta hai mét phang
PEI () :x~2y +72z +3=0,(a2):x +3y—7z—2 —0 dong thoi vudng goc voi
§111 mat phang (/?) :2x+ y+5z*-1=Qla

R* A x+8y-6z-7 =0 B.3x+4y-2z-1-0
pl-*"C. 3*-y+172+4=0 D. 2x+6y-2z-1=0
B E Hudng dan giai

I Mt phang(6r) xac dinh b&i 2 yéu td qua giao tuyén d va vudng goc voi mat
EElphang iB) :2x+y+5z-1“0

f ; Viécxéttinh vudng goc gira 2 mat phang kha dé dang, ta chi can xét tich vo
II;V heéng cta 2 VTPT dé lua chon cac dap an théa mén yéu té vubng goc.
I[IyLoai dap &n Ava c vi khéng vuéng géc vai (B).

p i Giao tuyén cla hai mat phang (tifj): *-2y4-12z +3=0

|| (a2);x+3y—7z—2=10 co dang hé.

Iﬁj d: i![);jfz?’yj +_17222i23:00 ta 13y 1 diém thudc giao tuyén, M (-1;1;0)1a diém
E| thda man hé.

||| Thaytoa dd M (—1;1;0) vao cac dap an Bva D ta thdy Bthda man nén chon
Il Pap an: B.

SV % aaxxg- ~xx-|+2r\ (éx>0)
|if du 3. Cho ham s6 / (x) = 2

A

E. (a +x),e~bx (x<0)
'|'i Tim &b dé ham so6 ¢6 dao ham tai x =0.

W
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A a—2,/?—‘l B.6=—=2,b =—1 C.a=lIb =£ D.a—2,b =—-1
3 3 3 3

Huwéng dan giai
PEé ham s6 c6 dao ham tai x= 0thi ham s6 phai lién tuc tai x —0
hay JJcl_gBJrf(x) —LLQJFIO) <>a = 2 (loai B, C] ‘ )
PE tim ra cu thé b thi ta tinh dao ham bén trai cho bang dao ham bén phai E
b=\-ab b—-2h" b
Pap an: A
Vi du 4. Giai bat phrong trinh: (2x —)yj2x—1+ 4x2+4x <3

A 2 2 B.
_x>3 L 2 11
C. VO nghiém D. Bap an khac I
Hudng dan giai n
Thay x :Zivéo bat phwong trinh ta thdy théa man, suy ra loai dap an Bva C \%{;
n
Tiép tuc chon x sao cho V2x - 1la s chinh phucmg va khdng thudc dap an A &
Thay x —\ thi bat phwong trinh khéng théa méan vay loai A El
Pap an: D, . n
Mot cach khac: Fa

T digu kién x >
2 \4x2+4x-3>0
= (2x-\)4 2 x— +4x2+4X<3
(2X—Y"MTx — +4x2+4x—3<0
(2x—)V2x—F =0 1
©< AN X_

4x H4jc—38=0 2
nén bat phuong trinh c¢6 nghiém duy nhat x = 0,5. Bap an: D.
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WO
11if<lu 5. Cho tam gidc ABC c6 4(0:4), £(-3;0)> C(10;4), goi M la chan dudng
|& héan giac trong clia A Toa dob cia MIa:

B. C. D.

a Hudng dan giai
'IIEChi c6 A, Bthda mén thudc phuong trinh dwdng thang BC: 4* - 13y-f12=0
jp|$fit khac, ta co thé vé& hinh ulrc lvong thdy rang dap an Bnam ngoai doan
MtetiiangBC.
|S Dap an: A
8i|d;u 6. Dwong tron c6 tdm & trén duwdong thang 2x“ y 41=0 va di qua
[|f|1 diém M (1;2) va N(2;3) c6 phuong trinh la:
* —_
y*2l - B. (*-1)2+(y-3)2=1
II;C. (x+2)2+ (y-3Y =16 D. (jt+2)2+{y +if =25
E Huéng dau giai
IE Thay toa do tdm tir cac dap anvao duvong thang 2x-y +1=0=>dap an B
¢1 va Dthda man.
IQthay toa d6 Mvao dap an B, D. bap an: B.
i'Vidu 7. Cho sao cho x —y —z >3 . Giatri ciamin F “ x2+4y2+z21a

A4 B. 8 ¢ 2 D.10
; Hwéng dan giai

51"

W'V

I' Ap dung BDT BunhiacopxKki

fej\. 1

J (x*+4’\+’\)(I+T+1)>U-y-‘|§/ =>{x2+4 /+ 2z 2)>4,

|g Dép an: A

|-i;' V&i nhitng ban khong biét cach 4p dung BDT BunhiacopxKi thi ta ¢ thé st
dung cach loai trir bang viéc chon bd (X;y\z) théa man diéu kién:

Chon bd (1,—;-1) F =6=>loai dap anB, D.

Khi d6 viéc chon 1 trong 2 dap an con lai cling lam tang xac sudt chon dap
g an dung.
Vidu 8. Cho AABC v¢i /4(2;2) va dwong cao xudt phat tir B, ¢ c6 phuong
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trinh 9x—3y —4=0, x +y —2—0, Phwong trinh ducrng cao ké tir dinh:B8

clia tam giac la: vl
A+5x~"7Tyx4 =Q B. Ix—-5by—4=0 ®
Cc. bx+ly~24=0 D. 7x+5y+24=0

Hudng dan gidi HI

Céch ioai trir: Do phuong trinh duong cao ké tr dinh A =>loai D, do toa do 11
khéng thudéc 7*+5>+24=0. Tim toa d6 trwvc tdm H la nghiém cta li!
> 3y _4=Q A ldp

zz=H \—\— chi ¢6 phuong trinh 5x—7y +4=Q di qua m
Xx+y—2=0 \6 6) -

bap an
vi du 9. Cho ham s6 y 20-1) c6 dd thi [CJ. Tiép tuyén cua 11!
M (0;—2) cét hai dudrngtiém can clia (c) tai Ava B. Toa dd claAvaBla
A. B.A -1;t ,5 5=
2) |
c. ii-1-11,Bif;-]i D. A{T;-2), B(-S;2).
|
Huéng dan giai m

A, Bphdi thudc d6 thi 2 dwong tiém can cla do thila x- 2y =2 vax = 1néiil
loai cac dap an A, B, DbPap an; C,



Iplflsai 3. Phwong phap tv duy dac biét héa - tong quat hda

hai cach tong quat hoa la tong quat héa dé bai va tong quéat héa dap an.
ESE-¢i nhirng bai toan cé dap an rat tinh vi thi phuvong phap nay toé ra rat hiéu
rffAqua, ta cdn van dung linh hoat phwong phap: nay cung véi may tinh Casio
Jlg va mot s6 phwong phap khéac dé tang tinh wu viét.

BHp foagr hoa

pllErilig nhiéu bai toan phtc tap, viéc loi dung dua bai toan do vé truong
;|ai:hop dac biét gitp viéc giai quyét bai toan trir nén don gian va dé dang hon.
litertu 7- Tinh ti€n d6 thi ham s6 y - X3—3x |én 2 don vi theo chiéu dwong cla
Aiuc-Ovy ta dwoc do thi ham s6 nao dulOi day?

SE ? =-(*- 2)3«3(x-2) B. y =x*-3x+2
te c, y=-X3+3* b, y = (x+2y —3(e+2)
EEA8i- Hwéng dan giai

I'MIChon diém 0(0;0) thudc do thi, tinh ti€én Ién trén 2 don vi tic la diém

;|ifé*2). phai thubc dé thi mai thdy A, Bthda man.
IptI\N-A’S - . - ; - . - N - AN N e d ./ 7
I . Tiép tuc chon diém (I;-2) tinh tién duwc diém (L 0) thi chi c6 phvong an B

|[ha ham sb y=*3- 3*+2
tefeap an: B.
EEiTOng quat: Cho ham y =f{x) khi d6
1' +N&u tinh tiéh do thi theo chiéu dwong OyTa a don vi thi ta dugc d6 thi ham
2#:2=1{*)+«;

Neu tinh tién do thi nguoc chiéu dwong Oy la a don vi thi ta duvgc do thi ’
\?~ham s6 y = f{x)-—a; '
Rev+Néu tinh tién db thi theo chitu duong Ox 13 a don Vi thi ta duoc do thi ham
| s6y—f (x+a);
| + NEu tinh tién do thi ngwoc chiéu dwong Ox la a don vi thi ta dwoc do thi
t hams6 y =/ ix—a)i



Vidu 2. Cho ho dwdng thang (dm): (I—m2)x+2my +m2—4m+1 = 0.

Khi tham s6 m thay d6i, (?t) luon tiép xtc véi mot dudng tron ¢ co dinhhg@g

c codphuwong trinh 13;
A (x-DH2-fl=1 B. x2+(y-1)2=1
C. X2+ (y-2y =1 D. (x+1)2+y2-1
Huwéng dan giai
Nhan xét: Ca 4 dap ari déuc6 R=1nén dw\d) =1v¢i llatam duwong
Pac biét héa: Cho m ~ 0, khi d6 phwvong trinh dla *+1=0
Khi dé ta xét khodng cach tlr tam I ctia dwdng tron trong 4 dap an.
Néu khoang céach dé khéng bang 1 thi ta loai.
Vaéi duong tron (x—\V)2+y2-1 =/ (1;0) =>d (/,£?) =|l+I|=2 71
VGi duong tron X2+ (y-1)27 1=>/(0;DA>E?(/,i/) = [0+ 1| =
VGi dudng tron X2+ (y-2)2=1=>7(0;2) dw.d) =[0+I=1
V6i duong tron (*+1)2+y2=1=>/(—1;0)=>d{i,d) = 4+I|=0" 1

Nhw vay ta loai dap an A D,
Tiép tuc cho m —1, khi d6 phvongtrinh dla: y-1=0

VoT duong tron x2+ (y—)2=1=>/(0:1)=>6/(/,e/) s=|I-1| = 0”1 => loaiBpll

DBéap an: c.
Luuy: Voi diém M(xgyo) thi khoang cach tir M dén 2 dudng thang sau
(At) :x +a =0 =>d(Af,At) =\x0 +a\

(A7):y +b=0=>d{M,A2) =\y0+b\

> s s 1 .
Vidu 3. Dao ham c&p n cua ham s6 y =ﬁ la:

n\ ni C. y*- («+ D! D. yn (n+1)!
(X-1Y ' (x-iytH (x-1y
Huwdng dan gidi
Néu lam truc ti€p bai toan nay thi nd sé rat kho khan, nhung duva vao
dé%’én ta chi can xét dao ham céap 1: y l?-[*)_(*)
Thay n—i vao 4 dap an dé xem dap an nao trung véi (*) ta dwoc ngay
Bép an: B,
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Cht* y; Néu thay n=1 ma c6 nhiéu dap an théa man thi ta tiép tuc xét dao
ham cdp 2 roi thay n=2khi d6 sé loai b&t dwgc cac dap an.
Vidu 4. Giatri cla a, b,cdé f{x) =ax2+bx+c c6 dao ham f'(x) thda mén
f(x) +(x~1)/'(*) =3x2la:
=b="c =I B.a=b=T;c—4
c.a=—1b=c~1 D.a—b—c=-
Hird-ng dan giai
Thayx =Ita cé: /(1) =3=a+b+c
bép an: A(vicba+b+c=3
Néu lam khé hon bai toan bang cach thay dap an Dthanh D.a=&=2,c=-1
thi sau khi thay X=1sé con 2 dap an A D.
Khi do ta sé thay nguoc lai dé bai dé tim dwoc dap an ding
Vi a-b =c=1taco f(x) =x2+x+l=>f"(x)~2x+1

Pép an: A.
(fr+1)?r
vi du 5. Cho tich phan /n= | N .Giatri cia Tn theo n la
it
A l,=2(-ir4H B. /,=2(-D"-
c /,=2(-ir D. /In=2(4)

Huéng dan giai
Tinh dvgc Th=—€o0s;e|"H)jr = —eos[(n +1)7r] +cos(nr)
Thay n—0thi /0=-cos;r+cos(0;r) =1+1=2. Loai A B
Thay n =1thi 7T0=—€o0s(2jr) +cos(#) =——1=-2, Loai D

Pép an: C.
Vi du 6. Cho hinh chop S.ABC co AB, /1Cd6i mot vudng goc. Goi M nam
trong mat phangiSAC). Goi diyd2>d3 la khoang cach tr M dén cac mat

phing (AfiC),(iISAB)t(,SAC). Khi do

d 2 a1 cit is
SA AC AB 2 SA AC AB
¢ +9% % - D. wqr+--f| iz
.c A# SA .5 SA 2
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H iy UB gigN K
Pac biét hoa, ta cho diém M trung v&i S (vi M cd thé ]Ja bat c diém nao

trong mét phang khi d6 d2=dy =0, *fj=AS thay vao cac dap an ‘fa
o s s~ 54 0 0
h An Bth +—T+— =1,
thay dap an Bthoa mén Y %
Pap an: B.
1. TONG QUAT HOA )

DPiéc diém bai toan co thé dung dwoc phwong phap tong quat hoa;
- Khi dé bai dang cac dap an cé cdu truc twvong tw nhau. Qua cau tric dé tal
tong quat héa dap an.
- Doi khi ta con tdng quéat hda dé bai dé suy ra dang cla no.

4
Vidu IT Tich phan / =Je~d x cd giatri bing: T
0
A 2(e-fe) B. 2¢ +1 £ 2e(e +2) b. 2(e2+1). f
Huwéng dan giai W\

Thong thvong ta sé‘dung may tinh Casio tinh tinh phan i, roi so két qua voé
cac dap an bén duwdi. Vi cach iam nay ta nén diing 2 may tinh, mot may dé
tinh tich phan, may con lai dung tinh cac dap an dira vé dang s6 thap phan
dé so sanh két qua gan nhat.

Taco/ =ferdx «16,778 I
|

Cach 1: Co 2(e2+€)® 10,1073 2e2+1« 15°778; 2e(e+2) « 25,65; i II

2(e2+1) 16,778 _ | | . | S
béap an: D. “ ”’ J1
Céach 2: Thay dang tong quat ctia dap. an la 2 (e2+ X) ft

Nhap biéu thirc 2 (e2+ X ) vao may tinh va nhdn phim CALC, khi may hoi X? Ep
thi 1an lvot thay Xbang 2e, 1) 4e, 2... va xem tai gia tri nao ctia Xcho ra

gia tri biéu thitc & moi dap s6 bang /. V6i cach nay sé gilp td thao tac; n
nhanh hon, khi do dap an, N6 sé rat hiru ich dac biét la trong cac bai toan I
c6 dap an céng kénh va cau tric tucmg.tu nhau. Pil



JSi

p,mcu 3. Viet lai cac dap an

Sjgghfli 282+ 2€ B. 2eJ+1 Gk 2e *4¢€ 0. 2e242
H‘g Nlhan thay cac dap & deu chira 2e2 khi do ta tinh
rl'a
errfx- 2e2

Neu ket qua khong la so dep tren thi se la Ahoac C Khi do ta tinh tiep —

|r Neu ra ket quE 2 thi chon A neu ra ket qua la 4 th| chon C )

[ ] _i~&* X

Qura so bit V-, ===V

jfilte

¥W ap in:D.
Jplt-du 2. Cho tam giac ABC co /4(-5;6), Z?(-4;-1), C(4;3). Tam / cua du*ong
mfe tron ngoai tiep tam giac co toa do la:
i M k /(1;3) B. 7(* 1,3) D. /(%3
1[8TEr Hw&rtg dan giai

tl-Tam dircmg tron ngoai tiep thoa man 1A-1B-1C, Goi | (*; ;y)ta co

iffe
- Z¥ =T5" <>(x+5)" +(y-6]" = (jc+4) +(y+1)
mi- (x +5)2+ (y-6)3-(.x +4)2—y +1)2=0

WNB‘U | la tam dimng tron ngoai tlep tam giac thi cac toa do cua no phai thoa
Ite man phirong trlnh tren b6i vay ta chi can thir toa do c&a Itrong cac dap an

/ 1. 1% R X «.

CALC

|p Thay cac bo [X Y] bang toa do | &moi dap an, thay v6i /(—;3) thi
|p|t-1+5)243- 6)2- (-1 m4)2- (3m1)2=0

| p~Dap an: B*

r  JChhy: Neu cotren 2 dap an thoa man ta can phai thiet lap them moi quan
|| quan h§,

fe;M2=1C2hoac IB2=1C2 de chon du,oc dap an cuoi cung,
|
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Vidu 3. Phwong trinh tiép tuyén cta (C):(jc—3)2+(y +4)9=169 tai
A(8;—16) thubc (C) la:
A. 5x4-12"—232=0 B. 5x~-12;y +232=0
C. 5X+12y+232=0 D. 5x-12y-232 =0
Hwéng dan giai
Cach IT Thay toa dd A(8;—16) vao 4 dap an loai nhitng dap an khéng thoa
maén ia cac dap an A B, c. Vay, chon dap an D.
Néu c6 nhiéu dap an thda man ta xét thém yéu t6 IAvudng goc voi tiép
tuyén & cach 2.
Céch 2: Cho véctcr IAvudng goc véi tiép tuyén (véi 7(3;-4) latam dwong tron
Céach 3: S dung tinh chat dvw,d) =R —13.
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Bai 4. Tw duy truy hoi

H':rong cac bai todn nhu tim tap xac dinh, tap gia tri, tim min - max v@i cac
iap an dwoc cho dulti dang khodng, doan. Ta sé mat kha nhiéu th&i gian voi
litng cach giai théng thuong, blri vay bang viéc loi dung cac dau muat clia moi
jjioang, doan ta co thé tim dwoc dap an mot cach nhanh chéng va dé dang hem.
fodu 1. Ham s6y =" x —x 1 c6 tap gia tri la:
ite r- <1
B. [0;1] C. D. [0;2]

Suy Huong dan gidd
mEhiam théng thuong: Viéc tim tap gia tri voi cac ham lién tuc, thong
IEIhwdng ta di tim min - max cla ham.

xac dinh: £=[0;1]

||fe@ c6 y =yjx—x2>0,Vre D

V 1< 1771
+4 4 2
ilif>ap an: c.
iéuhg tv duy truy hoi:

§ EU’ cac dap an ta chon cac dau mit cia cac doan va sap xép chang theo thi
[ J

Ipty tang dan 0 ————

§p|?
ia sé xétxem dau muatnao sé thudc tap gia tri (M6t dau mut a thudc tap

Ilfggiétri khi va chi khi phuvong trinh \j%_—x?- a <<Fx—x2=a2 c6 nghiém
iffithudc tap xac dinh)*

HgTa s€ thtr lan luot t gid'tri to¥ 16n dénnhd "
n VG6i a- 2, dung may tinh Casio bAm MODE 5 3 (gidi phuvong trinh bac 2]
SLL 4420 >v0 nghiém

ly V6i a - 1, dung may tinh Casio ham MODE 5 3 (giai phuvong trinh bac 2)

| x2—x+ 1= 0--—--- » vO nghiém

ol



bap an: C. ]
Céach khac: dung chic ndng bang TABLE ta nhap ham ~jx —x z voi START]|I

END:1, STEP: 0.1 11
Khi d6 quan sat bang gia tri: . "8
Qa0 bat :: -
Keh
01
5 @aé g‘%;d\/ll_l WMGb 1a
P e _ 1 G
Dé dang du doan min =0, max =—
bap an C. 5
Vidu 2. Ham s6 y = yfx—1+ 2y/3—x c0 tap gia tri la: '
A. [Vi;>)5] B. [>/2;2V5] C. [2>/2;3] D. [VI-VIO' ¢
Hwéng dan giai
V@i cach thong thuong ta di tim min “ max trén khoang tap xac dinh [I; 3]
0 <=>2\/x A —/3~-x=0
2>x—  V3-X n
Dung Casio nhap ham —]—*B~—X — HFHACX 1 $X —
N A 7
ta tim duoc nghiém X=—
Tinh y\gl.): 2V2,y\(/3):V2,y/\§*y —V10 rﬁls\{lv V2, rr[11a3]x Yy = -\FO
Bap an: D.
Dung tw duy truy hoi: %

Tir cac dap an ta chon cac dau mut clia cac doan va sap xép ching theo thi®
tv tangdan .
ST ->yit ->2V2 -» 3->af10 -> 275



msé xét xem dau mat nao sé thudc tap gia tri (1 dau muat a thudc tap gia
Ikhi va chi khi phrong trinh a —yjx-1+2V3—X c6 nghiém thudc tap xac dinh).
>asé thir 1an luot tr gid tri tr lon dén nhé
):ung Casio nhap ham -Jx-142y/3-x - a
xyi @ =2->5 ta cd phwong trinhyix-i +2V3-X “2V5 =0 vbd nghiém
B[ a =\lT0 ta c6 phwong trinh V a-1 +2>/3-*—V/{1) =0 ¢6 nghiém

ap an: D.
greer o
I||lu 3. Ham s6 y =e *+xc0 tap giatri la:
eeEre- — - S
B. \Q\ife c. (ovq D. (0;VT)

Hwéng dan giai
iTE&ch 1am thong thwong

P§IO y' ={-2x+l)e-A =0 *=

/1 » 1 ..V L.

jgbéapan:B.
Eng tu duy truy hoi: Tasap xép theo tht tv ting dan cac dau mut
n Do bién trai ctia cac dap an la 0 nén ta sap xép bién phai theo chiéu giam
%T:: 1 1
| N[é=e2—>yfé=¢ed
pid, .. 1 1 2 1 . A
191 Vi €2 ta dugc e2 =e x* <=y-=z~x2+x phuwong trinh nay vé nghiém. Ta

HEloai dap an c, D.
VoI x =0 ta dugc 0=e~x*x (VO nghiém] nén loai A
Pép an; B.



Vi

Chiy: Néu khi ta thay vao ma tat ca phwong trinh déu voé nghiém lic ni
chuwa thé két luan duoc gi va phai chuyén vé gidi han dé tim can trén va @
dwéi cla ham sé.
du 4. Cho ham s0 y =X3—m+1)X2“ (2m2—3m 42)x+ 2m(2m -1) |
Gia tri cla m dé ham s6 dong bién trén [2*+00) la:
A m<5 B. -2 <m< cC.m>2
Huwdng dan giai
Taco: y =3x2—=2(m+1} A—«2m2—3m+2)
DEé ham s6 dong bién trén [2;+00) thi y*> 0, v*<= [2;+00)
Véi cach thong thuong sé phai xét
3xz~-2(m +1)x —i2m2—3m-f 2) > 0,Vxe [2;+00) rnat nhiéu thoi gian.

Dung tv duy truy hoi:
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9 ~ Je n v Je 7 3
Sap xép cac dau mat dap an: 2 —— —>——>2 —5

V&i gia tri nao cta m lam cho phwong trinh y* = 0 vé nghiém hodccé ' 1y
nghiém <2 thi gia tri m d6 sé théa man (do y’c6 hé so ctiax2 la3 >0 néi|g|

> x2
néu y’=0cd nghiém xi, (%l <x2)thi y’>0<> §<1§ vay dé

y *> 0\ fx€ [2;+00) thi x2<2)

ddu cua y'

I T—
X2 z
a=2
Vi m—2Q0y' =0 3x2+2x—iG=O¢>X_ cJ— >thoa man, loai
K
dap an c, D,
V6i J7=5c6_y' = 0<=> 3x2—12x —37 = 0 <> V3 —khongthoa mi
X—=2+—=>2
>/3

bap an: B.



[

. _ 3 .. ‘ ‘ ,
-"iCéc ban c6 thé thr véi m - dé thém phan chac chan

i?glii'«

com— |,y =0<=>3"2+"+|| =0<= > thda man.
2 L 3
« Ous-  tri nhd nhat, Itn nhat claham s6 y - Ix —6x Ia;
| AOvag B.1va 3 c.0va3 D.2va 6

R Hudng dan giai
n Tap xac dinh: D = (-00;0]U[6;+0°)

Ta c6 néu a la gia tri 1&n nhét (nhd nhat) cta ham s6 thi diéu kién can la
i [[f Xét phuong trinha/*2* 6x -0<=>x=0, x-6 vay 0 la gia tri nh6é nhat cla
||| harn sé.
iiExét phwong trinh Vx2“ 6x =9  *=3+3VIO £ D, vay 9 khong la gia tri I6n

lgy> nhét ctia ham s8,
Ipl Bap an: C.
i88idu 6. GTNN va GTLN cua ham s6/(x) =h? -12** +18X-10 trén doan

B.1Va3 _c -10 va 8 D.1va38
Huéng dan giai
IHp: Phuong trinh f(x) =-10 & 2xi—2x1+18*—10=—40
JK <>JG—0,jc=3e [0;4]=>—10 la GTNN
ii|lr Phwongtrinh /(jc) =8<=>2x*-12x2+18*—10-8
<»;t«4,4£ [0;4] =>8 khodng la GTLN

|: DBap an: A
mM} du 7. Gia tri cla x dé tai d6 ham sOy -x 33x2-9*+ 28 dat GTNN trén
« [0;4] la:
R a.l B.3 c.2 D.4



Hudng dan giai
Dung may tinh Casio nhap ham X3-3X2—9X +28——IC »
Ta gan Xbdi cac gia tri ma dap an décho, chon dap an twong tng véi XIH
GTNN

X=1-mmmmm »17 X=3-31
X =2 - >6 X =4->8
Chon dap an Birng véi X =3*
Pap an: B.
Vidu 8. Tap xac dinh cta ham sé y —a\jlogx(x34-1) logjtdix —2 la:
A. Z>=[2;+00) B.D=[l;+00) C.D =[0;1] D,D =R

Huwéng dan giai
Dung tv duy truy hoi:
Sé&p xép cac dau mt dap an: 0 —»1 —»2
Ta c6 diéu kién xac dinh cta ham logarit log"y, la x >0,y >0,x ~ 1.
Dé thdy véi x=0,jc = Ithi lo g~ 3-hl) khong xac dinh. Loai dap an B, C, i
Pap an: A
BAI TAP Ty LUYEN
V »
1, Ham s6 y = co tap xac dinh la:
li
B, D —(@;5] c. D=[“15M3} D D=[-I:5)]
2. Néu 0 <x < 1thigiatri cuc dai clahamy — la:
1000 1
A. 4 B, 9 c. 25 D, 100
3. Bat phuong trinh \ogxlog9(3*—9) < 1 ¢6 nghiém la:
A. x <log310 B. x >logj 10 C. x >10g310
4, Bat phvong trinh 3X~4+ix2~4)3X%2> 1 c6 nghiém Ia:
A, D —2,+00) B D=(— 2]
C. D = (—0,—2]"J[2;+ oo) D. D =[-2;2]
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im sO cOTXD la;: -

ippi (-°°;-Du[0;+00) B. (— [I]i_>(0;+°°)
Igpi-1:0] D. [-I;+00)\{0}

EE Ham s6 y = 5cos 2*—12sin 2x c6 tap gia tri l&:

A . [-12:5] B. [-5; 12] c. [-13:12] D. [ 13;13]

'f,sl—lém s0 §=coslx nghich bién trén doan:
B A 5wy c. [0\x] D. \-7C\k\

cot# I3
J -

chlahamso y= . a:

ysin .*

iirriie

B. Cac khoang k—\kn ,ke £k >0

m c. Cac khoang (K2j1,fr +/c27r),/cG z
U D Céckhoang (2k,2k+1), ke z

@ Bat phvong trinh y§x2—3x7 >1—* c6 nghiém la:

1A 50 C. x> 2 D. 0<x <2.
DAP AN

1.c 2>»B 3.C |4,c I15A 16D~ 7.A 8c 9.B

JiRAL

m Chay: Bai 3. ¢, hudng dan: Thir voi Xbang 3 gia tri
x = 109310, x > 10g310,x < Jog310.

1

M3’ m

Bai 5. Phwong phap tir duy wéc lvwng
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L LY THUYET
Phuong phap tv duy wéc lvgng co6 tac dung I6n ddi voi loai bai toan tiriilp
gia tri, so sanh gia tri trong cac phan nhu tich phan, lvgng giac, gia tri mm-mad|f
hinh hoc Oxyz, hinh hoc Oxy va hinh khéng gian. Doi khi c6 sw bién d6i ké|K
hop voi wéc lvong, Néu dung duoc phwong phap nay thi sé lam bai TaEm
nhanh vi chi thuc hién cac phép bién d6i nhe nhang hoac tham chi khorif
can dat but. _ - I

Vidu 1. Cho (C):y —I)(—.Jﬁlny (m " o). buong thédng nao sau day khéng la truc
d6i xirng clia do thi ham s6 trén: |
A V ; X B. y —Xx-"2- C. y —2X +I D. v=A'+§—I'Jf

Huéng dan giai
Uédc lvong; Truc dbi xirng cta ham phan thirc la dwdng phan giac cua um
2 duong tiém can. Ma (C) c6 2 duong tiém can la y =m va == -m né®!
dwdng phan giac phai c6 VTPT 1a (I:1) hodc (I;—) . Vay duwong y = 2x+IE&i

khong la truc doi xtrng clia do thi,
Pap an: c
M+ X2—2x +1
X +1
clia ching déu thuéc z* la:
A 2 B.3 ¢4 D. 0
Huwéng dan giai
Céach thong thuong: Voi nhitng ham s6 phan thicco bac cua tir 16n hon béac
clra mau thi dé tim toa dd nguyén ta can thwc hién phép chia da thi'
yr KA X2x+l % 5 8.
*+1 X+1
khi d6 dé yEZ<=> (jct+1) thubc v (3) = {-=3;—;1;3}.

V6i J4-1=1=r>x —CGE - >]oai

Vidu 2. Chohams6 y = .50 diém trén do thi ham sd ma toa dipll

Ty

Voi x +i= 3=>x=—4=yy =13 ------ >nhan
Vay c6 3 diém thda man, Dap an: B.

[iS

o8 il



"WE%& wéc lvong: V6i cach nay ta khéng can phdi chia da thirc cu thé, chi can

NiiPiBSat khi chia da thirc thi y s& co dang y & khi d6 dé y nguyén thi
V1P A ) X+ A

HII|*hi (x+1)e I-Ffa), do 1ludn la wéc w(a) khiddco x+1 =1=>x=0,

I B £ AV J ~ -3 . N2 ri 11 _n 45 ImAy ~A nrrUi’Am 1A

Y-,
§’§?%b 3 Cho duong cong vy :ﬁ_-?’(c) . Tap hop céc gia tri cia m dé duong

WmLy. . X+2 ’

«thang d:y=-2m cat dweong cong tai 2 diém phan biét:
| ISO'BF m € (~00;2)u (&:-hoo) B.me (1;2) m
L] P(Té me (-°°;3) D. me (—»;l)u(3;+00)
1K 1: Huwong dartgiai

'C§é]1cch thong thuong; Xét phuong trinh hoanh do giao diém

s§f: 2

fcv——+—-2— “2m < X-3 =-2mx- 4m X42mx +4m -3 - 0(*)

X

p DEd cat (C) tai 2 diém phan biét thi phuong trinh (*) phai ¢6 2 nghiém
» a4 ¢ -2
IRS iIA*>m2—4m +3>0
(-2) +2m (-2) +4m - 3% 0
iBbap an; D.
%ng woc lvong: Dwa vao dang do thi thi khi m tién dén
i vo cung thi dwdng thang d ludn cét dd thi tai 2 diém
&l' phén biét (d6 thi chi can hinh dung khéng can phai
xac dinh chi“ti“ét}, foar éép an B, C.
| & Con A Dthi thdr m bang 1 gié tri thudc A nhung khong thudc D dung Casio
i || tim nghiém
i X-3 +2m(x +2) =0,anmayvéigiatri m = 1,5 ¢ridy vo nghiém, ioai dap an A

1 F]Egép an: D.

<=»x<|,x>3
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Vidu 4. Cho In=Jxne Xix, ne N*.Héthkrc ding la:

0
A-ntl=nlIn c-tn+l = (n + 1)1,
B. Imtl=-x +(n+1)In D' h+r =(n-1)In
Huéng dan giai

Tathdy néu dap an A, ¢, Ddungthi ntl s&|As6 nguyén [vin lasd tw nhién) 'E
Vay ta thir thay tai 11 =1, bdm may 3 lan tinh 11712, m va thay m

i
nguyén nén loai A ¢, D | |

Vay dap an ding la B (can than hon niva: Thir lai thay 12= - + 2Tt la ding}

>

Vidu 5. S0 cdp diém A Btrén do thi ham s6y =x3+3x2+3x-1m a tiép tuyél
tai hai diém dé vudng goc véi nhau:
A. V4 sé cap B. 1cdp c. Khong tén tai D. 2 cap
Huwéng dan giai 5
Dwa vao dang do thi ta co6 két luan can chi y sau
+V&i ham bac 3 khi y' =0 ¢6 2 nghiém phéan biét thiton tai vo s cap dié
(A, B) ma tiép tuyén tai 2 diém do6 vudng goéc véi nhau. y
+ V@i ham bac 3 khi y' =0c6 nghiém kép hoac vo nghiém thi khéng ton t|
vO cap diém. (A, B) ma tiép tuyén tai 2 diém d6 vudng goc viri nhau.
V6ily thuyéttréntaco y ’=3x2+ OX+3=0 <*3(x +1) =0
=>y ’=0 c6 nghiém kép, Dép an: c.
Vidu 6, Cho 2x+3y =10. Giatri l6n nhatcua p =x2y 3 la:
A 32 b 55 c. 28 D. 29
Huwéng dan giai
A "
Uéc ivong: Cho X=xy=2 thi F=32va cho 2x=3y =5 thi p _20 1% 9

thdy max p >32. Loai dap an c, D, Y%



-10-3X

ung Casio nhap ham f(x) =i |x3—55, st dung chirc nang CALC

®m nghiém.

18 | 10 . A , " . ,
+é§nl1y: O<y<€ thay khong co nghiém trong khoang dé==>max F = 32.
A = *
Ip an: Ap
\3
E)__é( :>p = )(Zf 10—2x

\% ~ /

khac: Tacd y =
ey
IH1iEan thdy cac phuong 4n déu la s6 tv nhién nén max p thuirng dat dwoc
iiilial Xciling 1a s6 tv nhién. Loi dung diéu d6 ta 1ap bang TABLE
\<4V|g}| WxXE—Xi{/¥Qé?S>F%\QTSHART: 1, END: 20, STEP: 1
M-
giihi do6 quan sat cac giatri trong bang

R 0 Mih
1] oo
G2 | mtEETI |Igh0E
»:-/ 3 e i ﬁ?l- '

7. Cho tam giac ABC c6 A(2;3), B(0;1), C(6;—21). Toa dd diém nao sau
fPday la chin dudng phan giac ngoai ha tir dinh Axu6ng BC?
i1 H ) B. (-6;3) c. £5;—2) D.
Huwéng dan giai
Jy Goi Dla chan dudng phan giac ngoai ha tir Axuéng BC. Khi vé toa dd A B, ¢
p>trén truc toa do ta thdy D chi c6 thé nam & goc phan tw thi 2, v6i tung do
dwong va hoanh dé am.



can tai A khi do phan giac ngoai géc A sé song song v@i Ox => yp=n =3:L

bap an: B. J

] ] A 7. X6+ 1 o s S
Vidu 8. Chotich phan | = T——-d x.V&i moi m thoa man 0 <m <1 thi giatri 11
X2%1 |
A. 1>0 B. I<m c.I>m D. I<1 1

Huwéng dan giai

- . ) >M
Binh ly 1=Jf (x)dx ma )[ trén doan a;b
f(xX)y<m L J

a

I>M (b-a)
(b>a)
| <m(b-a)
- W41 "ly6 11
Tacd ——- <1,Vxe (0;1) =>] < l.(m-0) =m .Dap an: B.
X A1 oX +1

Vi du 9. Tim s6 nghiém cua phuong trinh sinx=§— voi diéu klér{@é
T2 lltc EIF
V ~
A- 2 B. 3 c.4 D.5
Hwéng dan giai U

Ta c6 s6 nghiém phuwong trinh sinx ::23—Chl'nh la s6 giao diém cla 2 do th i_ll—?E

=—vay =sin X
3 y
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it khac xe glﬂic vira dd 2 chu ki, nén dwong thdng y = < sé cét

airix tai 4 diém
ap an: c.
fi khact Sir dung bang TABLE nhap ham f(x) =sinX-—
IP . 3
GiISTARTEND :— ,STEP:-
I 3 3 3
fa quan sat sO lan ma gia tri f(x) dbi ddu dé chinh ia s6 nghiém cla
huong trinh.
J0 10. Cho méit cau (S) tam 1(0;-1;) giao véi mét phéng
(p):x+2y +z =4 theo dwdng tron c6 ban kinh bang V3 . Diém nao sau
lay thudc (S)?
i, (0;-1;3) B. (1;1,0) €. (2;051) D. (-1;0;-2)
Huwéng dan giai
é diém M thudc (S) thi IM >d(l,(p)) =\I6. Thir cac dap an ta thdy chi co
diém M(0;~*1;3) lathda mén, Dap an:A.
BAI TAP Ty LUYEN

rnwongcnnn iog2x+ziog7x-z-iog2x.iog7X=u congnierr

IA Ix =2 B.l x=1 c|_~X =4 D
\? Lx =~ !_X: 6 IX =7
Phuong trinh 3.34“+ 2.3ixWi*1T ~9'JlTI-i =0 co6 nghiém Ia:

8 u rox2_ ' 7
A *2 B. 2 c.x 2 D.
Tox—1 X< — X -2 m L7
> . -2 L

Nghiém phuong tﬁnh xz+x+12VxTT—36=0 I3 gia tri thudc khoang:
A. B0 B. -1;2 C. 29 D. @9



4, Bat phwong trinh AN i-VX — —V3X™ 2 <0 co nghiém la: %

V4x +1
x> 3
X< 2

B. 2<X<3

D 1<x<?2

5. Bat phuong trinh logT(4* 4-4) > 107 (2 % -3.2X cd nghiém Ila:

A. XE [2:+00) B xe [2:5] " c.xe (1:5]
6. Bat phwong trinh AXH2X-4 5 6 nghiém la:
X—
"1 3" [-3 . ri .
A. / B _1 C. —,1
2" 4 417 12"
i2x=y 4y i
7. Hé phuwong trinh < y &y c6 nghiém la:
[2y =x +x—
i 1->/3 1-& _1-S
— e — X— mm-—
A. < 2 B< 2 . o 2
_-1+Va 1+S 1-Vs
[y= ly 2 ly- 2
2x-3y«l
8. D€ hé 8x c6 vo s6 nghiém thi m c6 gia tri la:
t-4y =m
A,-1l b. - 4 C. 4
3 3

9. Goi (xQy0) Ia nghigm ciia hg X °~Y2= 3

*H+ 30 bang:
Al B.5 c. 10

DAP AN

1.C 2.B 3.C 4.D 5.A 6.C 7.C

[log2(x +2y)- log2(x- y) =2

D. xe (-to;3[[|

5 X>1 11

X< —

D. 1
Khi do

D. 25

Sl
8.B 9.B 1y
H



i Bai 6. Tong hwp cong thirc s giay

v SO THE TiCH
hg thirc 1.1. Cho hinh lang tru tam gidc ABC A~C' c6 thé tich 1a V, khi do

~

A| B.2V e C — D —
E 2 3 4 3
Hwéng dan gioi

4 Theo cong thirc 1.1, chon dap an: D.
du 2. Khoi hop ABCD.A'B'C'D' ¢c6 thé tich V. Khi d6, thé tich khdi ti dién

m=

|g|cB'D'bang
IA‘ vV 3V nc.t?l'.v
pV, 3 2 ) 43
111?; Huwéng dorigiai
iH
LV
Nhan thay;
ACB D" VABCD.A"B*"C D" AA"B"D" VCC B*D*" VB ABC VD"ADC
Ly Ly 1y, 1,1

Vv GJV dv—vv=gv

Péap an: A

ng i/firc 2.2. Clio chép S.ABC. Trén 3 dudng thang SA,SB,SC lay ba diém
A, B.c khi do:



Vidu 3, Chotlr dién ABCD. Goi ETva C' lan luot la trungdiém AB va AC. Tisd|
thé tich ctra khéi tir dién AB'C'D va ABCD bang:

A % B j 3 D. Mijll
- , C.i N

2 x4 6 610

Hudng dan giai 'i 8

, ABCD _AT3-AC_.AD 1 1n_1 . M &Efp

A‘p‘dung‘c()‘rrg 'thirc 1.2ta co - NS = I[”AHJ Q0 =;/-BEPan: "1

Vi du 4. Goi Vla thé tich hinh chép S.ABCD. Ldy AJtrén SAsao cho J8 p

5A'=1SA. Mt phdng qua A’va song song day hinh chop cét SB, sc, SD
C, U . Thé tich hinh chop S.AB'C’D' bang:
Al iy © 27
Hudng dan giai
Do méit.(A'B,C'D") //(ABCD)
. SB' SC' SD' SA 1
nen SB” sc - 5D " SA 3 )
Cac ban cha y cong thrc 1.2 chi dang cho chép c6
day latam giac. Nén ta khong thé ap dung cho
chép S.ABCD. BUli vay 1 cach khdn ngoan ta chia
chop S.ABCD thanh 2 chop day latam giac SABC va SACD

Ta co:

VS.ABCD _VS.ABC +VS.ACD

VSABC SA' SB SC' 111 1 VL e Vs_aec
Vegc SA'SB’SC 3mm 27 27
Vigpee SA' SD'SC' 111 1 _ V.

L =\, ._.._ S-AXC
V oc SA’SD'SC 333 27 SAYY 27

V. =V +y - \"fg_ABC n g, ADC _ ~s.ABcP V.
VS,A"8"CD SAB'C' T VS.A"DK 57 57 57 97

bap an: c.



g .

)y1~du 5. Cho lang tru tam giac A B C A~C’. Mt phdng di qua A,B va trung
if|[diém M cla canh CC' chia lang tru thanh hai phan. Ti so thé tich hai
Hphan do bang:

iglai

gid B. - C. - D. -
Ea 6 5 4 3

fimMX Huwortg dan giai

p | Do Mlatrung diém co
mIl-St dung cong thirc 1.1 va 1.2 Ea co
\cAC, 1 Vivee_ RNy Vit =
- MAC=EMT
LT J?’ VC.ABC CrC 2

-M Pi/l\m:/\v

1L V abc_ =i

Bt Viveama 5
:Dap an: B.
idu 6. Cho Iang tru tam giac ABC.ANC"' c6 thé tich V. Goi M la trung
ETigg cani CC** Tpe \f?ﬁ hinh chép M. AB?A béng:

« »% CT—o=k D. v
Ig K?. 2 '3
Huéng dan gidi
iP 1-Tacodo CC'//(ABB'A")
"aEESIHI?
p Vir.age o = Ve nsene = Ve resr Wc AAEE —_V"' 2\/
fp%%ig-ép an: c.
| p CACBAI TOAN LIEN QUAN PEN HINH CHOP
| |'a Chop c6 day la tam giac déu
| MiCho chdp S.ABC c6 day ABC la tam giac déu canh a, thé tich 1o V
1*Cho SA=SB=SC=h.
iy m . - _
'I- Néu a=b (t(r dién déu) thi t& dién c6 chiéu cao h va thétich V=~
P ‘- '
[- NALL thi tt dién co chiéu cao h = J b2- — vathétich V-1 —A
Im 3 12
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*Cho canh bén hop véi daygoc a thi V =tan CLa—3

Cho mAt ph&ng bén hop voi daygdc p thi V = tarip. o i
Vidu 7. Mot khéi tir dién déu c6 canh bang a thi thé tich clia n6 bang bao nhiédilil
A BEJT c D a3v3d 9

12 12 4

Hudéng dan gjai
g 9!_

Q) chiéu cao cla t dién déu canh a la —

—_a2>
Dién tich day la tam giac déu canh a: B-?—g-/i/

ms

Ir 3 p

Vay thé tich cla t& dién déu laV - — — , Dapan: B. A
Lo , ., H

Vi du 8, Mot hinh t» dién déu c6 chiéu cao bang----thi thé tichcla né bang:|
A Y g Va_ - C .E2 n Eep W
12 12 4 <5

Huwéng dori giai

Co chiéu cao cua ti¥ dién déu canh a la a3— =a=1 ?}ll"

. m

Vay thé tich cta t& dién déu la V —Tleap an: A 1
ail

Vidu 9. M6t khoi chop, day tam giac déu c6 ba mat bén la tam giac Vuong ca
Canh day cta no6 bang a thi thé tich cla né bang:

ao*sIT a3>/2

A. C, D.
6 12 24 i
Huwéng dan giai

Khi chop cé 3 mat bén latam giac vudng cén, canh day la a => canh bén 5-4“40

Ny= az asrz . Dap an; D.
12 3 24 '

2. Chop c6 day la hinh vuéng
68



pft cho hinh chép S.ABCD c6 day ABCD co day ia hinh vudng canh o, thétich la v

»2
Hlé vubng gbc voi day, SA=b th| V= b
IIRBR-, g, | r

ETNEU cac canh bén c6 s6 do bang b thi V=— 2 b2-~ —
i TNeu cac ce 9btt Via=y p2"3

fflE&/V6/ ;hop déu, canh bén hop voi mat daygoc B G? v =tan 83 >
\Y,

A e ia i s . a3
IgEaVeéu chop déu, mat bén hop véi daygoc B thi V =tan B*E
Vldu 10. Mot khoi chop tl giac deu S ABCD c6 canh day bang a vatam giac

iifly YHRA /—3 _.m1l oy 17 1 T T 1 AL il 4

12

gorjo,. . Huwdng dart giai
||||Cé AC = a\ 2.

ip | AP
iiflop la chop déu nén SA=sc, tam giac SAC vubng=>SA =sCc =—==
111 _ | A
|a;Ap dung cong thitrc V =— .Jb2 S~ Mel2~-—— =a-£ . bap an: A
§|il. MAT CAU, MAT TRU, MAT NON
EIvMét cau

a) Vitri twong dmglu’a mat cau va matphang

fecho mat cau S(0; R] va mat phang (P), goi d 1a khoang céch tir 0 to7 fP] va
p H lahinh chiéu cta 0 tron (F) cof

18]7) d<R mp (PJ cat mat cau S(O;R) theo giao tuyén la dudng tron nam trén
Epi(P) va c6 tam la H, ban kinh r- yjR2-d 2

d=R thi mp [P) cat mat cau tai mot diém duy nhét
29 d<R thi mp(P) khéng cat mit cau
BpCong thirc

Hi' Mat cau ban kinh R co dien tich: X =4A%22



Mat tru |

mgthtc ' : %
’+)Dién tich xung quanh cla hinh tru tron xoay cé ban kinh r, d6 da|
duongsinh la 1 £ =27l 3

+}Thé tich cta khdi tru tron xoay co dién tich day la B va chiéu cao h:

3. Matnén \V
+) Dién tich xung quanh cta hinh nén: s =Trrl {trong dé 1la do6 dai dutn
sinh, r l1a ban kinh duong tron day)
+) Thé tich khoi non cé chiéu cao h, dién tich day la B: V- —Bh

BAI TAP Ty LUYEN

1. Khéi lang tru tam gidc ABC.AB'C' ¢6 thé tich bang V. Khi d6 thé tich khéi
chép A.BCCB' bang:

2V 3V
A B. — C.— D.
3 3 2 4
2. Hinh lang tru tam gidc ABC.A'B'C c6 thé tich bang V, Khi do, tt dién
ABA'C' ¢c6 thé tich bang: "1
A 2V B. 4V C. v D. X
3 4

3, Cho hinh n6on (H) cé chiéu cao h, dwong sinh tao véi day mot géc 60°
Thé tich khdi cau noi tiép (H):
2_.N 2 4 .,
A. —T7th3 B. —Tth c. —7Th D« — 7ih ‘&
9 9 81 81
4. Cho khdi chép ABCD.A'B'CD\ Mat phang di qua A,B va trung diém canh 1

B chia lang tru thanh hai phan. Ti s thé tich hai phan d6 bang:

=



¢f8i|Gho khoi chép S.ABCD c6 thé tich V va c6é ddy ABCD la hinh binh hanh,
Ip||[i€u M latrung diém SB thi thé tich t& dién ABCM bang:

\év%ﬁ%\/ 5. VY c &V oY
4 3 2

i ¢, Cho khoi chép ti' gidc S.ABCD cothétich V. Goi A B ¢ D 1lan luotla
ifAirung diém cac canh AB,BC,CD, DA. Thétich kh&i chép S.A’B'C'D* bang:
Bp-V V Vv V
K'A%?F? B3 ¢ 2 b-4 g
I"cho hinh lang tru tam gidc ABC-A”B'C’ M latrung diém canh ATA. Mat
llispharig (MBC) chia hinh l&ng tru thanh hai phan c6 ti s thé tich bang:
!n< m. 3t B3 c.1 b2
ﬁSZA,.,, 4., . . O N I

I tho khdi chop day tam giac déu canh a va c6 canh bén la SA=SB=sc =aVO.
t|[ETTié tich cta khdi chép béng:

* 5 * 5

ea OAE g A3Vd V2 p 8Va
H||&fho h6|nh chop tam giécGGéu c6 canh day aval%A =aV2 thi thé tic%%/ cla
flptinh chop bang:

K a5 o 83VS a3va a3VvE

Vit Up—

ﬁ|rTCh:06h‘|nI;1 chop tam g?%g déu co canh day b&%g a va canh bén tao4vc'7i mat
|||day goc 60°. Thé tich ctia hinh chép do6 bang:

EiniA B.W I C W | AN

It 4 . 6 12 '10
[1iI"Cho hinh chép tlr giac déu co canh day bang a va canh bén tao v&i mat
HI;day goc 30°. Thé tich kh&i chop do bang:

* M - B.EA cte D.I-A

lg 4 36 12 10
p2, Cho hinh chép tam giac déu cé canh day bang a va canh bén tao v&i mat
|| day goc 45°. Thé tich khdi chop do bang:
A 3 Iy 3 3 &



13. Cho hinh chop S.ABC tam giacdéu co canh day banga va méit bén (SEC
tao v&i mét day goc 60°. Thé tichcla khéi chop dé bang:
\ a3v3 B\ a3Vv3 , a3dVa Ui a3V5 f
4 6 24 10 p
14. Cho hinh chop tam giac déu c6 canh day bang a va mat bén (SAC] tao VOl
mat day goc 45°, Thé tich kh&i chép do bang:
p AT, o5 & y & ;i 8dva a
4 24 12 10 Al
15. Cho hinh chép S.ABC tam giac déu, canh day bang 2a, ((SAB),(ABC))=30p
Thé tich khéi chép d6 bang:

P
- g
L g V8 c. S8 D. S 8
16. MOt khdi chép S.ABCD c6 thé tich V. Thé tich khdi lang tru co day li
ABCD va mdt canh bén la SA bang:
A 2V B, 2V c. 3V D. 3V
3 4
17. Béan kinh mét cau ngoai tiép hinh t¢ dién déu canh abang:
= H N
A Vo B 1Ve c. D. 13
18. Cho hinh ch6p SABC cé duong cao SA = 2a , day ABC la tam giac déu;|l
canh a. Mat ciu ngoai ti€p hinh chdép do6 c6 ban kinh bang:
A B Za?/?, c. 2a>/| D. aY3 &
o) 6 0 a m
19. Cho hinh chép SABC c6 tét ca cac canh déu bang a. Mét cau ngoai ti€p n
hinh chop do c6 ban kinh bang: =
7 m
~ 0 h
Ai a B. a\J] c. p. /8 !
2 2
20. Mat cau ngoai ti€p hinh 1ap phwong canh a c6 ban kinh bang:
R u
N X
A aVv3 6. 2 c. 873 p, 22V 4

12



0 hinh chép tam giac déu S.ABC c6 canh bén bang a va canh day la
2 . Mat cau ngoai tiép hinh chop d6 cé ban kinh bang:
p B. ava ,,C.aVé B. 2avb
iy 3 3
hotlr dién déu ABCD c6 canh a. Goi AH la duong cao cua tlr diénvas

trung diém doan thing AH . Mt cau di qua b6n diém S,B,C,D c6 bén
nhbang:

. I-Va [Vo Vo
-A B. D.
a-"3 2 4 3
Cho hinh Iap phvong ABCD.A,B'C,D" c6tam O va c6 canh bang a
an kinh mat cau ngoai ti€p hinh chép O.ABCD c6 ban kinh bang:
EAE B. C. D. —
w4 z N N S
ECho ti dlgn déu canh a. Khoang cach tw tam mat cau ngoai tiép tu dién
I mat phang di qua mo6t mat cla tir dién bang:
iV
12

ho tr dién déu canh a, Khoang cach tlr tam mat cau ngoai ti€p t&r dién
*dwong thang chira mot canh cla té dién bang:

2V B. c. @ D.
2 4 2 4
MOt tr dién déu noi ti€p mat cau ban kinh Rthi canh cla ti* dién dé bang:
2% 6
o6R B C. Vé6r D. 2V3R
3 3 2 3
M@t hinh 1ap phwrong ndi tiép mat cau ban k|nh Rthi canh cla hinh Iap
phuong do bang: \
VaR 2V3R VaR Vai
3 "3

6 "4
Mot hinh 1ap phuvong ndi ti€p mat cau ban kinh R Khoang cach tlr tam
mat cau t¢i mat phang chira mot mat cta hinh lap phuong bang:

S r V3R

B. C. p. V3R
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29. S6 mat cau chlra mot duong tron cho trwé c la:

A 0 B, 1 C.2 DVOsSO .1
30. MOt hinh hop chir nhat ndi ti€p mat cau va co ba kich thutrc laa, b, c.
Khi dé ban kinh r ctia mat cau la:

lyja2+b2+c2 B. Ja2+b2+c2. I

C.Nin+ n~ +c2) D. V3(«2+tr2+c2)
31. Tk dién SABC c6 SA, SB, sC ddi mdt vubng goéc voi nhau trong dé SA = aj
SB = b; sc =c. Ban kinh mat cau ngoai ti€p t dién:

B -7vO T A7
c. 2Ma2+b2+c2 D. sja2+b2+c2 I
32. Mat cau tiép xUc v&i caccanh cla tlr dién déu ABCD canh a c6 ban kinh:
A_aVv?2 A D.2«V2 1
2 4 I
33. M0t hinh cau c6 thé tich —Kngoai ti€p mot hinh lap phrong. Thé tich 'H
hinh lap phvong do la: ;!
.83 . 8 N /f ‘1

34. Tk dién ABCD c6 AB=CD “c, AC- BD =b, AD = BC = a. Dién tich mat cawf
ngoai tiép ti dién ABCD la:

A ?(a2+b2+cz) B. E(a2+b2+02)
c. 7T(a2+h2+c2) D. 2Ttia2+b2+ c2)
35. Ban kinh mat cau ngoai tiép hinh t¢ dién déu canh a bang:
, N
A, avo B, a%ib C. D.
3. 4 4 2
36. Cho hinh chop SABC cé duvong cao SA~2a, day /4/?C la tam giac
canh a. Mat cau ngoai tiép hinh chop do6 c6 ban kinh bang:
- 3
A a-y| B 28;V3 y 2 &\V2 D.

a a

[y

—

w—z 8



10 hinh chop S.ABCD c6 tat ca cac canh déu bang a. Mat ciu ngoai tiép
chop do co ban kinh bang:

B. a\J2 c. p. &V3
2 ‘ 2
Mat cau ngoai ti€p hinh lap phuong canh a cé ban kinh bang:
3 i V3 2ay8 p,

Cho hinh chop tam giac déu S.ABC c6 canh bén bang a va canh day la
V2 . Mat ciu ngoai tiép hinh chop doé cé ban kinh bang:

A. aV3 B. V3 C. D,

'Cho t¢ dién déu ABCD c6 canh a.Goi A/7 la dudng cao cua tr dién va S
Strung diém doan thang AH . Mat cau di qua bdn diém S,B,CtD c6 ban
tih bang:

A.asS B .2A C.— p, VO
Cho hinh 1ap phuong ABCD.A'B'C'D' ¢6 tdm o va cd canh bang a. Ban
lih m&t cau ngoai ti€p hinh chop O.ABCD c¢6 ban kinh bang:

A. as | B. av2 c. «\V2 D. 3a

Cho tlr dién déu canha. Khodng cach tlr tam mat cau ngoai ti€p tl dién
'l m&t phang di qua mot mat cla t& dién bang:
aVo 3 a

'm 12 4 4 2

Cho t¢ dién déu canh ¢ . Khoang cach tlr tam mat cau ngoai ti€p tlr dién
toi dwdng thdng chira mot canh cda ti dién bang:
|A_wr a é COE_ D W2
"m 2 o 4 2 4

Mottt dién déu ndi tiép mat cdu ban kinh R thi canh cia tt dién do bang:

™ 26T, g Sr e 411 » 2031



45. M6t hinh 1ap phwong ndi ti€p mat cau ban kinh Rthi canh cta hinh lap %
phuong dé bang:

T pi Vii
A B, 2V 3R c. 41R D.
3 3 "6 4
46. Mot hinh lap phwong ndi tiép mat cau ban kinh R Khoang céch tir tdm 1
mat cau t&¢i mat phdng chira mdt mat cdia hinh 1ap phwong bang: .Nn
A ST 5 IR L Sr o 55 |
2 3 4 6
47. Mottt dién déu canh a ndi tiép mot khdi nén. Thé tich khdi nén: n
A. -"TCa B, YOrra c. — TTa B, V= fya:
27. 27 9 9

48. Cho tam giac déu ABC canh a quay xung quanh duong cao AH tao nén |
mot hinh non. Dién tich xung quanh hinh non do:
A Tia B. 2 c. J#? p. 3-2

2 4 I]—IHF

49. Cho mot hinh noén sinh b&i mét tam giac déu canh a khi quay quanh ttidtpi
dwong cao. MOt mat cau ¢ dién tich bang dién tich toan phan cta hinh il
non thi cé ban kinh la:

* ~| |
A 2 J2 B, & j2 asl3 D. al?>

4 -

u - N 3

50, Cho m6t hinh nén sinh b&i mot tam giac déu canh a khi quay quanh mot |
dwong cao. Mot khdi cau co thé tich bang thé tich cta khdi non thi co ban

kinh bang: . A
c alji&_ aji
2
51. Cho hinh n6n c6 dwong sinh bang dwong kinh day va bang 2. Ban kinh
mat cau ngoai ti€p hinh nén do la:

A. V3 B.2 V3 C. D. 2V3
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elyittr dién déu canh a c6 mot dinh trung voi dinh cla hinh nén, ba dinh
|if lai ndm trén dwong tron day cta hinh nén. Dién tich xung quanh cua

»ndn:
|
Ebica2yii B. —77a\i3 c. —dralr2 D. Z&""3
3 3
Eho hinh chop tir giac déu co canh day bang a, canh bén tao véi méit day

o 60°. Dién tich toan phan cuta hinh nén ngoai ti€p hinh chop:
. 0
Y g2 - 3y 2
it a ED.4a , ,&-Ga D. 8a
DAP AN
BrAe 2.C 3A 4B 5B 6D 7C 8A 9.8 10.c
IpB:; 12B 13.¢ 1:4.B 15c¢ 16,c 17.Br18.B 19,c¢ 20.B
2B 22.c 23.D 24.A 25.D 26.A 27.B 28.B 29.D 30.A
ExB 32.B 33 A 34B 35B 36.B 37.c¢ 38.B 39.B 40,c
42.A 43.D 44.A 45 B 46.B 47,B 48.c¢ 49.D 50.A

iil> 52.B 53.A

5
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Bai 7. Phuong phap tir duy dung diém thuan Icri va diém biélijLA
‘Ie
|. Tv DUY DUNG PIEM BIEN

Tu duy phvong phap! Tv duy dung diém bién la tv duy dung céc dié’mlTll
dau muat cac doan & dap an hoac dé bai. V&i nhirng bai ma dap an hoac cf*
c6 dang khoang hodc nira khoang thi chiing ta dung v&i diém bién la dig]
rdt gan cac dau mat [sai léch mot lwong rat nhd) co thé coi né thay thé cko
diém bién.
Vidu 1, Cho y=  —3x+I(C) v@i gid tri nao cua athi phwong trinh
4x3-3x +1 =4a3-3a +i co nghiém don duy nhat
B a<0 a<o | a<—
a>?2 a>1
Huwéng dan giai . r.in
Céach 1; Lap bang bién thién clia ham /(i) = 4i3—3;+ 1 (C) rbi dva vao do x|l
cac khoang gia tri cia athéa man de. ;8!
Céch 2: Voi de bai ma tai dau mat "bién” khong c6 déu bang ta co thé thir baii|
mot gia tri rat g‘an bién do. Vidu ¢’dap an Ata thay a = 2,1 roi ding may|

tinh cam tay giai phuvong trinh bac 3 dé xem phwong trinh cé thda mén d|f|
hay khéng Twong tw nhw vay véi cac dap an con lai

Pap an: D.
Vidu 2. Cho logj (Iogu )<0 c6 nghiém Ila:
-y <X <- <x < < < <x <
A.5X4B.4X5 G—4x—3 D.3X4M
X > 6 X< -6 X>& X < - % %
] A s . X2+ X — . s
Tucmg tw vi du 1ta nhap ham Iog“1(|096-->-<--21:-4--) trong may tinh cam taj|
.«
roi dung phim CALC dé thir gia tri theo cac dap an. it
bap an: c.
Vidu 3. Cho ham s 3?” —X4+2mx2+ m +.3.
Tim m dé ham s6 nghich bién trén (1;2)?
A 0<m<l B. m<4 c DFm<1
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\fVE)'frt ! Hudng dan giai
IEi yl1=“4*3+ - 0 v&i moi x thudc (1;2) tir do6 ta ¢ thé rit sang mot bén
H i 1ap bang bién thién ctia ham g(x). Tlr d6 nhan xét dwoc gia tri clia 72
1l Z' Thir m =4 [loai) nén ioai B, c. Thir m =* 1thay thda man nén loai A
i8[p amD.
aatv iy pUNG B THUANM L
Ttr duy phwong phéap: D6i véi nhitng bai toadn chira tham s6 va yéu cau
I let mot tinh chat chung thi ta c6 thé cho tham s& mot gid tri thich hup dé
xxa bai toan vé truong hop cu thé. Bbi véi rat nhiéu bai toan (cé tham sb
oac khong c6 tham sd] thi viéc dung diéu kién can dé loai dan dap an la
woidt phwong an rdt hiéu qua, Ching ta khong trwc tiép tim ra dap sé nhung
‘chiing ta sé& loai 3 dap an dé c6 dap sé can tim, D6 la mot trong nhitng
phwong phéap tv duy dac trung dé giai toan trac nghiém.
du 1, Cho y —X*—6x2-hmx +1, tim m dé ham s6 dong bién trén (0; +30) ?
m —0 B. m<12 c. m>12 D. m>0
Huwéng dan giai
chl: y'=3x2—\2x+m >0 <>m >-3x2+\2x v&i moi x thuéc (0;+°0) nén ta
iap bang bién thién cta -3x2+12x rdi nhan xét gia tri cda I7.
Ich 2: C6 thé lam fQ08 = 1; f(1) = m- 2; f1) > f(0) nén m > 3. Tic la ta dua
“yao dinh nghta voi x tang thi y phai tang.
li)ap an: c.
plu 2. Cho y=-2x3-3(2a +1)A2—6a(a-fl)x +2 cb cuc tri tai xi;x2 thi gia
liri cla [jKj—J2| bang:
A Xx—x2\—a B. [ja—x2\=1 c. W—x2\—=2 D- |jsc—~x2=a—

E théa cho a =0 thay vao ham s6 ta dugc:
[[|PY ==2xi —=3x2+2=>Yy ‘= BX2—6Xx—0<=>x =0;x=—1nén * J21=1
i~ libap an: B.
fem * m Y1 gylih 0 I
idu 3. Nghiém cula bat phwong trinh logl... ... . '
"0 <x<3

Lla 18x<2 B 2<x<3 c. 1<x<3



Hwéng dan giai

CachT:
+Didu kién ~ TS0 <>x>0
+ Khi do6 log >0
]og | 25_2____?’L4;:_3> Iog 11- </\>__>_<_2_:§_)S_-|_-_§_<_1.__- —%2—3X +3< X

<>x2-4x +3<0 1<x<3
+ KEét hopvoi diéu kién ta dwoc nghiém 1<x<3

Cach 2: Thir cac dap an bang chirc ndng CALC, nhap ham logT X2-3X +3

Ta sap xép dap an voi bién theo thi tv tdng dan 0 —»1—»5—)‘/3
Ta sé thr véi dap an co bién nhd nhat
OA2- 3.0,1 +3

1*-31+3 , . .
Tacévoi x=1 log-i-— —------=0 thda man, loai B,

Tacovéi x=0,1 logT <0 khdéng théa man, loai D.

3,3+3

D€ loai A, c ta thlr x=3 duuwc logl =0 ,loai A

bap an: c.
Vidu 4 (Cau 16 dé minh hoa TtiPT qubcgid).
Cho ham s8 f(x} = 2X7X Khéng dinh nao sau day la sai?
A f(x)<1l x+x2l0g27<0
B, f(x) <1<£xIn2 +x2log7 <0
c. f(x)<Il <=xlog72+x2<0
D. f(x)<I| <£l +xlog72 <0
) Hwéng dan giai
Dung diém bién. Dé c¢6 x = 0 la nghiém cuta phwong trinh nén dé xay ra b,
phurong trinh thi sé ¢ nghiém rat sat 0 bén trai hodc bén phai. Thay ngj|
vGéi Xtién t&i 0 thi khong théa mén dap an D trong khi d6. X» 0 sé laf

nghiém cua bat phuong trinh dau.
Pap an: D.
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\S'(Cau 17 dé minh hoa THPT qudc gia). Cho cac s6 thuc duong a,b voi
Iyt 1. Khéng dinh nao sau day la khang dinh dung?

liog,,*(ab) =ilogOb
llogt,(ab)=2+210g,b

-llogal(ab) =ilogab

[logai(ab)=i+|logab
A Huwdng dan giai
ob =1 ta dé dang tim duoc chi cé dap an D thda man congthirc. CO thé
othém a =2 roi dung Casio. Bap an: D.
'lau 6. (Cau 10 de minh hoa TtiPT quéc gil*), cho hai s6 thuc a va b, voi
t<a < b. Khdng dinh ndo dwdi day la khang dinh ddng?
- logab<lI<logba B. 1<logab <logba
iogba<logab < D. logha<lI<logab
3. Huwéng dan giai
Tuwong ty nhu trén ta cho b=4; a =2 ticcho h- a2[a,b thda man de).



CHuoNG Ii. Tu DUY GIAI NHANH PHAN HAM SO
VA CAC BAI TOAN LIEN QUAN “i

Bai 1. Ham s6 va tinh chat
l. LY THUYET w
1. Tap xac dinh ctia ham s6
Cho ham s6 y = f(x). Tap xac dinh (hay con dwuc goi la mién xac dinh)
D cta ham s6 y = f(x)la tap hop cac gia tri clia bién s6 x sao cho biéu thi |

f (x)co6 nghia.
Tap xac dinh cta 1s6 ham thuwong gap:

B - diéu kién B &0 \[A : diéu kién A >0
vA . didu kién B> 0 logAB : digu kién A>0,B>0rA |
b
Vidu 1« Mién xac dinh clia ham s6 y = x2- 4~-x2+ 3X+4
log3(x2-4)
A (2;4) B. (-<»—=2)u(-1;2)
C. [2;4] D. (2:4]\|V5)

Huéng dan giai
Cach 1: Ta c6 mién xac dinh ctia ham so la tap hop tat ca cac gia tri cua x
théa man
xX2—4 >0 iX>2X<=2 r
. 2<x<4
| X2+ 3x+4>0<=£<"|<x<4 < I~ <>i

log3(x2—4) 0  x2-4°1

Vay mién xac dinh cta ham sé la: (2,4j\IV sl

Céach 2% St dung ki thuat chon diém bién
Thay x =2 vao ham sd thi thdy log3(x2—4) =10g30 la khéng xac dinh,
dap an c,
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X=4 vao ham s6 dugc ¥ = ;57T V-42+34+4 =>X=4

r

Iii trong mién xac dinh.
ifian sat chi thdy dap an Dc6 chita X= 4. Bap an: D.

ap gia tri cua ham so

Ulo ham s6 y = f(x). Tap gia tri ham s6 y =f (x)la tap hop tat ca cac gia
| c6thé cd claf(x).

%U0y: Thong thwong ta danh gia dugc giatri ham sé vé dang a <y <b, khi
(Otap giatri ctia ham so la [a;bj.

iul. Mién gid tri cia ham sd y = X2+ X+3 la:

1[3;-H») B [2;+0) C. %(;400 D. -;—rl-;+co
F% Hudng dg% giai
wh 1: Tép x&c dinh: D =R
. , i 11 _11
' =x + = ¥ ) - .= s
\1;\7065/ X*+x+3 X+27ZX44+4 x+2f)+4>4

Ay tAp gid tri clia ham.s6 da cho 13 —:400 |
A o LA
ich 2: Do dé yO0 thudc tap giatri thi ton tai xtre D :y0=x®2+ xc+ 3,
'dé ta co:
Ixét cac yO0 ia dau muat trong trng dap an va st dung gidi phuvong trinh bac
[bang Casio (MODE 5 3)
jet dap an Aco y0=3=>3 =x@+x0+ 3<="x0~ 4 xt~0e D

ixét dap an Bco y0=2 =2 = x®2+ x0+ 3 vd nghiém vay loai B
ilife - 1 11

(le"E$et dap anCco y0=—=>—= xm+x8§1*3co ton tai nghiém thudc TXP.

tddpan DcO y’'=— =>— =X,2+X,, +3 <>XMR+X, +—=0<»X=- —
F’ma " ! 24 042
Ig thuoc TXD,

ffi.Nhw vay A B, Ddéu thda man. Nén ta sé chon dap an c6*yn nhd nhat.
mﬁ)ép an: D.



BAI TAP Ty LUYEN

1. Tap x4c dinh cta ham s6y = A2 " * T2 L10g2(1x|-2) 1a:
VX =2x—3
A, (—o00*3) ki[4; +00) B, (—60;—2) u (3;+00)
C —2) [4;HI D. Mot két qua khac
2. Mién xac dinh ctaham s6 y =—V i-X " f— §~ —----7 |a:
2 X(x2-100)
A. (-00; 0)u(0 ; 2] B, [ 3;0)u(0;-3]
C.[-2,0)u (0;2] D. [-3;0]u[0;3]

3.Ham s6 y = "M* + 8" }-52 c6 tap xac dinh la:
A. 1"0/+00) B. [I/+co) D. [3,+°°)
4. Chon két luan dung. Ham sé y =iog(3x2- 4jc+5) c0 tap giatri la:

. BRI
A. iLog13 400 B. 1°gyit°0

12 D I o g +00

PAP AN VAHUGNG DAN
1. Bap an: c.
Lap truc xét dau cho tirng biéu thirc sau do lay giao.
2«Pép an: c. D,
Chay mau khéac 0
3. bap an: D.
Ddt t =2x' C6 thé nhap ham trong dau can roi dung CALC dé thr cac gia
thuéc dap an nay ma khong thudc dap an kia dé loai dan. Ap dung ca (
cac cau trén.

4. Pap an: B. log(3*2-4*+5) = Iog[3(x-é)2+§]>log€
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t%] ' Bai 2. Ham s6 va Pao ham

n .
LY THUYET
J Céc quy téc tinh dao ham

H/ (uxv)' =u'z Vv’ 2/ (uv)’=u'v +uv’

Ip/ (cu)' =cu’ [cla hing s6] w4 VUY
V v

IEVBang dao ham cac ham s6 so cdp co ban

ljl/ (c)’=0 fclahang s6) 2/l (Bxn)’=nxnl

| 2/. (s’ x)1* cos X Al ikcosx) 1= Sinx

E 5/ (tanx)' 1 6/ (cotx)’=

1.7/ (a*)"' = axIlna 8/ (e*)’=ex

El/ (log, x)' = 10/ (inx)' =—

pe! 000 =S (inx)

W ( |

|~ | A

I | (ax +b)nJ (ax+b)nt

I OGCDANG BAI TAP
fl. Pao ham va biéu thirc dao ham

Edu 3. Choham s8 y = efix.
| f Biéu thirc rat gon clla K=y ’cosx —ysinx-y” la:

P'A. cosx.esinx B. 2edrx ) C.0
K Huéng dan gioi
Ech 11

iferl=(sin x) 'ednx= AOBxedx

py" =(cosx)'eslnx+cosx(e8nx)'=-sinxedgn<cos2xesnx
P K=ytcosx—ysinx—y"

&= cos2XedX~esnxsin x - (—sinxedx+ CO2xesinx) =0
Ich khac: Lay 1 gia tri bat ky cia Xnhw X=0; Khi dé ta c6

;y:|’y’:|’y”:
| K=1l.cosO.sin0“ 1| =0.
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W ft

W
2. Tinh dao ham tai mot diém gj
Pé tinh dao ham tai 1 diém ngoaicach st dung cac cong thirc dao ham '3l
co ban thi ta c6 thé si dung Casio tinh dao ham tai diém x —x@hdéng quijf

L , d | r e W
chirc nang cua m
dy( vV e 7IX= n
Vidu 1. Ham s6 y = tfix +2 c6 dao ham f'(2) u
A 0 B. 2 c ! D. -TH
Huéng dan giai 4 23]
Bam SHIFT +J — ) | roi nhap ham can tinh dao ham va gia tifj
LIA
can tinh dao ham tai diém. '8
Khi d6 ta duwoc két qua 8
0 Mvb A Es
& (J3XT2)Ix=z 1
0.25
BAI TAP Ty LUYEN
1. Cho ham sd y = xex. Trong cAc ménh dé sau ménh dé nao sai?
A y'=y+ex B. y My +2e:
c. y"' =y + 3ex D.y'"y~ry'
2. Pao ham cla y = (x2+ |Y la: M
2X: - J 2X:
A. yr=In(x24-1)a4- B.y'= (x2+1)" In(x2+1
yr=In(x2a1)a- " y'= (k2+1)" InG2en)
In(x2+1) +2x2
c. y' =(x2+D)* In(x2+1) D. y*=(x2+1)X
Xs +1
3. Pao ham cla ham y —cos2x la:
A.y’=2c0os 2x+ K B. y' =2cos(2x-f 7 r

\Y of
T K
c.y'=2sin 2x+ D. y'=2sin(2x + 7



10 ham cap 2 cta ham y = —Ia:
X

1 « » 21 2! w2
!/:-5 B-y :x2 c-y :x D.y—z
1 R
aohamcap 2clahamy  —------- la:
x2 +3X +2
2X2—bX +5 w_ 2XT+6X+5
&y" = B.y" =
(X2+ 3X +2) (x 2+ 3x+2)2
2X2-6X-5 . 2x2-fox-f5 .
y D. y"=
(x2+3x+2) (x2+3x+2)
ho £(x) =X5  .DPao ham f’(1) bang:
A. 6,25 B, 6,75 c vy D. 6
Cho ham s6 y = ~j-— - .Pao ham f’(0) bang:
/4
3 B.yfi c .é D —
&Ml y 8
o ham s6 f(x) =In sin2x .Bao ham T’ n’) bang:
Al B.2 c.3 D. 4
Cho ham s6 f(x) = tanx. Giatri cta f'(0) la:
A. -1 B.1 C.2 D. -2
. Cho ham s6 f(x) = xk7ex. Pao ham clia f'(1) bang:
A 7c(I1+1n2) B. A(TGHN7E) C. 7tIn7t D. K2In %
Cho f(x) = log2(x2+ 1). Pao ham cia f'(l) bang:
1 B.1+In2 C.2 D. 4In2

In.2



12. Ham sy = f(x) = —A-T. Tinh dao ham cdia ham s6 tai X=0? E

A f(0)=— B. f'(0) =lc.f'(0) = 0D. K&t qua khac
DAP AN VA HYONG DAN GIAI

l.A 2.B 3A 4D 5D 6.B 7.A 8B 9.B 10.i
11.A 12.B

1. Bap an : D.
y'=ex+xe*; y”=2e*+xex; y" = 3ex+xex
2, Bap an: B.
Ta co: Iny =xIn(x2+D=> (Iny)' =£xIn(x2+1)J

¢:>—:In(x2+l)\+x. 2X
y X +1
2X

"= (x2+1) Mn(x2+1)-i
y' = ( ) ( ) X +1
3. béap an: A, "
Cé y/=-2sin2x =Zcos/\Qx+%l

4. Bap an: D.

5.Péapan: D
2X+ 3 AX +3x+2)—2x+3) N 2x2+6Xx+5
y 7 X2+3x +2 y ~(x2+3x+2)2~
6. Dap an: B.
Dung Casio ta cé o (X5\/x") i “6,75

X=1

7. bap an: A



mtiy: Khi dap so 1é ta can do6i cac dap an ra s6 thap phan dé so khép két
3i,gan nhat. Co thé st dung 2 may tinh, mdt may bam dao ham va mot
badm d6i ra sO thap phan cla cac dap an. Ngoai ra, ta bam ra gia tri cla
phan rdi gan cho A sau dé nhap A-Xroi dung CALC thay Xbang céc gia
tr dap an.
p an: B. S dung Casio
p an: B. S dung Casio.
Jap an: B. S dung Casio,
ppap an: A. S dung Casio.
g@,ﬁp an: B. s dung Casio.



Bai 3. Tinh don diéu

l. LY THUYET

1.

Cho ham sé y = f(x), ton tai dao ham trén khoang (a;b) -.p
Ham s6 y = f(x) dong bién trén(a,b) y1x)£0,Vxe (a,b) dbn_g thoi n.
f'(x) =0 tai motsoé hiru han diém e (a,b).

Ham s6 y = f(x) nghich bién trén (a,b) e y'(x) <0,Vxg (a,b) dongthc||
f'(x) =0 tai mot s6 hiru han diém € (a,b).

CAC DANG BAI TAP

Dang 1: Khao sat tinh dcrn diéu cla ham s6

Vi du 1. Khodng nghich bién ciia ham sé y = ;—X3—X2—f1 la:

90

A. (0;2) B. (-1)2) ) c. (—+;0) D.(0;3)
Hudng dan giai

Tap xac dinh; D =M

Y =X2-2X; Y =0« X-2x =0<> ¢

Bang bién thién

X ~ 00 0

y . 0 _

y

OI\J
+

A gA
bién thién dé tranh jam mat thoi gian.

Khi tinh v&i ham s6 bac3c6 y'=0 ra dwgc 2 nghiém X <x2

Néu hé sb a ctra ham bac 3 duong thi suy ra ham sé nghich bién trén
khodng (*Ljc2va ham s6 dong bién trén cac khodng (“ 60;jcl) X" 2;+00) I
NéEu hé sé a cia ham bac 3 am thi suy ra ham sé dong bién trén khoang n

(xi;x2)va ham sé nghich bién trén cac khoang (—ecjcl), (M2»+°°) [
Nhuv bai toan trén ta khi tinh dwoc y -()<=> x ~0,x - 2, nhin thdy hé s6 |

|
a=~>0=>,y'<0«=>0<.x< 2. Bép an: A



X

idy 2. Ham sd vy -
"\ e
emgrg,iH\XI{x-J}l B. <-00;-1)U(-1;+0°)
(m K i€ c-0050) B (e~
Hudng dan giai

IB ferdpxac dinh: 2= IR{—}
IBEII
8IS

—%.

dong bién trén:

y= _, >0VicéD
Lilili : u+iy

Eyay ham s6 dong bién trén cac khoang (-°a;-i) va (-1;+K>). Bap an: D.

I ?’u 3, Cho ham s8'y =x3—5x2+1x —A. Biét khodng nghich bién ctia ham s6

tefe

iyco dang (a\b). Khi d6 max(b-a) la:

mi 3

W
- Hudng dan giai

I'VGi cach cho dé bai nhw vay ta can phdi chi ra khoang rong nhat ma ham sé

-'nghich bién

B. 3 C. -H D. 4
3

ifea co y' =3x2-10X +7 =>y' =0 <>X~\,x= —
P . 1 3

|E|5)’?£=> Ham sé nghich bién trong khoang (]; —I,vay max{/?-«) =— =
W ii V 3) 3 .3
ppép an: C.
[t)ang 2: Tim gid tri ctlia tham s6 dé ham don diéu trén khodng xéac dinh
\ Cach lam chung
|.Buwdc 1. Tim khoang xac dinh; .
EBudc 2: Xay dwng didu kién dé ddu cia y'>Q (y'>Q,y'<d,y'<0) trén
® khoang xac dinh.
[IlpBuwéc 3: Giai diéu kién trén tim m.
|1 du 1, Choham sO y = X*—mx2+;t+5, Gidtri ciam dé ham s6 dong bién trén M

Ej(\;.. 73 <m< 2 B.-V5 <m<V3 C. V3 <m<2i D 0<m<?2

11 91
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Hudng dan giai
Cach 1\Ta cO y' =3x2—2mx+I
Ham s6 dong bién trén R « A ' =m2—3<0<=>-V3 <m<\/3
Béap an: B.
Céach 2: Thir gia tri cia m o cac bién dé loai dan dap an,
du 2. Cho ham s6 sau: y =f(x) =x3—3(a~~I)x2+3a(a- I);c+I. Trong cac
ménh dé sau, ménh deé sai la:
A. Ham s6 luén déng bién voi Va >2
B. Ham so0 luén c6 cuc dai, cuc ti€u voi Va < -2
c. Ham s6 nghich bién trong khoang (0;1) véi 0<a<1
D. Ton tai a dé ham s6 khong cé cuc tri
Huwéng dan giai
V6i dang toan nay néu ta lam trwc ti€p theo cach ty luan sé mat nhiéu thoi
Bdi vay ta nén dwa vao dap an thr cac gia tri dé loai
Chona=2 ta duwgc y = X3—3x24-6x4-1y'=3x2—6x+6 >0, VX ham
lubn déng bién. Suy ra dy doan dap an Ala dung.
Chon a—=3 ta CO3= +12x2+36°c+I=>y'=3x24-24x-f36=>y' =0
c6 2 nghiém phan biét, suy ra ham so ludn co6 cuc dai cuc tiéu, vay du d
B dirng

Chon «=055 ta co vy =x2+2—X24—x+ y,':3x2+3x—lyl'1—0 d

may tinh Casio bam thay c6 2 nghiém khong thudéc khoang(0;l) =>ham
khéng nghich bién trong khoang (0;1) => Pap an: c.
Dang 3: Tim gia tri cGa tham s6 dé ham don diéu trén khoang (a;b)

Cach lam chung
Budc 1: Tinh dao ham y\

Budc 2: Xay dwng diéu kién dé dau cla y'<0) trén
khoang (a\b);
Buwdc 3. Giai diéu kién trén tim m.



ii8U 1- Cho ham sb: y = X3- mx2+X+5. Gia tri cila m dé ham s0 nghich bién
|I8©ngkhodng (1;2)

w57 - 13 B m> = £ m31l D. m> 13
mm (i 5
Ipg.; hwong aan gili

[1/ri; Tacd y'=3x2—2iwc+1 dé ham s6 nghich bién trong khoang (lI;2) thi
tf||s= 3x2—2mx +1 <0, V*e (1,2}

m’-3>0
, inT _Aj _ i -JT
11 JIA >0 5_[r_1____!_n_1_2___§<1 <D.’1_n>p!,3'>~v/5,r J_l ¢>m.>1_3
3 [68m +wm2-3 4
S1% of MA4Am2:3
Ms. . e 3
26722; D& ham sb nghich bién trong khoang (1;2) thi
v y’=3*2- 2mx+1<0/V*e (I;2)
| . ®
it <> <mv*€ (1,2)
KI”. 2X
AsMax3 2+ 14 \_ 32 +1
E/Iﬁx ox 2X

E'00B "E +1y =ETlzA I>g'(x)=0<=i>6x2-2 =0<&x =+-j=iE[l;2]
W, Y / -
i /O\_13 _k ->13

T %

Scllzﬁ% Ta th 1an cac gia tri m~ 13 13 13 ==—vaohamso
f8i : 6 5 4

ﬁ*’&=nvcl+ Ic-H5 va xét sy nghich bién trong khodng (1; 2] dé tim ra dap an.
Ay, chohdin sy =%+3M-1 (1) Gia®i m dé ham-s6 (1) nghich bién
457" X—m

Sn nra doan la;

te 1 1 1

$A —<ra<3 B.m>—4 c. 0</n<3 D.4<m<3

" *
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1.

2.

3.

94

Hudng dan giai

1—4m
TXD: R\{m}, y'=
im}.y (x —tn)2

Dé ham sb nghich bién trén[3,+co), ta phai co:

y'<0 Vxe[3,+°0) fi_4m<0 m>+ 1 n
i ) - sv <=V <=>i 4 <=>—e< m < 3. '«
m < 3(mg£ [3,4-00]) <3 4 11
Y K m<3 o

(m <3 dé ddm bao ham s0 nghich bién tai moi diém trén [3,+co), vidu: khi!E
m - 4 =>diéu kién xac dinh x khnac4  ham s6 khong thé nghich bién tai 4€

X - 1 ... . '
Mat khac, ta thay voi m- —thi y'=0 trén toan bd tap xac dinh - ps
[ i>ad
=>m =" khdng thod mén diéu kién,
Tt
~ 1
Vay—m<3.
4 18
BAI TAP Ty LUYEN Nl
Cho ham s6 y=/ (x) —X4- fix2 -f3 (trong d6 m 1a tham s6). Khéng dinh 11
nao duéi day la sai? Jg|
A.V m el, ham s6 khong don diéu trén R
B. 3me R dé ham so doéng bién trén (0;+00) o
e A~ - -~ A 2 I
c. Bme IR dé ham sb nghich bién trén khoang (—e0;0) o
D, Caba dap an trén déu sai Cs
Trong cac ham s6 sau, ham s nghich bién trong khoang (1; 5) la
A,y —XT—3X2+5x+2 B.y= X2
3 X +*-+-1
1 LY
E.y_—x+— D.y—x2-2x+5
X
\ ~ x —xtl 2 . , \
Chohamso y= ", . Khang dinh ddng la:
X + X-+1
A. Ham s6 dong bién trén R
m

B. Ham s6 nghich bién trén IR
¢ Ham s6 dong bién trén khodng (—4;1)
D. Ham s6 dong bién trén khoang (-°0;-I)



ham sb: y = ------I-lhzsljj]-l.Trong cac ménh dé sau, ménh dé sai la:

m.m x+1

A Ham s6 dong bién (-03-2), (0;+0)
Enam s6 nghich bién (-2:-1), (-1*0)

¢, Ham s6 déng bién (-02-2) u (0; +00)
&;lam s0 nghich bién trén khoang (-2;-1)

lam s6: y = /(jc) = xinx dong bién trong cac khodng nao sau day:

i1(0,+00) B. (—60,0) c. (0,e") D. (1,-H»)
! A

ichoﬁwam SOy =EF>S:§ﬂ . Trén khodng nao sau day thi ham s6 khong
lp ™ e +ex+l

don diéu:

8p(0;+~) B. (-~>;0) ¢ (1;2007) D. (-1;1)
ljia tri cila Xdé y'>0 biét y = In(x4—2x2+ 3)

A X>0vikix<?2 B. JC<0OvI<nr:<2
|c -1<je<0Ov">1 D. 0<M<1lvj<-1

Oy — X—%X—B doéng bién trén khoang:

mm -11;+<~) B. (~oo;l)c.(~I;+00)D.(-00;-
i|l Trong cac ham s6 sau day, ham s6 nghich bién trén (0;?r) la:

p r.y:sinX4-COSX+ 2 X B. y —log” X

[Ilte. y =n~* D. y = cosx-f x

ii"Choham s6sauy - f(x) =J3“ 3(a- ])x2+3a(a-l)x +1. Trong cAc ménh
E dé sau, ménh dé sai I&;
li A. Ham s6 ludn luén dong bién voi a>2
H'B. Ham so lu6n ludn cé cuc daixcgce ti€u voi a <—2
IEiC. Ham s6 nghich bién trong khoang (0;1) véi 0<a<1
E D. Ham s6 luén ludn dong bién trén tap voi 1<a <2
ti. Giatri cia m dé y= . ~ mla ham sO dong bién trén R :
jct—t+1
n A, -0 B. ra™o c. m>0 D. Mot két qua khac
95



12. Cho ham s6 y - —X3+3mx2+ 3(1—2m)x—1 (1). Gia tri cla m dé ham s0 ii&
nghich bién trén tap xac dinh: -39
ar’l B. 0 C-1 D. 2 1

I*

13. Cho ham s6 y :Iﬁi‘ ' \\x3+mx2+ (3m—2)x (1).Giatri cua m thi ham s

(1) luén dong bién: 18

A.2 B. 1<m <2 C m>1 D- m>0 |

14. Cho ham s6: y =x3 +3x2+(m +i) x +4m. Gia tri cia m dé ham s6 nghichll
bién trén (—1; 1) la:

A m=i0 B. m=—0 cC. m=2 D, m=5 'l
15. Cho ham s y = i71X+ mGiatri cla m dé y nghich bién trén (-oo0;Dla: fip
X +m S|
Al m>\ B. m<l c 2<m<-1 D. Bbapankhakl
16. Cho ham s0 y~x* —3(a—)x2+3a(a—2)x+4.D¢E ham sb nay dong bién HI
trén cac doan [—2‘-,-—1] va [I;2] thi giatri cha athéa man: ||||
l. ada:4 Il. a<-=2 . 3=1 "lg
Két luan nao ding: 11?
A 111 B.III1I c 1111 D. 1,111 88
_ 3 fil
17.DEham s6 y —" -+ -1)* 2+ («+3)*—4 dong bién trong khoadng (0; 3)88
T T 11
thi gia tri can tim cuia tham so a 1a: I
A a>-3 B. é<a<~1-72 £ «512 D, R<-3
: -Si
18. Cho ham s6 y = *3—3(2m+1)x2+ (12m +5)x+2
Dé ham s6 dong bién trén khoang (2;+00). Gia tri can tim ctatham s¢ m lafl;
A.—7]:<m<—\‘f|'——B.m>L C. m<-& Dm<’5 B
V16 V6 2 n/6 |%
: PAP AN VA HUGNG DAN

I.D 2,A 3.D 4.¢c r 5.D 6.D 7.cC 8 B 9.C 110 11
1. 122A 13.B 14.B 15.B 16.D 17.c 18,p

1. E)ap an: A ding, 1 ham tring phuvong thi khéng thé don diéu trén ]R. |

Thatvay, co y' =4x3—2m* = 2(2jii:2-m ) suy ra yJla ham bac 3 nén khonggl

ton tai me Mdé ham sd dong bién [hodc nghich bién) trén R.
96
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EAE c dung. Chonm =0 => ham s& dong bién trén (0;+00), nghich bién trén
mEp|oang (-°°;0)

Kpap an: D.

aEEa y' =x2—6x+5=>y <0 $>x2 —6,c+5<0<=>|<"<5.Dap an: A
waéluwuy: V6i cac bai toan can phai xét dén tirng dap an thi ta nén chon dap an
iii[fo dang ham quen thudc, de tinh toan trwdc dé xi ly.

BEt:. 2x  _ 2(x2+x+1)-2x{2x+1) 2x2-2

WP+ %2+ L+l =>y - {xt+*+17 ~ (x2+jc+1§"

|| 1> Vv'<0<=» 2j2-2 <0<=>-1<*:£1

K1/ayham s6 dong bién trén cac khoang (-00;—H,[l;+00), nghich bién trén [%1]
IpparK D .

+ X411 2x2—2 F2 - fxH "I I e 2
WE— =} 2fxel )z 41
- ==y'-2- 2_ 2
(x+1)
y'>0<=> 2 >0<=>{jc-hl)2>I<=»x< =2,x>0
=>y'<0e*-2<x<0
an: c.
trén
1L SO F 26X ____
e +e*+l| eX+ex+i
2exX [E2% + £ + 1 )\-{2 e **+e*)12«" 207f -2e* 2e*| S f
y = ', S i
1‘5* +eém )2 {egi +ex+i]y  {elk+E*+ 1)f k
SyWi. y — vV Vit A Jmuy \—v A /
gpay trén nhitng khoang nao chira 0 thi ham sé khoéng don diéu.
>gp an: D,

97
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7, Tacoy*= 4x -4x y'>0<=> 4x __4X >0 <=>4jc3—4;t> 0 [*]
—2X2+3 W HK—2jc2+ 3
Dén day ta ¢ 2 cach xtr ly 4x3- 4X>0
Cocfi i: 4x3*-4x >0 <>4x("c—1)(x +1) >0 ta thi 1 gia triX=2thi thdy thoi
méan nén 4x(;c-1)(;t+1) >0 A< X<0v~r >1
Chay ddu ctia ham bac 3 sé dan ddu gitta cac khoang nghiém -E
Cach 2: Tir cac dap an ta chon cac gia tri clia x thir vao (*) dé tim dap an du
Th voi x =0,001 vao (*) thdy khdng théa mén => loai dap an A D
Thir véi x =2 vao (*) thady théa man => Pap an: c.
(2x —2).e*>*

2jr-4%+6
e J

8. Tacdy' = y' >0 <g2x2<0<=>I< 1

9. BG6i'vi bai nay thi ta c6 thé dé dang nhin ra dap an ding ia ¢ nhungy
dang nay, ta hay dung tinh nang TABLE dé khao sat tinh bién thién clan
dap an. I
Néu khao sat ham lvong giac ta nén dé & ché doRadian ( Shift + Mode +4|

BuGc 1. Nhan MODE 7 3
Buéc 2: Nhap ham can khao sat. Nhan "="
BuGc 3: Start? - Nhap gia tri khiri dau, & bai nay 1a 0, sau dé nhdn "= A

[Nhéan hai lan phim "="déi véi may Fx570VN hoac VINACAL 570ES P luJf
Buéc 4: End? - Nhap giatri két thac, & bai nay nhap 71

Buéc 5: Step? - Nhap buéc nhdy cla gia tri, thwong thuwong la i—;
Sau d6 su bién thién dugc thé hién qua cot f(X)
a Mih m

Math
| I|
1 L)

1 W i
1.306696939 7.09439510:

Ta thay gia tri tang dan ching té ham s6 dong bién trong (0;”), Loai A J

Twong tw véi cac dap an con lai. $
10. Chon a=2 ta duoc y =x2—3 -hget-1=>y*=3"2—6e-f-6>0,Vx ha
sO lubn dong bién. Vay dv doan A la ding. -4,

Chon a=-3 taco y=x34-\2x2+30X+1 y'=3x24 24;t-t-36 =>y'=0 lud|
c6 2 nghiém phan biét, Suy ra ham s6 luén cé cwc dai cwc ti€u. Vay dy do£
B dung.
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Eevna 05 tacoy-= X+—2~§—X'§\_>V—3X2+3X 2>y-0 dung

|SIO barnthdy cé 1 nghiém thudc khoang (0;1) ham sd khéngnghich

lien trong khodng(0;l).
dtdap an D. Co
y'-3x2—6(a—i)x +3a2-3a"> >>>0<=>AT= -9 + 9<0<=>a> 1
m s6 ludn dong bién véi a > 1.
ip an: D*
/Cach thong thudng: dé xét tinh dong bién ta can tinh dao ham

% 3m(x+1)2(x2—r+1)" AA+1)3(2x4
i9 ()(_j )——SA)(—) nhan thay y' rat cong kénh

er {x2~x +1)

én ta chon cach thir dap an

B\ m = 0 de thdy y = 0 => loai A Con 3 phuong an ta chon gia tri m thudc
ma khoéng thuéc C

—3(-£E+ 1)2(x~ —X+ 1) + gx +1) 2 XI'—I)

lhonm =- 1tacOd / =----—-—-----1--- {2 f -------------
X2-X +I

lung Casio bdm ta dwoc phuwong trinh y1=0<>x =—;*=2 khi c6 2
ghiém Y sé& d6i ddu trén cac khoang xac dinh nén khong dong bién trén
=> |oai B
6i nhirng bai cdng kénh thi thuong sé cé dap an cu thé
anang chon dap an c la rat cao. Khi dé ta nén chon ¢ ngay khi loai 2 dap
A B.
TXb: D -R
LaCo y' =—3x24-6mx+3(1—2ni)
€ ham s6(l) nghich bién trén .tap xac dinh ta phai céy '<0voi Vfc
<>-3x2+ 6nvc+3(1 —2ra) 0, Vx
<> X2—2/we+2m— >0, V*
<$A=4(m—4)2<0 (M—)2=0=>m=1 Dép an: A
Fy' = (m—)X2+ 2nve-f3fn—2
‘D€ ham s0 (1) lubn dong bién thi ta phai coy'>0v™*.
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+) Néu ra—1=0<>m = 1thiy'=2;c+| dbi dau khi X qua . Suy ra ha

SO(1) khoéng thé ludn ddng bién.
+] Néu m—1”* 0 <»m "1 thi

m—1>0

<>1l<m«<?2
A —s8m24-20m—=8< 0
14. Th l1an lwgt trng gia tri vao ham sé réi dung TABLE kh&o sat ham tro
khoang (—;1) . step - 0,1 thi chi c6 m = —10 la théa man ham s6 nghich bié€6
m2—4 2<m< 2

15. G0 y = —m - =>N" 10 _ - _
Y (x+m) |_m<—1((Jc+m) O)<>—2<m< 1

16. C6 jv =3"2—6(a—)x+3a(6 —2)
Yéu cau bai todn <>3x2—6{a—)x+3a(a—=2) >0 V*€ [-2;—1] va [I; 2]

> A'-9=A

o 30013

Ham s6 dong bién trén (—eo;a-2) va (&;+00)
Tht 1an luvot cac dap an 1 11, 11l thdy déu théa man dé bai.
Pap an: B,
17. Cach 1: Tacéd y' —x2+2(a—l)x+a+3. Ham s6 dong bién (0;3) khi va |
khi y 1>0tVxe (0;3) '
—X2s-2(@- 1) sa+3>0,V*e (0;3)
<a>" 2J;c2)r:I_3 Vxe (0:3)

X2 +2jc—3

a> max .VXE [0;3]

Khao sat ham so f(x) =—+ —— xe [0:3] ta thdy max f(x) =—
() =—fpxe 03] @ thiy maxf() ==,

~—~+

Vay u’>i72 Pap an: &
Clre/i 2; Thir 1an lvgt me {-2;3;-4}, dung tinh ndng TABLE dé€ loai caic E

dap an A, B, D, f
n



i cach 1: y' =3x2—6(2m-\-1)x+12m-h5 =m(—2x +12) +3x2-6x4-5

. N -
rﬁﬁo,v*e (2;-Ko)»m< 32 6XV’§e (2;+00)

W | 12(*-1)

«la 5 sat ham O /(*) :3)2_6)(4_5 (2;+°0) ta thdy f{x)> — =>m <~—5
‘ilppvVv 12(~—1) 1212

IEEich 2: Th* nhitng s6 thudc nhitng khoang trong dap an réi dung TABLE
« 14 0 sat Xtrong khoang (2;10), Step = 1.
liTTiCr 1an lvot m =0,3 thdy théa man. Loai A B, c.



Bai 4. Tiém can J

l. LY THUYET |
1. Binh nghfia 1
a. Tiém can dirng | -n

Puong thing x= x@woc goi 1a tiém can déng cta dd thi ham s6 y = f(x)H

néu it nhat maot trong cc diéu kién sau thoa maén:

i) =) () =a) () =aadinf()- .- .

XV X >0+ K—=x0- Q
b. Tiém can ngang
Cho ham s6 y =i (x) xac dinh trén mot khoang vo han. n

Puong thdng y = ya@woc goi ia tiém can ngang cla dd thi ham s6 néu it n

nhat mot trong cac diéu kién sau théa man: n
limf(x) =y0; limf(x) =yO0. 1

2. Cactrvong hop cu thé !

Ham s6 bac nhat trén bac nhat (ham nhat bién) y = -ax4j~k /an _km £Q\ i

J mx+n I
+TXD: D =K \|—1; |
TCD: limy =00=>(d): x= ; TCN: limy =— (d) :.y =— I

AT m X0 m m
3- Tinh chat dac biét vé tiém can f
o s " b . N N
+ Tam dbi xtrng cua ham s0 y —----—-- la giao diém hai duong tiém can cofi
cxX +d ] w
toa do | ---O-I- a} M
V ¢ n

+ Giao di€ém cula do thi véi dwong phan giac goc tao bdi hai tiém can la hai i

diém c6 khoang cach ngan nhét trén hai nhanh do thi).

+ Tiép tuyén tai diém Mbét ki trén do thi cat hai dudng tiém can tai Ava BJs

thi ta luén ¢ M la trung diém AB. inis
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f‘/Tlem can ngang va tiém can di*rng cua do thi ham sdy ———! 13;

B. y=2, x=2
D.y=-2, x=2
Hudng dan giai

1x=-2 vi lig/0) :-oo,jl?i>r§1/(*) = 00, TCN: y =2 vi MP/OO:Z

>p an:c.

y=2,x=2
y =- 2, X=2

ji2, SO tiém can dirng ctia do thi hamsé y = * + &

E B. 2 ¢ 3 D. 4
J| Huéng dan gidi
T™XD: D =M\ {0; 2} nén ta xét cac gi¢i han tai 0, 2 dé tim tiém can ngang.

it B&I_y = QIB+ =-00 =>x =0latiém can ding,

y =i X3+2 oo =>x =21a tiém can ding.
=+ =Zia
L@k *JE%#XZ 2x
ch idm nhanh:

thdy duong tiém can dirng clta do thi ham s6 c6 dang: x =a, thdng
ng véi a la nghiém cla phuong trinh X2-2x -0 a=0/a=2.

X ) 2 A X
'n thdy, véi X=0—y c0 dang —=> X=0 latiém can dirng

X=2—y cb dang 10 X=2 latiém can dung.

p an: B.
*mcéan lién quan dén tham sé
. MXx2-2Xx + e A
1. Giatri cila tham s6 m dé do thi ham sd y — (x-1) > @Otiém cén

mg di qua diém A (2;-2)la:
s 0 B. 1 ) C.-2 D. 2
tivéng dan giai
m>22—|2)x+ S _ m , Nén tiém can ngang cla d0 thi ham sdla y =m,
X - 1)x
latiém can ngang di qua diém A(2;-2) =>m =-2.
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Vidu 2. Butrng tiém can di*rng va tiém can ngang cla do thi ham so

(n2- 1)x~3 | - - Voo . LI o.M

Y e — - Catnhau tai diém A (—%;3) khi tham s6 n nhéan giad tri Ej
Xx+1 [ : wll

trong tap: I'!
A O B.- {Z c {-Z D. {2;Z+ "H
Huong aangiai , 3l
Puong tiém can dirng va tiém can ngang cla do thi cat nhau tai diém ia
A(-1;3) suy raTCPBb: x=-1 vaTCN: y =3 -J|
31

Chay vé diéu kién ton tai tiém can y :c_x}-‘kd la: ad ” bc, v&i bai toan nayl|

X

ta c6 diéu kién la
n2-1 " -3 diéu nay lubn ding v&i moi n.
. (n2—)x-3

2
= |lim - 22 =3 <on = Peon —12 .
X +1 o111

Pap an: D, J ||
Cach khac: Ta nhap biéu thirc lim Wil —CALC,gan Ala céac giéySIH
tri trong cac phwvong an, Xbang 1 s6 to nhv x=100000» N&u phwong an napA
ra két qua 3 thi do6 ia phuvong an dang. 41i
BAI TA® Tv LUYEN | 1
5mx2- 8mx+2

X —3
tdp hop cac giao diém cla hai dwdng tiém can cla do6 thi ham s6 da cho |ari&

1, Choham s6 y = véi m la tham s0. V(yi.moi giatri cia m f8§

. W
A0 B.buong thang y = 5@4—-%%0
\ < \ < N
« PBuwong thang x =3 D, buong §r1ang x —* .
- N ~ S N i N s -7 - >
2. Cho hai ham sbé ¥ .=l va}/ = —:5—7. Tap hgp_cac gid tri cua tham 3
X4m —4 X+5 F
s6 m dé hai duong tiém can cla hai do thi d6 trung nhau la:

A * - B. +— c. 0 D.+31
2 5 eC
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ia®ho ham s6 y = ——9 voi m latham s6, B0 thi ham s6 da cho
Bpl X -2mXx +1

% I£h0||g c6 tiém can dirng khi m bang:

m >1
! -0 B.m=~1 C.-1<mx<1 D.
K m =1 m <-1

Q17T A 2. ’ > S - \ ~ 2 X- I .
[liTam doéi xtrng cua do thi ham so y NE) (Q la

ByiH 12) B. 1(2;-1) c. 1(1;-2) B 1{-2;1)

Ipgho hamsd y = +;1 Truc doi xirng cta do thi ham so la:

WES: X—y =—4 X+y-0
= - B. X+y —2

m X y y Xty -2 o X-y =2

[]1!10 ham s0 y = IXl)

— —-=-2-(C). Tim trén hai nhanh cta (C] hai diém A Bsao
Xx+1

K ho AB ngan nhat. Hai diém A Blan lwot &
m . (30),(-3;4) B. (-1;0),(3;4)

t(éjho ham s6 y 2x-1 (C)ITiép tuyén tai diém M (0;-1) cat hai duong

Apiém can tai hai diém:

K . 12),(%-4) B. (-1;2),(-1;4)
YEL (1;-2)°(1:4) D. (4-2).(1;4)
DAP AN VA HUONG DAN GIAI

3
gym moi mta ludn co tiém can ding x = -

&i Co thé 12 tring. 2 dwng TCPD hodc 2 dwong TCN.
K

P(D ieu kién ton tai titm cancla y -———— O 1a;
mr -l.(m2-4)7-3 m~™zv/

i Khi do dé thdy 3 do thi ham s6 da trung tiém can ngang véi nhau
=0
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Ta chi can tim diéu kién dé cho 2 TCD trung nhau <®in2-4 =5 <>m =3 ||
3. Khong cé tiém can dieng khi  —2mx +1 > 0,\fx N
ITAl=m2—1<0<>d<m<r ‘

4, TacOTCD : X=—1 ,TCN :y =2"1(-1;2)

0
Tinh chat: Tam doi xtrng clia ham s6 y = axi(l:i( la giao diém hai duong i
CX * 7
tiém can.
5. TacoTCH: x=-3, TCN:y =1 1B
Phuong trinh dwdng phan giac cta goc tao bki hai tiém can trén la
X-y =-4
x+3=ly-I| Y
X+y=-2
. s o s ~ _ax+b .. ..
Tinh chat: Truc doi xi*ng cua ham sb y = ox Fd la hai dwong phéan giac
X_
clia cac cap goc tao béi hai duong tiém can.

6. Tacd TCD: x =—i ,TCN:y =2,

Phuong trinh dudng phan giac cua goc tao béi hai tiém can trén la
|x+|!=hy-2|":>i y \ ~ .Tatim giao diém cla d17d? véi do thi. |
1 1 1 |x+y«l (d2) 12 e 11
Tinh chat: Giao diém cua do thi véi duong phan giac géc tao bdi hai tiém §1
can la hai diém c6 khoang cach ngan nhat trén hai nhanh do thi.

7. Tl tinh chat trén ta sé dung phvong phap th* dap an. - Jp
Théay phvong an Athda man toa do Mla trung diém cda (1;2),(-1;-4) §1
Tinh chét: Tiép tuyén tai diém M béat ki trén do thi cit hai dudng tiém canuj
tai Ava Bthita luén c6 Mlatrung diém AB.
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au ham sO £ c6 dao ham tai x0 va dat cuc tri tai diém do thi fXxo) “ 0 -
lityi Ham so f c6 thé dat cuc tri tai nhirng diém ma tai dé khong cd dao ham.
ieUkién da dé ham so co cuc tri

%\i 1: Gia s ham s6 f lién tuc trén khoadng (a;b) chira diém x0va cé dao

______am sang duvong khi xdi qua x0thi f(x) datcuc tiéu

3m x0
E1Téu f (x) d0i ddu ter dwcmg sang am khi X di qua x0 thi f(x) dat cuwc dai

(%fljii}] li 2: Gia st ham s0 f c6 dao ham trén khoang (a;b) chira diém x0>
=0 va c6 dao ham cép hai khac 0 tai diém x.
A liu f"(x0)<Othif (x) dat cuc dai tai x0,
M éufn(xD>0thif(x) dat cuc tiéu tai xO0.
tri ham da thrc bac 3: y =f (x) =ax* +bx2+cx +d ia* 0)
liadbaoham: y' = f'(x) = 3axz4-2bx-hc
mE&u kién ton tai cuc tri
[filatn sd cd cuc tri <>y =f(x) cb cuc dai va cuc tiéu
[fe=> fix) - 0 c0 2 nghiém phéan biét
JPN A7 b2*%3ac>0
a8E&E'ham s6 khong co cuc tri <> A' =b2- 3ac<0)
lljkhi d6 ham s6 dat cuc tri tai xa,x2(x, <x2)la nghiém cta fix) =0
JBSNH h@sq a >0thi hgm sq dat cuc da! ta? )(1 dat cuc ti'é’u tai' X&;
Ji Néu hé s6 a <0thi ham sbd dat cuc dai tai x2, dat cuc tiéu tai XL
pDuong thang di qua cuc dai, cuc tiéu co phwong trinh



2. Cyc tri ham da thrc bac 4:y =ax4+bx2+c(a” 0)
y'=4ax3+2bx = 2x(2aX24-b), dat g(x) = 2ax2+b
+PE ham cd CD, CT thi 2ax2+b =0 c6 2 nghiém phan biét khac 0

0

+ Ham trung phuwong chi cé 3 cuc tri hodc c6 1 cuec tri.
+DEé ham s6 khong c6 CD, CT<>y'—0 khdng doi dau

+Pé ham s6 ¢6 2 CD, 1 CT<=< c6 3 nghiém phan biét.
ly(x)=0 .

+PE ham sd ¢cd 1 CH, 2 CTe>< c6 3 nghiém phan biét.
[y (x)=0

+DEé ham sb chi c6 CT ma khong c6 CD
a>0
cd 1 nghiém <=*< g(x) =0 vb nghiém

g(OH>
+PE ham s6 chi c6 CO ma khong cé CT:
a<o
c6é 1 nghiém <> ¢g(x) - 0 vé nghiém
ig(0)=o0
+ PEé ham s6 cd CB, CTthoa man diéu kién cho trvdc
Cach giai thong thuong (sé mat nhiéu thoigian)
- Diéu kién c6 Cb, CT
- Slrdung dinh ly Viét, dau tam thirc bac 2...trong tlrng bai toan cu
- V@i dang toan nay cach lam nhanh ta thwong dua vao cac dap an
nguoc lai...
3. Cac dang toéan
a. Dang toan 1. Tim cwc tri ciia ham so
Phuong phap:
- Tinhy, tim céc gia tri Xlam cho y'=0 hodc y' khdng xac dinh
- St dung dinh ly 1, hoac dinh ly 2 dé xac dinh cuc tri
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1. Cho ham s6 y = {x+1)(x —2)2

mCuyc tri ham so trén la:
fX=0yx =-1 B.x=0,x=2 cC. X=1,x=2 D.X=0/X=1
\B0 cuwrc tri cla ham so la:
ip B.1 C.2 D.3
?Khoang cach gitra hai diém cuc tri ca ham s6 la:
"W o B, 2 c .4 D.5V2

Goi XJ,X2(x" < x2)la 2 cwc tri cia ham s6 khi do6 gia tri Xj—2x2 la

-4 B.0 C.4 D.2

Hudng dan giai

= (Xx—2)2+2(x +1)(x-2) =3x(x“ 2) vay ham s0 c6 2 cuc tri la

=0,x=2;, X0-*y =4;x=2—>y=0

ly khoang cach gilta 2 diém cuc tri ia

O—2)2+ (4 —0)2=2Vs.
2 (Cdi/ 4 - dé minh hoa THPT quécgia 2017). Cho ham sé y —f(x ) xac

nh, lién tuc trén R va c6 bang bién thién:

l&ng dinh dang Ia:
Ham s6 c6 dang mét cuc tri.
Ham s6 c6 gia tri cuc ti€u bang 1.
Ham sd co6 gia tri I6n nhét bang 0 va gia tri nhé nhédt bang -1.
~Ham so dat cuc dattai x = Ova dat cwc tiéu tai x =1
Huéng dan giai
sai vi ham so c¢6 hai cuc tri. #

sai vi ham s6 co gia tri cwc tiéu bang -1.
C sai vi ham s6 khong c6 gia tri I&n nhatva giatri nhd nhattrén R.

dung
ap an: D.



cau 3 (Cau 5 - dé minh hoa THPT qudcgia 2017), Gidtri cuc dai yot cla harll
sO y =x3—3x 4-2 1a: "ji
IH-L BH=1 y®” 0 " “
Huwdng dan giai : i
Taco y’=3x2—3=>y’= 0<=>x=ixl* V&i ham bac 3 cé hé sd clia =x
thi ham s6 dat cuc dai tai x =-1 [nghiém bé cla y*=0)
B=y(-1) =4Dap an: A, ®
b. Dang 2. Tim diéu kién clra tham sd lién quan dén cuc tri
Vidu 1. Tim m dé ham s6 y = X3+ mx 42 dat cuc tiéu tai X=1.
A iri=—4 B. m52 _cC. m=1 D.m =3
Hwéng dan giai
Do ham s0 dat cuwc tiéu tai x =1 nén ta th® truong hup
f'(x0)=f(1) =0 fm+3=0 e
f*"(xM=FfN(1)>0"|6.1>0 :
Khi m =-3 taco: y=x3-3x +2=>y'=3x2—3=0<=>x2=1» x==%l. .1l

Xétdduy ta dé c6 ham s6 dat cuc tiéu tai X=1. 1S
Vay véi m =—3 thi thda man diéu kién bai toan.

Chay khi dé cho cac phuong an chi chiva 1 gia tri cia m nhuw trén thita cojl
thé chon D sau khi giai diéu kién / '(*) 50, ma khong can th lai gia tri m. 8

Vidu 2. Biét rang ham sé f(x) :%(3- x2+mx+m2 cogia tri cuc daL

Khéng dinh dung la: "y
Am>2 B.m<l1 Cm>3 D.m>3 ™
Huéng dan giai ., ™

Thir cac gid tri véi m =0 ta thdy f(x) = —3-x2=>frix) =0 <>x2” 27=(l|h

ludn c6 2 nghiém phan biét nén fudn cé cuwc dai va cuc tiéu. Dap an: B.

NEu dé cho cac dap an chat hon, thita lva chon thém gia tri m phu hop déf]|
loai nhu:

A,m <3 B.m«<l Cm>-41 D-m>3

Do m =0 thao man nén loai D
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® 1
16n m =1 khi d6 ta c6 f(x) = —X3-x 2-fx + I=>'(x)-0<i=i>x2-2x +1 =0

1 ham s6 chi ¢é 1 cuc tiéu =>m “ 1khong thda méan»
mp an: B.
1" fu 3 (CAu 8 - trich d& minh hoa THPT qudc giQ 2017). Tim t4t ca cac gia
i thuc cla tham s6 m sao cho d6 thi cla ham s6 y =x4+2mx2+1 ¢
tdiém cuc tri tao thanh mot tam giac vudéng can.

' m= B, m=- c.m=_ D.m=1
£ o X ii9

Hudng dan giai
Ir dap an ta sé wu tién thir cac gia tri nghiém trudc, khi dé duwoc dap an
it ing la B.
4, Choham so y = 3 ?mx2+ (m2—-3)x.Giatri cua m dé ham so co cyc

ti, cuc tiéu déng thoi xCB/XCTla do dai cac canh géc vudng clia mot tam

ac vuodng co do dai canh huyén bang J —Ia:

m= _ B.m--1 cC.m-_, D.m=
19 19 2
u Huwéng dan giai
W y'=X2- mx+m2-3
[lj[|[Ham sbé co cuwc dai, cuc tifu <> phuwongtrinh y'=0 X2- mx+m2-3-0
K 8 cd hai nghiém phan biét $A=12~3m2>0 —2<m <2(*)
['Ja‘%"‘HXCE/ XCT 14 do dai cac canh géc vudng clia mot tam giac vudng cd canh

>

ﬁg@ﬁuyén béng i phai c6:

/\CD /\CT ANRAN i/\CDT\CT N /\//\CD /\CT ASERVAN m >O’m2- 3>0
IN 2 ,5 5 *=_. | 2 -~ . 50 _
n xcd + xct~ 2 I"(xcd + xct) AXCDXCT “ 2 m2‘2(m 2'3)—

| Thir dap an thay chi c6 Dthéa man. Bap an: D,
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BAI TAP Ty LUYEN
1. Cho ham s6 f(x) = x2-3x +2 . Khang dinh ding Ia:

A. Ham s6 dat giad tri I6n nhattrén doan [-4; 4] 1a 30

B. Ham s6 dat gia tri nho nhattrén doan [-4;4] fa — =2

C, Ham s6 dat cuwc dai tai diém x =_2

D. Ham s0 dat cuc tiéu tai hai diém x =1va x =2
2. Ham sb f(x) =x2Inx dat cuc tri tai diém:

A xX=e B.x-ve C x=- D. x =
e
3, S6 diém cuwc tri cla ham sO y = x2(2—x2) la: -i|8
A-0 B.1 c.2 D.3 u

4, Choham s0 y =mx4+(m-1)x2+1-2m . Giatri cia m dé do thi ham s6 chi;|

c6 mot diém cuc tri la: '
A mMm<Om>1 B m<Om>2 m

A

c.m<1lm>2 DFm<—<4m>2 al

5. Choham sé: y :2— mx2+2—. Gia tri cia m dé do thi ham so chi cé cuc tiéml
g

' ma khéng cé cuwc dai la: 'JB
A m>-3 B. m>-2 c. m<0 D, m<2

6. Choham s6 y = -LxﬂTM(3m+ )x2-f2(m + 1) [Cm). Tét ca cac gia tri m dé |

ham s6 ¢6 cuwc tiéu ma khong co6 cuc dai la:

A.m <~1 B. m<—% C. m <“ID. m <0
3 4 *
fis N * , T |
7.Giatrictia M déham sd y _V2 - 6x3 +3x2—2mx -1 ¢6 cuc dai, circ tiéu gm
A. m€ (°°;2)u(3;4-00)\|41 B. me (00;2)u (3;+00)
c. me (=°o;Du(3;+00) D. me (= Du(3;+o0)\{4}

112



iteft ;
Ipv'
[[id tri m dé ham sO y = mx4+(m2“ 9)x2+10 c6 3 diém cuc tri la:

Y 0<m<3 5 0<m<3 . "0<m <4 5 ‘0<m <4
VQ,lm<—3 - m<“4 - m<-3 - m<-4
lw -3<m<3 B.3<m<4 c. 2<m<3 D -2<m«<4
gpfffy-; m

K cho ham sd y =2x3+3(m-1)x2+6(m-2)x—1. D ham s6 nhan diém
f—lp"p(l;-5) lam diém cuec tri thi gia tri cia m I

Bm=1 c.m-0 D m=—

picho ham s0 y = x3-3mx2-f(m2-1)x +2.Giatri cia m dé ham s6 dat cuc
Edai tai X=2 la:

i:A.m =8 B m=-5 c.m=12 Dm=l1l
iifecho ham s6 y =2x3-3(2m +1)x2+6m(m +1)x-f 1. Khoang céach gilra

R ai diém cuwc dai, cuc ti€u la khong doi la:

pim B.m- 2 c. 41
iif Cho y - x3“3x24-mx-1. Giatri ciia m dé ham so0 c6 3 cuwc tri thda mén
i 'A)+° =3 Ia

3
B:Am—s B.mz—é c.m=4 D.m=—
aaf- 5 m 3 5 2

1y Cho ham s0 y 5-X4+2mx2-4 (C ).Céacgiatri cla m dé ham so co
p3 diém cuc tri ctra (C ) déu nam trén cac truc toa do 1a: *

| Am=5 Bm=2" c.m=4 D.m=

. Giatri cia m dé ham s6 y :3—)<3- mx2- 2(3m2- 1) X+3—cé hai diém cuc

-;tri X-, x3a0 cho XjX2+2 (X +x2)=1 la:

ElRmzz— B, m= c.m= D m—



l'!ﬁ
16. Cho ham s6 y = —>X3-m x24-(m2—)x +1 (Cm); Tat cac cac giatrim dé®

ham s6 co6 cuwc dai, cwc tiéu va yQ@i +yCr>2 13; Jg
—4<m<0 5 -2<m<0 c —A<ML<O0 D -1<m<n
m >2 "m>1 m >1 Cm s CEit

17. Cho ham s8: y = x4—2m(m —)x2+m +1, Gid tri m dé dd thizham s6 cglill
cuc dai, cuc tiéu va cac diém cuc tri tao thanh mot tal_m giac vuong can ladii

. W
Am="1*S B.m='t4l a3
2 2
cm_l*a D.m:—IiS

2
18. Cho ham s8y = —x3+ 3x—1 . Xac dinh m (meR ) dé duongthang d:  _
y = mx —2m —3 cat {C] tai 3 diém phéan biét trong d6 c6 ding mot diém Al

hoanh do am.
A mc<l1 B. m <“?2m ¥a-9 él
c, m<0 DDm<—m"-9

LA 2D 3D 4A 5c¢ 6A 7D B8A 9A |oyj
11.0 12.c 13.D 14.B IS.D_ 16.c 17.c¢ 18.D P

Y&
X =0
2.y'=2xIn(X)+ X=>y’'=0<> 1 . bap an: D.
X —
Te .
Ngoai ra c¢6 thé dung tinh nang tinh dao ham tai 1 diém bang may tinh
Casio (T6 hop Shift + phim tich phaiY), dap an nao cho dao ham tai dé
0 thi chon.
, =0 :
3.C0 y'—4x —4x3 y*=0<> X_+| .C6 3 cuc tri
4. Néum - 0thi y=—X2+1 pt
=>y r=—2X,y's 0«=»x —0. Nén ham s6 chi c6 mot diém cuc tri. 'teEb
Sititaf

Vay véi m =0 thda man.
Név m A 0 thi y’=4mx342(m —)x =2x(2mx2+ m m1)vDEé do thi ham 'Scful
chico cuctrithiy - 0chico 1nghiém <>2mx2+m -1 =0 phai vd nghiénS
hoac c6 nghiém kép X=0. . -aB
bap an: A.
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|l|:£: 2x3—2mx = 2x(x2-m ). Do hé s6 cua X4 duong nén do thi di tir trén
J|i xudng dudi nén do thi chi cd cuc tiéu ma khdng co cuc dai.
I va chi khi y' =2x(x2—m) =0 chi c¢6 1 nghiém

W A A X\ o m <0
3;X2-m =0 vb nghiém hoac c6 nghiém kép X=0 B m <0
:Eﬁf_' m=0
m e
ap an: C.

0yf=X3—2(3m 4 |)X X(x2—2(3m *1))

o ham trung phwong chi cé 1 cuc tri tai X=0 hoac 3 cwc tri khi d6 ham
Jo ¢6 cuc dai ma khong cé cuc tiéu twvong duvong véi ham so ¢é cuc dai tai
S o .
jloy ™ o coduytlhatnghiém x = o vatal X =0 thi/doTdautirc-] sangM

W-f1” 0 c6 duy nhat nghiém <>2(3m4-1)<0<>m <—
fliTaco viti m <——thiy' déi ddu tir (-} sang (+) tai X—O0.
* yay m <—3 Pap an: A

Sir

Hacoy =3 5 X2+6x—2m .y c6 cuc dai, cuc ti€u thi trudc hét

E_ —2"0 <i=»m"4. (1)
U
gD fm _ 2
Khi d6 y' latam thrcbachai c6 At=9+2m.3 —2 =3(m~—4m + 3J.
Bpi \ 2 )
Hy c6 cuc dai, cuc tiéu kh| va chi khi
S§EA>0<=> m2—4m +3>0 <> m <|,1X1>3. (2]

?Kétho’p vGi (1) va (2) ta c6 nhitng gia tri cia m thdéa mén yéu cau bai

éitosn ia m G~oo/l)u{3; +°0)\{4}.
I“Dé ham s6 ¢ ba diém cuc tri thi trudc hét ham so da cho phai la ham béc
€ 4.thcla m” 0. Ta co:



e« Ham s0 c6 3 diém cuc tri khi va chi khi
y rcod 3 nghiém phan biét « t(x) c6 2 nghiém phan biét khac 0

- < <
o M9 ) mm2g)<o « 0SM<3
2m m <~3

9. Taco y'—4x3+2(m2—9)x =2x(2x2+m2—9). bat t{x) :=ilx2+B
Ham so c6 3 diém cuwc tri khi va chi khi
y' ¢O 3 nghiém phan biét < t(x) c6 2 nghiém phéan biét khac 0
< M2—9<0 <>33<m <3.

10. CO y'=6Xx2+6 (m —)x+6(M-2)
Ham s6 nhan A (l;—5) ia cuc tri khi
y'(1) =0<>6+6(Mm —1)+6(M—2) =0<=>m =X

11. Ham dat cuc dai tai X=2 nén y'{2)=0

<>3.22-6m.2 +(/m2—l):0 tSm2-12m+1 =0 m _
m =11
Dwa vao cac phvong an ta chon dap an D,
12. y'=6x2-6(2m + Dx+6m(m + 1)
Xétphuwong trinh: yf=0 « x 2“(2m + 1)x+m2+m =0
TacoA=(2m +1)2-4(m 2+ m)=1>05y' =0 ludn c6 2 nghiém.

Ham s6 Tudn cé cuc dai, cuc tieu véimoim.y'=0 <> x m
XxX=m+1

Céc diém cuc trila A(m; 2m3+3m2+1)/ B(m +1; 2m3+3m)

m>AB = >/2 ,Dap éan: C.

Céch khac: Chon m =0, tim diém cuc tri clia do thi ham s6 ¥ng véi

ROi tinh khoang cach gilra 2 diém cuc tri.



| Ta co:
f(x)= X3—3x2+mx-1I; f'(x) =3x2-6x +m =0; A'=9—3m

8l)e ham so co hai diém cuc tri xt,x2thi phvong trinh <l)cé hai nghiém
Ipjidnbiét<=A'=9—3m >0 <=>m<3

*1+ X2= 2

Yiét ta co: m
P Ai+Xx2-2<=» (Xj +Xj)2-2xX2=3 ©4—2.§ =3 <*m =
lg/bép an: D,
HpTa co: y :-4x*+4mx; y -0 X
M N o s Lx " m
ilIfitaT m >0 thi (C ) c6 3 diém cuc tri
pPA(0;-4), B{-7Tm;m2-4), C(Vm;m2-4).

K P& A B, Cnam trén cac truc toa dé thi B.C <m “ 2.

X2—mx “3m2+1 1a tam thtrc bac hai c6 A =13m2—4.
(%Mo d6 ham so c6 hai diém cuc tri khi va chi khiy Tcé hai nghiém phan biét

@ ne 2V13

t(x) cohai nghiém phan bigt <> A>0 » = 3
; m <____%%§_)/|3
BXp x2 Tacac nghiém cila t(x)nén theo dinhly Viét, ta  cb>
é||f (xI+x2=m
X:X2=-3m2+1

S[Do dé:

Xjx2+2(Xj+x2)=1 <> -3m2+ 2m-|-1=1
Kt- m=0
n » “3m2+2m =0 <> 2
K. - o1 L 3
|[E D0i chi€u voi diéu kién (1), ta thdy chi m =—thoéa méan yéu cau bai toan.
incé(;h khac: St dung cach thir cac dap an
[l Bap an: D.

117



16. Ta co: y/==x2—2mx+m2—1. y'~Q <> X=m +1

X=m —1
. . -1<m<Q0
y®+ >2 =2m3—2m 42> 2 4>
m>1

bap an: c. ésu
17. y1=4x3-4m (m -1)x =4x(Xx2- m2+m) a

Pé ham s0 ¢6 CB, CTthi y' = 4x(x2—m 2H-m) = 0 phai c6 3 nghiém phan 111

biét <=>m<Oum>| '|E!

A(0;m-fl); BIVM2—m ;—m2(m \V)1+m +1j; c | -Vm2—m; —m 2(m —éM
Tam giac ABC vudng cin €AB.AC =0« -(m2-m)+m4(m -1)4=017Jjal
- 3 .
1+-J 'eSE

Khi d6 taco 2m(m-1)=-2 <>m(m - 1) = 0 <>x
bép an: c.
18. Cho phwong trinh hoanh do giao diém cta d vk (C);
x3+(m-3)x~2-2m =0
X =2
[ X +2x+m +1 = 0(%)
YCBT twvong duong véi (*) cé 2 nghiém phan biét khac 2 va ¢ dung
1 nghiém am
Ta xét 2truong hop:

<> (X-~2)(x2+2x+m +1)=0~"

. A . o N . ip _X+t+1 0
+ [*) QO 1nghiém am va 1 nghiém bang 0 <& =~ — <>
[*) g ghié g s__2<p m

+ (*} c6 2 nghiém trai ddu va khac 2 « | %??_J[_Fﬁl_l,\o’\ Im < 1

K&t ludn: m <-1, m €-9.
béap an: D.

—1.
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[I>2 Bai 6. Su twong giao ctia d6 thi ham sé

furt .g('ﬁfﬁi&a do thi ham da thire vii dprgng thang
. (CJ):y —IA va (C2) y j
1] do giao diém ( (,?ml()rgtﬂl‘h (goi la

hoanh dé giao f(x) -
4 1as0 giao diém cla do thi (C) ctia ham sb bac ba: y = £(x) - ax3+bx1+cx 4d
| vGi truc hoanh bang s6 nghiém cuta phuong trinh ax3+bx2+cx4d =0 (1)

s6 dang cau hei thuwdng gap
[Ipiin diéu kién dé do thi (C) va truc hoanh c6 1 diém chung duy nhat

TBp- | khéng co cuc tri
lpkm if co2cuctri  $3Phuong trinh (1} cé 1nghiém duy nhat.
|8 : \ya>-ycT>°

m Tim diéu kién dé do thi (C) ti€p xlc v&i truc hoanh
ti€p xdc véi Ox <>y ¢d 2 cuctri va yCayCT =0 <>Phuong trinh (1) c6
Bpduhg. 2 nghiém
K Tim diéu kién dé do thi (C) vatruc hoanh cé 3 diém chung phan biét
BglIC) cat Oxtai 3 diém phan biét <>y ¢ 2 cuc tri va yCbycr <0
lN&e<=>Phuwong trinh (1) c¢6 3 nghiém phan biét
diém cta (C): y = ax4+bx2+c v@i truc Ox bang s6 nghiém cua

Hpp m  ax4+bx2+c- 0 (1)
(aa ax YoX %CZ0 (1) <>\
ool <t +:c=0Q
|I|D € xac dinh sd nghiém cla (1) ta dwa vao s6 nghiém clia (23 va ddu ctia ching.
KiLv A (2) va nghiém
R fe (@) WO hiEm (2) ¢6 nghiém kép am
slff. (2) c6 2 nghiém am

’ . (2) ¢6 nghiém kep bang Q

(1) co 1 nghiém <> (2) ¢o | nghiém bang 0rnghiém con lai &m

Wiii- (1) c6 2 nghiém <& (2) c6 nghiém kép duwong

(2) cé 1nghiém dwong va 1 nghiém am
(1) @3 nghiém £> (2) ¢6 1nghiém bang 0, nghiém con lai duong
K& (1) @04 nghiém <= (2) c¢6 2 nghiém duong phan biét
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Liu
, , , il
Vidu 1. Biétrang ducmg thang y = ™2x+2 cat do thi ham s6 y =x3+x+2 'ma
tai diém duy nhat; ki hiéu (xy;y0) la toa do diém do, gia tri cta yO0 la: 5]
A.y0=4 B. y0=0 Cy0-2 D. To=--1 1jl
Hudng dan giai
Céch i :'Phuwong trinh hoanh do giao diém:

—2X + 2 =x3H-x+2 <=>X34-3x =0 X=0=>y =2
Cdc/i 2; Dung chirc ndng Table trén may tinh:
Nhap f(x) —2x +2;g(x) =x3+X+2 -J8¢g
START :-4; END :5; STEP: 0,5 £E
Nhin bang ta thdy tai X=0thi f(x) =g{x) =2 nén giao diém cua hai do thjpl|
ham s6 la (0;2) =>y0=2 '

Pap an: ¢ 'IEm
Vidu 2. Cho ham s6: y =x3- (2m +1)x2+(m-I)x +m + 1 (Cm). Tim m dé ; |
(Cm) BAL O tai 3 i pviiar Kat. --]'EE
.m>1 Bm~O c.m>0 D.m<*“l
Huwéng dan giai
+Pé (Cm) cat Ox tai 3 diém phan biét thi phwvong trinh: lllg
X3~(2m + DHx2+(m=Dx+m + 1 =0<=>XX-1)(x2-2mx —-m —-1)=0 w|i
phai c6 3 nghiém phan biét. r8lg
x2-2mx - m - 1=0phai co 2 nghiém phén biét xj, x2 khac 1.
A*=m 2+m +1>0 ivm Im
1 -2m.01-m -1~ 0 [m~o »
Vidu 3. Cho ham s6 y = X3—3x2—9x+m (c ). Giatri ctam dé (c ) cat|g||
Ox tai 3 diém phan biét la: n M
A —4<m<21 B.m>1 1181
C. -6<m D. -5<m <27
Huéng dan giai - Mé

Phuong trinh hoanh d giao diém cla (Q) va truc Ox:
X3-3X2—9x +m = 0 =>X8—8x2—9x = —mn
Xétham s6 y = x3-3x2=IK(R) c6 y' = 3x2-Bx -D =3( xz-2x -3)) :|fj
x = —+ J|1

y'=0 <> %_3 (—1;5), (3;—27) la 2 diém cuwc tri ctia do thi ham s6 (c);'«
(C} catOx tai 3 diém phan biét <>—27 <—m <5 <>-5<m <27. o
bap an: D. Tps
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Twong giao gitra d6 thi ham phan thirc va dwirng thang

M [*u. Giatri cia m dé dwongthing d 1y =-X +m cé&t do thi (C): y =—

X -1
iiiltai 2 diém phan biét:
Kau meR B. m <0 c.0<m<4 DmA"1
' m >4
pife Hudng dan giai

lliphwong trinh hoanh do6 giao diém cda d va (C)

pv -——-X +m<="f(X) - 22+ mx—m =0,x * ~I (1)

hEd) cit (C) tai 2 diém phan biét Khi va chi khi (1) ¢ 2 nghiém phan biét
fe IA=m2—4m>0 i"m<0
EMen=—2+0 < m>4

fepap an: B o A
%, BAI TAP Ty LUYEN
. V2 .
"pehc_r;o (P) la d6 thi ctia ham s6 y = i x+2. (d] la dwong thang di qua

ilfdiem A (I;-1) va co hé s6 goc bang k. Giatri thich hop cta k dé (d) cat (p)
TEtai hai diém phan biét ia:

®A k<-1; k>2 B. V& moik C 4d<k<2 D.-2<kx<l1

Ipho ham s6 y = X34-3x2~m +2 (C ). V@i gia tri nao cua m thi do thi ham

Is6 (¢ ) cattruc hoanh tai ba diém phan biét.

A0<m<6 B.—1<m <6

1ip;2<m<6 D. Két qua khac

.Goi (C ) 12dd thi ciaham s6 y =X +ax “4.DE&(C ) chi cat truc hoanh tai

iPuy nhat mot diém, gia tri cdn choncliaala:

H{El.a>3 B.a>-=3 C. a<3 D.a<—3
V‘t’gHéTﬁ s6 y = (4- x)(I- x)z c6 dd thi (C). Goi (cl) 1a dwng théng di qira giao
4iém clia (C) Vi truc Oy va cb hé sé goc 1a k. Dé (d) cit [C) tai 3 diém phan
¢biét, gia tri thich hop cua k la:
tA. k<0 B.k>0:k"9 Ck <l:k~4 D.k>1: k-3
iipho phuong trinh X4+ 3x2+5-m =0 . Giatri ciam dé phuwong trinh cé
Khai nghiém phan biét la:

8L m<”5 B.m>4 C.m<4 D.m>5
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6. (H) ladé thi cia ham sé y ------- ,con (d) 1a dvong thang y = kx —2. Déj|HI
[d) cat (H) tai hai diém phan blet hé s6 goc k cta (d) phai thda déu kién: f|§
* i/ ©
A k<-- K>2 B k<—2fk>'m ¢l 3 Dk ’k>—||_lll
2 2 kN — - '«
N . t 2
7. Cho duong cong y — — Cétdwong thdng y =—x+m tai hai diém phaiM
biétvéimia: 4 . ’ m
A m<Ovm>4 B.0<m<4 C meM D.m>0 8fi
2XN =2X B2 . . 2 6 -
8LHam s6 y g = — -— (c) va duong thang (d) :y =kx +1 cat (c)tai hall|
diém thudc hai nhanh khéac nhau thi gia tri k la: §S
Ak>1 = B. k<1 c. k>2 D. k<2 I
.Cho (C):y = l)-(+2 (d): y—a(x+ 1)+ 1. Gia tri cGa a dé d cét (C) Eai hﬁhll
diém phan biét c hoanh dotrai dau:
1 I R - . 1 LIEE
z VA
wa

10. Budng thdng y =—X+m fudn cét dd thiy —%-?tal ha]|c diém pva Q, .a

I
Pé do dai  doanPQ ngan nhat, gia tri thichhop cho m Ia: i”
Am=- B m=1 , c.m==2 D.m=2, &,{
) DAP AN VA HUONG DAN GIA| |
1B 2Cc 3¢ 4A 5D 6c 7A 8D 9D 104
1. Dung phvong phap loai trw
Truong hopT: Thirvéi k=3 =d :y —3x—4
Xét phwgng trinh hoanh dé giao Qlem ctadva [P] : .
H - I A
4_ X:4-2 = 3x-4<=> +16x—24—0()

Tathdy Ar=64+24=88>0 “> (*) c6 2 nghiérri phan biét k =3 thda
man => Loaic, D I,

Truéng hop2: k=0=>d:y=—4
Xét phwong trinh hoanh do giao diém cla d va (P} :

X=—6
—X2—1t+2—-l ©1r+4x—12 -0 &~ (=2
Vay k - 0 théa man. Loai A
Pap an: B.
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.

Kyéu cau bai todn <> Ham s6 c6 2 cuc tri va yCT.y MD<0 [*]
11. r

Hle X-0=>y =2-m

E y'=3x-+6x =>yf=0<>
X=-2=>yCB=6-m

m>(*)  (2*~m)(6—W)< 0 €2 <m<6

@\}\% *=()=>y—4
"Wy =3x2+2ax=>y'=0 < -
E-g X2+2ax=>y * _—_%9>y.y= Bad, 4a3 ,
: 3 — 27 9
||lc ) chi cattruc hoanh tai duy nhat mot diém
iE - AN "8a3 4a3
él’l - - Ver-ycbD > 0 « 27 o+ a - -*
ppldop an: C.

Cit Oy tai A[0 ;4 3 y =kx +4
K ét phwong trinh hoanh do giao diém:
gpf(4* x)(I %x)2=kx+ 4 <>*3~6x2+(9 +&;e=0
iR.., =0
H X2—6x4-9 +k =0 (*)
ill)gféu cau bai todn <=>(*) c6 hai nghiém phan biét khac 0
IIEIIE <=1k<0; k"9<="k<0
g|tap bang bién thién ham y = x4 +-3x24-5. (bién luan s6 nghiém bing db thi).
iii£0 thé th(r giad tri ddc biét clla m rng vo&i cac dap an dé xem c6 théa man dé
Ipo day ta dva vé phuong trinh bac 2 bién troi bam may tinh Casio)
avXétphuong trinh hoanh do giao diém:

0
------ = ~ 2 <> + —3ic= e
" kx~ 2 <skx2+(2k —3)jc=0 y 3—2C

K;' AN \ = ’
e Yéu cau bai toan << —3
iy e .
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7. Tuong tu bai tap 6. Bap an: A
8. Xét phwong trinh hoanh doé giao diém:

2X2—2X—2
X : i( = kx+1 <> (2% K)x2+ (K—3)X—1 =0 CY
Yéu cau bai toan [*) c6 hai nghiém phan biét xv,x2 théa man jepjt2
va xl <i<x2
[2-k +k-3~1*Q X2~ (0 +x2) +1< 0
<<(x]-1)(x2-1)<0 KA D
k"2
e R N ] 411
Theo dinh Ii Viét ta co thay vao (**) va giai hé duvwc k <2 apl
3k B
X +x2
~2-k
9. Xétphuwong trinh hoanh do giao diém:
x2 + 3x -f3

42 —a(x+1) +1 <»(a- I)x2+(3a- 2)x+2a-1 =0 (*)

Yéu cau bai toan <=x(*) cé 2 nghiém phan biét trai dau va khac - 2.
As(3a-2)2—4(a-1)(2a-1) >0

g 22 1<
a— 2
I(-2)*0
Bap an: D.
10. . - ,.'S

Céach 1 Ta chirng minh duoc PQ ngan nhét thi duongy = - x+m phal dl jﬁ
qua tam 1(—1;2) luc d6 m = 1. Bap an: B.
Céach 2: Dung phvong phap thir dap an & bai nay ciing kha thuan tién. '188§



gk
Bai 7. GTLN, GTNN cua ham s6

iTHUYET

Im GTLN - GTNN ctla ham s6 trén khoang (a;b)

ivdc 1. Tinhf ’(x). Tim céc diém trén khoang (a;b), tai do f'(x) =0 hoac

E() khdng xac dinh.

foudc 2. Lap bang bién thién

Ipiirdc 3. Tr bang bién thién suy ra max £(x) va min f(x)

iTimGTLN - GTNN ctia ham s6 y =f(x) trén doan [a;b] nhuv sau
[I"Gdc 1. Tinh dao ham f'(x)

lliwde 2. Gidi phuong trinh; f'(x) = 0,tim cac nghiém x1,x2...;x =€ (a;b)

|€u co)

ivdc 3. Tinh cac giatri:i(a);f(x1);f(x2  f(xn); £(b).

*Budc 4. Két luan:

maxf(x) =M =max{£(a);f(x1);f(x2);..*;f(x)}
[n;b]
minf{x) =m =min{f(a);f(x1);f(x2);.--;f(xn)l
[.;b]

Luuy:

|- Trén khoang ia;b] thimax f(x]j va min f(x) c6 thé khdng ton tai
| g fab] §) o (a,JOS'-\(/) | '

p VGi nhiéw bai toan ta cd thé dat an phu dé dwa bai toan vé dang tinh toan
Ipon gidn hon nhw cac bai toan chira ham lvong giac (sinx, cosx...), ham m
e ax.J.

) . Lom . 4
gu 1. Gia trinbon nhat va gia tri nho nhat cia ham s6 f(x) =X+ tg&n

lloan [I;3]1an lvot la:

Hi-8; 2 B. 5; 13 £ 413 D. 6; —
p,: 3. 3 3 3
rﬁ, Huwéng dan giai

|;f'(x) =1—Y trén [I; 3]Jtacéd:t(x) =0@>x=2

If(l) =5; f{2)"4;
Vay min £(x) =4; max f(x) =5. bap an: A
£ ;3]

fTj] [i
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Vidu 2. Giatri I6n nhat y — ... +3 - xin x trén doan [I; 2] la:

A3 B.V7-In2 c.yly D. 2
Huwéng dan gidi i
( \ ]
y’= * Inx-1-  ré= -1“Inx<0Vxe[l;2] .|’|
Vx2+ 3 AVX2+3 )
Suy ra, ham sé da cho la ham nghich' Bién
nén miny =y(2) =V7 -2 In2; maxy =y(l) = W
(52 (2 3
bap an: D.
Vi du 3. Gidtri nao ctia tham s6 m dé gia trl nhé nhat cia ham so f(x) = Xomezx
trén doan [&;1] bang—=2 I
Am=—dm=-2 Bm-“1m-2 |
Cm=1m=-2 Dm=1m=2 3
Huwdng dan giai =
X LM I M2 57 ym, dim
(X 1)2 MiM
Vayf(x) dongbiéntrén [0;1] véi moi m. E‘
=> me(x) f(0) =—m 2+m o
l.:;é
Do doyéu cau bai todn <>-m2+m=—2<»sm =—4, m =2
Céach khac:
Thay m =-1 tacd f(x) =— —=>i'(x) =--—- — >0=>minf(x) =f(0) =
X+1 (x+1)
Vay loai ¢, D.
Thaym=—2tacdfx) *° f(x)= ' >0 I
x+1 (x+1)
minf(x) =f(0)="“6. Vayloai A 1
bap an: B,
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pdu 4 (Cau 16 d& minh hoa THPT quécgia 2017). Cho mot tdm nhém hinh vubng
ilcanh 12 cm. Ngudi ta cat & bn goc ctia tdm nhém dé bén hinh vudng bang nhau,
Ipndi hinh vudng c6 canh bang x (cm), réi gap tdm nhom lai nhu hinh vé dw6i day
slpaé duwc mot cai hop khong ndp. Tim x dé hdp nhan duoc co thé tich 16n nhat.

0

V*
k|
>
Paix = 6 B.X- 3 ~ Cx=2 D.x= 4
Jp- Huéng dan giai

py =x(12—x)2; (0;6) khao sat ham bac 3trén (0;3) ta dwgc gia tri J;m nhat
E claVdattaix=2 Bapan:c. )

@ BAI TAP TU LUYEN

¢Tpng gid tri Ién nhat va gia tri nhé nhat clia ham s6 y = 3x3—x 7 —7x 41 trén
jyioan [0;2] la:

|E<ra—5 B.2 c. 4 4 D. 3
tech GTNNva GTLN cliahams6 y=.f{x) =—x + 1— ------ trén doan [% 2] la&
%ﬁé.—é B.2 C. :1 e D. 3
Bia tri nao clamdé hamsé y= + 4—x2 dat giatri I6n nhat la 3V3
wa -2 B."1 c. 1 D. 2

mng]'

lia tri nao clia m dé ham s0 y —3—*)VI+ *z dat gia tri nhd nhat Tayfs trén
lhodng[0;m]ia: 1
%!'1 b. V2 c. 2 D. Vs

prong binh phwong gid tri Ién nhét va gia tri nhé nhat ctia ham s6 v=—+—
»Vi-. B Y L T B o A 2+|
[Irén doan [—&;2]1a:
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6. Tim adé GTNN clia f (jo) = 2a:+ ™trén khoang(0;3) bang V2 Ja

X 1
A1l B. i 3~ »-T
7. GTLN cla f = 21n——--trén khoang
A X=— B =0 C, « =i

3 PR N = ~
DAP AN VA HirivIMG DAN 2GIAT

4-, Bap an: c.
cach 1: Xét phwong trinh Vs {3—  +3? <>a=2
/\=|
L v 3—Y) . B r
Ta co: 0 M x o <2it2—3*+1=0<>
y Vi T 0<=2J2—3*+1=0 o
/ICU =2N/2;/f0J=3;/(2) =V 5;/i-i-i=-I™

18

¢

cach 2. Thi'thdy x =2 thiy =v'5 nén ta chon ¢ hodc D. Thir Dthi sé y xap xi I te<[

vs tai x=Vs5 nén khong thé nhan giatri nhd nhat la
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doy dat giatri lon nhatla V2 (taix = 1), datgiatri nhd nhatla 0 (tai x = —1,
y tong binh phurong can tim la: 2.

an. D.
ch 1

cof(x) =2x+~">f'(Xx) =— —&-0 <>x = ) (*€ (0;3);a>0)
X X \Y
xac dinh trén khodng nén néu ton tai gia tri Ién nhat, nhd nhat thi nd sé la &

ém cuc tri, Dé GTNN clia f(x) =2x+~ trén khoang(O;3) la. V2 thi:
X

a B 4
V2 =2V21

ch 2: Dung phim CALCVGi an x va a (& day st dung " ss

ap an: A.
i"Céch 1: Dung CALC bam cac gia tri & dap an rdi chon.

Faach 2: f (x) = 2 In— -——-9x
B 1-X



Bai 8. D0 thi va diémdac biét %

1. Diém d6i xrng I
a. Ham sd chan - 18 va tinh d&i x(rng

Cho d6 thi (CT) cta ham s6 y “ f(x),

+ Néu f(x) 1a ham s6 Ié thi (C) nhan gbc toa do lam tam déi x&ng.

+ Néu f(x) l1a ham s6 chan thi (C) nhan truc tung lam truc déi xing.
b. Cong thirc tdng quat ve tam doixkng

P06 thi [C] nhan diém I(a, b] lam tam d6i xtrng khi:

f(a + x)+f(a-x) =2b, v&i moi X J
c. Cong thilrc tong quat vé truc d6i xtrng

Do thi tc} nhan dudng thdng X=a lam truc d6i xrng khi:

f(a + x)=f(a—x), v&i moi X

Mot sO lvu y vé diém doi xirng clia mot sO ham hay gdp:

+ Ham béac ba: Tam d6i xtrng cla do thi ham s chinh ia diém uén.

+ Hém phan I]huc co dang———— —; == —-——-. Tam dﬁ&ul?\g %ﬁ% %Xt oW

x+d pX +Q
ham sd ia giao diém hai dwOTigtiém can.

Vidu 1. Cho ham s6 y:%z+3m4x2—2wz,c Véi 1X=1, m =—1thi tim d

xtrng cta Omlan lwot la:
A, [1;0] va (1;0) B. (1;0) va (-1;2)
c. c-1;2) va (0;1) D. i>1;2] va (1;0)
Huéng dan giai
Vi m—1, m=—co Y —X3m3x; —2; y'=-—3x2+6X;y" z=-6X+6
y" =0 <>—OX+6—0F>X=1Coy () =0.

Vay tam doi xirng clia Ontrong 2 trweong hwp déu la (1; 0).
Pap an: A,
2.Diém c6 dinh
a. Tim diém c6 dinh clGa ho do thi
Cho ho d6 thi (Cm) c6 phuwong trinh y =f(x; m) v&i m la tham sé.

Tim diém c6 dinh ma moi do thi (Cm) déw phai di qua.



phép giai
lién d6i phurong trinh y = f(x; m) ra dang mét da thirc theo bién m nhw sau :
JjO.m2+ B(x; y).m + C(x; y) =0 (tuy thudc vao bac cta m).

I; IA(X;y) =0

|ai hé < y) “ 0 dé tim toa dd diém c6 dinh cla ho do thi.
CU; y)=0

_diém Mma c6 ding 0, 1,2, do thi (Cm) di qua

IEong phép giai

lién doi phvong trinh y =f[x; m] ra thanh mét phvong trinh ma m la an so.
jé c6 ding mot (hai, ba,..,] do thi (Cm] dl qua diém M (x0; y0) thi
ivong trinh y0=1f(x0; m) c6 dung mot [hai, ba,...) nghiém (& day m la
|liém s0).
1*Choham s6 f (x) = X34 (m—)x2—2(m 4\)x + m—2 (Cm) rn latham s6.
peni ¢ dinh ma do thi ludn di qua la:
Hm (1;4) B. M (-1;-4) c. A (-1;4) D. M(1,-4)
if- Hudng dan giai
piphuong trinh
i"nA-Dx2—=2{m+\)x +m—=2-y=0 m(x2~2X +1)"X3—x2—=2x—y —2—0
pwcmg trinh nghiém dang moi m khi:
X —i
_ x3—x2—'2X—>’—2=O. y =-4
%”(éﬁn) luon di qua diém cd dinh M (1,24).
Ech khac: Lay 2 gia tri m bat ki nhw m =0, m = 1 khi d6 ta dwoc 2 do thi
gam s6 (Ci,C2
Eléu toa d6 M nao trofig 4 phuong an déu thudc Cl, C thi dé la dap an,
Diém co toa dé nguyén
Ilihttng dang todn nay thwong ddi véi cac ham hiru ti
EP- - : ax’ +bx+¢c ax+b
1 =" duH-#, cx +d
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Vi

Céch gioi thong thuwong:

AN

Tabién d6i dang y - afx) - trong d6 q(x) Ia mot da thirc iz

Khi d6 dé yeZ thi " +e'elr (A)

- Tim tat ca cac U(A)

- Tim tat ca cac giatri xe [ sao G'jf+0'ew (A)
Céach giai nhanh: d6i véi cac dang toan trdc nghiém thi khi dd biét cac  'pE
dap an thi chi can thay nguoc lai cac dap an vao ham sé da cho xem co thai

man hay khong. ItJE
du 1. Choham sé vy - 5-2-:5—)3(:-5-.T-‘rm diém trén dd thi sao cho toa do céc::%%'g
X- !
diém do la cac sO nguyén. Biém do la: |3 |
A. C4;l) va [2;1] B. [-4;0) va , J
c. (4;3) va (2;-1) D. (-4:0) va (-2;0) || g
Hudng dan giai 'flpll
Ta sé thay hoanh do cac diém trong cac dap an dé timkét qua. iggi
Lan lwvotthay: J111
=4-» =I*=2 y0=1;"=-4-» yO:-~4;|1x,, =-2->y,, J19 S; |
1 momg
bay an: A, RS

4sPDi@m dac biét lién guan dén tiém can cta do thi ham so

ax+b

a. Mot sd két qua quan trong vé do thi cia ham nhat biény

BAI TAP Ty LUYEN M

1. Cho ham s0 y =x3—x2-x Xac dinh cadp diém thudc do thi ham s6 va dq|

xtrng nhau qua truc Oy:
A. C0,0) va (1,0) B.(1,-1) va (-1, -1)
c. (-1,1) va (1,1] D, (2,0) va (—2,0)
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TRE- SO

ilpiho ham s6 3;=-——-. Cap diém trén do thi ham s0 d6i x(rng nhau qua

H2P* X —

ABuiong phan giac th hai la:

JE ,-1) va(-U] B.(1,0)va(0,1) c. (1,0) va (0,-1] D, Bap an khac

|8]|[|wi,i7dam Khong ton tai cap diém thoa man
ham s6 y =(1—2m)jca +3mx2+'(m + |) s6 diém ¢6 dinh ma dd thi ludn di
igia la:
Jif? B, 1 c.3 D. 4
[lijpt ham s6 y = (m+ 3)Xs—3(m + 3)x2- (6m+ 1)x 4m 4-1 (H)
IPiilm két luan dung :
||| TH] lwbén di qua ding 2 diém c6 dinh Vrae R
HOB« [H] ludn di qua ddng 3 diém c¢6 dinh va ba diém d6 thdng hang v&i nhau
M
illl;TH) khéng di qua diém cd dinh nao Vme R
¥ (H) di qua ding mot diém cd dinh Vrae R
pro ham sé y —X+(m +\m\)x2—4x—4(m +W), Vme R, d6 thi ludn di qua

|§|ern co dinh;

Bpj|.f0,0] va (2,0) B. (2,0) va (-2,2)

P ¢ 2,0} va [2,0) D.(2,-2) va (-2,-2)
IEEho ham s y "X "® (//m) . Giatri cdaa, b dé (Hm) ludn di qua hai
Hogpa; ; bx+m—=1
Hg&am c6 dinh (—;-1);(2;2) Ia

K a=2,b=1 B.a=1b=2 Ca=-2,b=-1 D.a=—,b=—2

hamso y 0% T0 4 20). Bigu kien cia a, b d& db thi ham s6 c6

upr" bx +m
teiTl6t diém c6 dinh duy nhat la:

Bit i \-b—1 Ba ith = —4 B. ab = —i
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9. Cho ham s6 y = X34 (m~ 2)x2—2mx 4m (Cm). Ménh dé ding la:
A. (Om) luén tiép xdc véi dudng thdng y = Xtai diém A
B. (Om) ludn tiép xdc vai dwong thdng y = —xtai diém
c. (Cm) ludn tiép xuc voi dwdng thang y~xtaidiém c(1,1)
D- (Om) ludn tiép xdc véi dudng thdng y = —X tai diém D {I,-1)
10. SO diém cd dinh ma ho dwong cong y =il-2m) X2-(3m-1)x+5m -
ludn di qua v&i moi m la:

11. Céc gia tri cla a dé do thi ham s0 y = X*—mx2+3 c¢6 cuc dai la:
A. mao B-—l<m < c.m>0 D.m<— al

—] i
12. Cho ham s6 y :I:_+1(C) .Tim M G(C) sao cho tong khoang cach tir M;if
»

dén hai truc toa do la nhd nhat. Toa dé diém M la:

A (y/T-hi-y/T) C. (1+V2.1+V2)

B. (1~>/2,V2 + 1) D. (~1-V2:-1->/2)
13,, Choham s6 y =f (x) =ax3+bx2+cx +d . Ménh dé sai la:

A D0 thi ham s6 ludn luén cé tam ddi xirng

B. P06 thi ham s8 luén cattruc hoanh

c. Ham s6 luén iubn c6 cuc tri

D. lim/ (%) —

14. Cho ham s0 y = X4+ 2x2+1 c6 do thi [C}.
Cac ménh dé sau, ménh dé dung la
A. Ham Oc6 3 diém cuc tri B. (C) c6 mot truc ddi xtrng
c. (C) c6 2 diém ubn D. (C) c6 mot tam d6i x(rng

1.B 2. A 3.D 4. A 5.B 6.cC 7. A 8.B 9.D 100
11.¢ 12.A 13.c¢ 14.B

1. Bap an: B. Hai diém ddi xirng qua Oy cé dang M(x;y] va
2. Dap an: A Hai diém déi xtrng qua 0 c6 dang M[x;y) va M'(—x; —).



fi>ap an: D. Hai di€ém d6i x*ng qua phén giac thir 2 c6 dang M(x;y) va
EY['(-y;-x). Qua phan giac thr nhat co dang M(x;y) va

EipaniA.

fliét phwong trinh: [1-2m)x4+3mx2+m+1-y =0

E. &>(1 +3x2—2x4)Mm +X4+1-y =0

T%de’crng trinh dang véi moi m khi I+3x2—2x4=0
® = a4-hl—s:=0

[Hé trén c6 2 nghiém nén sé c6 2 diém ¢6 dinh ma dd thi ludn di qua.
&)ap an: B.

llét phwong trinh: im+3)x3-3 (m+3)x2- (6Bm+V)x+m+1- y =0

* (x3—=3j2-6" + )m + 3jc3—9x2-6JC+ I-;y =0

ephuong trinh ding véi moi mkhi < 7 77 °
E [3x3-9x2-6"+]-y =0

-Hé trén c6 3 nghiém nén sé c6 3 diém co dinh ma do thi luon di qua.
pap an: c.

Lam t6ng quat gidng cau 9 hoac

ichon m -1 cO y =x3+2x2- 4x—4 (C). Tathdy rang diém

|(G;0)/(-2/2)/(2;-2) khdng thudc d6 thi ham sb (C].
ap an: A

<>bxy + my —y —mx—a~ 0
*m(y —x) fbxy —y —a —0

y =X
=
bxy-y a- 0(1)
hay toa do hai diém va (2;2) vao phuong trinh [1] duwoc hé giai
avab.
bép an: D.
mx+a .
Y b m— <>bxy +my—y - mx—a—0 m(y —x) +bxy~y-a =i
by —y —a-0\a. —i+Aab=0<}ab=—"
bxy -y~a —Q 4

Dap an: D. Thay toa do diém tim m r6i dung Casio xét tiép tuyén.



10. Bap an: B.
(2) == (-2x Bx+5m+{x x—2—y)=0,Vm

(-2x2-3jct5) =0
(x2+x-2-y)=0

11. Bép an: c. Do a = 1>0 nén dé ham s6 c6 cuc dai thi I.(-m)<0 nén m >ovi
y' =4x3=2mx; y" =12x2—2m; y*=0 <>x2 = E(l)

Dé ham s0 ¢ 2 diém udbn thi phuong trinh (1) c6 2 nghiém phan biét I
« m>0 1
12. Dap an: A, Thir Mvao ham s, tinh tong khoang céach tlr cac diém théa 4|
man dén hai truc roi lay két qua nho nhat, al
13. bap an: c.
Ham bac 3 cé thé khong cd cuwc tri, vi du: y —X3+ 3x2—4x + 2
14. Bap an: B.
PO thi ham tring phwong nhan Oylam truc ddi xing .
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CHUONG III. Ty DUY GIAI NHANH
PHAN HINH HOC KHONG GIAN

Bai 1. Cac van dé vé goc
LYTHUYET
I&Ac gitta hai dwirng thang chéo nhau

1G6c gitra hai dwong thang chéo nhau a va b 1a géc cc(0° <a<90°) tao

§IEGi hai dwong thang cat nhau 1an lvot cdng phuong véi a va b.
§£0e xac dinh goéc ta cé 2 cach thwong dung sau:

| Cach IT {a;b)=(ab Jtrong d6 1 b' ia hai dudng thdng cat nhau va lan

| ivwt song song vGi a va b. Tac 13, chon ra hai duong thdng ct nhau va
Man lvgt song song voi a va b.

Exach 2; (a;b) = (a;b)trong d6 b' 1a dwong thang cat dvirng thang cét a

iilva song song véi b. Trc la chon trén a (hodc b) mat diém A rdi tr do
¢ chon mot dwdng thdng qua Ava song sang voi b (hoic a}.
du 1. Cho hinh chop S.ABCD c6 day la hinh thoi canh a,

lu SA “ a-s/3,SA JLBC. Goc gitra hai dwong thang SD va BC la:

E a.60° B. 30° C.450 D.90®
= Huwdng dan giai

Hraco: i B¢/1AD  sap . oo

g: 2% les=+ BC

p Do do: (STKBC) = (SD*AD) = SDA
| Xéttam giac vudng SAD vuong tai Ata co:

mi <4

mtmSDA~— 2z=j3">SDA =60

m. AD i )

IIVay goc gitra hai duong thang SD va BC bang 60°,
| Bap an: A.

I| du 2. Cho t& dién ABCDcOAB =CD =2a. GoiM, N lan lvgt la trung
| diém cla BC va AD, MN =aV/3 Goc gilta hai dudng thang AB va CD la:
A . 60° B, 30° c. 45° D. 90°
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Hudéng dan giai
Goi I'la trung diém cda BD.

TN//IA
Tace \NIAP J\A>CAB,CD) =yMJIN)
IM//ICDJ
. Xéttam gidc IMN c6 IM = IN =a, MN = aV3 -
uw o
Do d6, cosMTN —*2 32 MIN = 120
2«2 2
VayIABXD) = 180°-120° = 60°.
Pép an: A b’
2. Goc gilta dwirng thdng va mit phang
Cach xéac. dinh goc gilra duong théng d va mat phéng (p):
+TimTi~dn (P) m4
+Tim A thudc d, k& AH vudng goc véi [P) N
+ = AlH 4

Ngoai ra, géc gilta duong thdng a va mit phang (p) cling chinh 1a gé;
gitra hai dudng thang a* va b’trong dé a’ cing phuong voi a, b1 cdf
phwong véi hinh chiéu cha a Ién mét phang (p).

Vi du 1. Cho hMih chop S.ABCD c¢6 SAJ (ABCD), day ABCD la ha

vubng canh a; SA =aV6. Goc gitta SD va mat phang (SAC) Ia:
A. B. C. D.
VT ) -m) d
Hudng dan giai
Goi OACnBD” SOXOD
=> SO 1 hinh chiéu cGa SDtrén mét phang (SAC).
=> goc gitta SD va mat phang (sac) la goc hop b&i SD va so.

DO = ?ge-a,SDzyﬂa

r>sinBSO = EQ-— 2 -L -nbép an: B.
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I¥;l”du 2. Cho hinh chop S.ABCD c6 day ABCD la hinh vubéng canh a,
l/|sAB) 1 {ABCD), H la trung diém cta AB, SH = HC, SA = AB, tan géc

Ngilta dwdng thdng sc va mét phdng (ABCD) [&;

& y/T

i S

Hudng dan giai

itra c0: AH=—AB =— SA =AB =3,

w . 2 2
Jm =
ﬁ./lc_éch 1. SH=HC =VBH2+BC2
i
iti; 2
ivli sa2+ahl=— =sh?2

2
g'nén tam giac SAH vuong tai A hay

MSA 1 AB.

IpMa (SAB) L(ABCD) do d6SA-L(ABCD)

|[va AC la hinh chiéu vuéng goc cla sc Ién mat phdng (ABCD)

It S L . @A
LJ.rTa co (SC, (ABCD)) = SCA, tan SCA—7AC =
Ei = . "

E Vay goc gita dwong thdng sc va mat phdng (ABCD) c6 tan bang — -.

il Cach 2. Choa - 1vatinh trwc ti€p trén hinh (khdng trinh bay ra gidy qua nhiéu).
|. 0O thé dung phwong phap toa dé hoa dé giai quyét bai toan theo céng
gt&_&c. . ,

g_Dép an: D. - .

ii du 3. Cho lang tru dirng tam gidc ABC.A'B’C' c6 day ABC ia tam giac
| vuéng tai A véi AC=a, ACB“ 60°,biét AC' = 3a. G6c hop bri BC' voi
[[A AXC) la:



Huwdng dan giai
Tinh gbc hop béi BC' voi (AA'CEC).

BA LAA’ ¢
= BA -L(AA'C'C)
BA_LAC
AC' la hinh chiéu cia BCrlén (AA'C'C)
BCy~A la gbc tao béi BC’ voi (AA’C'C)
XF®.BCAA =-A -~ A - =>BCrA =30". Dé4p an: c.
AC" 3
3. Goc gitra hai mat phang 1

+ Goc gitra hai mat phang dwoc xac dinh bang s6 do goc gitta hai dwongS
thang nam trang hai mat phang va vuéng géc viri giao tuyén hodc goél
gitra hai dudng thdng Ian lvot vudng goc véi hai mat phéng.

+ Cach xac dinh:

- Tim giao tuyén (P)n (Q)- A PJ

- Trong m&tphang (P) tim a vudng goc vai A, trong mat phang (Q) tim 1E4
vubng goc vGi ava a, b cat nhau tai L = (;2,6) =

+ Trong truong hop xac dinh géc gap khd khan ta cé thé st dung cong/t
thirc dién tich hinh chiéu: ST=S.cosa v

Luuy: Ta cé thé tinh goc truc tiép bang cach s dung hé théc lwongll
trong tam giac vuéng hoac dinh ly c6sin trong tam giac.

a2=b2+c2—2bccosA

Dinh ly ham s6 cdsin trong tam giac ABC sh2=a2+G2—2accosB

c2=a2+b2—2abcosC

Vi du 1. Cho hinh 1ap phwvong ABCD.A'B'C'D' c¢6 canh bang a. Khi dé sé|
do cua géc gitra (BA'C) va (CA'D) la:
A. 90° B. 45° c. 60° D. 3°
Hudng dan giai
+Ké BHXAC, (HEATC)(1)
+ Mat khac, ta c6 BDJ_AC (Qt), AA’ L(ABCD) =>AA1LBD
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A NA

1/8|=> BD-L(ACA")=> BD.L A’C[2)

»Tw (1] va (2] suy ra A’C+(BDH)=A'C1 DH.
ii81)0 d6 ((BA'C),(DA'C)) =(HB,HDj.

il +Xét{atrtagnagiaoongpig) BCA' co:

ipr 1 1 1 3

l1:..BH2 BCJ+BA,T_2a

P!K BH,=a{/~3 =>DH=a.€/é
1 +Ta QO
2BH2-BD2 -1

|cos BHD S BW BHD = 120"

lgvVay ((EA'C),(DA'0)"60™,

[i; du 2. Cho hinh lang tru ding ABC.A"C', day ABC la tam gidc cén
KvAB = AC =a7BAC —120°f BB' =ay | ia trung diém cla CC, cosin cla goc
| gita hai mat (ABC) va (ABI) la:

m
&

V10 Xt 2 ¢ V10 0. /3
E, Huwéng dan giai
J+ Tathady tam giac ABC la hinh chiéu vudng goc

IEIEua tam giac AB'l 1én mat phing (ABC). Goi
Jar

|lia goc gitra hai mat phédng (ABC) va (AB'I).
) S
| "Theo cbng thirc hinh chiéu ta cé cos<p= _A--.

AB‘l m.

a2™3

pSf+Taco S@—-AB ACsinl20° = 4

N ai=Vac?2+ci2=— ,ab'=dab2+bb'2=ax/2,

u ib "V b c+1ch
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Tam giac AB’l vudng tai Anén sasis=—AB .Al a v/id

Vay cos(p=" - Jh~
ABl VIO

BAI TAP Tv LUYEN

1. Cho hinh chép S.ABC c6 SA=SB=sc =AB—AC=a va BC=aV2.
G6c giltra hai dudng thang AB va sc bang:
A. 60° B. 30° C. 45° D. 90°

2. Cho hinh chép tam giac déu S.ABC c6 canh day bang a va chiéu cao bang a. M
mat nén cd SA, SB, SC la nhitng dwdng sinh thi géc & dinh clia mat r<
co gia tri bang:
A> 90° B. 120° C. 60° D. 135°

3. Cho tr dién ABCD, I, J, H, Klan luot la trung diém cla BC, AC, AD,
Trong trvong hop IJHK la hinh thoi c6 dwong chéo IH = ~3 1J, goc gitral
dwong thang ABf CD Ia:;
A, 60° B. 30° C. 45° D. 90°

4. Cho t* dién ABCD co tit ca cac canh déu bang a. Goi G la trong
AABC. Khi d6 cbsin goc gilta CD va AG la:

A — B. “, G -4 D .4 g
5. Cho ti* dién ABCD, goi M, N, I lan ivwt la trung diém cla cac canh

ADva AC Cho AB=2a, CD=2aV2 ,MN= ay R .Goc gitta AB va CD bang:
A 30° B& c. @ D. I

6. Cho tr dién ABCD c6 AB =CD=4a, AC=BD =b, AD =BC = ¢, cbsin cl
goc hop béi cac dudrng thdng AC va BD la:

A. cos(AC,BD) = B cos(AC,BD)-

¢’ —a
C. cos(ACyBD) = D, cos(AC/BD) =
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~Elcho hinh chdp tir giac déu SABCD c6 canh day bang a va canh bén bang a. Hinh
iiillién ngoai tiép hinh chép c6 goc & dinh bang:

Hpl 90° B. 60° c. 120 D. 135°
iillcho hinh chép déu S.ABC c6 ba canh SA, SB, sc ddi mot vudiig géc va mét hinh
"I%Ilppén ngoai tiép hinh chdp do, Néu gqi «cla géc & dinh cda hinh non thi:

, Cosa— B, cosa=i3 c. a =125° D.a =135°
mBE»1l _ I . s
ngﬁ)lo hinh hop ABCD-AB LiD1co tat ca cac canh déu bang ava cac goc
M\,BAD, BAAj, AtAD béang 60°. Géc gitta BDva CD. la:

m >, 60° B, 120° C. 45° D. 90°
8 ® Cho lang tru tam giac déu ABC.A1BiCL, canh day bang a, canh bén
~"Bbang aV2. Goc gitta ACi va dudng cao AH clia mat bén (ABC] la:
A . 45° B. 90° c. 30° D. 60"

Cho hinh lap phvong ABCD.A'B'CIP\ Goi M la trung diém AA\ c6sin
iljlcua goc agilta BM va AD' la:

IEHiQA'cosa = l_‘= B. cxom=—?¥‘
caw VIO Vs
K . cosa=-f- D. cosa = il
||m' u N — ] »—v ) |E
[i; Cho hinh l&ng tru déu ABCDA'B'C'D', ACr=a, goc gita AC va %
m (ABCD) la 30°. o dai canh day hinh lang tru bang: '
1 x x an3
I | a. ava B. 2aVa D. —
>/2 3
“I: Cho hinh chop S.EFK cOAEFKcan tai F; SE L(EFK) va SE=aV4,
Ve =FK=a Gobc gitta SF va(EFK) bang:
EL 45° B. 30° c. 60° ' D. 90° i
4, Cho hinh chop SJIKL c6 day la hinh vuéng tam 0, SI-L(IJKL), goc )
Egitra SKva (SIL) Ia: &
JIA . SKI B, sok * . KSO D. Ksi -
11a. Cho hinh 1ap phuong ABCD.AYB'C'D™ Goi |, J Ian luot 1a trung diém 1]
laeta AB va D’C\ Gdc gilra hai dudng thang DA va 1] bang:
Iﬁ{e\, 60 B, 30° c. 90° D. 45°
143



16. Cho hinh t( dién déu ABCD canh a. Gdc gitra hai duvong thang ABva CD bang' 11
A. 60° B. 30° C. 90° mD 45 .Jig

17. Cho hinh lang tru ABCA'B'C' c6 tam giac ABC déu canh a, canil
|— w il

AA’=-—— Hinh chiéu cra A'trén (ABC) latrung diém Icla BC. jijl
Goc gitta AA'va (ABC) bang: 'ja|
A, 60° B. 30° c. 90° D. 45°

18. Hinh chop S.ABCD cé day ABCD la nira day luc giac déu véi AB=BC =CD=;|p
AD = 2a, SA L (ABCD) va SA=a. Gdc giita SB va (ABCD) bang:

A. 30° B. 45° C. 90° D. 75° 11
19. Cho hinh chép tam giac déu s,ABCc6  canh daybang2aVi3, Goi 0 1 taiEl
tam giac ABC. Biét so =2a. Gdc gilra SAva (ABCD) bang: -5%
A. 0° B. 45° c. 60° B D. 0° W
20. Cho hinh chop tir giac déu S.ABCD canh day bang aVT1, canh bén bang 2EjS|
Goc gitra canh bén va mat day bang; | »

A. 30° B. 45° c. 60° D. 90° 7S

21. Cho hinh chép S.ABCD, dady ABCD la hinh thang vubng tai A va ill
CD =2a, AB = AD = 2a, SD vudng gbc véi day va SB tao vai day mot gl

Oi, tan cua goc o gilra SAva day theo a c0 gia tri la: til
mé
A.tan o— tana . B-tan p— tanat
V2
c. tan#>* V2 since D.tan<=Vi cosa |l

22. Cho hinh chép S.ABC cé6 day (ABC] la tam giac vudng can tainn
AB=a,SA £ (ABC) va SA=a.Goc d gilta SB vamat (sac) cogiatrila:j|i

A 90° B4& c. @ D 3r
23. Cho hinh chép S.ABC c6 day ABC la tam giac déu canh ava

SA—sB- sc —2V3 Goc a gitta SA va méit (ABC) bang:

A. 90° B. 45° c. 60c . D, 30°
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HEj! Cho t&r dién S.IMN c6 SIjL(IMN) va AIMN déu. Goc gilta hai mat
Egjhang [SIM) va [SIN) I3;
60° B. 90° c. 30° D. 45°
Cho hinh chop S.MNPQ c6 SMJ (MNPQ) va MNPQ Ia hinh vuéng
lcanh 3a SM =aV3. Goc giita hai mét phang (SNP) va (SMQ) la:
Ei.30° B. 45° c. 60° D, 90°
6. Cho hinh chop ti gidc déu S.ABCD c6 canh day bang 2a, chiéu cao
|Ibang a. Goc gitta mat bén va mét day bang:
30° B. 45° c. 60° D. 75°
i Cho hinh lang tru déu ABCD.A'BC’D' canh day bang a, canh bén

%ng a—\2’° _Géc gitta (A'BD) va (ABCD) bing :

| a. Do B. &5 c. ar D. 15°

me. Cho hinh lang tru dédng ABC.A'B'C'co day la tam giac déu canh a
*£Mi phang (a) tao voi (ABC) mot goc 30° va cat tdt ca cac canh bén
ltai M,N, p. Khi dé dién tich tam giac MNP bang:

B. a: C. 2a D. 2a:

I1 Cho hinh lang try d’ng ABCD.A'B'C'D' c6 day la hinh chi* nhat AB=a
"iBC=2a, Mat phang (a) tao véi (ABCD) mot goc 60° va cét tit ca cac
canh bén, Dién tich thiét dién cta (a) va lang tru bang:

p-a* B. 2a2 C 3az2 D. 4a2

y Chottr dién déu ABCD. Goi a la goc gitta (ABC) va (ABD).Giatrj eosa la:
I\ 1 , V3 -1 2

A 3 B 3 C. D. c

| Cho t&* dién S.ABCD c6 SA-L(ABC). Tam giac ABC déu. Goi M, N lan
ilvot 1a trung diém cda SB, sc. Mat phang (a) qua MN cét SA tai p.
ipién tich AMNP bang 4a2. Biét goc gilta (a) va (ABC) la 60°. Dién
tich AABC bang:
. 232 B. 4a2 c. 6a2 D. 8a2
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,-gm
32, Cho hinh cho6p S.ABCD, day ABCD la hinh chir nhat c6 AB=a, AD =a"EEE
SAvudng goc vei mat (ABCD) va SA=a. G6c a gilra (SCO) va (ABGD) co gia
tri la:
JANS O B 60° c, 450 D3
33aGho hinh hdp chir nhat ABED1Al ICID 1, day ABCD c6 ABsy BCi#o3.—T; pvi—0e

Mat phdng (ACDj)tao véi day mdt goc 60°. Chidu cao cia hinh hop chii i
i ’ o111

nhat bng: .
| 655 B.TT4 c.id VAR

34. Cho hinh lidng tru di*ng ABC.AIBIC1, ABC la tam giac vuéng tai ¢, AB4E1l
goc B bang 30° . Mat phang (CIAB)tao véi mat day (ABC) goc 45°. Chiell|j
cao cla lang tru bang:

2 M Ly. ———— rajgag

3 2 4 la
35. Cho hinh hop dirng ABCD.A"-iCiD", c6 day ABCD lahinh thoi canha, 3IS

ri. «'vVO D.

géc A bang30°, canh AAj bang . Goc cegitta (ADC,B1) va (ABCD) béngiil

2 “Hj

A. 30° B. 45° c. 60° D. 90° '\évné

PDAP AN VA HUGONG DAN GIAI

I.A 2c 3.A 4A 5B 6D ®wA 8A 9A W,

11.D 12.c 13.¢ 14.c¢c 15.D 16.c 17.D 18.B 19.B 20.1!

21.A 22.c 2B.c 24.A XB.c 26.B 27.c 28.A 2.D D.Ji

3.0 R.D 3RB,D #,D >H.c : < b
1.

Ta co

v2 W
=>SD =a=>SCD = 60°
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=a> ,SO-= a=> ASO =30° suy ra goc gt dinh bang 60°

S
3

A
i
ITa c¢6 (AB,Cd)=(iKHK) ma

=120° => (AbTcd) = (IfCh k J= 60°

los (cd, Ag) =cos(am, Mn) =cosAMN

-lia a>/3 _

14:—2 <r

"u'_l

cosMIN - a2+2a2—5a2 1

2a2v2



7. CoO SA=se =a,AC =aVv2 => Ase = 90(
Vay goc & dinh bang 90°.

Do hinh nén ndi tiép cé day la ABC
nén ta cO0 SA=SB=SC

~

a=SCD,OD=R=-"=>BD=A

V3 V3

SB2+SD2-BD: KViv
2SB.SD 2.2.a

cosa -

Co
co6 tam giac BA” déu "BD,BAIj=60(

(ABAA]j = AAIAD = ADAB)

10.

AH :’\-Z,H C, =—2,AC. = ay;j3

=>AH2+HC,2=ACj2
AAHC"Mvuodng tai H

cosHAC. =-£HL = +
1 ACi 2
A
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|Ca:\/21 BM =AC1M:-

" . BC2+BM2-C,M
2.BCr BM Y

=1

IA C'=aV3=AD =
m

§|sF,(EFK))=sFE=i60"
[ISKNSJIL)] = KSO
o
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BD aV2
=>tan p=Yyj2tana

22. SB=aV2,BM =

V2

. BM_1
=>co0sa =———="—

S 2
=> = 60°

23.
OA = —%=—=>cgso, 2=a_\5§ :—1 —=—=>a= 690
Va V3 3 2

24. (sim),cin)=NIM =60°

25. tanNSM =M N=~ =V~ANSM =60U
SM aV3

(SNP),(SMQ) = NSM =60°
26. Co SO =a, OM =a=>AABC vubng can

tai 0 =>a =45°
27.

(A'BD),(ABCD) = AOA"

=>A0A' =60°



m::
1.

mi - *
|pLay trvong hop dac biét mat phang

11§ qia B-¢-

P . MBC _aMa 2 a
MNP MBC  ¢0s30 4 *va |
m
NC = 2a
cos 60¢(

EIf “emnc 2a.2a — 4a

BT ; 9 Ja ,,-N2
Bicoseg=— 4 — =1
H? - 3a 3

c AER- X q 9
= MNP CO0S600 4 ABC-

4a: "B AN

Q) tanoc =““ 1=-7= a=230°
DA V3
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33.

BD =5,DDj =0D.tan60° =— m

35.

D,| LBjCj=>D1D1=|(ADC,B1)/(ABCD)]
Dll = asin30 :2—
tanD D :=ri =AM 3

£'Djl - 2 2

=>DIDj = 60°
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Bai 2. Khoang cach
THUYET

,_iodng cach tr mot diém O téi mot dwong thang d

Iphvong phap: Dung truc ti€p doan vudng goc tr 0 dén d, két hop di
Epén dé bai tinh toan,

idu 1. Cho hinh chép déu S.ABCD c6 canh day bang a, goéc hop bdi canh
paén voi mat day bang 30°

E). Khoang cach tir D dén SB bang:

an2 d aVv3

a
B. — C. D.
2

Ib] Goi M la trung diém AD. Véi a =1thi khodng cach tir M dén AB cé gia
Eri gan dang la:
m. 0.6X2 B. 0.734 e. 0.637D.0.654
E; Huwdéng dan .giai

€ tinh toan nhanh ta gan a =1, khi dé ta co:



2. Khoang cach tir mot diém t&i mot mit phang e
2.1, Phirong phap tinh truc tiép '‘dmk
Xac dinh hinh chiéu Hcua Mtrén (a)

uac Diec :
+ Trong hinh chép déu, thi chan dudng cao ha tir dinh tring voi tam dayE|p
+ Hinh chop ¢c6 mo6t mat bén vudng gbc vai day thi chan dweong vubng 'goil!
ha tir dinh sé thudc giao tuyén clia mat bén dé voi day. 111
+ Hinh chop cé 2 mat bén vubng goc véi day thi dudong cao cua chop la giag; i
tuyé&n cta hai mét bén nay. \ 11818
+ Hinh chop co6 cac canh bén bang nhau (hodc tao voi day nhitng goc bangl
nhau) thi chan duwdng cao latdm dwong tron ngoai ti€p day. J|
+ Hinh chop c6 cac méat bén tao voi day nhirng goc bang nhau va hinh ctiiiull
cta dinh ndm trong mét day thi chan dudng cao l1a tam dwong tron nali
ti€p day. Néw chiéu cta dinh ndm ngoai mat day thi chan dwong cao ciraS|
hinh chép triing véi tam dudng tron bang tiép cla day (day ia tam giac]. 1P|

+ M6 hinh khoang céach: | -SSi
SA JL(ABC)

AKi.BC AH =d(A,(SBC))

AH1SK

2.2. Phirong phéap str dung cong thirc doi diém

Chuyén tinh d(M,(a)) vé viéc tinh d(M',(a)),

trong do viéc tinh d(MV(ot)) l1a dé dang hon. Thuong chuyén diém
vé diém M' la chan ducrng vudng goc. Doi véi khodng cach gilra hai ma
hai dwong thang va gilta dwong thang véi mat phéng thi ta dua vé khoP
cach tir mot diém dén méit phang.

Néu dwong thing d qua M, N va song song véi mat phang (3)
d(M,(a)) =d(N,(a))
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féu dudrng thang d cdt mit phang (a) tai diém iva M/Ne d (M, N khéng
d(M, (a)) _ M1
d(N,(a) NI

M

L‘m% vai 1) thi

lac biét, néu N latrung diém cta M7thi d*M”~cx)} = 2d(N7(a))
léu/ la trung diém cta MN thi d(M,(a)) = ¢(N”oc))

Phuong phap st dung cong thirc thé tich
hé tich clha khéi chop V =%s.h <>h = — -, The?’as/céch nay, dé tinh khoang

ach tr dinh cta hinh chop dén mét day, ta ditinh Vva s.

.Phuwong phap st dung céng thirc ctia tir dién vudng

0 s& cua phvong phap nay la tinh chat sau:

ia s OABC la tu dién vudng tai 0 [OA+ OB, GBJ OC, OCIOA) va H la
Minh chiéu cta 0 trén m&t phdng (ABC). Khi d6 dudng cao OH dwoc tinh
bang cong thic:

1 1 1 1 .
OH2 OA2 0OB2 0C2

Chiy: Khoang cach gitra dwod ng thdng va mat phéng, gitta hai mat phang
song song sé duoc quy vé bai toan tinh khodng cach tlr 1 diém dén 1 mat,
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)

1=
W
Vi du 1. Cho hinh chop SABCD c6 day ABCD la hinh thoi tdm 0, canh a, gol
BAD =60°, c6 SO vudng gbc mat phdng (ABCD) va so = a. 'E
g) Khodig céeh tir 0 dén mat ptidng (SBO),
A iL B. Q av2 D,
4 19 4 2
b) Khoéng céch tir dwdng thang AD dén méit phang (SBC).
A P2 S I\ D V57
2 4 4 19
Hudng dort giai
a) Ha OK X BC = BC L(SOK)
Trong .(SOK) ké OH + SK=>0H L (SBC)
=>d(0,(SBC)) =0H. o
Tac6 AABD déu =>BD—a BO —;
AC =av3 =06 V3
Trong tam giac vuéng OBC co
1_1 I T 16 n+ _avb
OK2 OB2 o0c2 3a2 4
Trong tam giac vudng SOK co . ﬂ— ___¢sop =& !
OH2 952 OK2 332 19
g |
Vay d(0,(SBC))=0H =R’ }Q]|
b) Tacé AD//BC=> AD//(SBC) =>d(AD,(SBC)) = d(E,(SBC)) AB=avif
K& EF//OH (Fe SK)).DoO H I($EBT) => EF% (SBC) [

=>d(AD,(SBC)) = d(E/(SBC) =EF =20H =2 _
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lyu 2. T¢ dién OABC cd OA, OB, 0C ddi mot vudng goc, OA = 2a, OB = 3a,
ioc =4a. Khoang cach t& 0 dén (ABC) bang:

isiv

I%D« A2a R 3a (Jp 12a D, Sa
V65 2 m Vol 6

n Hudng dan giai

K', A -

I str dung cong thirc:

W I 1 1 1 1 1 1 61

1d2(0,(ABC)) ” OA3 OB2 oc2"4a2+9a2+ 16a2 : 144a:
ﬂVéy khodng cach tir 0 dén (ABC) la -Y==

® L 2
|[Khoang cach, doan vubng géc chung cta hai duong thang chéo nhau

\éva_)_ Trir&ng hop 1: achéobvaazb.
| Dung mit phang (oc) chtab

:vubng goc voi a va cat a tai A
jTr Adung ABJ b .
LKhi d6 AB ia doan vudng goc

‘chung clia ava b.

bf Tru&ng hop 2: achéob [a va b khdong vubng goc voi nhau)

» D wng mat phang (a) chira b va song song VO a.

8’Dung hinh chiéu vubng goc 3acla a lén (a).

p Goi Bla giao diém ctiab vaa' trong (a).

|;rTlr Bké BAvudng goc véi a tai diém Athi

| ABla doan vudng gdc chung cliaava b.
Hidu |. Cho hinh chop S.ABC c6 day ABC ia tam giac vudng can tai A; mat bén
S| SBC la tam giac déu canh a va mat phang (SBC) vudng goc vai day. Khoang
® céch gilta hai dwong thdng SAva BCtheo ala:

g V2 c. & D. IS



Huwéng dan giai
Turs ké SH LBC tai H
-» SH-L(ABC), SH=""
Tam giac ABC vudng can tai A

-»AH £ BC;AH =—BC=—.

Ké HK LSA tai K A

Khi d6 HK la dwong vubng gdc chung ctia SAva BC.
1 / 1 1 ~ 4 4 =16
HK2 SH2 HA2 3a* a2 3a2

d(SA,BC) =HK=—

BAI TAP Tv LUYEN
1. Cho tr dién déu canh a. Khoang cach tlr tam mat cau ngoai ti€p tl dién

dwong thdng chira mot canh cla t¢ dién bang: p
a AV B %% 7 % b p.—1 M M
2 4 2 4 [ |
2. M6t hinh lap phwong ndi ti€p mat cau ban kinh R. Khoang cach tir tam miéi
cau t¢i mat phang chira mot méat cta hinh 1ap phuong béng: ml ||
s R _ 2-J1R,,J3F
3 . 3 c' 4 D- 6 M

3. Cho hinh chép tam giac déu S.ABC c6 canh day bang 3a, canh bén bang 2a|
Khoang cach tlr s dén (ABC) la:

A — B. a c. ava D.a>/3 +'E
2 - mm 19



“)éng I . Goi {© lamat phang qua A song song v&i BC, va vudng goc voi
‘Z%p (SBC), Ilatrung diém cta BC. Khoang cach tir 1 dén m&t phang (ot) bang:

[Z av2 a\i2

EV a B- 2 c 3 D- 4
pho hinh chop tr giac déuS.ABCD c¢6 cac canh bang a. Voi ACnBD =0.
i1 Khoang cach tirs dén (ABCD) bong:

- »
Er».—— B. avz[ c.a D. 2a
T .

!] "Khodang céach tlr o dén (SCD) bang:

1 TyA R V3 Vi
$ 3 m 6 6 3
N

Ménh dé nao sou day dang?

| a. Khoang cach tir Adén (SCD) bang AD

| b: Khoang cach tir A dén (SBC] bang AC
C. Khoang cach tir Adén (SBD) bang AO

|Ip. Khoang céach tlr A dén SC béng AC

ifi Gid sir khoang cach tlr0 dén (SBC) bang Vé. Khi d6 canhhinh chép bong:
la. 3 B. 4 c.5 D.6

|;Cho hinh chép SABCD co6day la hinhthoi tam o, canha, géc BAC =60°,
\d0d'ng cao SO - a. KhoaiSg cach t0 0 dSn mat phang (SBC) bang:

A 8 aVi/ . V57 D 1\1/;7

|_;F(r dién OABC c6 OA, OB, oc dbéi mot vubng goc, OA = 8, OB = oc = 3a.
¢Khoang cach tir 0 dén (ABC) bang:



8. Cho tr dién ABCD c6 AB=AC =AD = 2a. Tam giac BCD vuéng can tailH
va BC = aV2 . Khoang cach tir A dén (BCD) bang:

MA

,Lav3 g T 6 D. > 8

9. Cho hinh lap phvong ABCD.A'B'C'D'canh a. Trong cdc ménh dé sau;
ménh dé nao dung? ﬁg‘l
A. Khoang cach tir A dén (A'BD) bang Y
B. Khoang cach tir Adén (CDD'C') bang SL\fi sElg
c. Khoang cach tir Adén (BB'C'C)béng il

D. B dai doan AC'=aVs3
10. Cho hinh chop ti giac S.ABCD c6 tit ci cac canh déu bang a, Khoang§l

cach gitta CD va (SAB) bang: \PEE
A V6 B c H3 D. K3 -
0 z A " >Ip

11.Cho hinh 1ap phvong ABCD.AETCD’ canh a. Khoang céach gilra AC vé|
mit plidng (BAL & bing:

a*Ji V3 2a

A S B. D. ]

3 2 2 3 i\I/
12. Khoang céach gitra hai canh doi trang t&* dién déu canh bang 2a la:
A didT B. 2a-\|§3- c. 43a D. 4a

13. Cho hinh chép SABCc6 SA X(ABC),Tam giac ABCvudng tai B SA- a,
BC = 2a, AC = 3a. Khoang cach gitta SAva BCbang:

A a B. 2a c. aNi5 D. 3a "4
14. Cho hinh chop S.ABCD c6 ABCD Ia hinh vudng tdam 0 canh a vé|p
SANABCD), SA =a. -™

14.2. Khoang céch gilra SB va CD i3;
Ara B. 2a c 3a D. aV3



2 Khoang cach gilra SAva BDia:

A / aVv 2 P4 T aV
4. av2 . B —— C. D 42
g§£v A
ﬁ% Khoang cach gitra SB va AD la:
A av3 Bavi  c a5 p V2
4. Khoang céch gitra SD va BCI6:
A 4a B. 3a C. 2a D.a
. Cho hinh lang tru ABC*A'B'C' c6 day (ABC) la tam giac déu canh 2aV3.

12
Hinh chiéu cla A'trén (ABC)la trung diém I cla BC, biét A'T=— —

Khoang cach gitta AA' va BCbang:
dr ,‘E B.Sa'g c. 3a” D. 21
, Cho hinh fang tru tam giac déu ABGA'B'C' ¢0 tét ca cac canh bang a.
Khoang cach gita AA' va B'C bang:
Aa B 2a c. ava D S
i . A
| Cho hinh lang tru ABC,ABIC c6 tat ca cac canh day déu bang a. Canh bén
clia lang tru tao v&i mat day moét géc 60° va hinh chiéu cla A Ién mat
phang (A’B'C) triing véi trung diém cta B'C\ B dai doan vuéng goc chung
elia AA' va BC' bang:
\a fi- BWiE . c.W 3 D 3a

2 3 4
.Cho hinh lap phuong ABCD.AMCD"' canh a, Khoang céch gilra AB va
CC bang:
Aa B aVl C.aV3 o D. 2aV1
icho tir diEE OABC c6 AOB=Aoc =&6c =90° va OA=0B=0C =a,
KhoaHg céch gitta OA va BC bang:



20. Cho tir dién ABCD c6 tam giac ABC la tam giac déu canh a, AD vudng gosl
BC, AD =a va khoang céach tir D dén BC bang a. Khoang cach gitta Al
BC béng:

A a-M 6 c. V39 DFMD ’ﬂ
8 8 8 8
21. Cho hinh lap phuvong ABCD.AMETC/D' canh a. Xét cac ménh dé:
[1). Khoang cach gilta BD vd A'C bang a

(2). Khoang cach giira BB' va AC bang aJr

t-iraa

Ménh dé nao ding?
A. [13 va (2) déu sai B. (1) va (2) déu dung
c. (1) dang va (2) sai D. (1] sai va (2) dung
22. Cho tlr dién déw. Xét cac ménh dé:
(1). Boan noi trung diém hai canh do6i dién vudng goéc véi hai canh dé
(2). Boan noi tlr dinh dén tdm mat ddi dién vubng goc v&éi mat do
(3). Hai canh doi dién vudng géc véi nhau
Ménh dé nao didng?
A. Chicé (1), £3] dung B, Chicé (3) dung
c. Baménh dé déu dang D, Ba ménh dé déu sai
23. Do dai doan vudng gbc chung cla hai canh d6i trong mot tr dién déu
a bang:

A V2 B, 22 ¢ av3 p- V3
3 2 2
24. Cho hinh chop S.ABCD c¢6 day la hinh thang vudng ABCD, vudng tai A
va B, Cho AD-2a, AB=BC=a, SA=a va SAvudng goc véi mat phang|
(ABCD). Bo dai doan vuéng goc chung clia AB va SC bang:
ay/3 A aVi ave
2 “ By
25. Cho t&r dién OABC c6é OA, OB, OC db6i mo6t vubng goc véi nhau
OA=0B=0C =a(llatrung diém cla BC. D6 dai doan vubng gbc chu'
clia Al va oc bang:

A Hs B. c. p, V5

10

A. a>/6 B.
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W&

jipcho hinh lap phucrng ABCDA'B'C'D'. Goi o, O'la tam cla hinh vudng
1E/bCD va A'B'C'D'. Ménh dé nao sau day sai?
|p. Khoang cach tir A dén (BB'D'D) bangao
BE Khoang céach gitta AA' va BD' bang AO
®nKhoang cach giira (AA'B'B) va (CC'D'D) bang AOA
& . Khoang céch tir A dén BD bang AO.
feiho tr dién SABC cdé SA-L (ABC). Tam giac ABC can tai A Goi I la trung
feiem BC, dwng API -LSI. Ménh dé nao sau day sai ?
Khoang cach tir S dén (ABCD) bang doan SA
ii|bc I(sai)

§8§AHJ-(SBC)
5p. Khoang cach tir Bdén (sac)bang doan BC

$LCho hinh lang tru tam gidc déu ABC.A'B'C', Goi M la trung diém cla BC,
|xét cac ménh dé:
111y Khoang cach gitta AA'va (BB'C'C) bang khoang céach gitta co va
| a'B'b).
Khoang cach tr B dén (AA'C'C)bang hai lan khodng cach tr M dén
iiAA'C'C).
EiAénh. d& nao dang?
K. (1) drng va (23 sai B, (2) dung va[l) sai
fe [1) va [2] déu ding D. (1) va (23déu sai
pfpho hinh chop tr giac déu S.ABCD c6 ACn BD =H, Xét cac ménh dé:
|p] Khoang cach giira CDva [SAB) bdng khoang cach tir D dén (SAB)
I p Khoang cach tir Bdén (SAD) bang hai lan khoang cach tir Hdén (sad)
03) Khoang cach tir H dén bén canh SA, SB, SC, SD bang nhau
E[iénh dé nao ding?
'»A Chi c6 hai trong ba ménh dé trén sai
fB* Chi c6 hai trong ba ménh d& trén ding
E. Ba ménh dé déu dung
p.- Baménh dé déu sai
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30. Cho hinh hop chi* nhat ABCD.AOD'c6 AB=a, BC~b, AA'E|j4
Khéng dinh nao sau day la sai? )eIEm
A. Do dai dwdng chéo BDlbang Va2+b2+C2 g

B. Khoang céch tir Adén mat phang (CB'D') bang “ VaZ+b2+c2

c. Khoang cach gitta hai dwong thdng AA' va CC'bang Va2+b2
D. Khoang céch gilta hai dwdng thang AB'va CD' bang b

DAP AN VA HUONG DAN giai
ID 2A 3B 4D 51A 52B 53c 54D 6D
8A 9D 10.A 11.A 12A 13.c 141.A 145
15.A 16D 17.D 18,A 19.¢c 20,c 21.B 22B  23.B :
25.A 26 D 27.D 28,c 22O.c 30.B
1.
IM _AM _IM __ 3 a

oc AO 2\2
Ti

2. 2R=2a\/3 =a—7L
Va
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A =av3=>S0O=a
S
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6. OC =%, OB:

2
00 0.SBC la tir dién vudng
1 11 1 4 4 .1 19
h2 0C2 OB2 0S2 a2 3a2'a2 3a2
iVj 7
=h = !
19
-1 1 1 1 11 . 3avil
"h2" a +9a2+ 9a* “ 9a* 11

8. AH ="(2a2)-a2=aVv3

10. Ap dung bai 5 ta c6 d(CD,(SAB)) =d(C,(SAB)) = 2d(0,(SAB)) =
11. d(AC;(BA’C)) =d(C,(BA'C))=d(B’{BAC)

14 11 3 , ph=ava
h a a a a -3

i s /]
// £ "

12. OB = OA =Vas?2- OB2
v3

=via 3 =2aé
MN.AB = OA.BM

MN.2a =2a, » 2a° MN=a/Zk
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kS
=HV =((DH.a)',vw)p =(3,9',vv)p |

9

gp-ee = HI<

o =VO=(aats)P
v=vo ={(@8))p=(e? ‘(ffks)) p = (D"as)p %

Ne =av=(Dalvs)p =



17.
a*Js >3 _3a

TH = M".sin 60° =
2 .2

18.
i/fA5,CC=9C=a

19.

=axi.

AM =>H —
2 V2

h=-i=,

73

AIVOA=iAM <MiVa=mir fl - MIV= ¢
N3 V2

20,

AH=— Al=— A>D] & 3 VI3
2 4 16 4

/\
DLAH= ;AD=ffiira 213 <23 VIS

168
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dung bai 12; f™*?

ich i: Dung phwong phap toa dé hoa.
h2: Dé thdy AABCIa tam giac déu, goi Kla chan dudng vuéng goc ha tir 0
hi Kla trong tdm tam giac ABC Dung hinh binh hanh AMCI, suy ra :
f(AIOC) =d(Al,(OMC])= d(K, (OMC))

1 1

SK<oMc>)=I | A id(K'Mc)-,c™ - OA OB +0C2
A A0+ (BDDB)

1(23 d( AA,BDQ = d[AA',(BDD'B")3 =AO

11(3) dC(ABB'A),(CCD'D3) = B(L:1 = LTl 54= AT4 2 = Ao V2

m

|; SA1 [ABC); BC £ SA;BC = Al =>BC £ (SAIl)

IsA 1) J-( SBC), giao tuyén SI. AH + SI =>AH J-(SBC]

|.JACAA',[BB’CC] = d(AA’,CCJ = d[CC',|[AA'B’B))

IBC — 5 ,d(B,(ACCA))

e ol A iV 8 =2
S-MC d(M,(ACC’A”)
diing do CD/ (SAB); (2) co BP =27 d(B.(SAD)) _
d(H,(SAD))
Btey do tir dien SAD 1a tir High deu.
||: Adlng theo cong thirc tir dién vudng; ¢ ddng do d(AA', CC3 =AC
n Dding do d(AB',CD") =d {(ABB'A"),(CDD'C")) -

*

25513 - m
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Bai 3. Thé tich khoi da dién
l. LY THUYET iig|
1. Thé tich khéi chép u

Thé tich caa KhOi chép co dien tich day Sva chigu cao h la V:is.h-|pi

Mot s6 dang dwong cao khoi chép thwdng gap iTem
+ Canh bén SA vudng goc véi day, h = SA NEEE
+ Mat bén (SAB) vubng goéc voi day. Khi d6 goi H Ia hinh chiéu vuol||]

gér_&-xuﬁ'ng AB h =H IllﬁEl

+ mat bén vudng goc vai day thi giao tuyén gitta 2 mat phang il
.duong cao. 31811
+ Cac mat bén cung tao vo&i day mot géc a. Thi chan duong cao ha il
dinh ch6p xubng day la tam duwong tron noi ti€p day. Si
+ Cac canh bén cung tao viri day mot géc a. Thi chan duong cao ha 8
dinh chop xubng day la tam dulrng tron ngoai ti€p day, |§|f

2. Thé tich khdi iang tru I
Theé tich cla khoi lap phvong canh aia v =a3 ‘I
Theé tich clra khdi hop chir nhat c6 do dai ba canh a, b, cla V =abc - I§jS
Theé tich cta khéi lang tru cé dién tich day Bva chiéu caohla y =

+ Lang tru dirng thi chiéu cao h ia canh bén. -SE
+ Cho hinh chiéu clGa 1 dinh xu6ng 1 mat day thi chiéu cao chinh lap
doan ndi dinh v&i hinh chiéu do. 18I

3. Céac phircmg phéap tinh thé tich
a, Tinh truc ti€p bang cong thirc
- Xac dinh chiéu cao
- Xac dinh ban kinh day
b« S¢ dung ti sO thé tich
Cho ttr dién SABC, cac diém A'(Br, ¢ lan lvot thudc SA, SB, sc thi ta CO:|S
VEABC _SA' SB' SC' m
sasc SA *SB «SC o]
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iilt) Neu AsA'=>— =1

H|+) NEéu hinh choép cé day la ti giac thi ta c6 thé chia lam hai hinh chép
i8, tam giac dé ap dung cong thirc trén. Cac hinh da dién khéac ta ciing chia
»tuong tu.
p|i du 1 (Céu 36 dé minh hoa 2017), Cho hinh cho6p t giac S.ABCD c6 day

te ABCD ia hinh vudng canh a, canh bén SAvuéng goc véi day, SA - ylla.
te Tinh thé tich V cla khoi chép S.ABCD,

Tl B.v = C.V=V2as3 D, V= Vaa-
i, 6 A
Hudng dan giai
Elkp dung cong thttc ta co y ABD--’:‘:.'SA.S \”??3
IU Bop an: D.

Vi du 2, Cho hinh chop S.ABC c6 mét bén SBC la tam giac déu canh a,

Il canh bén SA vuéng gdc véi mat phdng day, goc BACbéang 120°. Thé tich
E cda khéi chop S.ABC

~

m3
. B. . D.

,r:m‘ 5 18 “ 36 48
| Huéng dan giai

aycach 1:

| Ap dung dinh Iy ham sd cdsin cho tam giac ABC
| Taco: BC*=AB2+AC2-2AB.AC.c0s120°

| «>a2=2AB2-2ABa(-—)

I 2

| « a2=3AB2=>AB =173, 7 ¢
I 3 B

1aVv3 aVv3 V3 _ a2li3

2 3 12
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SA = V/sB2- ABZ:Q;’:\Z- T3 "

Vay V. - —a.?/E SI/E-
ay S 3 12 ' 3 36

Cden 2;
Goi | latrung diém BC => Al LBC, SI XBC I'ff
v. X sA
*3

SAR =-BC.Al =ja.Al

AABC 2 2
Ta c6 tan 60° = <SAZ=A=>A|=-"=,

Al 2\Ve
Va
rABC 12

SA=Visi2- Alg= /avaz Ve

A VT
Vay YSABC 36

Vi du 3. Cho hinh chép S.ABC c6 day ia tam giac vudng can tai B, AB =dE
canh bén SA vudng gbéc véi mit phang day, goc gitra 2 mat phang(SBC)!
va (ABC) bdng 30°. GoiM la trung diém cGaSC . Thé tich cta khéi chop 11
S.ABM tinh theo a la:

A 3l B. c. 35 p. &
12 18 i 36 48
Hudng dan gidi
Céach 1: Ta co

({SBC), (ABC)) = SBA=30°

Goi Hia trung diém AC
=MH //SA~ MH L(ABC)

Vansn = Vsage - Vvasc
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UL aBISA-MH) =~SaECsA

mr=BAaBe=%
tift o
11 tan 30° = °A 1 SA gp- 2
SB”MV a a V5’
o V3
jt(;||Yay Ysam  4p
caerzy  =2v -t lwe 12 az advs

W~ 2 SASC —2'TF 6Ur~2~ 36
lyl du 4. Cho hinh chop S.ABCD cé day la hinh thang vudng tai A va B
E|:AB =60 =8 AD =2a, SA vubng goc véi mit phdng day, SA = 2a

iiiimGoi M, N lan lvot ia trung diém cua 54, SD. Thé tich cla khoi da dién
glbang:

B, ~ c. 2a3 _4a3

EF Huéng dan giai
VABCDNM - VMABC 4'-VCADNM

KIABC gr"AABC MY

M gapctsa”
2 6

) 32
g & , .
%,,G / la trung diém AD, ta ¢c6 ABCI la hinh vuéng =>Ci + (SAD),
_ 1 - 1{AD+NM)am
Veaomii ™S 2 —aGhivr— 2 Cl

. 1 (2a*fa)a a3

3T
" a3 as 2a3
|Vay VABCDNM

= 173
i)



Vi du 5. Cho hinh chop S.ABCDcé day la hinh thang vubdng tai A va Da
AD =CD=a, AB =3a, canh bén 54 vubng géc v6i mat phang day. Goll

gitta sc va mat day bang45°. Tinh theo a thé tich cta khdi chop S.ABCD. !

A B, C. 2a3V2 D, 4a3V2

3 6
Huwéng dan giai
(SC7(ABCD)) = SCA = 45°

SA
3 iip
_(AB+DC)AD _ (3ata)a _
(*tABCD 2 2 =

A5AC vulng can tai A m

SA=AC=VaD2+DC2 =47
|||J

vy vamD 2V, - il

Vidu 6. Cho hinh chép S.ABCD c6 day la hinh vudng, canh bén SAvudng géc é i
vGi mat phdng day. Thé tich cla khdi chop S.ABCD la bao nhiéu, biét:  ijIEE

a) AB =a, goc gilra SD va mit phang (SAB) bang 30°. 1If
p 83 g, /0 g, 83V a3S éRNSu
3 6 3
b] BD = 2a, gdc gilta mat phdng (SBD) va mit day bang600.
A B C. 2a3V1 D 2 M
3 6 3

Huwéng dan giai
a) (SD,(SAB)) = DSA = 30°

Co tan.30° = <>—Lr=-5- ==SA- a\/3
SA V3 SA
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VisB0 = —S,a TM.SA = Aa2.SA

=la 2aVl=
3
1 Goi 0 =ACnBD
((SBDMABCD)) = S6A =60°
AB2+BC2=AC2=BD2« 2 AB2=4a25. AB = =42
(A =0A.tan60° =a>/3. y 2a373

'
dw 7. Cho hinh chop SABCD day ABCD Ja hinh vuéng canh a, SA-L (ABCDX

IA=a AZEl C D lan iwot la trung diém cta SQ SD, SA SB. S' la tdm hinh
udng ABCD. Thé tich khéi chép S'A'B'C'D' la:

ad
B. 18 C. ﬂ D. %
Hudng dan giai
Ta c6: (A'B'C'D'")/7 (ABCD).
IsSAL (ABCD) =sA L (A'Br D )sAft (ABL D)

:SA'-—2I8A=5; degg;A'B'.A'D': 5 9 4

Weapco ™ BapeetBFL 73757

du 8, Cho hinh chép SABCD c6 mat bén S422 vudng goc véi méat phang day
va tam giac SAB can tai S Tinh thé tich cta khdi chép SABCD, biét rang
ABCD Ia hinh vudng canh o, géc gitta mat SBD va mat day bang 60°.

A B. C. D.
12 6 9 Lo

Hudng dan giai
Ké SH LAB(He AB) [Hia trung diém cla ABJ
=>SHJL(ABCD)
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Ké HU_BD(le BD)=>SI-LBD s

=> ((SBD), (ABCD)) = SIH = 60° é
C6 SAD=a2, SH =Hirtan 60°
EH- 1AC - =>SH - av? >
4 4 4 x&.s n v\ / ;YA
i 1 3 /7 ml---/ 3
Vay VSARID= ﬁ}é‘ﬂls frd :=1;‘ B c m!
G

Vi du 9. Cho hinh chop SABCD co6 day la hinh|thoi, mat bén SAB la tan-
giac deéu va nam trong mat phang vudng goc vii mat day. Thé tich khol
chép SABCD la:

a) Biét; AB=BC“BD=a

A.— b M
3 3
b) Biét: AC =2a,BD =4a
A VIB g Vi5a
6 m 3 N,

Hudng dan giai
Goi H la trung diém cla AB, vi ASABdéu =>SH LAB

a) ASAB déu canh a =>SH =
Sabcd=2Saabc-2 . AACBO [0 =ACnBD)

=2A0.BO =2VaB2-B 02.B0

~92Ja - a Wv3
v2y 2

Vay VSABD ;Sabod«SH: .

b) S,gcp =- AC.BD =- 2a.4a =4a2



A:-2Ac =a,OB=-2BD=2a,AB=V©AA+C)iA=aVs

‘AB déu =>SH :AB__2 =

A 233415
ay Vs-agcp
du 10. Chop tam giac déu SABC c6 day la tam gidc déu canh bang a, cic
h bén tao v&i day mot géc 60°. Thé tich cta khdi chop la:
V3 Rams C. ,a D, a3
27 12 eS 9
Hudng dan giai
poi Mlatrwng diém cta BCva Hla trong tam tam giac ABC

li d6: AH =i AM = . Ta c0: SAM =60° nén SH=AHtan60° =a,

pABC
du 11. Chdp tam giac déu SABC c6 day la tam giac déu canh bang a, cac
Canh bén tao v6i day mot goc a. Thé tich clha khoi chop la:

a tana tanaV3 a' tana a tana

C. D.
9 = 12 312

: Hudng dan giai
Goi M la trung diém cla BCva H latrong tam tam giac ABC.

/ Khidé: AH=- AM ="
I 3 3

. A _ _ - &

lAco: SAM =a nén SH = AH.tana = 5 tana, Sﬂ— 4

n,A"\T _1CTIC 133 A a2v3 a3ana

P>°q6  sasc= o asc=3' 3 tBna- 4 -“—12 m

du 12. Cho hinh chép SABC c6 cac canh bén bang nhau cung hop voi day

géc 60°, day la tam giac can AB = AC =a vaBAC =120°. Thé tich cta khai
chép do la:
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VB

., P

A ¥ B. C. D. %% %%
Huwéng dan giai n

Goi Mlatrung diém BCva Hlatam duong tron ngoai tiép tam giac ABC;f!
SH chinh la dwong cao cta hinh chop. iiil

SARC=-AB.AC.sinl20° a 4 va BC =2BM = 2.ABsin60P=aV3 'ew *
W r

HA =R =""7L\1b8'\C = a=>SH = HA.tan60° = aV3 i

|

Do vay: VSC=~SH.SAC=]|a 5. # 1

Vidu 13. Cho tir dién ABCD c0 cac canh AB, AC va AD dbdi mot vubng gécA||II
nhau; AB=6a,AC =7a va AD =4a, Goi M, N, p tvong &rng la trung tilll

cac canh BCyCD, DB. Thé tich V cla t dién AMNP la: Jils
A. V =—a3 B. V= 143%.V-
2 i 3 S 1|
Huwéng dan giai *
Ta co: VAR = ~AB ACAD _ og; Vs
Vpapy DP DN_ 1
- ==V ==V o e = T4
VD_ABC BD DC 4 D.APN D.ABC
Tuong tw, ta cling €0 : Vg ayy =7a3Va Vg oy =72 ‘Hhi
T d6 suy ra: VAVNP =28a3-3.7a3=7a3 * AiMNP

Vidu 14. Cho lang tru ABCA"C 1co day ABC la tam giac vuong can taill||
AC =2a.Hinh chiéu vudng g6c ctia A’trén mat phang (ABC)Ia trung
diém cla AC, dudng thang A'B tao v&i mét phdng (ABC)mot goc fof]|
45 . Thé tich khoi lang tru ABC.AMC™ tinh theo a la:

Hudéng dan giai
Do tam giac ABC vubng can tai Bnén AB =BC =aVJ
Goi H latrung diém AC =A'H + (ABC)
Suy ra goc gitta A'Bva (ABC) la A™BH =45°
Nén tam giac A'HB vubng can tai H
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e

LI
a J3H:2—AC:a:>A'H =a
|

Ion

\r- VABCABC=A'H.Sabc=a.iaVlaV1=a3

iu 15. Cho ABCD.ABrC’D’ lalang tru dirng c6 day la hinh vuong.
*im giac AAC vudng cén, biét A'C =a . Thétich ABBrc 1bang:
& Huwdng dan giai
U
’C=a va AA'AC vubngcan =>A’A- AC=a—

J1
BB'=a— .MaAABCvubngcan: AB=BC=- =>B'C'=-

W * 1 d2Ai2

Ilyay Yi.Bii ¢ g"@MBB'C —

Ip...

piu 16 fCau 35 dé minh hoa THPT qubcgia 2017).

Si&t A'C = a\i3,thé tich khéi lap phwong ABCT>.AIBIC,D'ia:

MOK. a.n3 )

'V = a3 B.V= 0. V =3043a3 D.V=-a:
B ) 3
JK - Hwéng dan giai

R..4 00t AC=AA'4T
s a A'C2Z AAZHAC = 3AA2=> AA =amx\i=a3.
Wm BAI TAP Ty LEJYEN

EMOt hinh tt dién déu cd chiu cao bang — thi thé tich clia n6 bang:

Mip 12 . T Ve >4
MGt hinh lap phuong cé dwdng chéo (doan thang ndi hai dinh khdng cung
Imot mat) bang a. Thé tich clia né bang:

B.

179



3. Mot hinh chdp tam giac déu co6 canh day bang a, dudng cao cta hinh

bang dudng cao ctatam giac day. T
Thé tich khdi dé bang:
- B. 1 D,
A 3 C i J g
4. Thé tich cta khéi hop ABCD.AB,CD' la [biét rang la khdi tir dL
déu canh a]
A, 33V2 B, C. D.

5, Cho hinh hop chir nhatSABCD.A"CD' cO AB=a,BC—h,AA'-c. Goi @
1an luot 1a trung diém cla B'C' va CD. Mt phdng (AEF) chia hinh hdp
thanh hai hinh da dién (H) va (H3, v&i (H) la hinh da dién chta dinh|
Thé tich hinh CH) ia:

25abc B 47abc C. abe o abc

12 12 ~72
6. Thé tich khdi ti dién déu canh bang 1 cm bang:

Ap

1 1 77~ XL
ALY
>

A = cm’ B. Vl_; cm?® €. VT;’-cm; D. 2cmVi-[;18

7. Néu mot khéi tir dién déu co chiéu dai canh bén ting Ién k 1an thi théA
tang Ién:

A K Ian B. k3 Ian c. "\Iig-lé\% B, k2 |an_,_ﬁaT
8. Cho hinh hop chit nhat ABCD.AB'GD' c6 AB =a;AD=2a,AA'=a.Thét|

cla k§6i t¢’dién AB'D'C' la: * J

3 P s 2a3 - S

A ) B. 2a3 C'"'é' D. Két qua kha
9, Thé tich cta khoi chdp tt giac déu co tat ca cac canh bang a f;

L B c. 32 D adV2

3 4 6 2

10. Cho khéi ladng tru tam giac déu co tat ca cac canh déu bang b. Thé 1
khoi lang tru doé la:

g b3Va c h3Vi

A D. Két qua khag

4
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I Cho khoi t6 dién ABCD c6 doan BD la doan vudng goc chung ctia ABva CD,
&,@l =a, AB = ¢, CD =b . Gdc gitta AB va CDbéng 30°. Thétich t& dién ABCD la:

anc G abe D. K&t qué khéc

B.
f 7 (53 U
Gho hinh chop tir giac déu SAABCD, AB =Ilcm, gdoc gira mat bén va day

ang 60°. Khi do thé tich ctia khéi chop bang:
V2cm3 B. 2V3cm3 C. 3 cm3 D -~ cm63

i Cho hinh chép tam giac déu SABCBIiét SA” 2cm, goc gilta mat bén va
Indt day bang 60°. Khi d6 thé tich cia  khdi chop la;

EJL-* - 21 7 c. —Fcff" m D. 26 cm3
if 7Vv7 V3

E. Cho hinh chép cut t¢ giac déu ABCD,A'BIC'D' c6 ArB'=a,
JAB - AA" Thé tich cta no bang:

A 7ad\j2 B. Wi o 'S, D. 7a3V2

i9; /4 24 4» 48

n Cho khéi t&r dién H cd thé tich bang V. Xét khdi ti dién IV c6 bén dinh 1a
ﬁrong tam b&n mat ctia H. Thé tich ctia H' bang:

b Y B ¥ cY p, ¥

E: 27 9 8 4

& Cho hinh chép SABCD co day ABCD la hinh vubéng canh a. A, B\ C, D’
[lan lwot la trung diém cla SA SB, sc, SD. Ti s6 thé tich cta hai khdi chop
E.A'B'CD' va SACBD la:

A - B. - c. - D. -
m 8 6 4 2

. , 3R
fCho mét cau ban kinh Rva mot hinh tru c¢6 ban kinh 2R va chiéu cao —+
_ " )

IKhi d6 ti so thé tich clia kh6i cau va khoi tru twong ng la:
- vc 1 ,, W



18. Cho khdi lap phuvong ABCD.A'B'OD' Goi 0 ia giao diém cua AC va

Tinh ti so thé tich gilra t&r dién OBCD va khoi lap phuong: 46a®
A. - B. - c. — D % 'M
6 8 12 24 Sm

19, Cho hinh chop s. ABCD c6 thé tich V véi dayABCD Ia hinh binh haniEl
Goi A',B’ lan luot la trung diém cac canh SA va SB. Thé tich t
A'B’BC bang:

A — BV c. 2V D.X.
6 8 15 9 w H

20. Cho binh lang tru tam giac ABCA'B'Cr co thé tich V. Goi | ia tam |
hinh binh hanh ACCA". Thé tich t& dién ABB'T bang: T

B. Vv C. 2V D. v

, ; <8111
21. Cho hinh chép tam giac S,ABT Goi A',B' lan luot la trung diém ctia Ema
va SB. Mat phdng (AHB'C) chia hinh chop thanh hai phan. Ti s6 thé tilcl”

hai phan do bang: 1B
A — B.- . c. - p— WE
2 4 3 1119

22. Cho idng tru tam giac ABC.A’B’C\ Mat phang di qua A,B va trunl|||
diém canh B'C’ chia lang tru thanh hai phan, Ti s6 thé tich hai phan dé 1||||1B
A r B. r l c.7- D. i) m m

2 .12 4. ... _ 5 m...

23. HOp lang tru ngi giac ABCDE.A'B'CD'E c06 thé tich V. Goi M, N, p, Q,nsfi
J]a trung diém AA' BB, Cd, DD', EH/ thi thé tich lang .« 1
ABCDE.MNPQKDbang: '

A -1\/ B.-V D. —V
4 10 . ypH
24. Cho hinh hép chir nhat ABCDA‘BC'D‘ c6 thé tich V. Goi M, Nia trung di€ipil|
A'B' va B'C' thi thé tich kh&i chép D\DMN béng; m
N
AV BV C. 5 D. XG IR
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~N A

K h o hinh chop S.ABC c6 day la tam giac vudng & B.SA +{ABC). Biét rang
Bh8|b —3,SA = 4. Khoang cach tir Adén (SBC) la:
| B .34 .= D. —
meE~ 5 3 3 25
l|||[Cho tk dién déu ABCD canh a. Biém Mthudc mién trong cta khoi ti dién.
mB ntc/ mD twong ¥ng la khoang cach tir diém M dén cac mat

Slarig (BCD], (CDA], (DAB), [ABC), Khi d6 m A+ mB+ m ¢ + m Dbang:

B i i
! D. av3

8E. 3 3 2
iMphc) tir dién OABC dbi mot vuong goc voi nhau.
iiiGoi OA =a, OB=bh, 0C —¢. Diém Mthudc mién trong tam giac ABC. Goi

19/ly.z tuong tng la khoang cach tr M dén cac méat phdng [OBC), (OCAJ,
IpPAB) khi d6 biéu thirc nao sau day la ding?

.t|+b+l<l B.*+X+Z=1
a b ¢

EG XY,z D. 4 £+_=3

R ab ¢ a b ¢

IIpCho t&r dién déu ABCD. Biém M thudc mién trong cla tt dién. Goi x,y,z,t
»twong ng la khodng cach tr M dén cac mat [BCD), (CDA), (DAB), (ABC).
|[f(Toi a, b, ¢, d twerng ng ia khoang cach tr A B, ¢, D dén cac mat (BCD),
B|cDA) (DAB), (ABC) thi:

'E/% a b eZ_JL_<1 B'%blié&&_t —
EX y z t-l A L_l_ylz t_
0>-ab ed I::)'a b ¢ d 1

n Cho hinh chop tir gidc SABCD c6 canh SA =X tat cd cac canh con lai c6
IJldLthLM hithg 1. V6i gia tri nao cla Xthi VSBDdat gia tri 16n nhat?

Ha. x=V3 Bx—gé C. X = 235 D. x =473 .

Y c

|g| Cho hinkh Iang tru xoay tron, ban kinh day la R, duong cao 00 1=h (O
pva O' la tam cla cac day]. AB la mo6t duong kinh di dong cla dudng tron
g (O), CD la mét duwdng kinh ¢d dinh cla dwong tron (Of), goi a iagoc gitra
E AB va CD.VG6igia tri ndo cta a thi ti dién ABDC c6 thé tich 1¢n nhét?

A a==-~ B.a=— c.a=-2 D.a=n.

4 3
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31. Cho t* dién ABCD c6 d la khoang céch giita hai dudng thang AB va im
CD. Géca la goc gilta hai dwong AB va CD, thé tich ti dién dat GTLN kIS8

goc a thay ddi la: <JE1
A vn&=AB.CD.d B. Vns=1 AB.CD.d e B
c-V,, =\ AB.CD.d D. vha=i AB.CD.d

32, Cho hinh chép SABC c6 SA -L(ABC),BC = AB.

B .N- , _
V a2-t-b2 a2+b2+c2 V a2+b2 a2+b2+c2
A\ a2 n 'V a2 i®
mV a2+b2+c2 'V a2-hb2 JiE

33. Cho hinh chop S.ABCD c¢6 day la hinh vudng canh a, SAvubng goc vi daai
va SA=a, Goi M, N lan luot la trung diém cta SB va SD; | la giao diém clai
sc va mét phédng (AMN]. Thé tich khéi chop MBAL Ia:

A pid c.-- 8 D2 18
12 18 24 36

34. Khéi chép tam gidc SABC c6 day ABC ia tam giac vudng gan dinh ¢ va SA

vudng goc véi mat phang (ABC), sc = a, sin gdc gilta hai mat phang {SCBI

va (ABC) dé thé tich khi chop I6n nhat Ia: l
A B 1 D.a . i1
2 3 3 ,

35. Cho hinh chép SABCD day ABCD la hinh vuéng canh a, SA+ (ABCDIll

SA =a, diém Me AD, Ee CD, AM =CE = T Goi N la trung diém CO%BM,.KIJ
HE
giao diém cla AN va BC, Thé tich khoi chop SADK Ia:



lippm

|4j6. Cho hinh chép déu S.ABCD, 0 la tam day, M la trung diém cla so, khoang
g8 cach tr M dén méit phang [SBC) bang b, AB =a.

p fh é tich hinh chép S.ABCD la:

%&av‘z% ad ] B-V:T Vaad
. 8 Va2—16b2 3 Va2—16h2
Kly=1 2ad o y=l 4ad
Lk 3 Va2—16b2 3Va2-16b2

PAP AN VA HIr6NG DAN GIA!
e 2.B 3.D 4. A 5.A 6.B 7.B 8.A 9,c 10. A
liob  12.D 13.A 14.A 1A 16.A 17.D 18.c 19.B 20.A
li.o 22.A 23.A 24,c 25.B 26.B 2/.B 28.B 29.A 30.c

I7Td 32.A 33.D 3#A.c 35.D 36.cC

* 50 =~ -: OA2+s02 SA2
2 2

i—_}—7=>AB =—\}9/3

114. OA=-4==>S50= -V
2V?2 2V2

0'A’A-ANS O M- 5)
: V2 V2
V

 anzmo iy a5 tepARN S, ABCD

L

_ p Ta3d2
= éscv.aZ——Sso 1 E% | 24

2R AP
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17. Thé tich kh6i cAau Vc =—R3
: 3

Thé tich khdi tru VT=-A-7t(2R)2=671R:
4 2

Vayﬁ\ :6
VT 3 9

18.
d(0/(ABCD)) =-a

— a3
12
Yo.8co B 1
V 12
19.
VAB'BC: v S.ABC_V S.AD’C _VVA‘.ABC

~V_11VJIVArV
2 222 22.8



N/~

VvV =V =A§v
A,

Hi<Y-W ) -1(V-1V]

&V
6

C-BAA'B’

11x 2

-V§.ABC-- 2 2'VSABC = jV

Suy ra ti s0 thé tich cla 2 phan

.1*:1,

ABMB'A'N "ABNA’+ "B,A'B'MN

4 v-* -4 |v



25. d(A(SBC))=AH= ,ABAS =— .
vV V n Vab2+AS2 5

26- A(mMA+me+mc+m #)"-f~="&- Cépdung bai 6)

mA+mB+mc+mD avo

X "MED.Y VMDA,

a Vap'hk Veaa

Z AMDAB. t _ VMPEC,

C Veos'd- Ve
X

STV R AT S
a b ed

29. VSBD=id(S,ABCD).SABIX |.I.I =]

SB-L(ABCD)
. X=V2
Dau "="xdy ra <> sc*(abcd) ¥ Vi
sD4L(ABCD) 7Y@
30.
VABCDA%‘%\A‘CB‘D VA_.MDC VBF% Tc.'cAé —D'.MAB

N

fl 1
=xyh-41 th.~xy

=-xyh”-hx2+y2=-h . *""-=-R

Dau "="xay ra «>X=y <>AB* CD <>a = —



Wa
ﬁ)'SI. Ap dung cbng thic V=-1AB.GD-d.sina<-}AB.CD.d

E2'

> B'S a2 . C'S a2

| AC=NW2+cZigg =fly  og a24p2;:0C~b2+c2
V, _SB SC" a2 a2

i "SABC  SB SC  a2+b2 a2+ b2+c2

33,
IC JS AO _

ISJOAC
=>1¢ 1 1o —iCopan 1€ oL
IS 2 IS SC 3

VAIMB 3:VS.ABC -V/S.AMr -VVT.AOC

= Ysnec "A:I-é ySABC - rsi \;S.ABC

=1y ity =1 1lgas a

T SABC A'2  SABD 12 *3 ABCD 3G

T34. SA=a.sina
I CS =a.cosa

| VRS = IéaASabc :?Jéa.siir%a..}eaz.cosza
I =—a\sincc(l-sin2a) =¢a3(sina-sin3a)
¥ UI\A( <=>ginx =~ f'Vi3

(xétham f(t) =t-t3ti=[0;1] )

35,
SADK :Z_SABCD -
X le A 1 a2 a3
N Ys.ADK ~ 3 ADK ~ "3 % ‘~2~ ~

SC
SC

a +b +c
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36. ON = —
2

11 1
OH2*“ ON2+ OS2

1 1 £ a2-16b:
ANOS2 OHz ONi-4b2 a2 4ab

SO- 2ab
Va2—16b2
1 2ad
V=-S0.a2=
3 3 \Va?—16h2
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Ef Bai 4, Mat tron xoay
MAT CAU
aiinh nghta
gicho mot diém 0 c0 dinh va mot so thuc duong R Tap hop tat ca nhitng
Tdiém M trong khong gian cach diém 0 mot doan Udng R duoc goi la
mat cau tdm 0 ban kinh R Nhv vay mat cau tam 0, ban kinh RIa:
1. S{0;R) ={M IOM =R}
Efay voi 1 diém ADbét ky:
Inéu oa <R thi A& bén trong mat cau.
Néu OA-R thi A thudc mat cau.
aNéu OA >R thi A &r bén ngoai mat cau.
Nhan x&t Cho diém M thudc mdt cau duong kinh AB thi ta cd
eEAVB =
v Mi tri two*ng ddi
)Vi tri twong doi ciia mat cau va mat phang
| Cho mét cau S(0; R] va mot méat phang (PJ. Goi H l1a hinh chiéu vuéng
Jgoc cla 0 l1én mat phang [p) va d " OH la khodng céch tir O dén mat
Jphang (P). Ta co :
¢Voi d >R thi mat cau (S) va mat phang [P] khong c¢6 diém chung.
« \V/6i d=Rthi mat phang (p) tiép xdc véi mat cau (S). Khi do ta goi (P]
laa tiép dién. r
| V6i d < Rthi mat phdng [F] c&t mat cau (S) theo mot duo’ng tron (C)
fvoi tam Hva ban kinh r dwoc xac dinh nhu sau:
- Hla hinh chiéu vuéng goc ctia tam 0 1én mp(PJ

Ban kinh: 7=\/r2-OH 2.
VI tri twvong d6i clia mat cau va dwdng thang
Cho mét cau S(0; R) va duong thdng (A). Goi d = OH ia khoang cach tir

0dén (A) thi ta c6 cac trvong hop sau:

V6i d >Rthi (a) va (S) khong cd diém chung.
V6i d - Rthi (A) tiép xic vai (S).

V6i d <Rthi (A) cat c tai hai diém A Bphan biét



3. Cac tinh chat cua tiép tuyén -|S]|

Pinh ly 1: Qua diém Athudc mat cau S[0; R) thi c6 vO so ti€p tuyén véi mat da|l
(S). T4t ca cac tiép tuyén dy déu nam trong tiép dién cua (S) tai diém A,

Pinh 1y 2: Qua diém A bén ngoai mat cau S(0; R) thi c6 vo s6 tiép tuyén vai GEIE

cau (S). bo dai cac doan thang ké tir Atdi cac tiép diém déu bang nhau. :JH
4. Dién tich, thé tich -AIEI
Dién tich cia mat cau: S=47IR . i; TEA
Thé tich cla khoi cau: V =— /723 jig

) . L . e . e MWK
5. Cach xac dinh tam va ban 13<|nh mat cau ngoai tiép khoi da dién

a. Pa dién cé nhitng mat ia tam giacvudng c6 chung canh huyén JI|
Khi d6 tam mat cau ngoai ti€p ia trung diém canhhuyénva ban kinlllf _

\ M
bang —do dai canh huyén.  Ip|

b, Ba dién ia hinh chép SABCD (day cling ia cach xac dinh chung cho hinh chép)
Brdc 1. Dung truc A clia duong tron ngoai ti€p mat day (A vudng goij
véi mit phédng (ABCD) tai tam dwong tron ngoai tiép). yim
Bwéc 2. Bung mat phéng trung trec (P) cla mot canh bén (néu cé canhll
bén ddng phéng v&i A thi trong mat phédng dy ta chi can ké dwongii
trung trwc D. cia canh bén). “ill
Lay giao diém | cta Avii (P) [hodc viri D]. Ta c6 i cach déu céac dinh s||
A, B, ¢, Dnén Ilatdm mat cau ngoai tiép hinh chép S.ABCD. ;|H



,Goi 0 va 0' la 2 tdam cla 2 day. C6 00" £ hai day.
ii|8G:0i I la tam mat cau ngoai ti€p lang tru ding.

K TA .l =A2..Anl=A"1=a\ I=...=Anl (1)
m } A'T=A"1 2

J=>le O0',(2)=>le (d) (v6i Dia dwong trung truc cta AAiJtrong mat
pVphang (AA\O(Y).

plAuy ra I 14 giao diém ctia Dva 00"
lipuy ra ]latrung diém ctra 00"
Tp|du 1. Cho hinh chép SABC cd ABC latam giac vudng tai Bva SAvudng goc
[fliday. Goi Mva N lan lugt la hinh chiéu vudng goc ctia A lén SBva sc. Biét AC co
i§|dai la a, khi d6 ban kinh mat cau ngoai ti€p khoéi da dién ABCMN la:
B. c. 2 p. &
2 2
. Huéng dan giai
+(/IBC)=>MJLiSC]

. ]=>BC-L(&45)=>(.SAIiS)+{S5C
BC J_ABJJ ( )= )£t )

| 1 jAM £SB=> AM J {SBC) =AM +CM

R(Suy ra AAMC vuong tai M.
gETwong tu ta cling c6 AANC vudng tai N, c6 AABC vudng tai B
HI Vay hinh da dién ABCMN ndi ti€p trong mat cau duong kinh AC, tam T

Il;
iy

K fatrung diém cla AC va ban kinh R= —

id| du 2. Cho hinh chép S.ABC c6 dulrng cao SA = a, day ABC la tam giac
Edu canh a. Khi d6 ban kinh mit cau ngoai ti€p hinh chop la:

~

ma.51. | a i

I Huéi\g dan giai
| Goi [ latam tam gidc ABC, qua I vé d// SA Goi H la trung diém clia SA
te qua H vé dy/Al, dnd'=i ~ Ila tim dwdng tron ngoai ti€p voi ban kinh la

n ai'=Vai2+ah2= V21



vi du 3. Cho chdp tam giac déu S.ABC canh day AB =a, dwong cao SH =ljH
Tinh theo a va h ban kinh hinh cau ngoai tiép hinh chép,

h +a2 3h +a 8 -ha _ 3h*+agm
6h 2h QR- " g P RT— —am
Huwdng dan giai
Tam o cla mat cau ngoai ti€p t& dién S.ABC la giao diém cua truc 3°1
va trung trec cta canh SB thudc mét phédng (SHB).
Goi Mla trung diém SB. T gidc OMBH ndi ti€p suy ra:

SOSH = SMSB “ - — M
cd2 ) 0 "
R=0s =57 trong do: / < \ O\ I8
"2as.™ a4 s+ 0*n 570 mill

SB2=;SH2+HB2=h2+ -
3 2 J i1l

Vay ban kinh hinh cau ngoai tiép SABC la R =— 6?1—- ' EeE
|
Vi du 4. Cho hinh chop tam gidc déu SABC, c6 canh day bang a va goc hop bd||l

mat bén va day bang 60°. Tinh ban kinh mét ciu ngoai tiép hinh chép S.ABC. /JH

A — B .7l c.Tli dM ‘o
12 13 12 15
' Huwdng dan giai |p
Ap dung cong thirc & vi du 2. Nhw vay, can phai xac dinh chiéu cao khdi chép/ s
3 3 2 2 uM
Vay ban kinh mat cau ngo?i t\izé'p hinh chép S.ABC la:
D__v2) T3 e
T e B— . bap an; L. a
,a 2 TP 'l 1_|_
0 Al

Vi du 5, Cho hinh chép tam gidc déu S.ABC, c6 canh day bang a va gocJ
hwp b&ri canh bén va day bang 60°. Tinh ban kinh mat cau ngoai tiép hin|H
chép S.ABC,



yéy, ban kinh mat cau ngoai ti€ép hinh chop S.ABCla R =3 22
ARG .

| 6.2

du 6. Ban kinh mat cau di qua 4 dinh clratr dién déu ABCD c6 canh a la:
etkL/h L - ay[6 ay/u a"tli*u* o
E 2 3 4 5

;T?-"’ Huwdng dan giai

Goi Gla trong tam tam giac ABC, khi d6 tam
ISmat cau ngoai ti€p can tim fa giao diém
igiva truc cta tam giac ABC (dwong thang di
_ua G va vubng goc vdéi (ABC]) voéi mat
lihdng trung trwc AD.

IToi M la trung diém cua AD. Ta co:

am .DA=DI.DG => DO = PM-DA _ajé
i DH
Jdu 7. Ban kinh mat cau ngaai ti€p hinh lang tru tam giac déu
ABRCARB'C' c6 tat ca cac canh 1a a. Ban kinh cla né 1a;
] w21 a47 OVl a4fi
%AI 4 B. 6 C. 6 D.
;. Huéng dan giai
-Goi 0, 0' la tam 2 tam giac ABC va A'B'C\
Jfa c6 tam i mat cau ngoai ti€p lang tru la trung diém 00"
C6 ban kinh:



vi du 8% Cho lang tru tam giac déu ABCA*BO cdAB-U, mat
(A'BC) tao v&i mat phang (ABC) mdt goc bang 60°. Goi G la trong
clia tam giac ABC. Tinh ban kinh ctua mat cau ngoai tiép t dién G
theo a la:

6a la

la ,
A . R= B. R c. R= D. R=1i
11 13 11 12

Huéng don giai
Goi A'GnBC - M
IA'M + BC _'; .
lmAXB’C I/AABC can tai A
(CATbCMABC)) = AMA' = 60°
Goi GJla trong tam AABC
=GG71AA’=>GG' X (ABC)
Xét AGG’Mvubng tai G
Co6 goc {GMG’) = 60°

=>GG'=G’M.tan 60° = éAM. tan 60° =

Ap dung cong thirc cau 3 —>R='2
BAI TAP Ty LUYEN 11
1. Cho tam giac ABC. Quy tich tam cac mat cau di qua ba diém A,B,c !a:l||
A. Budng thdng vudng goc voi mp(ABC) tai trwc tdm taip giac ABC. «E
B* Budng thang vudng goc véi mp(ABC) tai trong tam tam giac ABC
c. bwong thang vudng goc voi mp(ABC) tai tam dudng tron ngoai tiép ;
tam giac ABC.
b. Buong thdng vudng goc véi mp(ABC) tai tdm dudng tron 1l j'* ¥
tam giac ABC.
2. Cho hinh lap phwvong ABCDA'B'C'D". Goi (s) la mat cau di qua bon
ArC ,B\D'Trong sd cac diém B,C\D , diém nao nam trong mat cau (S) 2 J||
A. Diém B B. Diém ¢
c. Diém D D. Khong c6 diém nao

3 2 2



2

S0j,0 ti dién déu ABCD. Goi (5) I1a mit ciu dwdng kinh AB . Diém nim
Epong matcau (s) la:
ME£Trung diém canh BC B, Trung diém canh CD
K Trong tam tam giac BCD D. Trong tam t& dién ABCD
tir dién déu ABCD, O la trung diém canh AB. Goi (.S) la mét cau
\m O tiép xuc véi dwong thdng BC. Ménh d& nao saw day sai?

SI1"Mat cau (5) tiép xtc voi dwdong thdng AD

M3t cau (s) tiép xtc véi dudng thdng AC
lili’ Mat cau (S) tiép xuc véi duong thang CD
IEIh Mt cau (s) tiép xuc véi dudng thang BD
iftrong cac ménh dé sau day ménh dé nao dang?
iiiSi. Moi hinh chép tam giac luén c6 mat cau ngoai tiép,
E:'b. Néu hinh chop tir gidc c6 mat cau ngoai tiép thi day clra hinh chép
pEpiai 1a hinh ch® nhat.
i8ifc Hinh lang tru c6 mat cau ngoai tiép khi va chi khi day cta no la da
[l|lidc noi tiép dwong tron.

Ca ba ménh de AB,C déu dung.
§Ménh dé nao sau day sai ?
A . Moi hinh hop ch nhat ludn c6 mat cau ngoai tiép.
Bp« Hinh Lang tru déu ludn c6 mat cau ngoai tiép,
pie. Hinh chép déu ludn c6 mat cau ngoai tiép.
Up. Hinh chop cut cd mat cau ngoai ti€p khi mat bén cta né la hinh thang can.
Itcho tam giac vubng ABC véi canh huyén AB-a . Mat cau di qua ba
ifeiern ABC c6 ban kinh bé nhéat bang:

a B. & c. 2a D.
gg; z y4

pGho tam giac déu ABC canh a , mat cau di qua ba diem ABC c6 ban
iMfinh bé nhét bang:

P 'l n

ff Cho tr dién ABCD cé ba canh AB,BC,CD dbi mét vubng goc véi nhau va
%AB —a, EC =byCD —c .Buong kinh mét cau di quabdn dinh A, B, ¢, D bang:
P&. yla2+b2+c2 B. \I~ct2+b24-c2

lpfc* ... “ &2"hc2 D.

a-Jl, 42
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10. Ban kinh mét cau ngoai tiép hinh t& dién déu canh a ban ,

- " E
2 /\" 1

A a B avo C. 3 a3 'llH
3 - 4 4 % '?nf

11. Cho hinh chép 5A5C c6 dwong cao SA=2a, day AEC Id tam giac *
canh a. Mt cau ngoai tiép hinh chdép dé c6 ban kinh bang: %T
a\fi Bi 2asS 2a\l2 D. 2a-JI_M1I
3 3 3 6:. wdll

12. Cho hinh chép SABC c0 tdt ca cac canh déu bang a Mét cau ngof

ti€p hinh chép dé cé ban kinh bang: :|LI“Erp
A a B. C. EZ\/6 D. )
4 2
13. Mt cau ngoai ti€p hinh Iap phuong canh a cé ban kinh bang:
1] 2a*j3i
A w3 C. ) — —
" B, 3 3

14. Cho hinh chdp tam giac déu SABC co canh bén bang a va canh dg;
w 2. Mét cau ngoai tiép hinh chop dé co ban kinh bang:

A aji B =3 G — D 13 |

15. Cho t¢r dién déu ABCD c6 canh a. Goi AH ia dwlrng cao cla tw
va S latrung diém doan thang AH. Mat cau di qua bdn diém s, B, C}
c6 ban kinh bang:

A OB B £ c — 76 D aVb
2 4 3

16. Cho hinh 1ap phuong ABCD.AB’c 1D’ ¢6 tam & va cO canh bang
Ban kinh mat ciu ngoai tiép hinh chép O.ABCD c6 ban kinh bang:
A 2 B 42 c. a2 p. 32

4 2 |

17. Cho tlr dién déu canh a. Khodng cach tlr tam mat cau ngoai tiép

dién t¢i mat phang di qua mot mat cla ti dién bang:

as a di/3

A B C. D.
12
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1%, Cho tir dién déu canh a. Khodng cach tr tam mat cau ngoai tiép tw
mM ién té¢i dwong thang chira mo6t canh ctra tr dién bang:

Bpk «V3 _ dus, ani2 Grspi
Vit 2 B" 4 c® D~y
|pu Mottl dién déu ndi tiép mat cau ban kinh Rthi canh cla tr dién do bang:
%La. 2—%}6R B Sr c ﬂ6R B, &&R

It 3 3 2 3

lo Cho ttr dién déu ABCD c6 canh a. Goi o la trong tam t& dién dé va
wjai: 12 . ,
R:(5) la mat cau tdim o ban kinh ~ — |, Mat phang (BCD) cat mat cau
p:(«S) theo dudng tron c6 ban kinh bang:

‘A ay13 B. 2& C. a b. a

ip; 3 A 0

I|. Mgt hinhlap phvong nditiép mat cau ban kinhR thi canh cuahinh
M ap phwong do bang:

S r 2Sr S r S r

RA. 2 g ¢ B.
n 3 3 6 4
|[1f MOt hinhlap phucrng ndi ti€pmat cau ban kinh RKhoang cach  tu
p8§ tam mat cau t¢i mat phang chira mot mat cda hinh lap phuong bang:
|1, 'TTR =i IR af Va* pa JIR
11: 72 3 4 6

13. M6t hinh lap phwo’ng ndi tiép mat cau ban kinh R Khoang céqh tlr tam
| méat cau t¢i dudng thang chra modt mat cua hinh 1ap phwong bang:

iA. B. C.
W J 0 - D
I€, MOt mat cau ti€p xUc véi tat cad cac canh cla hinh 1ap phuvong canh a
lgthi dién tich mat ciu dé bang:
jlgA. T2 B. Akcx2 c. 2Tial D. 2al
JS. Cho t& dién ddu ABCD canh a. M6t mét cau tiép xtc voi cac dwong thang
gl AB, ACtAD lan lvot tai cac diém 13, C, D< Ban kinh mét cau dé bang:

S I}g\. as B O Cldi D. EAVA

m
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111

26. Cho hinh t& chop t giac déu SABCD co tdt ca cac canh déu bang af]
MOt mat cau tiép xtc voi cac dudng thdng SA, SB, SCt SD ian iwut tai '

cac diém A, Blc, D, Ban kinh mat cau dé bang: vvin.
“m \\E
A a ga_2a T —— D. a4

s a2 ’ a2 e e . P

27. M6t hinh bat dién déu canh a c6 ndi tiép dwgc mot mat cau haya
khong? Néu co thi ban kinh R clia mét cidu dé bang bao nhiéu? p|
A. Khéng B>Cot R =a * Asl

r- I

C.C6,R = iyi2 D.CO, R -~ i- ®
2 Ilg

28* Cho hinh bat dién déu canh . C6 hay khdng mo6t mat cau ti€ép xuc voiH
tat cad cac canh cla bat dién do6? NEu cé thi ban kinh R cla mat cau do «/

bdng bao nhiéu? i
A. Khong cé B, c6 R --

2 e =
C. Co R D, C6, R —{kv2 VAl

29. Cho hinh 1ap phuong ABCDA'B'C'D' ¢6 canha. M0t mét cau tiép x'tlrég
véi ba dudng thdng AB, AD, AA' lan lwot tai cac diém 5, £ va ABEA

Ban kinh mét cau do bang: '5111

— M

A. £ B. — C----- D. ayj2 -AE4
5 5 Yi .

30. Cho hinh lap phuvong ABCD.A'B'C'D' c¢d canha. MO0t mat cau tiép|||
x(c v6i ba duong thing ACyAD\ AB1#an luottai cac diém c, D' vai?J|E|

. Ban kinh mét cau d6 bang: JIIE |
A g N ¢t Da iiiv2
2 2 m 1118
31. Cho hinh chép déu SABC c6 canh bén bang a va canh day banguV!8§j;8§
Mét cau ngoai tiép hinh chop dé co ban kinh bang: Ip®
- av: e A aAj i A
A Yib B. 22 .2 B e
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P32« Cho hinh chép déu S.ABC c6 canh bén bang a va canh day bangal\fi.
p|: Khoang cach tir tim mét ciu ngoai tiép hinh chop t¢i mat phang (ABC) bang:

e AN g 33 ¢ —2 D -4—

WE. 3 6 4 2

pi&3. Cho hinh chép déu S,ABC c6 canh bén bang a va canh day bangirvi.
|  Khoang cach tir tam mat cau ngoai tiép hinh chdp téi mit phang (SAB) bang:

_‘és//&l B 2 n a3
s 2 3 4 z

pi34. Cho lidng tru tam giac déu ABC.A'B'C' c6 tdt ca cac canh déu bang a.
Ban kinh mat ciu ngoai tiép lang tru do bang:
Va 73, c stiicL
K 3 3 -0 3
lIp5- Khoang céch tir diém 0 t¢i mp (p) bang 3, M&t cau tam o béan kinh 5
cit mat phang (P) theo dwong tron c6 ban kinh bang:
IU A4 li. 6 u. 1 0. z
||36. Mat cau (S) ngoai ti€p hinh lap phuong ABCD. A'B'C'D' canh a. Khoang
A céch tlr tAm mat cau toi mat phadng (BDA') bang:
A A3 6. c. 2 p, a3
A J H 0
1 37. Cho t* dién déu ABCD canh a va (S) ia mat cau di qua trung diém céc
|p canh AB, BC, CA DA. Ban kinh mét ciu bang:
a3 c anm
3 -4
PAP AN VA HUONG DAN GIA|
ijd-¢ 2D 3D 4c 5A 6D 7.B 8A 9A 10.B
|

il

1 a. ? B. D.

jill.B 12.c 13.B 14.B 15,c 16.P 17.A 18,D 19.A 20.c i
mi-B 22.B 23.A 24.c 25.D 26.A 27.D 28.B 29.D 30.A o
pAl.D 32.B 33.A 134.¢ 3B.A 36.D 37.c /{;
E’
| TBAM1IM2+MB2>MB =i

! 2

1 a

1- — min*“
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8. IC>GC =alJi

10. R=IA

GD ~—+==>AG =a{'/—
Va 3

=>Al.AG=AH.AD

Ll =A1=r— =R
372 4

11.
4G=-"L=>M =VIGI7701T
V3

a2 ?2a
3 V3

13. P=M=-F£T72==-"
2 2

14.
bg "="E -= > sg™lsbz~bg2
g v3 V3 g ! g
:Ja2 2a?2 0]
3 V3
SIl. SG = SH.SB

=>5/, & 1a2:>.§izivi:R
V3 2
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J 2

mi M 1
i s HC=HB=4=; AH=-_AH =| a2- — =
mS. a 2 bv 3 V6
ip- (1 \ §a2
] a +a2
i 2.(BH2+BA2- AH1) 53 3 g
B! ge = y

4 2
¥ 10 V6
™ S| SH = SK .SB=>S/.™ =A5£2=1 = =gin=2Y2_ =
m 2 2 2 4

\2 3a

1.6, oc'=~:0L0J =OM.OC’ -=-*0CP=- | — =
RO 2° 77 0Y-573 21 2 0J
gs;
g;_
9
A
ir. k--" “j/
v A’ ~ — Y
p_
JU‘LT Ap dung bai 10 ta co Ai:ﬂlG_
i 1
P fI>/3
i sy T (h/6
Si GM i4M  gv3 0>/3 12
P
,18. Ap dung bai 10

e IG=AG-Al

2 ayj6 _ayfR
4 ~ 12

w 2
IH =\[IG1+GH2 ]
' f1aa 1%~ 4
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19.

20.

21.

22.

23.

24.

Ap dung bai 10 ta 6 /2=—

Vé
r=cM= 2 @J3
2V3
Ap dung bai 13, R= —a=
2 y3
Ap dung bai 21, a= ZR => fj= K=
a It 2B
A dung bai 21, a= _>e/——£
P : _g V6

Pals

3

Mat cau ti€p xUc tat ca cac canh cta lap phuong

<="R — gv~" 5 =

C

GD=-~;AG =a "

FOET o,

4?2rR 2 s=4 7

V2y

ma ALAG =AD2



30.
B Ap dung bai 25,

I&

m R=avB-ll.g
B

-

m.:

3

- 5

lip dung bai 25, R:Qy!2i2—=a
Py

C 5

Ver
13

E Ap dung bai 14:

il si=— -SG=-"=;
I, 2 &

a-Jz\2
[|> SM=JSC*-CM* = J"~

vV 2/

Ir - f-
I-. . R N GV3
m IH Sl H 2 a
%/ GM SM ™ a«j2~ a*j2~ 2

2\3 2
VK
n GC=-":1G =/C- %Wd2+/62
0" A
| /a2’ a2 a-fj _ay21 ,,
ﬁ,,vs+4 "ogAgz " 5 "
rre
s,
Ki.

|2. Ap dung bai 14, /o =1S0—s| = _\;_
' a

thv3
T n

qV2
2

a-J3
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35. R=vb52-3z=4

36.1la trong tdm tam giac AAC
=>A1=201 =>d(0]BDA)=;d(A:DBA’) = h ")
Ap dung cong thic tir dién vudng

B a2 5 a =~ “\gTUOEIMI= o 4

—

37. Ap dung bai 18, =>/?=-XII

B.MAT TRU

1. Binh nghia
MZt tru tron xoay 7a
Trong mét phéng (P) cho hai dudng thdng d va A cé d/A va cach nhau-
moét doan la R. Khi quay (P] quanh Athi d tao nén mat tru tron xoay co|
truc 14 A d la dudng sinh,
Hinh tru tron xoay
Cho hinh ch* nhat ABCD quay quanh canh AB thi duong gdy khiuc (AD,
DC, CB) sé tao nén hinh tru cé truc (hay 1a dudong cao] ia AB, auwoTii
sinh la CD va ban kinh day la BC.
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Kh@i tru tron xoay

Phan khong gian gi¢i han bki mo6t hinh tru (va cd hinh tru dy) xac dinh

% mot khdi tru tvong &ng.
Dién tich xung quanh cla hinh tru: Sxgq=27cRh

i Thé tich khdi tru: V =7cR2h
pATrong do: Rla ban kinh dutrng tron day, h la do dai dwong cao.

HI du 1. Trong khong gian cho hai diém cd dinh la A va B. Tap hop cac

gl diém Msao cho tam gidc AMB c6 dién tich S khong dOI la:
A. Mt tru c6 truc 1a dudng thdng AB va c6 ban kinh day 1a R=

m y . s s > S f g L ‘1B
Q B. Mat tru co truc la dwong thang AB va co ban kinh day la R = --—
K c. Mattru cd truc laduvong thdng AB va coban kinh day A R — -

>
P

P B Miattru co truc ladwongthdng AB va c6 ban kinh day 1a R=——

Hwéng dan giai

" Ta coSAME-A B J (M JAB)=>d(M,AB) =—
m 2 AB

I
M

Tap hopcac diém M sao cho tamgiac AMB cé dién tich S khdng doi la

T . , " R , 25 L L. . ,
tap cac diéem M cach déu AB mot khoang . D06 chinh la Mat tru co
truc 1a dwong thdng AB va cd ban kinh day la R ilss

i du 2. Cho hinh tru c6 ban kinh day la R=2 cm, chiéu cao la h = 3 cm-

J: Dién tich toan phan cuda hinhtru la:
| A 10% B. 12n c. 2071 D. 1071
Huwdng dan giai
STP=  +2Sa=27zRh+2JVR2=2x.23 + 27T22= 2071

Vi du 3. Cho hinh tru c6 dién tich xung quanh la 2071 va chiéu cao la h =5.

| Tinh thé tich cha khoi tru:
A. 50t B. 1007C _C. 2571 D. 2071
«, Huwdng dan giai
Goi R1a ban kinh day.
Hinh tru co6 dién tich xung quanh la 20n =>20#=21R5 R=2.
| Vay, thé tich cla khoi tru:
V - 7VR2.h - 7rA.5 = 20Tt
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vi du 4. Cho hinh tru cé ban kinh déy ia R = 5cm, thé tich la V = 1007 (cm3. Catl!
hinh tru b&éi mét mat phang song song vai truc hinh tru thi c6 moét -1
hinh chtr nhat ABCD v&i A B thudoc duong tron day tam 0 voi ll
AOB =120°. Dién tich cua thiét dién (cm2) la: 124
A. 5yi3 B. 10Va c. 20 P.20Q-IT -IU

Vi du 5. Cho khoi tru c6 day la cac duong tron tam (0}> (O') c6 ban kinh;la
la R va chiéu cao h=R j2. Goi A B lan lvot la cac diém thudc (0} val§

(0'J sao cho OA vuodng géc véi 0'B. Ti sO thé tich clha khoi tir dién 'E
00'AB v6rT thé tich kKhoi tru Ta:

1 1 1 5
A. B.~ c. — D, —
27t ott ) 3tt
Huwéng dan giai
Ta co:
0'Bx(0'0A) =io ‘B.S00A=i.R.IR.RjT="-R3°

Thé tich khéi tru VIr= RAITTIR2=«w 2

Vay thé ti s6 can tim la
6 X
BAI TAP Ty LUYEN |
1. Cho mat tru tron xoay (Z}; truc 13 A . M6t matphang (cc) vudng gocal
vOi A sé cit méit tru tron xoay theo mot giaotuyén la: eE
A. buong tron B, Elip c. Parabol D. Hypebol ;Q
2. Cho hai diém A, B cd dinh. Tap hop nhitng di€ém M trong khong gian,j
sao cho dién tich tam giac MAE khong doi la:
A. Mat nén co6 truc AB

>

B. Mat truc c6 tru AB va ban kinh R 22

r
c. Hinh tru c6 chigu cao AB o
D. Mot dap 8O khéic iQ

3. Mot khéi tru c6 ban kinh day r =lem, khoangcach haiday bang 1Ocm,E
Khi c&t khéi tru bdi mot mat phang song song véi truccach truc 5cm E

thi dién tich cla thiét dién la; -|E
A, s —34cm2 B, s =36cm?2 c. s —21\i3l crti D,s =436 cmz n
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Cho hinh tru c6 ban kinh day la dudng sinh i- IQcm. Khi d6 dién tich
Xxung quanh cuda hinh tru ia:

A. SXJ=60TTcm2 B.  |OTterri

c. sxq- S07Tcm2 D.5,, - 90Ticml

Cho hinh tru c6 ban kinh day la i?=2cm;dién tich xung quanh
SH=32TTcm2. Khi do6 dé dal duong sinh la:

A. i=6cm B. /=8cm C, i —Ocm D. i —12cm
;Cho hinh tru c6 dwong sinh 1=8cm , dién tich xung quanh
SL, =44TTcm2Khi dé ban kinh day la:

AR-Zom B R=4cm ¢. R—4,5cm D. R%%cm

Cho hinh tru c6 ban kinh day la R =3cm, dwdng sinh i =5cm. Dién tich
toan phan cua hinh tru la:

A =2\Ttem B. =24 —"

c. S(p—48TTem2 D. =64"cm2

Cho hinh tru c6 dudng sinh /=2cm, dién tich toan phan :—T67712.
Ban kinh cla tru la:
>A. R=Ilcm B. R=14siTcm

o V20 +4 . B B-V2Q—4.

Cho mot mat cau c6 ban kinh R va mot hinh tru c6 ban kinh day 2i?
*va chiéu cao la 3R. Khi d6 ti s6 gilta dién tich mat cau va dién tich
xung quanh cuda hinh tru la:

N o= i D.i= 4
. s, B st 2 st 3 s, 3

. M6t kinh tru c6 ban kinh day la a va c6 thiét dién qua truc Ja mét hinh
vubng, Dién tich toan phan cua hinh tru I3;

A.s,, =2nc? B. Sbb- Arra C, s. = O7ra Di Sin=8TCl



11. M6t hinh tru cé ban kinh day R =2cm va dwdng cao lyjicm , Ava Blal-'IP
hai diém trén hai dwong tron day sao cho géc hop bm AB va truc cugll||

hinh tru la 30* alilS
11.1 Dién tich toan phan cta hinh tru la: m
A.S tp=&7icm2 B. Stp-isa +y/ilcm2 “lili
« C. SP= sftiJScm2 D. SP=$xil +si3)cm2
11.2 Khoang cach gita AB va truc cla hinh tru la: >:|Ip]
A d i2cm B.d =V3cm c. d —2cm \y. d-\i5cm HII
12. Thé tich khdi tru c6 ban kinh day R-2cm, dwong cao h-3cm |a: 111
A. V = 6ftcm* B.V= ocm3 N|J8|f
C. V=12#cm3 D. V -\6#cm? aEl
13. Cho khoi tru cé thé tich V =64cm , ban kinh day R =Scm. Buong cacoll
clla khoi tru ia: 181
1 2 4
A h—cm B. h=—cm D. h=—cm D. h= —cm h[g
K % n X ll a|||
14. Cho mat cau ban kinh Rva mot hinh tru c6 ban kinh 2R va chiéu cagélfl
éa
—2 Khi do ti so thé tich cta khoi cau va khoi tru tvong tng la: |H4
-r|

A ¥/f:42 B.W:% c. Vt:_%’) R/f_%?hEa

15. M6t hinh tru cé ban kinh day 2cw va cé thiét dién qua truc ia méatlaaa

hinh vuéng co thé tich Ia; /"8

A. I/=6Tcm 3 B. V=10«:cm3 “iVVIpB

C. V =J6?rcm3 D .v =20Ttcn? P
16. Thé tich cla khéi lang tru tl gidc ngoai ti€p khdi tru cé ban kinh day]|||

2cm va co thiét dién qua truc la mot hinh vuong: u :SS|

A. V=32 cm3 B.V=36cm3< c. V-64emJ D.v=-Ecm} m

17. Cho hinh Jang tru xoay tron, ban kinh day ia R , dwong cao OOf—h .JIJ
(O va ¢ 1la tdm cua cac day). AB la mot dwong kinh di dong cial|El
duong tron (Q), CD la mot duong kinh ¢d dinh ctra dudng tron (0% jfi
goi a ia goc gitta AB va CD. Dién tich tam giac ACD Ia: n181
A. dtiaADC) - -jtf +R1sin2a B. dt(MDC)= hl+R2sin2a Jfl

C. dt(AADC) = R\Ih2+R2sin a Ddt(MDC) = R-Jh+R2sin2za W



| tho hinh tru c6 day la hai dwong tron tam O va O' ban kinh R,
|hiéu cao RM2 . Trén hai dwong tron (O) va (09 c6 hai diém A, B di
I6bng sao cho OA va hop v&i nhau mot géc a khong doi. Do dai
a doan AB la:

AB"2R

AB “ Rsin (C D. /4R —2#. i +sin2—,
V2 2

iCho tr dién déu ABCD canh a. Mot mat tru di qua hai diém A, Bva co
Indt dworng sinh 14 CD. Khi d6 truc ctia mat try ia dwdng thang di qua:
ATrung diém AC
1.Trung diém AB
1 Trung diém BC *
), Tam dudng tron ngoai tiép tam giac ABM, trong d6 Mlatrung diém CD
Cho hinh 1&p phwvong ABCD.A'BJC'D\ C6 bao nhiéu mat tru tron xoay
qua dinh B, C, D, A", B\ D7
Khéng co B.Co1 C.C62 D. C6 4
Cho l&ng tru tam giac déu c6 tdt ca cac canh déu bang a. Thé tich cla
linh trv ngoai tiép lang tru dé bang:
37rd g v c. D. 2nd’
ITi s6 thé tich hinh cau va thé tich hinh tru clng ngoai tiép mdt hinh
1p phuong bang:

m TA- B. y2 C.s D. 7

PAP AN VAHUONG DAN GIAI
2.B 3C 4C 5B 6D 7C 8D 9C 10C
ipi-D 112B 12c 13A 14D 15C 16.C 17,B 18D 19D
ikD . 21.B  22.C

= 2uRi=2".4.10 = 80x[cm?2)
- = 27iRI =>321t = =>7—8(cm)
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%
_N 11 ' 3E
6. =2TIRI=>44x = 2jiRQ=>R-~/cm) ﬁ@

7. Stp=271.R.1+271.Ri = 2r.3.5+27T.32=48"(c/n2) . "f§
8. S.J)=27r.R1 +2IT.R :>%r:2x.'R.2+2x.R2:>4R2+8F'e =1 . ,%11
S-2 -j2a—4 '
=>R 5 Y (cmf; i
JS
9. 5=4it/72, s =2#2i?.3/i =12/r[?1=5>"-=] o
5Xq 3 a-la
10. Thiét dién qua truc la hinh vuéng a|
=>]—2R —2a =>Slp= 27URI + 2tR2=271.a.2a + X7Ta2 —&"Tit2 \[|
11.1 5~ =27TRI+2i{rR2=2&.2.2yj3 +2X.22=8;r(1+>/3 )(cm?2)
11.2 BA* = 2; ¢ (00 ;A5) = £2(00,;ASA )=V3 |
12. V =7iRih=ir.2i3=12?1[cm2)
13. V=7rR2h ="64r=1i:.82zh=>h=—(cm)
- JIK . yool
14. V - 4kR2;V;=211,2R.— +271{2Rf = 147-i72=>"- =4 "t
2 vV, 7 ri

15. Thiét dién la hinh vuéng =Z>h=2R =4(cm)
=>V=7vR2h=7C.2iA = 16Tricm 3)
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3
f. v=(2R)"=43=64
W
7. AH-4AH M+ mF 2=V/i2+ A2sin28: SAC=i.CD .AH =RA{MIm A4

/1 Il

--Q- oj

L8 Cho AB // 00'=>AB —R\j2',a=0. Thay vao 4 dap an, thay chi c6 dap
pan D thda man.

R-J2

Ta
"R=-2~ih =a=>V =7rR2h=AF&— a
' 3 3 3

\
4 ayRh) :7C,a34?_\'/F{=K\ 0V _ 2 K
13 ’

f e - B

\%
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C. MAT NON

1. Mat non tron xoay
Binh nghta: Trong mat phang (P) cho hai dwirng théng i
va A citnhautai 0 va tao v&i nhau mot goc a, trong dé
0° <a <90°,

Cho (P) quay quanh A thi d tao nén mat non tron xoay B
véi truc la Avad la dueong sinh, 0 la dinh, 2a la géc & dinh.
2, Hinh nén tron xoay va khoi ndn tron xoay:
Xét tam giac OAB vudng & A Khi quay xung quanh
dwong thdng OA, dwdng gdy khic (OB, AB) tao nén
mot hinh nén c6 dinh la 0, truc (hay dwdng cao)
la OA ban kinh day la OB va duong sinh la AB.
Phan khéng gian gi¢i han b&i mot hinh nén r
(va ké ca hinh nén ay) duuc goi la khéi non,
Dién tich xung quanh cua hinh nén:
Dién tich xung quanh cta hinh n6n bang tich s6 cla nira chu vi day vol|

duong sinh. "Wm,

Do d6 ta co: Sv_=T.R.I SHi

Trong d6 R la ban kinh day cda hinhndn, I ladwongsinh. E§iill
mm

3, Thé tich khéi nén
Thé tich cta khéi ndn bang mot phan ba tich s6 cla dién tich mat {||§ |
V@i chiéu cao. . *t]

t
£
|

1 (D5 1!
T
wrm.

Taco V=§K.R2.h,trong dé: Rlaban kinh day, h la chiéu cao cdia hinh nén.

Vi du 1. Cho hinh ¢6 dinh la's, dwong cao la so va A B la hai diém thudc
tron day, Cho biét a la khoadng cach tir 0 t¢i AB va 5A0=30°;SAB=60°.
Do dai dwong sinh la:

- 0% B ay/i CA3a D. 2yfia

Hudng dan giai
SA=SB,géc SAB=60° SABIatam giac déu=AB=1
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p AO0=1Ilcos30°co d(0,AB)2= AO-f— Yi =>l=aV2

U
Hyi du 2. Cho hinh ndn c6 ban kinh day la 25 cm, chiéu cao ia 20 cm. Dién tich

pl:. thiét dién tao bdi mat phattg qua dinh hinh nén va céch tam méit day mot
doan banig ¥2 cm 1a:
E A 300cm?2 B. 400cm2 @ 500cm2 D, 600cm
Hudng dan giai
H OI*d(Ot(P)) =12cm

tt c/
F o h «.,m = J —i15cm
-0/:
/S \) N r=r
k>™B=V052-07¥ = 20cm SI=V502+0J2 = 25cm’
H 1

SE=- 8J.AB =58J.JB = 500an-
F 2

gifi du 3. Cho hinh ndén c6 thiét dién qua truc la mot tam giadc vudng can voi
|fe canh goc vubng la a
81 a) Thé tich khdi non Ia;

E A B. K<l TOfT D nVT
"3 6 “ 8 1
b) Dién tich toan phan cda hinh nén la:
))!-I> b 0_/0LIT ” ﬂyIT [ii-E4T Lj’? A
P 3 4 2
I 1; ¢) Diéntich thiét dién(P) qua dinh hinh nén va tao véi day mot géc 60° la:
A I-AL B.£&- D. ¢ 4-
% 6 ® 3 “1
Huwdng dan giai
I a)CO R=~"SA2+SB' h="SAz-R 2 V=-*Rzh=~ 1
p 2 2 3 12
ok ® 3 =XRI1=~"5S *p:TT

li ¢) Goillatrung diém AB



Vi du 4. Cho hinh nén c6 duong sinh véi do dai la a va acla goc gilra dudt‘?&g

sinh v&i mat day. AjE|
a) Thé tich khoi non la Si!
A. %né3coschsinoc B. 31—'I‘[a30032asin2a ": y fldrln
c, i7ra3cosasin2cc D. ZnchosZasinZa VV!fE%
b) 3Dién tich xung quanh ctia khdi nén la 3 i
A. —7ccosa.a2 B, 7Tbossa:2 c. —7tsinoc.a2 . T M
Hudng dan giai 1IP
a] Co R=acosarh=asina==> Vzé%th%437’ta3c032asina / _;::‘_’."'_‘E”‘_’_‘__'g}:-_~ ?pl
b] Sxq= Rl =7icosa.a2 [ r~’1A

Vi du 5. Cho hinh chép tam giac déu S.ABCc6 canh day laa, UiaL uwu Lau VUL\
day mot goc la 45n. Dién tich xungquanh ctia hinh nén ndi ti€p trong hinhvji
chép la: u U

A
A g\NZaZ B.—670\/ia2 O TZn [r2 D. 2—4W2a2 m!él
Hudng dan giai
Goi r ia ban kinh dwong tron ndi tiép ABC

r=a” =>h =rtan45° =T"A 1
3 T .
Sxq- 3l —tr.Vh2+r2 nig—'az ﬁ@
BAI TAP Ty LUYEN / 'Ill
o0 [ ] .
1. Moét mat non xoay cé bao nhiéu dwong sinh? %
AA B.2 3 D.VOsO

2. Cho mdt mét nén tron xoay N co truc 12 A, dinh o , Mot mat phéng (a) khongéi
di qua o vavudng gocvai Asé cat mitnon Ntheo mot giao tuyén la:
A. MOt diém B. Mot dwdng tron m
c. Mot elip D. M6t parabol
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. Moi mé&t phang di qua truc A cdt ma.t nén N theo hai dudng sinh tao véi
J8§| nhau mot goc Ci, néu goc gitta A va dudng sinh 1ia 30° thi giatri cGaa ia:
Jsf A 15° B. 300 c. 60° D. 90°
4 Cho mat nén N, mdt mat phéng (p) cét moi dudng sinh ctia mat nén thi
| giao tuyén cla ching la:
A Puongthang B.Buongtron  C. Elip D, Parabol
Cho mat nén N, mot mat phédng (P) cdt mat nén va (p) song song véi mot
gl8; dudng sinh duy nhéat thi giao tuyén cla ching la:
HP'" A buongtron B*Elip c. Parabol D. Buong thang
\ Cho hinh nén cé ban kinh R~2cmrduwong sinh i —4cm. Khi d6 dién tich

iE/ xung quanh cta hinh nén la :
1 A iTvem2 B. 47Tcm2 C. 6i'cm?2 D. %/lcnm?2
PI' Cho hinh non cé d'ién tich xung quanh la )Sq = 12Kcm2, duong sinh i=2cm.
+ Khi dé ban kinh day cta non la:
I A. R=4cm B. R—6an C. R=Scm D. R=i2cm
118. Cho hinh nén c6 dién tich xung quanh la Sx =10xem2, ban kinh day

R-3cmtKhi dé dudng sinh cla hinh non la:
A |/ 3 B. 1=4cm c. I =6cm D R — —em
Thiét dién qua truc clia mot hinh nén la mot tam giadc vudng can canh

huyén bang 8cm.
9.1.Dién tich xung quanh cua hinh nén la

fa* A, Sx—\6Trcm2 B, Sxq=16yi37rcm2
c. Sm=I16"j2ftcm2 D. 5 =16"57Tcm2
iE2. Dién tich toan phan cda hinh nén la
I A 5,,.=16ir(V2-I)c«i2 B. s,p=16jr(-j2+i)cm2
n c. Slp=\6TT{sfi—Y)cm2 D. Slp=16"r(V3+i)cm2
'E.3. Thé tich cla kh&i non 1a
Kf V= .?.’1“ cm’ B,v = cnv. CV ﬂcmB D.V 81;Kcm'
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9.4, Mot thiét dién qua dinh non tao véi day mot goc 60y. Khi dé dién tich cla
thiét dién nay la:

32-J1 41V 7
cm cm

A S B. S=

C.S 44\/2 om D S:45V2 cm

10 . Cho hinh nén c6 dwong cao SO —Acm va ban kinh ddy R =2cm, Goi Mii:
mot diém trén doan o s, ddat OM = xcm(0<x<4). A
10.1. Dién tich cia thiét dién (D) cat béi mat phang di qua M va vudng goc spii

voi so & :

A. S'/z\f(4 —x)2cm2 B. S= ?(4—x)20m2

C. S=71{A—x)2cm?2 D. S="r(4 + x)2cm2
10.2. Thé tich cua khdi non (H) dinh Sva day la thiét dién (D] la:

A . V=-7C(4-*)3cm3 B.V =I%(4—xycm J

c.V :Eﬁ“(4—x)3cm3 D, V =T27T(4—xy cni

11. Cho hinh cau ban kinh R, mdt hinh nén xoay chiéu cao X noi tiép troi
hinh cau. Thé tich cGa hinh nén la:

A.V=-x-x1(2R-x) B.V~-irx2(2R-x)
c.v=-xxI(2R~x D.V=-xx\2R-x
4 ( ) 12 )

12. Cho hinh chép cut c6 chiéu cao 4 va hai ban kinh day lan lvot la 2 va 8*1
12.1.Dién tich toan phan cda khdi chép la:
A. s,p=4M(5VI3 +17) B. s,p = 211(5"JU +17)

c. A=jr(5>/13+17j D.St,=y

(573+17)

12.2. Thé tich cta khdi chdp cut la
A-1127C B. V -9327T c. V=066 D. v=1021K
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DAP AN
i 3.C 4.C 5.C 6.C 7.B 8.A 9.1C 92B
@[QEJD 9A1!A 1013k 110.20 11.B 12.1v 12.2.A

pl 6. Sxa=Tiri =8n(cm2)

m

wbh. Co SW = kRl <=>?=— =6¢crn =>Dap an: B

Ikdi- m 7d

| 8. /=——=—">Pap an: A

“y *? 3

A9, 27?7 =8 <>/? = 4cm =/ = -A=—4>[2

B g5

Pa. 2A=8«>A=4cm=>/= -V?2- =4\2

ljb. SW0- = 16d2w+ W2 167t(>/2 + )cm:  Dap an: B

Je. V=ilr.5"=iv/2-/?72." 2="(cm §

Goi cac diém nhu hinh vé.

Goi I fa trung diém cla AB=>01J_AB,
Ma

SOJ_AB =>AB = (SOI)

=> dSAB),(ABCDY) = (sToT) = 5/0 = 60C

+O7 = h.cot60" = 4
S

_ h 8
sin60° V3

=>SBB-isi AB i
Pap an: A
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10.

10.1 (F)j a” =>Thiét dién la dwong tron ban kinh R’

R' SO
Sv —kR'2=—(4—x)2(cm2) =>béap an: D.
10.2

VIH=i.SM.Sld=i (4- x) i (4- x)2

=Y [(4-*)3(cm)
bap an; D

11.
R'2=R2-(x-Ry "2Rx-x2

=>V = i jc.7tiT2= - Xn(2RX - X2) = - kKX2(2R - x) .
3 3 3

bap an: B

12.
12.1. Goi ACnBD =Sf (H) la hinh chop bé,
(K) la hinh chop lon.

f1IE. =~ _ =i =>I1'=-SI">S| =— =>S|' = -.
ID° Si 4 4 3 3

Dién tich xung quanh cuta hinh chép cut la :
TIID.SD-71.1'B.SB = 7L20V13.

Dién tich toan phan cua hinh chép cut la :
7t2(WI3 + 7L1mB 2+ n.iDa = 4ji(5>/13 +17)

12.2. VMFCVt=VIK>V m =112%
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CHuwoNG IV. Tw DUY GIAI NHANH
MU VA LOGARIT

Bai 1. Ham so I6garit va ham s6 mii

W Cho hai s6 dwong a, b véi a* 1. s6 ¢ thda man déng thirc ac=b duoc goi la
m l6garit co s6 d ciia b va ki hiéu logtib ,
i Tahiéu foglttb =c <>ac- b véi diéu kién a,b >0va aT1

I1 Nhan xét:
| -Choa b>0,a” 1thita co:

% log, 1=0, logao =1, logaA =-1, logoax = x(xe R)t ailiSab=b (b >0).
a

I.-Cho a, b, ¢ >0va c ¥l Ta cé: logca = logth g>a —b
By. Néu c >1 logta<loglb <>a<b,

J1 Néu 0 <c <13>logca<logpb«=>a>b.

p; Néuc>1=>logca>0<a>1

Ja Néu 0 <c<1=>logta>0<>0< a<l.

Ja. Cactinh chat
SI'§ Cho a,b,c >0, a”™ .Ta c0:

log,, (be) - log,, ti+ logac; m,;“:|(g,ll>-|(g,(f,

logabc =cTogab\

log, [ “log,,bi

loglx=Igx=logx; logex = Inx;

logOyb = Flog,, b(véin€ N¥*) log,* b =".\ogab (k* 0);
I.. log, b= log a.log b=1log,b (c*1);
iP- logc«

logab = log ,, log bzl@gﬁk cvéi a>0,b>0,a*1b~* 1)
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vi du 1. T4p gié tri cha . dé cac biéu thirc log2(4— ) c6 nghia la:
A 2<x<2Xx&*l B, —2 < X< 2,X" 1
C. -2<x<2 D. -2<x<?2
Huwéng dan giai
Tacd log2(4-x2) co nghtakhi 4~x2>0<>2<*<2

bap an: D.
Vidu 2. D€ biéu thirc logiH2(x2-1) cé nghTa thi diéu kién cla x la:
X>1
-2 < X< -1
x 2 —1> 0 — 1 r
Bi€u thirc trén c6 nghfa €\x +2>0 <><x>-2 <>
—2<#<*]
X+2&1
bap an: D.
Vidu 3. Biéu thrcp = (Ina+logae)2+ In20r —og* e sau khi rit gon ta duoc:
A p=1 B, p = 2iogae
c. p=2ina D.p=2%2In"d

Huéng dan giai
p =(Ind +logte)2+ In2a —og"
=In2a + log" €+ In2a —og\ e +2Ina.logae = 24-21n2;2
Céch khac, dac biét héa gan a—e khi dé ta cé

p —{Ine +logEe)2-f-In2e —ogl £—44*1—1= 4 I
'l
%

Thay chi c6 Dthda man.

bap an: D,

Chiay; Néuthaya =e vao cac phwong an A, B, ¢, D ma c6 cac két qua trung
thi ta chon lai a bang 1 gia tri khac, sé tim dwoc dap an.
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du4.Cho..o,, >0vathdamén ....._ 7... Khi dd ménh dé dung la:

A log o ) (2log a+ logb) B. log-"-i = ~-(310g0 + logE)
b i(Imgrf& + 2109y6) b. leg ath_ i(Iog 2+'log (;(}/

Hudng dan giodi

I8 Taco a2+b2-lab <>(a+b)2—=2Bb =72 (ii+¢)2= K2 <> =r&
K N 3 N

K ~lIginl =lglafe)<=i-21gni¢ =lga+lge»™ Ig”™i™ =i(lga +]g9¢)
lilg-i

W Dap an: D.

iyidu 5. Cho m —og03 va rt=1o0g25.
J|i Giatri ctiabiéu thlrc A =1i0g22250 theo m, n Ig;
j{}%i-A 42042/ B. 1+ «d-2»iC. I-fF-2-Fam D. I+ 2w4*3n
g’ Huéng dén giai
I;Tacd 2250=2.9.125 = 2.3253
gl Do dd A =109g22250 = 10g2(2.3253) = logj 2 + 109232+ log25* = 1+ 2m + 3«.
| Bap an: b.
il Cach khac: Dung may tinh Casio thay m =log2 3 va « —0£25 vao cac
| phuong an dé tim két qua.
| HAM SO MU - HAM SO LOGARIT
I Ham so mi

If Cho a la mét s6 thywc dwong va khac 1. Ham sé y =axduoc goi la ham sb
|

il mi véi Q0s4 1A a.

| Pao ham clia ham so mii: (6*) =ex ;{«*) =«xIlna (a>d,a*f)
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Ham s6 déng bién khi a > 1, Ham s& nghich bién khiO <a <1
2. Ham s logarit
Cho a la sé thwc dwong va khac 1.
Ham s6 y =logfix (v&ix>0) duwc goi la ham so ldgarit v&i cuw s6 a.

Pao ham clia ham s6 l6garit: (In*) - —;(loghx) =— A (v6i x > 0),
Véi a>I=> ham s6 dong bién.

VGi 0 <a <1:= ham sb nghich biérL

V6i ham hop, thi ta cd (In«) :?;(Iogflii) =

Tong quét:

(Injwl)" = —

(toe.MV xI%a (J(Q?D Wlna

Vi du Ir BDao ham cta ham s6 y —T nX la:
A. 3in3cos 2x3*'nz* B. In3cos 2x 33X
c 21n3sin2x3grgr D. 21n3cos2x34rdr_
Hudng dan giai
y o= [y in2x) 1= 3sin2".(sin 2X) An 3= 21n 3cos 2x.3&X
bap an: D.
Vi du 2. Pao ham cta ham s6 ~ =log2”+loglx la

A 1 I _in2+1In3 In2-1n3 1 1,
! D. T, e L. -
XxTn2 " JcIn3 X N X x\n2  x\Ti3
Hwdng dan gidi
Ve /\ " -
i 1 1 1 I ' g
y ‘— log, X-flog. X — -—--%-— —— -——————-- — Pap 41iD.
V 3 J xIn2 Xln3— xIn2 xIn3 [.ri

Vidu 3. Dao ham cla ham s6 y —In |*24*nj2'Vall la:

xiyfyTa2+1) Xiylx2+a2+ 2)

AYE Ve ¥az.ixzvs/xe+az)

NT T ———--

B -y, = -EnN==
JX2+a1>IX2+-JX2+ a2l
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Xilyii? +a2+1j *[2V. +a2+«)]

D.y'=
jx 2+a2ix 2+Vx2+a2) V*2+a2|(jf2+ v'*2+a2)
Hwéng dan giai
té- * 2+ a ' 2X 4 - e — 1A
: 1*2+vA:2+ a2 ] S\/x2 4 a2 XM x2Fxal+l)

sz + VX2+a2 x2 +\[X2+a2  Jxz+ a2.ix2+\IX2-4-32]
l&p an: C.
diln(xi+VxT+IT]i

Cach khac: st dung may tinh Casio ta nhap ham d
X
X =\

bung phim CALCgan: X=1, A=1, ta duoc két qua:

ANCIn(x2+JIxJ+iA
r 1.121320344

Thay x —1, a=1 vao cac phuvong an A B, ¢, D. Thay c c6.gia tri trung voi két
qua trén.
BAI TAP Ty LUYEN

4p xac dinh cdd ham s6 y = /logl X ¢ I
A. (I;-foo) B. (0;+00) c. (-5;-H») D. (e;+°°)
t
rap xac dinh cia ham séy= logL I095X2+|} la:
5 v +3
u(—4;—2)u(2;7) B. (-2;-Nu(2;7)
(-3;-2)"(2;6) D. (8:—=2)v_i(2;7)
Tap xac dinh cta ham sé y = log. X—2 la:
8A. (1i2) B. (0;1) D. (2;e)
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A. (—00;-4) Lj(I;+°0) B. (0;-H<)

C. (~4il) DI IR
5. Gia tri cua log0iad2Vvc) biét logab = 3;logac =“21a:
A 11 B. 8 C.5 D. 4

6. Gia tri cla Iogcra-ENM biét logab="3;logRc =21Ia:

-A 1L B. 8 C-5 D. 4
7. Cho log615=x; logt218 = . Khi ddgia tri cia logsh24 theo X vy la:
A — B 5~~y
2*(y+1)-4;y+1 X(y +1)-4y +2
Cc im D. o- 2%
2x(y+|)—4y+2 x(y-f'l)-4y +1
8. Cho a2+ b2~c21a>0; c>;>0 va Khi d6 ménh dé dung la:

A. logctba + loge™ r="" logek, 6.log”™ a.

B. IoguEa+Iog a- "ogc&a.log” .
C. loopfEOH0g <=log-&ilogr; L
D, logetAZ+ logc (ra = 21ogctra.logc *a.
9. Chos>0, b>0, t>0, ti Tax* 1 Khi d6 ménh dé diang la:

c.2tog. (ta).S i¢ |~ D. log,, (to)=i21 A

10. Cho m=log23va n = log25. Giatri ctia biéu thirc/? = Iog2-5/360 theo ra,

c. L+dor+ Ly B. 7+7rh— 1
2 3 4 2 3 6

~N11, Pao ham cua ham s6 y = X2 la:



DAP AN:VA HUONG DAN GIAI
y 2.B 3A 4A 5B 6,c 7.c 8D 9.D 10.D
y | i | | 1 1 1

lpgs(as24c¢) = log,, 3+ iogabl+log, Vc = 3+2logab +i log,, c =8.

Eﬁélp an: B~
Ega E - :5+icl,)ogﬁb-4\ogac :5+i5(-3)-4.2 =5,

Ip7
iDap an: C.
i'dn 1°g615  A] logP8-> B
malhdp cac Pap an:roi dung CALC, X=A, V=B.
If)ap an: c.
i"
iTa co $/360 =</5.89=V2 V3.5
Do dé: B=1log2Vv360 = log2(>/2.7.V5) = logj *i2+ logj ~/3 + logj ii5
= Intonh
2 3 6
ibap an: D.
8tdcft khac: Dung may tinh thay m =log23va n=10g25 vao cac phuong
an dé tim két qua.
I
LTaco iny =(x—2)InX
['1ay dao ham hai vé ta duoc:
i\t Ti. o nvL i dvy , X—2



Bai 2. Phuwong trinh - Bat phvong trinh mir va I6garit

1. Phwong trinh m
Phucrng trinh mi dang co ban
aiw =7q>"f(x) =g(x) (0O<a*1)

al(™> = &e=>f{x) =\ogab [v&i ¢>>0)

10)=£(%)

1™ a(x) >0

a(x)=1

f(x),g(x) cb nghia
Mots6 phwong phap gidi phirong trinh mi
1) Bién doi dé dua ve cung mot co s6,
2) batan sé phu (dwa vé phwong trinh dang quen thuéc],
3) bung phép toan ldgarit hoa,
4) Dungtinh don diéu ctia ham s6: ':Sipi
+ Xét phwong trinh dang f(x) = 8 (-i) néu f(x) don diéu tang (gidm) trén||
khoang (*\b) va g(x) don diéu giam [tang) trén khoang (a\b) thi phuong
trinh / (x) —g (x) néu c6 nghiém thi nghiém d6 la nghiém duy nhat
+ Xét phwong trinh dang f(x] =0 (*) néu f(x) don diéu trén khoang
(a;b) thi phwong trinh (*) c6 nhigdu nhat mot nghiém trong khoéang (a,E.)|||g
+ Xét phuwong trinh dang f(u) =f[v) néu f(x) don diéu trén khoang
(a\b) thi phuwong trinh f(u) =f(v) <u=V.
Lwuy: St dung Casio tim nghiém nhanh phuong trinh f (x) =0,
Nhap ham f(x) dung chirc nang SOLVE (SHIFT + CALC), gan gia tri X=.. M
Hoac st dung chirc nang bang TABLE (MODE + 7) |

Dung phim CALCth( gia tri.
Vidu 1. Nghiém phuong trinh 3\2x =72 |a:

A x=0 —_ Bx~210,x:— D. x=2

a(xYM =a(xYix <

Hudng dan giai
Céach 1: Sir dung SOLVE (SHIFT + CALC) ta nhap ham 3*2° % 7,
Gan gia tri X=0ta duoc ke/&gua

™ s AxrnzizXTifizxnzz



Vay X- 2 la nghiém cla phuong trinh.
2: St dung chirc nang bang TABLE (MODE + 7) nhap / (X) =3X*{-72

luan sat dap an: cho * dang cac sé tv nhién 0,1, 2va hiru ti i
ray ta gan gia tri khoa dau, két thic va budc nhay:
ITART:0;: END:2; STEP:i

“Ta dwuc bang giatri:

’ Clra s6 bat
‘a Mitk
%
g1 Y
i VI
Quan sat thay voi x =2—yf (x) =0 vay X=2 la nghiém.
pajy 4 B,
du 2. Téng cac nghiém cta phwong trinh 2.9*-5.6* = -3AXla:
A x~() B, x =\ D. x=2
Hudng dan giai
ich 1:

iIPhuong trinh 2,9*-5,6* =-3,4* la dang toan a2x(ab)x,b2x

Phwong phap chung: chia 2 vé cho aix hoac blx
\ X
E Chiavé cho 4Xta dugc 2 » 3
v u. N1 =

t=1
|Datr=i-j <=>2i2-5i+3=00

= =1<4 =0
.*:_::j) <=>(?’Y =-<3=> X-l
2 [2 2 '

ch 2: Si*dung SOLVE (SHIFT + CALC) ta nhap ham 2.9X-5.6* +3.4* nhu sau
|Gan gia tri X=0 ta dvoc két qua:
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Erivitf
Ip’rasG bét

IB ” i R\
2x9*-5*6*t3+3 xﬂ[ ! ;/%

RS

X=0 la 1 nghiém cua phub’ng trinh.
Tiép tuc gan X =10 ta duoc thém két qua:

clra s6 bat sfiii. : |Z=m ; ﬂrﬂéﬂ'ﬁ

s MM A -
2*9*-5*6*+3*4* o
m
1-R= A ‘W ES$
=x —11a 1 nghTém cua phuong trinh. «
Ta biét phuwong trinh ¢6 nhiéu nhat 2 nghiém, vay dé la X=0va X=1;
Vay tng cac nghiém cla phuong trinh la 1. eI
Pép an: B. Slop
Vidu 3. Tong binh phrong cac nghiém cla phwong trinh 9X- 4.3A+3 =0 14]§|
A *=0 B. x =ic.jt=—= D.x=2"E#&
Sl
Hudng dan giai
) 5 o ) tu 1_ 13 0
Cdc/j 2;bat 3' =f =>9*-4.3*+3 = 0=i>i2-41 +3=0<= m
r=3=>AT=1 m
Cach 2: St dung SOLVE tSHIFT 4-CALC) ta nhap ham 9*-4.3'+3 nhusauf|
iclraia bst . i v Tl
~v 10 S3 | n
9*-4*3*+3 V . m M
* o
PRV T G M
. a L Dre y-.Ovasi
X=0 la 1 nghiém cua phuwongtrinh, ;'I
ctra s6 bit
9*-4x3*+3 A r.r‘]W
X= . N
L_Ru M
=>x = 1ia 1 nghiém cula phwcrng trinh., me
Vay tdng binh phwong cac nghiém cla phwong trinh la 1.
Péap an: B. .
] A - . 1¢
Vidu 4. Nghiém cua phuong trinh 5\8 & =500 la:
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X - 2 X —2 x=3
b. C
X-|0925 Xx-"\og25 X—|0952

Hudng dan giai

Splliéu kién; I 0.
1§ < 1> X- |
lfa @log5 5A8 x —l0g5500 <£%h—
Vv J X

,10g58 =3+ 10958

JP* +— .3l0g52 = 3+ 210952

[*=> X2+ 3.(x-*1).10g52 = x(3 + 2i0g52)
A» (log5243)2

<
x =—0gs2

X=3
X =-i0g52

r I
ch 2. Nhap ham 5*8 * —500 CALC —ygan Xla cac giatri trong Bap an:

| 2-1

ty¢iX =2=>5*8 2 —500" 0 —loai Ava B
8§ top-1
ir,néri X =10g52=>51828 loj2 -500 * 0*4loai c

feap an: D.

|Phvr<mg trinh logarit

u. Phurong trinh 16garit co ban

et TogaX- b <> x =ab (véi a>0, a".1}

oo Hxjl=lap + - 1XTGCX
'fCxJ =gfx;

i°Svw,, f(x)=1log"Kig(x)<=> ffXj>0
O<afxjrl

|2. MOts6 phuwong phap gidi phwwng trinh l16garit
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1) Bién doi dwa vé dang co ban. J

2) batan sb phu [dé dua vé phirong trinh ma ta biét cach giai). ¢l
3) Boi chiéu diéu kién réi nhan nghiém. E
4) buva vé phuvong trinh m. E
5) Dung tinh don diéu cia ham sé. Lvi
St dung cac chirc néng trén may tinh cam tay: 1
1) CALC I
2) SOLVE
3) TABLE ‘1
Vidu 1. Nghiém clta phuong trinh log2(~“-3) +210g43.10g3x = 2thda méan; &
A. Chia hét cho 5 B. La s6 nguyén t6 E
c. Lasd vo ti _ D. Las6 chan !
Hwdng dan giai |
Cach i: i
Diéu kién: x>3 ' . E
Phuwong trinhlog2(x—3)+ 2.—|oglz3.1og3x =2 1
ogZ * - +Io 2*-2
JE
<F>[X —3}X - 4 » _.1
*=—(loai)
<X —3x—4 =0 <=
Xx=4
Vay nghiém cla phuong trinh da cho la: x =4. > il

bap an: D.
Cach 2: Sir dung SOLVE
Vi du 6, Nghiém cla phuong trinh fog4(x-t-4)-log2y/x+1 =2 —31o0g42 lac §
Al B.2 c. log23 D.3
Hudng dan giai
Céch 1:
Piéu kién: x>—
Phuong trinh <>log4(.x-f4) —og4(* + 1) = log416—log48



5;1
f
B A*+1)
BF *xx=2
g|: Vaynghiém cla phuongtrinh la: x =2,
EaCach 2: Nhap ham logd(x +4) —Jog2V* +1 - 2+ 310g42 srdungCALC
S|| Gan lan lugt cac dap an vao X
i+ Nhéanthdy voi x = 2 4 duoc kétqua 0.

& Vay x =2 langhiém.

L
o4 _ log42<> *+4

(@]

X+ 1

Cach 3: StrdungSOLVE
jvidu 7. Téng cac nghiém cla phwong trinh logl (jc4-1)- 610g2Vx+ 1+2=0la:
A1 B. 3 c.4 D.2
jpi Hwong dan giai
Itach L
| Diéu kién: X>—4
Phuoqgéﬁmﬁ__lqgé(.x: + e Blegg(t+1) +e=0

logj {it+1) =2 X +1=4 =3

éfueh 2: Nhap ham log*(;c+1)-61092Vx+T+2 st dung SOLVE (SHIFT +
CALC] gan X=0ta duoc

RG22 27m b e
Tiép tuc tim cac nghiém con lai SOLVE (SHIFT + CALC] gan X =10 ta duwuc
K SafeifllS Silifi

hi * O
| Vaytong cac nghiém la: 4.
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Pép an: c.

3. Bat phwong trinh mi, bat phwong trinh 16garit %
Batphuwong trinh mi cv ban
a*<b<0 vbnghiém
M
ax>b .
ax> vo \&nghiém
O{Vk) b<0 Jnte *_‘?
ax>b>0<3ja—)(*:~fog ¢>)>0 ' 1
Batphuwong trinh logarit co ban I
i(fl-i)(it6-/w)ao
log,, f(x) <log0g(x) <=>+f{x)>0
g(x) >0 V:}
Phuong phap giai chinh L2
- DPuwa vé dang bat phrong trinh co ban .-},%0
- DPat an phu
Ngoai cac phwong phap trén thi trong céac bai toan trac nghiém béat phuong!)
trinh néi chung, ta c6 thé s dwng phwrong phap: a
Chon cacgia tri tlr cac dap an thé nguoc iai dé bai. am
Vidu 1. Tap nghiém cta bat phwong trinh 2% >3 a: YT
A. (i0g23;4-0°) B. (log32-1; +00) .
c. (log32;+<») D. (loga3-1;-H») LY
e ]

Hudng dan giai

Cach T: 2 >3 €& (2—)(x-i-1~10g23) > 0 £~>x> log23—
Céach 2: Thir cac dap an bang chirc ndng CALC

Nhap ham 2X# ~3

Ta sap xép dap an vai bién theo thi ty ting dan ;

log32 1 —»log23-1—i0g32 —»log23

Ta sé thr v&i dap an co bién nho nhat.

Tacovei X=10g32,1-1 => 2laB21'1l- 3<0 [loai].

Ta covéi x =10g23,1=>2lgBl 1- 3> 0 (théa man).

Pap an: D.

Vi du 2. Nghiém ctia bat phrong trinh logj *> = %350 I



il A 1< X<?2 B 2<x<3 C. 1<X<3 Do<x<3
pli’ Hwéng dan giai
i| Cach 1:

- - - A —_— N i
mi” +Diéu kién ------ 2 >0'<gx> B

—3x + : —3x +3
log] x 2 —3X 3>|09:!;|© 2 —3x <1
X X

Il x2-3X +3< X2-4x +3<0*=il<x<3
g; + KEéthop voi diéu kién ta dwuc nghiém 1<X<3

| Cach 27 Thir cac dép &n bang chic ndng CALC, nhap ham logJ™*” —x+3
i

HI
1 ,
E Tasap xép dap an vei bién theo thit ty tang dan 0 —1—2 3.
p Taséthlk voi dap an cé bién nhoé nhét.
n Tacovei x=01=logJ r+~ <0 khéng théa man, loai D.
] 3 N
31+ _
1 Tacovei x =1 =iogl 12 i;[___f& =0 théa man, loai B.
1 3 1
' . 3 A
ri -bé loai A cta thtr x —3 duoc logj-——- —--—--- =0, loai A
P.- . 3 3
E Péapan: c.
E BAI TAP Ty LUYEN
IT' . o - : [. e X2 ..
M. Tich cac nghiém cua phuwng trinh logi (4x) +iog2— =8 la:
pi' 8
A B. C. . D.
m 128 64 8 32

E2. S6 nghiém cha hwong trinh: log3 i —J + logi x = 1 1a:

ig AO0 B. 1 c.2 D. 3
1:3. Tap nghiém cla phwong trinh ;0g(x2-x~-6) +x=/0g(x +2) +4 la:



A. {4} B.{log2) c. {log 3} D. 0
4. Tap nghiém cta phuong trinh in[(x2—x—6>Vx+1 +17 =0 la:
A {-2-8B B. {-1} C. (—1;3} D {-1,-2;-3}
s. Tong tat ca cac phan tlr thudc tap nghiém cla phwong trinh
iog2x.iog3x =iltg2x2+iogi x3—6 la:
A 2 B.3 C.5 D. 17

3
6. Phwong trinh fogKx +1) =lg~- c6 nghiém la két qua nao sau day?

A x=2 B.x=3

qu=1— D. Phuong trinh ve nghiem
7. SOnghiém cda phuong trinh in(3x2+5\x\) =1n2 EW

A O B. 1 c.2 D, 4

2
8. Tich cac nghiém cla phuong trinh fog3x.iog9x.iogZ X'iog&X=—la:

A. 9 B.1 C. ; D. 27
: 2
9. S6 nghiém cda phuong trinh | +1log” 2.fog4(l0 —X) = -------)-(Ié:
A 0 B.1 c. 2 D. Hon 2.
10. S6 nghiém nguyén cla phwcmg trinh 3262—3*71—3*+3 =0 la
A 3 c.0 D1
11. Tap nghiém cua phuong trinh 4X'm=8* (m la tham s0) la:
A. {-m} B. {m) c. {2m} D, {—2m}
12. Phuong trinh 4*+ 6 * =97 c6 nghiém Ila:
/&‘, XE%ogZ(ls' | . B %= 1
3 2 2
C.x:/og3l’\s'—I : D.x= Iogs?'s
2 VA 2
2 1

13.Phuong trinh 4* —3X2=3* 2-2 X1 c6 nghiém la:



A X= - B, X = - C.x= - D. X=
3 2 9

;
4. Phuwong trinh 9X- 2X05“ 2*435- 32*'Lco nghiém ia:

A .XS- B.x:—4 Cx= - D.X = -

4 3 3 2

5. Khang dinh nao d&i voi phwong trinh 3X=4- x la sai?

A. Phuong trinh ¢6 nghiém trong khoang! 0;+co)

B. Phuwong trinh vé nghiém trong khoang(-oo;l)

C. Phuwong trinh v6 nghiém

D. Phuong trinh ¢6 nghiém duy nhat
6. Phurong trinh 0,7* =('0,7 f*4d# c6 bao nhiéu nghiém phan biét?
A0 B. 1 C.2 D. 3
7. Phuwong trinh [VtW 48 j +17/7-748 ) =2 c0 nghiém la:

Ax=D B, x- ovax=1

c. X=0va X=1log748 D. X=0va X=iog27
8. Tong cac nghiém cta phwong trinh 3\2*2=1 la;

A. —0g32 B. —0g23 C, i0g32 D. iog23
9. Tich cac nghiém cla phwong trinh 3K +4* = 5)a:

A.0 B. 2 Cc.-4 D.-2
0. Téng cac nghiém cla phuong trinh 6.9* -13.6* +64* =0 la

A.0 B.2 C.“4 D. -2
1. Nghiém cuta phwong trinh 5\8Kd=100 la:

X =2 X =2 c X =3 D X -3
x=l0g510 " x —~-ilig510 " x =fogw5 " x =—jogDb

2. Nghiém cta phuong trinh log29~2X1=3—X lakét qua nao sau day?

A X=1 hay x =3 B.x-2 hay x=3

C, x =0 hay x =3 D. Phrong trinh ve nghiém
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23. Phwong trinh /093%7092X~|Og%- \%+7092vfx_ conghiémla:

1 Bif
A. X=1 hoac X“ 3 B. V3 -|fi
£2_ o _ > X Modc x=1
2 8
24. Phwong trinh 2,912* = xhs®6—x2 c6 nghiém la két qua nao sau day?  ;Cfl§
A X=1 hay X=2 B, X>0 SIE||
c, Xx=3 hay X=2 D. Mot két qua khac A
25. Phuong trinh 47 9xt)) = x ¢6 nghiém la: J |1
Al B. 2 c.3 D. 4 v Is
26. Phvongt r T n h =6(0,7Y +7 c6 nghiém la: —1®!
A 0 B. x=i0g70,7 c X=logiir7 D.7 Alfp
27. Phuongt rin h +  3(2*—7)J“ 1 c6 nghiém la: BE|
Al B. 2 c.3 D.4 'H |
28. D€ phuong trinh (m +1).16* -2(2x11-3 j.4x+6m-f5 = 0 c6 hai nghiém traf]|
dau thi m théa man diéu kién: Si
A.—1<m<—5 B.——5<m<~3 c. -4<m<-1 D, I<m <4.ii
6 6 2 m
29. Cho phvong trinh4Xx—m.2*2+2m =0, Néuphwong trinh co hai nghiém-
X¥x2 thoa manX +x2=4 thi m c0 giatri ia: J8
Al B. 2 C.4 D. 8 5
30. Tong cac nghiém cda phuong trinh 1IV2 +V3 | +1%/2—V/3 | -4 la:  ®i||
A.o0 B.2 c.3 D.6
31. S6 nghiém cua phwong trinh 2“-3 vi =1 la; m
Al B. 2 c.3 D.o ¥ 'M
32. Giatri m nao duwéi day dé phvongtrinh i 3m- 2 =1 c6 dung mot AT
nghiém?
A.-V2 B. | c. V2 D.3 il
33. Nghiém cua phwong trinh 3\8"2- 6la: \g
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3>

X=1,X=24 B. X=1; X=2
log23 - 16923
c=lix=-2 2 D. X- LX—2 2
log,3 log, 3
Nghiém cua phuwerng trinh 5% - 3 |a:
IA- X=/0"55 B. X=/6¢33 C. X—0g33 D. x = 16935
s s s ¥

Tong cac nghiém cla phuong trinh 324 —23"4+#%6+32'2=0 la:

1A.1 B. 2 G3 D.0
A %1
Nghiém cla bat phuong trinh: - ) ER
T - ( | mKir-uU)
B. X>2— C X<
7, Nghiém cla bat phuong trinh 43* > 27711b4A 13 két qua nao sau day?
A X> - I—[|).X>Blog~-;
2 2 19
C x> V2 D Mot két qua khac

i. Bat phrong trinh 22¢1+2X-2 X's > 27x-2 3x ¢6 nghiém la két qua nao

sau day?

LA x> 8 B. <8

i, 3, 3

I Co<x<= D. BPTve nghiém

§9. Bat phvong trinh 8 3 A +9Wn> 9/ cé nghiém la két qua nao sau day?

1

w A*X<—1 hay x> — B, X > —

. 9 9
I ¢ x<16 D, 0< X< 16

40, Nghiém cla bat phvong trinh (X2+X+1 <1 la:
§. A. X>0 B x<o C x<-1 D.0<X<1
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41. Batphuong trinh 1IV2-V3 | +U Il +yl3j >4 conghiém lakét quanaol|)||f

i 2IWEEI
sau day?
A.x<2-yi3 hayX>2+V3 B. xe [-2;2J 'méEE
c. X<-2 hay X> 2 D, M6t két qua khac
42. Bat phuong trinh 54* +225* -7.10* <0 c6 tap nghiém ia:
A. 1<X<0 B.0< X<1 c. -2< X<
43.Bat phwong trinh 4X< 3.274t + 4 c6 tap nghiém la:
A 0<X<l1 B. 0<X<4 c. 0<X<9
44. Batphuwongtrinh 4S4-16* <2/6g 48 c6 tap nghiém la:
A. M\[0,/0£23] B. R\[c),logA3]
c. K\[0,iogt 3] D* R\[CUogE3]
45. Batphuong trinh (2+Vx2-7x +12Ji- - 11 <(V14-2x2-24 42;/of. ¢ |S§!
u ; X |
co ﬁghifém"lalw—qﬂ’ék’n'ae—s&u day? o.M
A X=4 B x=2
c« X=3 D. BPT v0 nghiém
46. Vi giatri nao cua a thi fogZHi(2x —)+iogJ x-f3 )> Otai X=4 ? &n
a> | 11
A a<l b. a=1 C. D.0<a<1
O<a<
47. Giai bat phuong trinh: togJ125x )dogl5X<1 (1) cho nghiém la két qua
nao sau day?
A —4<x<1,0<x<5 B>€7< x<1,1<x <b
C. Bat phwong trinh vé nghiém D x<1 hay X>5
48, Batphuongtrinh fogJ 5x2- 8x +3)>2 [1) c6 nghiém la két qua nao sau
A x> :23— B - xX<1
- :rB
g %< X< g—hay X>% D B4t phuong trinh vd nghiém

49. Nghiém cua bat phuvwng trinh ifogx2(3—2x)> 1 la: -



[e]

[ |g'_1hiém cﬂza batphuongtrinh x2.iogx27.ioga x > x 44 lakét qua nao sau
lslav?
B. X< 2
Ix > 2 B) BPT v6 nghiém

3
—>
%\tphucrngtrlnh |ogK8—_2X —2 c¢6 tap nghiém la:

}—2<x <0 B.xe(0;Nuil;4]

| x>4 D. xe(-2;0)u(0;1)ui];41
El-' . 1 1

pET&p nghiém cda bat phuong trinh fog, 4=<iogl—Ia:

I 3 VX 1 2
p[O, ] B. (0/4] c. (0;2] D, (~oq;4]
-

l. Tép nghlem cla bat phwong trinh /ftx + N0 la:
gp: V X

iiA. [1;+oc) . [0;+<») c. (0;+«) D. [~ 1;+00)

i Tap nghiém cla bat phucrng trinh |0gq27(3x )> Iogu7(5(1 —X)) Ia
mi-.

. Nel C. D. 1
gr vo y v8f y V'’ 8y
¢5. Nghiém cla bat phwong trinh 3fiXz < 3*5—2 la:
EAK x >-2 B. x>0 C. x >100 D. X >
H> Nghiém cua bat phuong trinh (X-1)Ig2+ig(2X+1)<ig(7.2*+12) la:
| a x<1 B x<3 C. x<4 D

i57. Bat phuwong trinh 38'x+ x@K<6 co tap nghiém la:

pA. c-[ & 32 D

88, Bat phvong trinhiog2(3" +2) +iog 2-3 >0 cé tap nghiém la:

5 +2
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58. Bat phwong trinh log2(3* +2) +log x 2—3>0 c6 tap nghiém la:

A. x>i00g2s3 B. x >i0g32 C.Xx>0 D.x>1
S9. biéu kién dé phuong trinh log” _— - =0 I&
4X-2 X-2
A XEO B. X<0 C. X<1
X>1 X>1 X>2

DAP AN VA HUONG DAN GIAI

1.B 2.¢ 3. A 4.c 50 6.D 7. 8B 9C Hum

11.c 12.D 13.B 14.D 15.¢ 16.c 17.A 18.B 19.B 20.A
21.B 22.¢c 23.D 24.D 25.D 26.c 27.D 28.c¢ 29.D 30.1i
31.A 32*B 33.D 34.c¢c 35 A 36.A 37.B 38.A 39.D '4<Mi
41.c 42.B 43.B 44.B 45.D 46.c 47.B 48.c 49.D 5048
51.B 52.B 53.c 54.¢ 55.D 56.B 57.B 58.B 59.B myp
X —2 ﬁ%
1. (*) <*log24jc+ 210924~ = 17 Pép 4n: A, L
128 N . S
>=1 .. 5i$S|
2. t- log3*r=>r /=0 Phuwong trinh cé 3 nghiéui®
r=- hmk
bap an: D.
3. (*) <log(jc—38) =4—X (N K :x>3)«” =4 Béip an: A. ]
4. Lvuy *+1>0 <>*>1 bép an: C. s
5. (log3  2)(log2x-3) =o<=>\>:f. Pap &n: D. f@"’@
6. Cach 1: Th& nghiém & AB,Cthdy khéng théa man => Dap an: D. - 1
m'i®

Cach 2: +)jcg (0:1) => loghir-HI) <0< log==2> v6 nghiém



+)x > 1=>\ogx(x +1) = logx =log -| 3 log 3- log 2

<>log[2(x +1)] >iogx; VP <logx (dolog3=0,477)
=> PT v6 nghiém => Dap an: D.

oWXi|=2 <> |[dF 45> =x—g=> Dap an: c.
_1 _ 21 A
ax —2—Iong\ Iog*x—16"=:>X—91:—9—$>Dap an: B.

j: loganx =p <G x = nén xix2=1. Do d6 chi can nhin s6 lvgng
tra sO dé két luan.
=8;*—=2 => bap an: c.
x =-2\x =1 => Pap an: A
L223rW) = 2IX« 2(2*- w)=3*<>*=2m  Dapan: c.

1 = '1'2\’3 (/oai)
bap an: b.
V.3, - 1+V5
Croch 2 : Dung CALC thr nghiém, => Dap an: D.
Dung CALC thr nghiém. Dép an: B.
Dung CALC thtr nghiém. = bap an: D.
Phuwong trinh cé nghiém duy nhat x =1=>Dap an: ¢

Nghiém cta phuwong trinh x=0;*=— => Dap an: c.

t=iyil \J48j Ni-f- =2<=>f=I<=»c=0 => Dép an: A

Céch 1 : Dung CALC th* nghiém => Dap an: B.
Cach 2 : Lay logarit co s6 2 hai vé = Pap an: B.
x =2 la nghiém duy nhdt Dap an: B.
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20. x=i;x=—t;|’=/2Y béap an: A

21. Dung CALC thtr ngiém” Bap an: B.
22. Cach 1: Dung CALC X- 0;1>=3 = bép an: C,
Cach 2: Phuong trinh <=»9-2* = 2 :Zﬁ = Pap an: c.
23. Cécli 1; Dung CALC thtr dap Béap an: D.
Céch 2 : (1—og3x)Aog2x~310g3x +?: 2—+?|og2x
log3*(log2*+3) =-ilog2X=" 7" -
« log3*(log2*+3) = Hlog2x="1" 3
log3x=0«;t =1 13 V3 o
}} log, X=1log- N=—-  Papan: D.
log2"H-3s=l0g2%3 ' 8 8
29. 4*-m.2*+2+2m =0(*) bat 2x=t>0
<$t2—4mt + 2m —0(2) *Dé (1) ¢é 2 nghiém ~+~2 —4 thl (2) c6 2

nghiem /j va /2thGa man tvt2=16<=> <[A_ me—2m :£:>m:s
I 2m=16
=> Péap an: D.
30. 12 +>13 =4

Dt 5124 58) —((:50)—> —4i+1=0d>

1 ; , [i=2-V3
= DPap an: A
31. 2*-(V3)I=l<=>2* =] +<s/3o0l =1"j +'— (%)

X6 V(\]‘IY fd\ﬁlﬂﬂ%—ﬁwm Nghich bién

V23 A2/ 2 42
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ilpiét (*) :Vé phai la ham hang, vé trai 1a ham nghich bién.
Ifc Co6nghiém duy nhat x =2
Sii> DPéap an: A

1 (3m 2).2m =1« 2m =—-
3m -
p

1
Phuwong trinh ¢ duy nhat 1 nghiém <s—— =1%m=1
oK I—2
IS Pép an: B,

N

% 3XSH2=6<>  +*log23=1+log23

X+ z
?ré:#2|og23+ 1(2+10g23)-2 —210g23= 0
X =]
R
- log23
ilDbép an: D.

JlIe 5% = 3)€}®*I0935- *Hl<=>* L IogsB = Pap an: c.

logijb5 -1

| Tu' -2 WHH +2cu=0<= 31 .2+

3*+6 3*
|<<*3 ~6=1 x2-£-6 =0<> A=3
X =—2
= Pap an: A,
1 f1E5 fiyl 1Yl (iy4
|:UJ 133 >3 UJ
Uiy rieruiY o] sriv iy ee
! ;U 4j 73 8 4
3Y 32\ f3V 5
4) 21 Ui 2
Pép an: A
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37.

*Pap an: B.
38. 22%1+ 2Ix - 22¢s >27*- 23X

« 22— >2-XA20« 23 >2560 *>-
32 3

=> Pap an: A.
39. 8.3/"fifi +9r'4# >9'G(x >0)

& AV
+8+9,~f-> <>-1<3 <32

<=}y/x—tfx <2 <r>X<16
Két hop diéu kién ta dugc 0<x <16,
=> Péap an: D.

| j@2+ je+ 1>1

I X <o

40. (@2+x+1) <lIt=i

x2 +X+1=1(vd nghiém)

41, iyj2-*ji\c+ U2+ yRj >4

X>2
*<_2
(V2w 3)"<2- 7 L
=>Pap an: c.
42. 54* 4*2,25* —7,10* <0

=> Pap

<\<=10<x<|

=>Pap an: B,



n
Jp* <320 +4HJ*(x >0)
igsfor” f—

ife: A 3+4.———
EPi 2 2T

*<=>-1<2 "N a4

lit-<ExNMx <2<=>0<x<4

»D ap an: B

8I§ . 4x<1
Gp. 4%~ 16* < 2J0g48 <>4,4i 4% <3 <>

i 1 >3
IB: x<0

B «

m < x> log43

bép an: B.

. Dung CALC (v Casio thay cac dap an:  Dap an: D.
¢46, log2aH(2*-1) + logaCk+3)>0 tai x =4

- RN | W — N
B Iog».«7+|og,,7|3g07%>2&+|) IogJ?a >0

a>1 (iudbndung)

D<a<] - Ou’>| - a>1
<a<
log7[fl(2q + ' a 0<a<—
R >0 2a2+a<1
b [iog7a.log7(2a+1) L
| ~=>Pap an: c.

47. logx(125A:).10g75X <1 (0<X”™\)

i S— <1 logs jt).log5X<4
. 7005 )41@3% <=8 logs jt).log5

<>—4 <loghX<1*$ 3 <x<5 ma x 7
=>Pap an: c.
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O0<x< 1

5x2—&x+3<x2  i-X<1
48. logh (s*2—8&"+3)>2 <>
X>1 3
X> —
5x2-8X +3> x2
bap an: C
O0<*<1
2(3—2;t) < x
19 2B~ 2 >1» <=>l<*< —=>P4gp an: D.
2627 o p
2(3—2x) >~
SO.M2.1og™ 27.10g9X> jt+4 (0<;t:£1)
3 *<—Ai
292> ICHE < 3
2
X > 2
Két hop diéu kién ta duuc x > 2
Bap an: C.
) >-2
51. log, 8_2ic
' 0< x<\
8 2 <l o<
o 921 * 4 Péap an: B.
4> x>| —< X< 4
3 J
8—=2x X2

52. logT . <Iogll(x >0) o—%=>‘l

3 V-1 32 V o»T 2

<N0<x<4 =>bép an: B.

53. In-*+~*+1>0 (*>0)
VT

TrVEl >1 cD‘I:Tl >0 <>x> 0
\fx yfx
=>Pap an: C.
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&L,
pi
™ t. 1ogd73x >log07(5(1- X)) (0 < X<1)
Bz=»31<5.5n t=)7x<!5
L 8
BKét hop didu kién ta duroc @ 0<x <>
_>Pép an: ¢

£ A“logx+2 N "og.r2+5 _ 2

| 9593l < 353%qy*- 2
< -
gt <~ (vn,)

lax> —=>log*> 2 <<t >—L-
lax 9 %L 100

IS..-
i8=>bap an: D.

S6.(*—lg2+Ig(2*4+1)<lg(7.2" +12)
n Thay x & cac dap an (Dung CALC ¢ Casio)
R &> Bthoa mén

|=>Pap éan: B.

1.

6 <" 2jtofE6 N3 <3

P< *10g3xlog3;c<l <*(log3x)° <1 <=>-l<log3JC<1 <=£~<x<3
I: =>DPép an: B.
JS, \0g2(¥+2) +2A0g3+2~3>0

& bat log(3G-2) =r->i-f* 3>0<i=» ,|'<:%
1>

log2(3"+2)<l  y 4+2<2
log2(3A+2)> 2 3X+2>4
VOnghiém
x >1og32

Pép an: B.
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AX+2X—2 _ 0

log
4X-2 X2
Diéu kién cta phwong trinh:
4*+2*—2>0
aX+2X%2 #—2r—2>0
>
4% 2%.2 7T << gx+2x-2<0
4 —2A—2 0 ~ —9<0
4%-2%-2%(
2X<1
2->2
bap an:B.

x<0

if



CHUONG V. Tw DUY GIAI NHANH
NGUYEN HAM, TICH PHAN

Bai 1, Nguyén ham va tich phan

Il Bang nguyén ham
id,L Khai niém

Jf{x)dx —F(x) -fc <<F '(X) = f{x) ;

3/ (x)dx —F{x)

Bang nguyén ham
1) idx=x+c

3) 9 = In g+ c(x 2Q)

5] Mfexdx —e*-\-C
7) J*cos =sin X-fc

9) I— ——| (1+ tan2
Jcos X

| F(h)—F(a)

21 Ix*dx

or+1
4) ¢
G)J :_In«+ ¢

8) J sin xdx = £€0s X+ ¢

=tan >+ cC

10) f ~ —=j| (I +cotzx)dx —" COt.*+ ¢

Jsin J

+y —f(x) =>dy =/ r()E&
Xir= —d (x2+1) —d (2x2+3)

lexdx =ex+C

J eHf' {x)dx = J d(efix)) =

dx

Vidu 1. Cho /j =1 ,
2X +1

A 1, =TIn|2x +]]
3

c. /, =2ini2x +li+c

tc

B. T, =—Inuzx+N+c
D. I, =iln|2jc+I1l +C
=1 If l;
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Huwdéng dan giai
) _1rd(2x+1])
Cach 1: I, = -—ln]sz +C o
ox+1 2 2*4-1 l
Céach 2: St dung dao ham tai diém X— 2 clia cac ham sbé & dap an va
11

so sanh voi /(2) =
2x+l 5

bap an: D.
Vi du.2. Cho /%zj—zfeﬁl_ll khi do:

A /2=2I1 +li+cC B. /2=2exIn 2ex+1 +C
C.Q:’gn|2’\4~ll+c D. /2=41n 2% +1 +cC

Huwéng dan giai
exdx _ 1k2e*dx _ 1(2ex+1)'dx _1

CdcA 2ex+1 +
L =) 2rd~ A Tex -2 2ex41 —2 17T
£ac/i 2; St dung dao ham tai mot diém.
2. Phwong phéap ddi bién so
b b
Cach T: Tinh ig(x)dx =i f [u(x)] u (x)dx
a a
0
if(t)dt voi a-u(a)\ 13~u{b)
a
batt =u(x).
Céch 2:
b X=a -yt =
Tinh i f(x)dx ;DatX- uf) o V7% gx—u @t
. X=b»t=id
[ p
=>if(x)dx =if[uw)] G{t)du
Vidu. Cho/ =f dx, khi d6 phvong an dung la:
. V 4147 p g g
2(V27+1y
A 2(2A:+1) +5V2jc+I1-101n(V22r+1+1) + C



i T

« KAV / ———\3
1Tt 2 V2jcti) , :
iip B- - —+2(2:t+1)+5v2T+I1—20]n(v2x+1+ 2)+C
2(2*+1) +5V21+1-101n(Vix+i +2)+c
(Val+T) L _
1{ [ D. v —3——22(22jr+H})4+55\X/22/Y-ﬂHn(V2x+T+2)+c
pf Huwéng dart giai
1 ﬁa] Patt =V2x + | :-:[-2-_--%-- >dx =tdt
11- 2
|: 1=151i=27dt_ffot> 4t+S--1°-1 g
Ri. t+2  ~ - \ t+2]
§1  2(vx+If
|FIN =— ;T 2(2X + ) #Hy2x + 1-101n(V2x +1+2) + C
I | Pép an: c.

k3 Nguyén ham va tich phan tirng phan
gi Strdung céngthrc ludv=uv-lvdu

. du —p \x)dx
=p
I \puw)A'mmd x-’*\\!ld r)ix) 1
I . \dv=am dx v:ﬁ]€mx+”
i r e _
I sin(a x +b)dx—»|u_P(X) =P
dv =sifi(fax+b)dx ~ v=- —cos(ax+h)
(v
du =p \x)dx

ca J P(%).€os(ax +d)dx e P() _
5 |dv =cos(ax+b)dx V= ;sm(ax +Dh)

il b fu =\nx du~~dx

tdvi=PMdx=*{v =Ip(x)dx

253



ITM
Vi du, Cha F(x) =1 xexdx. Khi do6 gia tri cta F(x)la:
A. xex+ex+c B. -xex+ex+c
C. Xe* - 2e* /mC D. xex e*+c
Hudng dan giai
. u—X = du~dx
bat -
dv —exax V= ex

[, = I xexdx —xe* — e xdx —xe* ~ex+c .

bap an: D,
4. Kinang st dung may tinh Casio trong tich phan
*Ham chtra gia tri tuyét doi *Ham c6é mii bac cao

Luu y D€ an gia tri tuyét doi ta dung Vi du: Cho tich phan 1= £ --%& X d
phim SHIFT +Hyp (ham Abs ) u: Cho tich phan 1= 19 5985 % Mm

Vi dy: Cho tich phan Khang dinh dang la

1= 3(1x+1]-]x-2[)d X A Il B .1>1998
o X T D. 1<
DBiéu vao cho trong |- ... ¢.1>1 1998 g
Nhép tich phan trén Casio St dung Casio nhap tich phéan.
Khi d6 ta dvoc két qua Ta dugc két qua
- Math A .
tiA;

—

-V 1. QQ7900026
BAI TAP Ty LUYEN

1. Tinh I—(-—Z-;(-)—dx ta duwoc ketqua nao sau day?
3(x-2y

A —-3x +61n|x|+-+C B n i
4 Pl 853 L

2 6 12 |

L —=-3X— - D. — —3x S e v

¢ 4 3X X X +e 4 X2 x3 'i/l
K
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, ° i ° He - 1
%,El’rong cac ham so sau, dau la mot nguyén ham cua ham sé f(x) :I_Is_i-r_&
Re 2 sin
1:A- FQ() oy « B. H(X) = 2th
. sin” 4+cos—
I 2 2
Iy G G(x) =In(l +sin x) D, K(X) = In(1 + C0S X)
11  Trong cac ménh dé sau, ménh dé nao sai?
. X 2-i-6x+]1 . A s N AX2+10A . o .
L A Ham s6 F(x) Z--—— =——— 1a nguyén ham ng mot
2 am s0 F(x) 5% 3 ,G(X) %3 a nguyén ham cua cung mo
n ham so.

| B.Ham s6 F(x) =5+ 2sin2x;G(x) =1 —€0s2x la nguyén ham cua cung mot
I1. ham s6.
|V c. Ham s6 F(X) = VX2—2X4-2 1a motnguyén ham clia/ (jC) =J="L=L=.
R - \X 2—2X +2
| D.Hamsd F(x) =sinVx la nguyén ham clia ham s6 y - f(x) = cos Vx
li5
Pau la moét nguyén ham ciahamsé y- f(x)= 7 x ?
*

Vx2+1
p A FX)=InVx2+1 B. F(x) = %x+1
1. 2
|]]' C. F(X)=2vx2+1 b. F(x) 3x +1)

| . Bau la m6t nguyén ham cla ham s6 f(x) = xe*2?

I A F(x)=2eX B. F(x)=é'ex’
o8
< € F(X)=2Xx¥V D. F(X) = e*3+ xe*

6. Trong cac ménh dé sau,ménh dé nao sail?
1" I. Ham s6 If(><)\:X2+6X4'1 va G (x)- x22+ 10 la nguyén ham cla cung mot
2X-3 2x-3
ham so.
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N 1 . « 1 A s .
ILHam s0 F(x) =- . X va G(x) =10+cotg x la nguyén ham cua CUWﬁ

sin
mot ham s0. VAl
I, HamsOF(x) —7 + 2sin2 Xva G(x) =10-cos2x la nguyén ham cuaff]
cung motham sé. rS||
IV. HamsdF(x) —8H— vaG(x) = “10+tan2Xla nguyén ham cula-i
. N axx YN
cung mot ham SO, | «
Al B. Il em D. IV JM
7. M0t trong cac nguyén ham cta ham sd f(x) = xe"x la ham sé:
A. F(x) =xe“*-e"x - B. F(x) =-xe'x-e"x
G F(x) =xe'x+e'x D. F(x) =-xe"x+e"x e
8. Nguyén ham cua ham s6 f(x) = XIln X Ia ham s6:
AF(x)X2rx_Lyiic B. F(x) - 222 ¢
2 4 2
c. F(x)=xInx-x2+c D. F(x) ~ X - —X2+¢C &
9. Ham s6 nao sau day la m6t nguyén ham cta ham s6 f(x) =sin2x ? )
A, F{x) =2cos2x B. F(X) —sin2X H'|'|
c. F(*):—ECOSZX D* Fgl)v():—zcoszx m

10. M6t nguyén ham cta ham s y = f(x) = 9* +3x2 la:
A. F(X) = 9X+X3 B. F(x) =9xInx + x3 M

QX QX ]
C. F(X)= —txs D. F(X) =— + xam

In9 7 9 §M

11. Mot nguyén ham cla ham sé y = f(x) = eésnk B X la:

A. F(x) = edrnxcos x B. F(x) = e
C. F(x) = esir™ D. F(x)=e"“Gr

12, Nguyén ham ctia ham s0 y = 2%1 f%lhgmséf*' . )95*
A. F(X)=In(ex+1)+c B. F(X) =- In(ex+1)+c

c. F(x) =(e* +)In(ex+I)+c D. F(X) =21n(e*+1)



% Nguyén ham caa ham s6 y = f(x) = x(2x2+ 5)D la:

5 Il ”
1 a.F(x) (¢ 2; )
S, x). 2T £ D. F(x)= (2X25J5f5)n
l. Nguyén ham ctia ham s6 y = f(x) ey +3 la;
| a. F(x) =i(x +Inlex+3|) B. F(X) = (x-Inle* +3|)
c. F(x)“ é-{x-ln|ex+3|) D. F(x) = (x +In|e*+3|)

5 Cac ménh dé sau, ménh dé nao sai?
/.j v'2.v +TdX:—3—v'(2a +iy +C

I //,Jsin2 SIn3x

| |II.5 >@T21:I'?'fa:_2'” X2+ 2,c+ 7|IC
|A. 1 B. Il C. D, Iva lll
16. Tinh 1 =J xexd x , ta dwoc két qua nao sau day?

U\ A xex-ex+c B. exx +ex+c C:’\-Z-’\ +¢ D. xex+c
N7, Mot nguy@n ham cta kam s§ y =f(x) = °°°2*  I&;

R1 cos jcsin X

E A F(X) =tanx+cotanx B. F(x) = tanx-cotanx
yi C F(x) = cotanx-tanx D, F(x) =—anx-cotanx

I8« Dau ia mdt nguyén ham ctia ham s6 i(x) - exsinx ?

| a. F(x)=¢ ? g¢ +eXcoax B, F(x)= EXSINX~€* cosx
p' c. F(x) =e*sinx +exABX D. F(X) =exSinx-excosX
HQ Nguyén ham cua ham s6 f(x) :?IB N la

fe A F(X)=~tanxIn(sinx)-x +c B. F(x) =tanxIn(sinx)-x +c¢
c. C.F(x) =tanxIn(sinx) +x+C D. F(x) =- tan x In(sin x) 4-X+C



>

e i X N
20. Giatricuoa I = f5'™T %7 ax i

sinx 4-cos X
A 1=-2Vsinx —QBX+C B. I=2VsinX“ @SX+C
C I- Vsinx-cosx +C D. |=-Vsinx —cosx +C
21. Nguyen ham clla ham s6 y = la ham so:
auy Y= x+3)(x+2)
A F(X)=In +C B Fx)=-In X*?% +¢c
X+3 X +-3
c. Foo="1In **2 +¢ D. F() “ In X+ 3 +¢
5 x+3 X+2

22. Nguyén ham ctia ham s6 y =f{x) = ax+h la ham s6:
cx-hd

A IE(X)=3—CX __QQ_;_;_@ tnlex+d |+€

B. F(x) =9;-(i--t3-%Ti'lnlcx+ dT+ec *

C. F@f)-—% be-ad | \ex +d\ +c

D. F (%) =—+ (be* ad) In IQv# i I+C

23. M6t nguyén ham cua ham s6 y 3x+5
I+ 2
A. F(x) —=3x+41n IX+21+C B, F(*) =-3* +Inl* +2|+C
o -F(jt) = 3X—nix+ 2 I+ ¢ D. F(x) =3*+In IXm2 1+C
1
24. MOt nguyén ham ctaham s6 y=/0) = la:
ot nguy y ) - a){x+b)
X +b 1 X +Db
A. F(x) = mn +C b. F(x mn +C
%) a+tb x+a ) a—b x+a
c. F(x)=-—FIn X+b +C D. F(*) =— —In x+b +C

a+b x+a a—bh x+a



7.8
I
I, MOt nguyén ham cla ham sé y =/ ( X) = cosZnx la:

“liyl 1 : :
& =-(a+sin2&8x) 4c B. F(xX) =— —sin2mx) +c¢
1p 2 2m
1 1. : 1 :
ﬂ]ﬁ F(x) —(x— —sin 2mx)-\-C D. F(x) - —(x—sin2mx) +c¢
1 X+In(l1+\V/x)
I|T|nh tich phan 7=1 - F=------ dx.
sla. 1 A
fa. 1 =61n3-41n2 +— B./=61n3-In2 +-
E 3 3
|c. / =In3—41n2 +— D.T=In3—n2 +*
M = 3 3
| -
i
IpTl'cL pﬁén / = 1xcosxdx Ia;
Hi 0
A /---1 c. /| =—+1
m 2 2 2

§8.Tinh tich phé&n; / =J @ + cos x)xax.

la. /= — -2 B./=— D/=—-1
| 2 2 2
1 Tinh tich phan / =J* J Inxax.

I =g B,./:__e__ZA_f_B D/=¢"4
g T
§. Giatri cua asao cho I = J(x +cos2x) sinxdx - —la:
EA\ &2=0 B. &2=\1 c. 6=2 Da--3
l]. Tinh tich phén sau / = f 24=== ax
01+v3;c4l
EyA —§—In B./=—-iln -
273 2 27 3 2
c./=—-In— B r2 L2023
27 2 28 3 2
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32, Tinh tich phan i(x +3e*)e2*dx.
0

13 B. / = §3- -
4
c.T=-e2- - D /=823
4 4 4
" i
33- Tinh tich phan J(*2+>/*+1)
0
A. f=1610 B. f = 1769 c. /= 1079
60 63
0
34. Tinh tich phan: | =
I (X4-1)-\/3 + 2jc—
A. =
9 B. / |2(V7+V3)
. /:-%3 D. /=i(>/7->/3)
35. Tinh athéa man 1= f——— =2,
il +sin*
A a=;r B. a—t C. <3-2#
36. Tich phan /=13 2Imt+ 140y
* 4-jclnx
A /=2+In(ez2+1) c. / =In(e+1)

B. 7=2+In(e+1) D. / = 2In(e?+ 1)

' cot
37. Tichphan 7=1 (-1) dx la:
cos ;e+sinje)

A.T=—In2 B.7=4lin3

4

c. 7=-1n3
2
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! R
iQ Tich phan | =7 la
il ®
Al =l B 1=2 - c. /=2, D /= -
k € f e
. Tinh phan / = £%¢- 1N
1 1
el B./=- c./=- D/ =—
4 2 5

y

[lo. Tich phan / = J (2cosx +*sin X)E& I;

it' 0
A /=6 c./ =3 D./=-6
*
i Tichphan /=57 21 iecla:
t: 1
A /:"2—In3 B./=1In2 C. 1---é4'ln2 D./ =2In2
Tich phan 7= j 1™*—|dfc la:
1% 0
B a. 7=1In2 —2In3. B./=41n2-In3,
| C. /=4in2—2In3. D. / = 41n2+21n3.
%3, Tich phan 7= xf —2v+ e+ el
1 0 \lww vy
| A./=1 B./“in2 c. /=2+1In2 D,/ =1+In2
44, Tich phan / — x{x2+e*)dxla:
m 0
= - = - c.l = - D.I = -
1A B. I 3 4
| 4 v i 4
I5. Tich phan / = f-——=== bang:
5 X-2YiX-\
I A 21n2+1 B. 21n3 +1 c. 21n2—5 D.4In2+1
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Bai 2. wéc lwvong va cac dang dac biét

mk. Dirng bat dang thirc dé wéc lvong

D _dx<( f{x)dx<M\ dx m(a-b) <] f(x)dx<M(a—b)
¢ ,. b JL b

8yi du 1. Tinh tich phan Je*zxax.

K y 0

- B. —{e—Y) c. -fe-1) D. y(e-1)
p! Huwéng dan giai

HI Ap dung bat dang thirce* >x +1=>¢*2 >x2 +1

ﬁl =] }ee*)()ddx»J]i[(XX a+H mz&w—-l—

i So ssamhwdicéacddgpadm teacticon dapan A

ilyi du 2, Tinh tich phan / = f—%

. .+8
ha A Inatined  EBINGYd  c. In4-In3 D.In4 —n V>
tu Rurding dart giai

I Nhan xét: Vi 0<% <1=>4HF<—p=l=kK1l=>.4=r</<1
pi . v2 a43+8 V2

1' Tac6 cong thirc tong quat: 1—+= - =In x+yfx2+a2

pﬁ .y VX2+ 2
' bap an: B. _
E. L6p céc tich phan dac biét

1Einh chat 1: Néu f (X) lién tuc va 7a ham 18 trén [~a\a\ thi j f(x)dx = 0.

R i G
|| du. Tinh tich phan / =

W *

I A0 B. - C. D. 37t
} 2 Hudng dén gi\

|- Nhan xét: Ham s6 f(x) =ootfjr.ini-—

| Lién tuc trén -A R
I 12 2.

T f(x)+f(—0=Q=f{x) taham I8
263



Tinh chat 2: Néu f[x) lién tuc va la ham chan trén R thi:

i — dx — f{x)dx vV0i m>0 \fa€i M

_a/\

Vidu. Tinh tich phan / = f o, =
JefF*+ (e +1)

A. B. 0 c. 1 D. e
T

Nhén xét: J- =tan"1(1)-tan*4(0) =—. Péap an: A.
4

i X +1

Tinh chdt 3: cho f(x] 1a ham chan va lién tuc théa mén

f {a+h—x)=—£(*) thi T =i f{x)dx =0 (m& rdng tinh chit 1)

=1
a

Jr
Viduy. Tinh tich phan / = finl*+smX]1
' A1+ COSXJ
A0 B.e C. —3 D.1

BAI TAP Ty LUYEN

1, Néu goi 7= —# — thi kh&ng dinh nao sau day la dung?

0V9+JC2
A=l B |:T c. '9dro D143
2. Goi /| —fx,— dx thi khdng dinh nao sau day la dung?
Ox +1
Al=0 Bl=1 Cl=— DlI=—
Ix+1y | 1jt-1]
\X + 1| +1* - 1]

A 0 B. 1 c. yi2 +i D.-1



gon

<.

"V

1 L . T, .01 2 )
W4, Tinh tich phan / = 1si ‘73 =1 dx.
| i UTTT]

m A0 B. 1 c. IT D. -7t

| 5. Tinh tich phan / = | *xl+x +t~ ~ ~ x+1dx

7 -1 X +\
E; A1l B.0 c. -1 D. 2
I('S.Fl'nh tich phan / = 2w

i * X
St A -K B. K c.0 D. 1
m ~
mi IL

o ,
4 Neugoi 1= 10 dx thi khing dinh nao sau day I3 dang?
| A[=0 B.1=1 c.1*2 D.1:?
i |
x . _\]I U+l N 2 . \ T

?.Neu goi / = Aln-\-)z--l—E& thi khang dinh nao sau day la dang?

0 J—

fem "2

I Al=o0 B.1=1 c, 12 D.1=3
E 1

|9. Tinh tich phén /- i-—=

p 1"+1

H 2

| a |- b 2 D.

| 2112 w30 © 16
10. Tinh tich phan I =1 —— dx

X i F2

I A — B.0 C. D,
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11. Tinh tich phan / = f2 * ism* »
= 1+7

A. v—2 B. Vi C. ;-I:-S—

T
2
12. Tinh tich phén / =J("/sin X—V/cosx"dx,

0

A. 0 B* e C.7C
4

D.e

D-1

13. Cho ham s6 f{x] lién tuc trén R va thdéa méan: f(x)+ f(-x) =3—2cosxia

2

Tinh tich phan /- J f(x)dx.
T
A 2v 2" B. “?4-2 C.

14. Tinh tich phan I _g cos2(sinx)

A0 B.e C. [
15. Tinh tich phéan f sm x dx.
23F+1
A. 0 B. 2 c '
16. Tinh tich phan J  *1
11+2
A 0 B. 2 C. -
3
17.Tinh tich phan j7------- 7
J (4x+1)(*2+1)
A.— B. —e C

2
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m-1

tan2(cos*) dx.

T+ 1
D,



f £
18.Tinh tich phén I sinxsin3xcos5x dx

I A.—63— B. éf c.0 D. 1
™ £
19. ‘iF’fnrHJffEH pl'h'?m ] sinGx-hcosx dx
v ~4
Y
A ?6r B. 3’; D. 77-\
DAP AN

1.D 2.D 3 A 4. A 5B 6. G 7.A
8. A 9.B 10,0 11.A 122A 13 A 1l4.c
15. ¢ 16.c 17, A 18,A 19.B



Bai 3, 'ng dung tich phan

1. Ly thuyét

X =a

a. Dién tich hinh phang gi6i han bdi <
y=1(*)
Yy =9(x)
cong thiec: s = J|/(™)-g(x)\dx
a
Lwuy: Truc hoanh =0
+Can du@i thi€u a = ldy nghiém xi bé nhat
+Cantréh thiéu b  lay nghiém x I6n nhat
+ Thi€u ava b => can tir nghiém bé nhat => Ién nhat
'X=a

b. Tinh thé tich khéi tron xoay tao bai (0): -
y =/{*)
[y =0

quay quanh Ox

cong thirc: V = 11T £2(x)dx
a
X" a
Néu (D)< " v =TtV -F* {x)\be
y =fi{x) it

y =f2(x)
Vidu 1. Dientich gi¢i han btri dwong y —x2.y =x la:

A 3(dvdt} B. —(dvdt) C. - (dvdt) D. — (dvdt)

Hudng dan giai
2
X —x —0 ;[ = f\w2—\dx = f(x2- x)dx = [ — —
=1 0 1 0 V3 2)
(dvdt)
bap an: B.

-~



P-

I

iipidu 2. Dién tich gi¢i han boi ke du(yftg<g :;QMZ\3 .

A 3(dvdy) B. —(dvdt) c. - (dvdt) D. — (dvdt}
- Huéng dan giai
iill WGt x2-X 45 =2X+]  x2.5, +2=0Q L'leX—_lz

to . 2 2 2
n s =i(x2—x+3)—2x +Diix —ix1—3x+2"Nx = | (x2-3x+2)dx

E . L 1 1
pl’ 1y-x\nx
Rvi du 3. Thé tich cla khoi tron xoay khi quay H:jy - 0 quanh truc Ox la
p I \'x = p
&

C££- If (avtt dvtt
%/ A- B - 95 (V) Lavtt]
[V <
i dvtt D.
| cm » O 8 g7 OV
) Huisng UBH gidi
| Xét AnNC=0 <>=1=>V = fI2In2xd X - —--------- — idvtti
0 i 2927
- v =(6 *
Vi du 4. Tinh dién tich gi6i han bai céc duong & = @D

- ' ' [y = (1+ <
& A —1 (dvdt) B« —+1 (dvdt)

c. 2(dvdt] D, e-1 (dvdt)
Huwdng dan giai
x=0

Xét (e+ YX=(1+0*)*" x(ex—e)=0<> .
X =

1
&0 —I x(e* —e)cix = 1_!
0

| , 1.
s =J|(I+5)™ (0+)x|itc = I|x (&) “ &)
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BAI TAP Ty LUYEN -Ti®
41

. Tinh dién tich hinh phang gi6T han b&i do thi ham s& y—---é— va cac tr,l,J,gJI
toa do. "EEI
A [/ =3In— B. / =31n—1 ,él |
2 2 -m

./ =In_— D./=31n--I -
o /=i, " A7
. Tinh dién tich hinh phang gi¢i han bi parabol y =x2—2x, dwong thang |f
y =x—2 va truc tung. S
A. [*A B./=- G /=1 D./ =2 M |
3 4 -:|P
. Tinh dién tich hinh phang dwwc gi¢i han béi cac dvong; y =Inx;y =0;*-e. ;'
A.s =2 B.5=1 c.5=1 D.s =~ v |l]

, 2 4 'Id
. Gia tri nao clia a dé dién tich s cta hinh phang gi¢i han boi awoTigy =Jt-1 11
va 2 deong thang x=a, x=2a (a>1) bang 4?

Aa=1 B.a=2 c.a=3 D.a=4
. Dién tich hinh phéng gi¢i han bl parabol”®):y =x2—2x +2 tiép tuyén
v@i no tai diém M(3;5) va truc Oy la gia tri nao sau day?(dvdt] V(A
A.4 ’ B.27 * c.9 D« 12 SE
. Dién tich clra hinh ph&ng gi61 han béi cac duong: X=0, X=2,y =0, m
y - X*-3x2+X+2 bang [dvdt): *lil
A.2 B. — c.3 D.4 w
.2 m
. Dién tich hinh phang duogc gi¢i han bii (H)"iy “yjxIx —2y =0).
A1l B. t c.3 D. 4 =N
3 i\
ia s < 2 - > - \ _ X2 _ 8 R/l
. Dién tich hinh phang gi¢i han boi 3 dwong congy —X2, y——8, y= — !
X
CcO gia tri nao sau day? (dvdt). m
A- 8In2 B.2in2 C. 6in2 D. 4-In2 " JJ
Tinh dién tich hinh phéng gi¢i han dd thi ham s6 y =x2—3x+2 va duong /||
thang y - x —. . M
Al B. - c.3 D. 4 >
3 ¢
nSS
270 ?T)’%’
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gjpien tich hinh phéng gi¢i han bdi 2 parabol y = x|1—2xyy =-X2+4x ia gia
i@irl nao sau day ? (dvdt)

J|4 B, 27 C.9 b. 12’

& Néu goi V la thé tich cla khdi tron xoay cé dugc khi quay hinh phang
[lwoc giri hanvei cac duongy =x va y2- 2x xung quanh truc Ox thi
Hitémg dinh nao sau day la dang?

it.v=i*r C.v= D. v=s 4

mg 3 : ,
ok Néu goi V la thé tich cla khdi tron xoay c6 dugc khi quay hinh phang
pawvoc gi¢i han bii cac duwong y-0;y=x va y=4-x xung quanh truc Ox thi
iflthang dinh nao sau day la dang?

Ve g-‘J-L

fav-4r BB ow R

il. Néu goi V Ia thé tich cla khéi tron xoay cé dwoc khi quay hinh phang
| dugc gidi han béi cac dvong x =~5; x =0;y =0vay = —V25—X2 xung
| quanh truc Oy thi khang dinh nao sau day la ding?
||LA V= ?%’ BV —25‘3?” c, ]j=—1§?r D. /=250
12. Dién tich cua hinh phang gi6¢i han béi cac dudngy = Inx,y =0, x = e béng
|[(dvdtj: '
Al B.e . ~C.2e D. 2e—1
DAP AN VA HUONG DAN giai
p B 2A 3B 4B 5c¢c 6A 7wB 8A 9B 10.c
12.D 13.D 14.B 15.c¢ 16.B 17.B 18.B 19. A

=0
m Xét phuong trinh six = -9 <=
It 2 X -4

B Vvay S(H) H Vx —U; = |[I"Ix — =p xyfx—  =—(dvdt)

Ey. X—3*+2=:¢c-14=>:12—4*+3=0<>

Fo5=Ja2-370+2-(x~ )| = J|j2“ 47+ 3lgx = 2{dvdi) [dung Casio).

il L
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CHUONG VI. Tv DUY GIAI NHANH
HINH TQA PG KHONG GIAN
Bai 1. Mat phang

L LY THUYET
1. Phwong trinh méat phéng
Mat phang (P) di qua / = OQlyu,za) c6 vécto phap tuyén
np=(AB,C) (A2+B1l4c 2" 0) c6 dang:
A(x-xQ+B(y-yli)+C(z-20)=0 (1
<>Ax+By+Cz+D =0 (2)trong do (D - ~Axi- Byir- Cz0)
Dang (2) duoc goi la phwang trinh dang téng quéat cla mat phang.
2. Phuong trinh theo doan chan
Phuong trinh mat phdng qua 3 diém cd toa dd (a;0:0), (0:&:0), (0;0
ayb,c * 0 14 c4c giao diém clia mat phang véi 3 truc Ox, 0y, Oz c6 dang:

—t =1 (phuong trinh doan chan)
a b c

3. Cac dang bai tap
t, Phwong trinh matphang (P) di qua 3 diém
A = (Xi>yl,ziy»B =(x2,y2,22); C = (Xj,y3") khong thdng hang,
+] Tu=\AB,Jc~
+} St dung phuong trinh [1) —phuwong trinh (2].
2. Phutmg trinh mat phang (P) di qua A =(xv yi,z])
a) Méat phang (P) di qua A -LCD « Tfip- CD
b} Mat phang (P] di quaA/ (Q):Ax+By+Cz+D=0 <>np=nQ
¢) Mat phang (P3 = 2 mit phang (Q): (R) cho trwdc trong do.
(0: Ax+By+Cz+D =0— r¢§np_ ! nofnR\
{R):A'x+B'y+C'z+D'~ 0 LQ J



Ea

il?iau 1. Phuong trinh mat phang qua 3 diém /4(1;0:2),#(3;—+1), C(4 ;2;-|) [EN
BA sicvs; -777-10 =9 R S0eHayi-75%10r0

[fc. 5;c-3)>+7z-19 =0 D). Dx#+Jy+H7z“ 19=0

mj:: Hudéng dan giai

:Goi n 1aVTPTcla (ABC) thi «=[A5,Ac] ={5;3:7)

pvay phuong trinh (AOC)Ia: 5x-f3>+7 z-19~ 0. Dép an: D.

[fdu 2. Chobamatphang (#): 2x+y~z-\ =0; (j3) :3x-y-2 +2=0;
|EtO: 4x—2y +2-3 =0, Biém chung duy nhét cta (a),(j8),(y) la:

iiA. Af,(1;-2;3) B. M2(1;-2;-3)
pi- M3(1;2;3) D. A/A(-1;2;3)
Hudng dan giai
M-, 2X+y —z~1
1;Gidi hé phuong trinh véi 3an Xy, z <3x- * z=-2 .Déap an: c.
p: 4x~2y+2=3

|du 3. Trong hé toa do Q> ,cho A(l;2;—=2)R?(3;2;1),c(1;3;4) r
i Goi p, Q R lan lvot la hinh chiéu ctia A B, ¢ ién cac truc Ox, Oy, 0z. Phuong
i1trinh mat phdng(P(27) 1a;
Ra. x+4y +22—4-0 B. 4x4*2y+z2—4=0
| ¢, 2*+)>+4z-4 =0 D. X4%2 p+3z—3=0
' : Huwéng dan giai
I1Theo bai ra ta cé toa do cac diém /~(1;0;0), Q(0;2;0), R(0;0;4)
Uvay phuong trinh (PQR) 1a phwong trinh doan chan:
-+ N - = jt+2y+£-4 =
ih g l«4jt+2y+£-4 =0
5Pbap an: B.
I M(jc,y,z)— M (A:,0,0)
E chdy: hinh chiéu cla 1 diém M(x,y,z)— (0,>,0)
M(x,y,z)—"M {0,0,z)
273



3. Vitritwang d6i ctia hai mét phang
Cho 2 mitphdng («): Ax+By+Cz+D =0 va (fl):AXx+B'y +C'z+D’=
(«) cat {P):A:B:C [EA":B":C @
D _ Ve A - B ¢
A A' B'"'c'l1D’
A B ¢ D
A’ B’ c D'
4. Khoang cach tr mot di€ém dén mot duong thang
Cong thirc khoang cach tir diém M(x;y;z) dén mat phang

(a):Ax-\rBy+Cz+D =0 la:

 Va2+S2+C2
d{M,(ao) & AIMO(VAfOe (tir)

Vi du 1. Trong hé toa d® Oxyz, cho hai mit phang (p) va (8) lan luvot cill
phrong trinh: 3x~2y”5z-3 =0 va 3x-2y-5z +7 =0. Diém M(x\g/%'z
cach déu (p) va (iQ) khi va chi khi M thudc méit phang:

A. 3x—3j>-5z-10 =0 B. 3x—2y —5z+2=0
c. 3x~2y-5z+4 =0 b. 3x-2y-57?7-4 =0
Huéng dan giai
Ta thdy (P)//(Q) nén diém M (x;y;z) cach déu {/*) va (6) ilf
méatphang ndm chinh gitra 2 mit (p) va {Q).
Khi d6 nR= (3,—2;~5) =>{/?): 3x — —5z-t-c =0 mi
] Xe X ] ” N PP I —3+7
Do tinh chat nam chinh gilra 2 mat (p) va (0) nén c = = 2.
Béap an: B ] A
Vi du 2. Cho mat phang (en):x+y—2z+1-0 va Tim m di
khoadng cach tir M dén mat phang (a) l1a bé nhat?
A m=8 B.m=2 c.m=-4 D.m=0
Im+1-2m + 1| = \rn~2\ _
¢ 2 T
6 v 6 .

D&u bang xay ra <>m =2
bép an: B, 1



o

tpchim mét phéng .
EQio hai mat phang (P] va (Q) cét nhau theo giao tuyén la duong thang d Tap
gligyp cac mit phéng chira d goi 14 cham mat phangxac dinh béT [Pj va (Q).

| llpdu 7- Cho 2 mat phang (p):x-2y+z-1=0va (Q):2x+y +z+5-0.
i f Phuong trinh clia mat phdng phan giac ctia goc nhon tao b&i 2 mat phang do 1

U2L 3x +y +22 —2=0 B. 3x—y +2z-2 =0
fcc, 3x+y+2z2+2=0 D. 3x—y +2z+2=0
R Huéng dan giai

p o i dlagiao tuyén cla (p) va (Q) thi dthudc (R]
ffVTCP cla d la ud:j_npync”r_I = (—3;1;5), chi c6 VTPT & 2 d4p &n Bva D la

i E vubng goc viri ol
miG¢i dap an B, chon mot diém bat ki trén do, gia st ~(0;-2;0), thdy
Ed(A, (i5) == = d(A, (Q)) nén mit phing 3x- y+2z- 2= 06 thé 14 phan
w V6

| giac géc nhon hodc phan giac géc tu tao bdi (Q) va (PJ. V6i dap an D, chon

Hdlem /(0;2;0) thdy d(A\(P))=-1i ~®(A (R)) =-I= nén khong thé la

Vo vo
I dap an D bap an: B.
p, Goc gitra hai mat phang
AA'+BB'+CC

|ICos((n(6)3 =
Va?2+b2+c2Va,2+bP+C'2

§
BAI TAP Ty LUYEN

.. Trong hé toa dd6 Oxyz . cho /4(2;—3;1),Ap\ lan luvot 1a hinh chiéu cia A

l1én Ox,0y. Phuong trinh médtphang (AAIAI) la:

IA. 3x+ 2y - 62+ 6 =20 B. —6z —6 =0

HC 3x—2y—62t6=0 D, 3x—2y +62—0=0

| Trong hé toa d6 Oxyz, cho A(5;1;3),jB(1;6;2),C(5;0;4) va D(4;0;6), Mat

| phing {a) diquaABVasongsongvéi co ,Phuong trinh clia mp(a) 1

BA. IOx—9y+5z—74=0 B. 10X+9;y+5z-74 =0

|c. 1072-97-52 +74=0 D. —10jr+9y-5z—74=0



3. Mit phang di qua diém A{1:-2;1) va song song v&i mat p

(p) :4x-3y-Z“5=0, co phuong trinh la: "
A. 4x—3y —Z2-5=Q B. 4x—3y-£*3—0
c. 4x—3"——-8=0 D. 4c—3y—z—9—-0

4. Cho diém M(-3:2:-1) va hai mat phang (a):x+3y-5z+3
[R):2x—y —22z—5—0. Goi (p) la mat phang chia diém M, vuéng gdc
c& hai mét phang (a) va (8 ). Phuong trinh cla mét phéng (P) I&:
A x+8y+7z+]2=0 B, *+8y+7z-12 =0
c lix+8y+72+24=0 D.il;t+8y+7z-24=0.

5. Mat phang di qua/4(2;3;0) song song v&i Oy va vudng goc véi mat
(p):3x—y-\-4-0, cd phvong trinh la:
A 3x-y+z=0 B.3*-y+5=0
c.4y-3z-1=0 0,2 =0

6. Trong khéng gian Oxyz cho t6 dién SABC c6 SA vudng goc voi mat p
(ABC). Chotoa dd 5(1:2:-4), A(2;-1:3). Phuong trinh mtphang (ABC) I4;
A X—3y+lz~ 26=0 B. X—3y -f-82 —14 = 0 '
C x+3y-1z-26 =0 D. 2*+y-5z-18 =0

7. Trong hé toa dd CtayZiCho A(I;—1:4),5(3;3:-2). Mat phang trung truc
doan AB c6 phuong trinh la:
A + —6z—3=0 B. x+2y—3z+1=0
c. *+2y-3r-1=0 D.jc+2y-32-370

8. Mt phdng (p) d6i xirng véi mat phang (Q):4x-3y-7z +3=Q qua dié:
7(1;—;2).Phuwong trinh cua (p) la:
A 4x—33y—7z-7 =0 B.4x-3y-7-8 =0
c. 4x—3y—7zf11=0 D 4** -7z =0

9. Cho mz“%tphéng {a)\ x +2y+ 2z-\ =0. , ,
Matphang (&r'):2"-my +4z-6+m =0 khdng cat mat phang (or) khi:

B. a="“4 C. 4 D.m=4
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0 V6i gi tri nao clia m, n dé hai matphang (0i) : 2%+ (m-1)y-3z-7 =0 \a
W (a2):(n+l)x-6y +6z+3=0 song song nhau?

IAm—4n=-5 B m=-4,n=5
| C. m=4,n=3 D.w=-5,n—4
i. Cho hai mt phang:

I (a):2x- my+3z+m-6 =Qva (/?) :(m+3)x-2y+ (5w-I-1)z* 10=0

6 Ketlu/a 0 sau d y dang?
1(U’) W

vII (a) trung voi ((Bl<=>m=1
lilL (a)cat(P]
A Chil. _ B.Chill C.Chim. D. llva lli
2. Cho hai mat phang:
ir (a):2x~my+3z—6+m—Qva (/?): (m+3)x— +(5m+1)z-10=0.
' KEét luan nao sau day ding nhat?
i A@/P)<Pbm=1 B (a) = P3e>m=1
C. (a)cét (p) &=m1 1 D. Ca Bva C déu dung,
3. Hai matphang -3* +2y+z+1=0 va 3*-2y-~z-1=0:
A Cét nhau nhung khdng vudng goc véi nhau
. B. Song song voi nhau

I ¢. Trung nhau
M D. Vudng goc voi nhau
E4. Cho hinh lap phuong ABCDAB'CDIcanh 1, Goi M la trung diém BCta co
il khoéng cach tir diém Adén mat phang (A'MD) Ia:

1'A' .2’5 B:% C.2 D. 3
§5. Nhitng diém nao sau day vira thudc Ox , vira cach déu gbc toa do 0 va

Il matphang x+2)>+2z+2=07?

[6% Khoang cach gitta hai mat phang j>HE+1=0va
il (a")x-y+z4-10=015
I A 3V B. 3V3 .5 D, 575
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. ‘H i
17. Cho bai mat phang (a):x+5y-2z+1-0, (y8):2x—y+z+4=0. Gai jj Vi
goc nhon tao béi (a) va (/?) thi giatri dang clta cos pla:
H Js ‘|8 Js ' E B
A — B. C. - S
'6 6 5 5
18, Viét phuong trinh matphang di qua hai diém A(0;0;i) va B(3;0;0) tao Vit
mét phang Oxy goc 60°?

A Tt \(26y + 3z —3B. X—\f26y+3z=3 ”iHa
C. x+5y +3z7 —3 D &5y+&=3
DAP AN VA HUONG DAN GIAI
.B 2B 3D 4c 5D 6.A 7.¢c 8.c 9.B "foH
11.D 12.D 13.¢ 14.A 15D 16.B 17,B 18 A

2. bap an: B.
(a) co6 VTPT n=[AB,CO] =(10;9;5) va di qua A(5;1;3) nén
(a): 10{x—5) +9(y—+5(*« 3) =0£1]c+Yy+5~—4=0.
3. Dépan: D.[a] qua Ava/ véi (p) nén (v) cb ciing vécto phap tuyén vai (P). [1J]
4. Bap an: c. Véctophap tuyén cla (P) la np ~\n{\rip\ .
5. bap an: D.
Mot vécto chi phrong cia Oy la u = (0;1;0)
MOt vécto' phap tuyén cta (P) la n=(3; -1; 0)
[ uTn] 1a vécto phap tuyén clia mit phéng can tim.

6. Déap 4n: A -aEa
SA 1a vécto phap tuyén clia mat phang can tim (SAvudng goc véi day) ~:'1
Mat phang can tim di qua Ava c6 vécto n =SA mim

7.Dllp&m:C, - #9

AB la 1 vécto phap tuyén clia mat phang trung trwc clia doan AB, Ttrung

diém AB. Mat phang trung tric duoc tinh theo cong thic: .pE
A(x~x®)+B(y-y0)+C(z-z0)=0 . ||||

8. Péap an: c I
(P) song song véi (Q) nén 2 mat phang nay déu c6 VTPT (4;—3;-7) iVl
Ly diém A bat ki thudc (QI roi 1dy A d6i xing A qua | va kiém tra xemy,-
thudc mat phang nao trong 4 dap an °*sSp

Giastrchon A(0;1;0) =A12,-3,4)e (P):4*-3y--72+11-0.p4p 4n: C. n§
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I 1P

LRy bep an:

I 17l mat phding tron khong cat nhau trung nhau hoac song song. Khi do
1 12 2 .22

g2 - 4
%’ Pép &n: A Hai mat phéng song song « —7 a T =T
1P m n+l -4 !

||i Géntoa dd vai A'(0;0;0), /4(1;0;0), D(1;0;1),
E A>{A'DM)\-2x +y +27 =Q

E 21 2
I| G(A(ADM)) H P|-"DapanA

Goi  (0;0;0p» (-P) W+ 2 y4-2n+2—0

l+ 2
— T Iv+ -1
3 a=—
= Pap an: B.

IE
|I6 E)ap an: B. Chon Abaét ki thudc [a)ftinh khodng cach gilra Ava (# )

1.2-5.1-2.11 75
|I7.D ap an: B. Cos((or) (1?)) = |J---- — T«— =
P

v30.v6 6
|18 . Pép an: A
|  AB- (3;0:-)
I Goi 1vecto phap tuyén cla mat phang (P) can lap, ta co:
& NP =18 B:9 Yab+42 +c2> 0)

3a- ¢ =0 [1]. Mot vécto phap tuyén cta [Oxy) la [ 1;1;0)
I~
n Cos((P);(Oxy)=_—__®@+bl =1 12)
Va2+b2+c dl 2
Tl (1) vO (2) ta c6 hé, giai hé ta dwoc méi quan hé a; b; c.
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Bai 2. Pwong thang

l. Dang viét phucyng trinh dwOTig thang (Phuong trinh tham 5, phlmng mdpé
trinh t6ng quat va phuong trinh chinh téc) yeaEa

1. Vécto chiphwomg TSItEI
Néu vécto u- (a,b>c)* 6 (a2+b2+c2&0) théaman: u cdgialad hoacs )
gia/ dthi goi u lavécto' chi phwong cla d ITp f]
Ki hiéu: ud = (a,b,c) iiH

2, Phwvong trinh du&ng thang

Néu duong thang d di qua | = Ocit, y0i z0) c6 vecto chi phuong ud=(a,b, c) thi
r

X—x W 4-at

a) Goi hé phuvongtrinh  y=yO0+bt (ielR) laphwongtrinh dangtham sécltad |ip

z =z0+ct 2
wa,
b] VGi a, brc 20 thi goi hé S ——b—- la dang chinh tac cua
duong thang d.
Chay:

- Buong thang trong khdng gian khéng co6 khai niém vecto phap tuyén

ap tuyé a1l
- Chuong trinh hoc theo Ban co ban chi c6 phwrong trinh dang tham sO, Ban emeS]
néng cao ¢d thém phuong trinh chinh tac

-Diém Me d <EM(x0r+ at, y04-btJz0+ ct)

'ilié"l!iﬁ”
- Mdi dudng thang d c6 vo s6 vécto chi phrong cé dang . x
kud =(ka,kb,kc) k&0Jc<=R ESa
Vidul. Phwong trinh dirOTig thdng AB qua A(l:2:1),2?(0:3;5)]a L
X =t - x=t “-.i s§s§
A <y 3+i B..y—3+f C.ay=3-t D. <y =3+
z=5+4t gi=D z—b+4/ Z=5+4t m
Huwong dan giai
Ta cd ~AB—(—1;1;4) la 1 VTCP clia AB m
Xx=—t 2AE
Vay phrong trinh dwdng thang ABla:  y =3+t . Dép an: D. -
2 =5+4i K
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o
ply
B/,I' du 2. Cho A (I;-1;1),6 (—4;2;3) va (p):—2*+y+  1=0. Phuong trinh d

HI di qua Ava song song voi (P), vudng goc véi AB,

k  x-T_y+l_z-1 R x~l y+1 Zz-1
i1 wm-7 2 “ 4 m7 ¢ 2“4
pf ¢ £z =2t =7} x~\_yJ\ _z-\
I m7 " 2 4 7 2 -4

Hudéng dan giai
| 1U=(-2; 3); "Ae = (“2;3;2)
p:' Buong thadng dii(p) vavudng goc véi AB nén chon
I U=r~ As] =(7;2;4)
|  Phuwong trinh dwirng thing d 13 — =
|i Dap an: c.
Ivi du 3. Cho M (I;1;1),iV(3;-2:5) va mat phang (p):x+y-2x—6=0. Hinh

1 chiéu vudng gdc cta MN Ién (p) c6 phwong trinh la:

| AX2_y-2 2+l B X2t
I -7 3 2 7 3 -2
1 CXx-2"y-2"z+I| X-2 _y-2 £+1
I w/ 3 2 7 -3 0“2
|(7ddi 1: Goi M# N' lan lvot la hinh chiéu ctia M, N xudng (P)
I . 111 \
I; Gidi phrong trinh giao diém, tim dvoc M ’(2;2;—), N'\( ;0)
I * 2 2
| Phwong trinh hinh chiéu can tim chinh 1a phuorig trinh dwdng thang IVIN:
!| MN X 2 y-2 z+)\
7 -3 2

Céach 2: Céc cach thir dap an
Kiém tra VTCP ciia dulrng thang c6 vudng goc véi VTPT clia mat phang (P)
hay khéng?
Tim 156 diém thudc duOTLgthang & dap an dé xem c6 thudc (P) hay khdng?
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2 S H#
Il.  Dang bai vi tri tvo ng doi gitta hai duwong thang, gitra duwong théngll \|/®
mat phang. ] |
1.Vitriclta:2 dulrng thang
Cho  diqua M](xvyiizy COVTCP u(alla2 a3)
m Cho A2 diqua M2(x2 y2iz2) c6 VTCP v(bltb2,b3)

- Néu p,vJ.MjA/270 thi 2dwdngchéo nhau
.MiM2- 0 .
_ Néu | thi 2 dudrng cét nhau
11 X u 1 J SN

Ve

- Néu at:a2:a2= b}:b2:b3va hé phuwongtrinh cla <IA1\ v nghiém thi mli“

2 duong song song (c6thé lay motdiém thudc .duc‘yng nay thir toa do véo"l-lfﬁlll
dwong kia xem c6 théa méaa hay khéng)
” _ A . . ‘18 a
- Néu ai:a2:03=bl:b2:£3va hé phrong trinh cla Ll’\z c6 nghiém thi |
2 duong tring nhau {thir mot diém thudc dudng nay vao phwong trinh
duong kia xem c6 théa man hay khong)
2.Vitri cha dirtrng thdng va mat phang

Cho A diqua M (x0,y(z0) véi VICP: u=(a,b,c)
M3t phing (<o) Ax 4-By + Cz+D =0, VTIPT n= (A B, C) * 0
- Néu 2«0 <> +Z?ib+Cc:£0 thi A cat (a)
- Néu n cung phvong u  a:b:c =A:B :C thi A cét <0
. =0

- Néu » A song song (a
M £(a) g song (a)
~Néu M —0 Ac(aO
M € (0f)

Vidu 1. Buong thdng A qua A(1;2;1) ct Oxva dwong thang
- 1Hoanh dd giao diém cla A va Ox la:

A. x0=0 c. X0——2 D. t0=—s6



pa; Hudng dan giai

Igl Goi giao diém can tim la #(*,0,0); d di qua C(-3;0;3) c6 VTCP la
u (1;1;2). ViABcatdthi =0<>x=-2

R Thu lai diéu kién ty Ié cia 2 VTCP thdy thoa man. Bap an: c.

pin. Dang bai khodng cach tir mot diém dén mot dwong thdng, khoadng
Bi céch gilta 2 dwcrag thang chéo nhau - doan vudng géc chung

g i. Khodng cach tir mot diém M (x1; :Z) dén dulrng thang Adi qua
i 1(x0\yO\z0)c6VTCPTrA=(a'fb;c)]k:

1}5 d (i, A) ='|E§)'=T.I—MK1|

8iChay: Néu mat phang (P) chita Asao cho khoadng cach tir M (xf;y~Zi) dén
I (P) Ién nhat thi d(M,A) =d(M,(P))

| Vi du: Khoang céch tir diém A (2;—1:0) dén dudng thang

I o Exi=zzI=£+ila

I 2 1 -1

| A0 B. V29 C.5 D. Bap an khac
I Hudng dan giai

Ap dung cong thire d{M,d)~ ™" & ™ '1= V29 .

Ma

Pap an: B.
2. Khoang cach gitra hai dwdng thang chéo nhau

Cho hai dutrng thang chéo nhau 6, b khi d6 khoang cach giita ching duoc

tinh theo cong thirc:

dab) =4F2Y-
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BAI TAP Ty LUYEN

1. Tim phwong trinh dwdng vudng goc chung hai dwdng thang chéo nhau

w=3-4i =6
@) =—2+fva y= 147"
z="1+i z=2+2i"
A ii—L=2Zni=-Eii g wx!l_y+1 z-|
1 2 2 1”7 2 ~ 2 l”:gp:
X+1 y+1 Z i - -
D £11.="Znlssi-
”T 272 " 2 2 km
. - - [m
2. Cho hai dudng thing ¢ :* - vadoed L-y—ll-l 7. piém
AEui| va AA' vudng géc voi ¢! va d2. Toa dd cla Ala:
A B. D fi _i2
N4 4> u : 4,4,
3, Cho hinh lang tru dirng ABC.AB'C biét A[a,0,0); B(-a,0,0) ; C[0,1(0) va
B'(-a,0,bJ véi a, b>0, Tinh khoang cach gira BC VAAC.
A B. , D.
Va2+&: G 2+b2 3a&(@+&
4. Cho diém A(0i6ya-/3); B(atQOy, C(0,i2v3,0) (@ >0) MIlatrung diém BC
Tinh d(AB,OM)*
e y/15 B a2yfo c @ Vs D. V3
5 15 3 5
S.Cho3diém A(—4;4;0), 5(2;0;4), C(i;2;-1). Khoang cachtlr C dén duwong
thdng AB béng: CHI
A Vi3 B, dl7 c. V25 d. vi9 U
6. Khoang cach tir diém A(2,-1,0) dén dudng thdng d Lrl_y—_z Jlrl o
A0 B. 155 G 155 D.
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X =2t

Khoang cach gilra 2 duong d : =-i—Fvad'dy =-1 +i(te
z2=2-t
72 V2
1A. V2 : *
BT ¢ 4

p. Cho hinh binh hanh ABCD c6 C(-2;3;5);#(0;4;7) va giao diém cUa hai
IP 7
| duwong chéo la). Phwong trinh canh AB la:

n A _ y-\' _z-2
o2 -12 1 “ T
X4 y-1_ 742 fi4 y]. Z+2
-2 .1 2 '
12 Buong thang A qua A(1;2;1) cét sac vadwongthdng ¢ :— —=2A-i- -
Hoanh do giao diém ctra A viri Ox la:
I A x0=0 B. x(r=-3 c. *0=-=2 D. x0- -6
LO Cho duong thang d : >Phuong trinh chinh tic clra

dudng thang A vudng gdc véi d, cdt d va ndm trén mat phang
(a):x-y+z-2=0la

AX+3 y+5_z - X-5 y+l z-6
™ ji. e T
5 1 6 5 -1 -6
. *+3 _y15_ z X+3 y+5 z
5 _ -1 ~~6 5 ~T ~6
1.Cho dwong thang d di qua A(L1—2) ,song song véi (/:jc—s»-2-1 =0
va vudng goc voi A: y_-[—-y; =-----2rPth0ng trinh cla d la:
p X Toy-loz42 BEZI-iL tl- z+2
2 5 -3 2 7 5 ~ 3
c _y-T _z+2 Aox-1 _ -2
2" -5« 3 )
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’ , -#111
12. Cho A(l;2;1), B (3],@ vac (3;—;2). Phuong trinh chinh tac cua duong31

thdng Avudng goc voi mat phang (ABC) tai A Ia; *1111
Axl_y—=2_2z-1 ool y+2 _z+] "I
— —4 4 —4
C.ig.=)(+|:zl] Dx~‘l—1 ){~21:z~l
13. Xac dinh vi tri twong déi ciia hai dwong théng ditd?2
X=-1—-=2t
11 1 2 y-1 (ie R)
z=1+t
A Trung nhau B.Songsong  C.catnhau D. Chéo nhaulrll
14. Trong khéng gian Oxyz cho A(2;-1:1); B(—2;3;7) va dwongthing d cOTEA
wy ABL
h trinh A AN =T~ «Khang dinh ndo ding ? =
phuong trinh =T ang dinh nao ding | Bee%

A. Buong thang AB cét d
B. Dudng thdng AB va d ndm trong cing mot mét phéng

c. buong thang AB va d tring nhau -ESS
D. Budng thang AB va d chéo nhau. 888
15. Trong khéng gian Oxyz cho hai dwéng thang:
q :ﬁzy__-l_-_\:z’ - 32 +1=0 N
I 2 I 2 [272+>-1=0
Khang dinh nao ding ?
A d{d2 cat nhau va goc gitra la 600 |
> in

B. dx d2 chéo nhau va gdc gilra dvd2 la 90c
C. di,d2 cat nhau va vudng gdc v&i nhau

D. dltd2 song song v&i nhau



Byvm

ﬁ-— «

pr

It' ix =5 +2tt
§6. Cho hai dwong thang dx <j c6 phuvong trinh £2:1 y=1—, |
11 z=5-fj
1 ix=3+2it

il1d2-'y=-3-i, (ii."eR)

E .%zZ=1i2

p Khang dinh™hao dung ?

I: A Hai duong théng chéo nhau

p|;B. Hai dvong thdng dvd2song song va mat phang chita hai dudng théng
H céphvongtrinhla: y-z +4=0

p c. Hai dudngthdng dvd2cat nhau voigiao diém /(7;0;4)
E. D. Hai duong thdng dlyd2tring nhau

117. Chométphang (*,,): x +(m-1)y +2mz-rn+3~0 va dudng thang

A AX—1-3i
y=2+i (isl)
p [Z==-1+ 4]

1 Tap s gom tat ca cac giatri cia m dé d va {Pn) cat nhau la

| a.s=r \l|| b.s=r\|A] C.S=K\I|I D S=K\ |—

ii.c 2.C 3.A 4. A 5.B 6. B 7.B 8.D
1 9-c 10.c 11. A 12. D 13. ¢ 14. B 15. B 16. A
in7. A |

|I. Bap an: c.
2. Pap an: c. Tham s6 hoa A[ m; 1-m; 1+m) € dL A[1-n; 1+n;n) e d

1 Timvécto AATtheo hai tham s6 m; n, ta c6: AA'. dj = 0; AA’d2=0
i gidi hé dwgc m, n, suy ra toa do diém A
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3. bap an: A

Nhin vao hé truc ta co: C'(0; 1; b); C(0; 1; 0); B'(-a; 0; b); A(a; 0; 0)

Wc = (a;1;-b); AC1=(-a;l;b); [BC:AC] = (b;0;a) |.3 |
Phwong trinh mét phang qua AC\// véi B'c 1a: bx +az =0 1)
CAC)=]b, 5189 = |
- Vazaivi IS
4. Pap an: A> o
Chuan hdaa=1
, 1 N 77
06 AE=(10—V3 OM 0 ,05(1,0,0) =>U(AEOM)=— o
QIS

5. Dap an: B. (c6 thé ap dung cong thirc d(C,Afi) —T= r—-=V13 )

il TR AR

Viét phurong trinh dwdng thang AB: qua Ava c6 1 VTCP u® —AB, sau do tim  'ré

hinh chiéu cta c I1én AB (CH LAB, He AB), do dai AH ia két qua cantim. IE}
6. Bap an: B. :

Tim hinh chiéu Hcua Atrén d, dodaiAH la khodng cach tlr Atdi d. 21i
7. Bap an: B.

Lay A bat ki thudc d, tim hinh chiéu Hcla Atrén &’ véi Hthudc d’va AH1i!!

vudng goc véi a'fsuy ra H B0 dai doan AH la khodng cach can tim. aii
8. Pap an: D. '|EOf

Lay doi xirng € qua Mduoc A; 1ay d6i xirng D qua M duoc B, viét phvong -1

trinh/4B, VS {1
® Bap éﬁlb X@fﬁ%ﬂﬂ g 2. | fH@
10. Bap an: c.

+] Giao diém cla d va A cling la giao diém cta d va#. Ta co UA-[ud>nI-] \]lJl
ua”ina,ud+—(-5ti,6), nén ta Loai dap an Ava D. Thir M (5;-1;6)e Alrvao

phuong trinh a thdy khong théa méan nén loai dap an B. é§g(
11.D&p 8R:MA. £

i(1,-1,-1) A 1VTPTcda [P); i (2,1,3) 14 1VTCP clia A

—
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l. _ _
p Vidvudng goc voi A vasong songvoi [P) nén VICP ciiad Ja ud=uPnJ
P

(Bdm may: Gan vécto (1,-1,-1] cho VCtA, vécto (2,1,3) cho VctB roi nhan 2
il vecto VCtA x VciB)
[[12. Pap an: D.
p 1VTCP UA=[AB;AC] =>th{r dap an thay Dco vécto chi phwong ding=> D
1'13. Pép an: c¢. Ap dung cong thirc
% Hai dudng thadng khong thé triing nhau hodc song song do ti 1& VTCP khac
I' nhau:=>c hodc D, cho 1 diém tham sd Hthudc dT, thay vao d2=> vd
| nghiém =>cét nhau,
114. Pép an: B.
I Chodcé 1VICP v(i~2,-3)
| ABco61VICPIa ji(2,-2,-3)
Vi 2 VTCP ty & nén d va AB hoac trung nhau hoac song song, nhung 2
dwong thdng nay khéng cd diém chung nén khong thé tring nhau,
p' Vaykét luan 2 duong thudc cing mét phang la dung.
iil5, Pap an: B.
Goc gitra (d1d2) =goc gitra (ud:;uc3=> hai dudng thdng vudng géc, ap
| dung cdng thirc =>hai dwdng thdng chéo nhau.
lil6. Dap an: B. Ti Ié VTCP bang nhau =>song song hoic tring nhau, hé
| phucyng trinh vé nghiém =>song song.
i 17. Pap an: A. 1 VTCP 4= (-3;1;4); 1 VIPT 7P=(I;m-1;2m), dva (PJ cat
9
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Bai 3, Mat cau gl
Mat cau tam | = (a; b; ¢), ban kinh R(R >0) c¢6 phwong trinh mat cau &
dang chinh tac la:

(x—a)2+ (y-hy +(z-c)2=R2
1. Dgng bai: Phrong trinh mat cau biéttam I (m; n; p) I1i

a. Mat cau tiép xudc véi mat phang (p): Ax+By+€z+D- 0 . In

Ban kinh: R = du-, (/>)) = V n
%a 2+b2+c?2 19

b. Mat cau c&t mat phang (P]: Ax + By + Cz +D =0 theo mot dulrng tron co

ban kinh R' cho truéc. -Oii

Ban kinh mit cau: R2=R 2+id (/, (%))]2

c. Mét cau tiép xdc voi duong thang d: = = L
a

b C
Uj,M1J| o
Ban kinh mat cau: R=d (itd) =+
ud 1
d. Mt cau cét duong thang d theo 1 day cung c6 dd dai i cho trwéec: ‘9@
Béan kinh mat cau: R2 +{d(.I>d)Y alE

Vi du 1. Cho mét phang (P): 2x+ y-2z +15=0. Viét phuong trinh mit cau c6 3;
tam 1(1; -1; 2) tiép xudc voi méit phang (P).

Hudng dan giai E
R =dyUP)) = P74 122 By |
N2 +1 +(2) .

Nén mat cau c6 phvong trinh la (x- D)2+ (y +1)2-f{z—2)2=16
Vi du 2. Cho dudng thang d c6 phuong trinh: =L—-. Phuwong E

trinh mat cau cé tam 1(L; -1; -2) va tiép xdc voi duong thang d Ia...



Huéng dan giai
I i(3;2;-2); Af(-3;-2;8)e d\ M?(4;l;-10);
. i .MIL  iru tMT
t - m =wvr =’
|  Phuwong trinh mat cau la (*-1)2+ (jy+ 1)2+ (z+2)2=49.
I'Dang bai: Phwong trinh mat cau c6 tam 1thudc dwong thang d

1 £—7l - 2—A70- £— 17+ vathoa MaN digdu kién cho truéc.
a b c

X —Kq &Nl

n +Tw gidthiétsuy rad: <y = yo+ bt =>tam 1(x0+ai; yo+bt\ z0+ ct)
z=1z0+ct

il + Sk dung cac céng thirc & dang 1 =>timt ="

Il = tdm | =7, ban kinh R- ? =>phuong trinh chinh tic clia mét cau,

|j:kdu 3. Cho duong thang d: 3 =y = |_:2
| matphéng (/J):AT+2y*-2z-2 =0,métphéng(Q): x+2y-2z +4=0.
E Viét phvong trinh mat cau tdm 1 ndm trén dwong thang d va tiép xtc véi 2

pm &t phang (p); (Q). )
% Hudng dan gidi

| Twgiathiét  7(2+ 3?2 1-2?;1-2?) nhan thay [P)//(Q]
_ . I
D= o(6P) =100 = P=2((Pi o).
1? Giai phvong trinh tim duwgc t=-1 khi do 1[-1;3;3], R=l.
p Khi dé phrong trinh matcau la (S) : (x+12+(y-3)2+{z-3)2=1
1. Dang bai: Phurong trinh mét cau tiép xdc véi mat phang (P)
| Ax+By+Cz+D =Q tai M (x0;y0\zQ€(p) (cho trudc}.
(im Lél:)<

+ Mat cau tiép x(c mit phan tai M
au tiép xuc mat phang (p) [R=TM

I
I
II =nP*(A;B;0
I \R =TM™
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T =(x0+At;yi+Bt;z0+Ct)

+ Sl dung cac cong thirc r dang 1tlr dotimrat =?
=>/=" [? = ?7=> phuong trinh chinh tic clia mat cAu.
BAI TAP Ty LUYEN _
1. Cho mét cau (5) :x2+y2+ z2—2xm+2my —4me = 0. Khi m thay déi thi tamf
| cta (S) dao dong trén: A
A Buong thdng c6 phuong trinh x =—y=—
i
B. Mt phang ¢ phwong trinh x  y+2z=0 'hEI“
yle
c. buong thang ¢ phwong trinh-----------me-- = —= 7 $1
D. Mat pharig c6 phuvong trinh 2x—2y —2z +1=Q o
2* Mat cau (s) qua cac diém A(l;0;0),z?(0;1;0),c(0;0;2) va D(1;1;2).
Phwong trinh mat cau (s) la:

A x2+y2+22-x“y+22+1=0 B. x2+y2+22- X-y—22=0 )

C. *2+y2+z72— —y—27—-1=0 D. 4vy2&z72—c+y—2z+|=0.i( jiv
3. Cho tr dién ABCD c6 /1(3;6;-2), jS(6;0;1), C(-1;2;0), D(0;4;l). Tam / cual
mat cau ngoa tiép t&r dién ABCD c6 toa do;

Al (G—=1) B /(3;2;~1) c /(-3;2;1) D /<3;-2:) 1
4. Cho tlr dién ABCD vGi A(2;rt0), B(0;4;0), c(0;0;6), (2;4;6). Tap hop |

cac diém M (X\y; z) thda man MA+MB+MC+MD =4 iamat ciu co

phuong trinh:

A (M"1)2+(j,-2)2+(z-3)2=1 B. (*—)2+)>+2)2+(z—3)2=1

C. (x+1)2+(y +2)2+{z-3y =1

I

D. (x-1)2+(y +2)J+(z-3)2=4

5. Cho A(1;0;0), s(0;2;0), c(0;0;3). Tap hop nhitng diém M(x;y;z) thda
man MA2+ MB2- MC2 la mat ciu ban kinh bang:

A4 B. 2V2 c. 2V3
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8§ii8,6. Phuong trinh mat cau tam 1 (0;4;-2) va di qua A(-2;L;1) la:

|IH | Axt+yt+zl-$y+4z-3 =0 B. x2+y*+ z1-%y+47~2 =0
E kK C. X2+y2+z2+8x+2y-4z-1-0 D. x1+y2+22~8y-4z~2 =Q
Ap 7. Trong khonggian cho A(3,-2,-2); 5(3,2,0); C(0,2,1); £>(-1,1,2).

IMp’ Phuong trinh nao sau day la phuong trinh mat cau tam Ava ti€p xdc voi
§ Ip mat phang (BCD].

A (*-3)+(y+2*+(2+2)2=9 B. (x-3)2+0>+2)2+(z +2)2=25
M a - c. (jf3)*+({j>—2)2+ (i—2)1=14 D. (x-3)2+(y+2)i +(z+2)i =14
|8. Phuwong trinh mét cau di qua A(l;1;0), #(-1;1;2), c(l;-1;2) vacdtam
| thudc matphang (/>) :x+ y+z-4 =0 I&:
® - A.(jf-D2+(y-)i+(z-2)i=4 B.(x—T+(y-2)i+(z—)J=4
8 c. {x-\y+{y-If +(z-2)2=2 mD.(M-4)2+/+ (Z-2)2=4

|  matphéng (/3:x +y+z+3=01x

| A X2+y2+72+2x+2y +2z-1=0 B. *2+y2+22-2x-2y-2z2-1=0
I'  cC. X2+ §2+22-2x +2y+2z+1=0 D. X2'hy2+z2-4x-4y +z-1 -0
aio. Phuong trinh mat cau qua A(l;2;-4),#{l;-3;1),c(2;2;3) vacotam /

| thudc méat phang (xOy) &

| A (jf-2)2+(y-1)2+(z-1)2-10=0 B. (x+2)2+(y-1)2+zi-15=0

|  C.(x+2f+(y~if +z1=26 D. {x-If +(y-2Y+ z2=50
|[I'l. Phuongtrinh mat Caudi qua A(3;1;0), #(5;5;0) va cétam / thudc truc
Ox la:
A X2+y2+72-x~y-z =3 B. (*+10)2+/-Hi:2-15:0
¢ (*~10)24-/ +22+50=0 D. (el0)2+/ +2-50

1,12. Phwong trinh méat cau (5) tam / (4;0;—3) va tiép xtc véi mit phang

I (P):3x+4z-3 =0 la:

| A x2+ 2+ 22-8x-f-2z2+16"0 B. X +y1+z2-8y-2-16~0
| C.*2+y2+72+&x-22-16 =0 D. *2+ )\24-72-4* +4£+10=0



Mat Cauvoi dudng thdng va mat phéng 7 Egg
13. Mt cau : x2 +y2+ z2—2mx +4my +4m2—1= 0, tiép xdc voi mét phang.: JES
X+ yi—z—9 =0 Khi va ¢hi khi téng cac gia tri m bang:

A -2 B. 2 c. -4 D. 4 T |
14. Cho mat cau (SJ tam /(-y/2,—1,1) va di qua A(0,0,2)va méit phéng
{P):\12x —y +z =0. Ménh d& nao sau day la ding? . |fe
A, (S) cit fp) tai hai diém phan biét B. (S) tiép xac var )l 11
c. (S31a (P) khéng cat nhau D, (SJ cat [P) theo m6t dwemg trorilf
15. Cho mét cBu (5) :(x—2+ (y +Y2+22=11 vA hai du¥ngthang
“1_ £1,, mE+L _y 7 , ta4 T =
T 5 (dﬂ. 1 2_y 1 .”I"rong cac m%t ph%ng sau d%;/:,l :
mat ph&ng nao song song voi (di), (d2) va tiép xdc véi (S]. Hil
0)3x—y-z+1=0 -
(/.3jc+y4z—7 =0
(/11),3"~y-z-15 =0
(/V).3"+ yt-z+15=0
A. () va CH B. fl) va (1I1) c. (1] va (1V) D. 03va(lV)H
16. Cho mét cau (S) c6 phuong trinh x2 + y24z2—2x - 4y —6z =0, 1=

Mat phang (P) di qua giao diém C,L’Ja mat cau v@&i ba truc Ox, Oy, 0z [khac|f
goc O). Phwong trinh cia mat phang (P) la:
A. 3x+6y-12z-172 =0 B. 12x+3y-6z +12=0
Cc. 6x+3y+2z~12 =0 C. 6x-3y-2z+12 =0
17. Cho mét cau (S):;e2-fj>2+z2+2z —0y—2z — = Ova dudng thang
{d)\x—m_:y+|: z+]
1 3 -1
Pé d cat [S) tai Mva Nma dé dai MN I6n nhét thi gia tri ca m va 11a;
A m—3;/=1 B.m=2;i=-2 c. m=-3; f=3 D. m=1;/.=3j|
18. Cho (S) 14 mé&t cau tam /(1,2,3) qua gdc 0 va D 1a dudng thang cd phwdngn
X —I1+f
trinh <y = 2—2t. Ménh dé nao sau day la ding?
z=0
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B. Dcét (S) tai A(2t0,0);5(0,4,0)
c. Dva (S) khong cét nhau
4; D. Dsongsong véi duong thang 1qua0
i¢19. Cho méat cau (5) : x2+y2+22-6x-2y +4z +5=0 va diém M(4;3;0)e (S).
Tiép dién cla (S) tai M c6 phuong trinh :
A *+2}+2z2+10=0 B. *4-2;,y+2z~10=0
C*x-~2y+2z+2=0 D. x-2y-2z~10-0
r20- Cho mat Cau (5): X2+y2+z2+2x+4y-4z =0 va
matphang (or): 2x-y +2z +8=0. Co hai tiép dién cla ($) cling song
song voi (a) dé la:
A 2x—y+2z% 47 0va 2x—y+22+4=0
B. 2x—y +2z+13=0va 2x~y+2z-5=0
C. 2*—y+2z—13=0 va 2x—y +2z +5=0
p D 2x—y+2z+12=0va 2x—y+2z-8 =0
121. Chir mat cau (S) c6 phuvong trinh X2+y2+z2-2x-4y—6z =0,
Puwong tron giao tuyén cla (S) voi mat phang (Oxy) ¢ ban kinh 1a:
E Ar”ss B r=2 c. r—Vé D.r=4
| 22, Cho duirng tron (C) la giao cia mat cau (S):x2+y2+z2- 4=0 va mat
P phang (P) :;t+~-2 =0. (C) c6 thm H va ban kinh r bang :
| A ffdifcO), B. ff(1;0;1), r =yfi
| c. H(@0;1;1), r=V2 D.  (L0-,-1), r=>2
123. Cho duwong tron
(©)=(P)n (5); (5) :(jc- 3)24 (y w2)2+ (z-1)2=100; (P):2*-2y- z+9=0.
Tam H cua (C) la diém nao ?
A [7(1;-2;3} B. /1(1;2;-3) c./l(1;2;3) D. #<-i;2;3)
24. Chomatcau (£) : *2+ M2+ £2—2jt-4z--4 =0 va ba diém A(3;1;0),
5(2; 2;4), C(-1;2;1) nam trén mat cau (5). Tam H cla dwdng tron ngoai
ti€p tam giac ABC la diém co toa do;



PAP AN VA HwONG DAN GIAI -

1.A  2.B 3.8 4.A 5.D ©6.B 7.D 8, A 9.A 10.c
1n.D 12.A 13.B 14.B 15.B 16.c 17,B 18. 19.B 20~
2LLA 2.B 23.D 24.A EM

1. Tam 1co toa d6 (m;-m\2m) nén sé thudc mit dwirng thdng x =-y= — o
. . [

Lvuy: I cwng nam trén mat phang x-y -2z —0 nhwng quy tich cta | I%
khong phai 1a mat phang trén, ma chi 12 1 phan mét phang chinh 1a duongiillli

Z
N=_ -
thdng y =5

3. Cach i: Goi toa dd I(x,y,z) va giai phwong trinh 3 an béac hai:
iB2=742=1ic2=ID ,
Céch 2: Thir dap an, chi c6 dap an Bthéa man: TB = iA=IC =TD = V17
Céch 3 : Goi phuong trinh mét cau dang téng quat roi thay toa do 4 diém  Jf|i
vao gidi hé 4 an 4 phuong trinh [dung may Vinacal s€ tinh dugc hé nay]  ES|
4. Chirng minh diém Mthoa man dang thirc trén ludn cach diém G(1,2,3} mot L€
khoang céch bang 1. m/' 'iEi
5. Goi toa do M(x,y,z]. Vi
MA2+MB2=MC2
E(X-1Y +y2+22+x2+ (ly-2)2-hz2=x2+y2+ (z~3)2 \SIIM“I
&0 -1)2-K;y-2)2+222=72-62 +9 o
NU D2+ (y-2)2+(z+3)2=18
Vay quy tich MIa dwdng tron tam 1(1,2,-3) ¢ ban kinh bang 3>/2.
6. Tam i(0;4;-2} ban kinh R- 1A
. Phwong trinh (BCD) 1a *+2y+3*=7, (A {BCDY) = VI4.
8. Cach IT Goi toa dd i(x,y,z) giai hé bac nhat ba an
Cach 2: Tam | phai thudc mat phang IP] nén loai dap an D
Néu 1(1,1,2) thi R2=1A2=4- iB2=1C2= dap an A
Céch 3: Ta co thé thay truwc tiép toa do 2 diém A B, C vao cac phuong an.
9. Nhan thay chi c6 tdm clia phwvcmg an Athudc (p) nén dap an: A
10,11. Twong tw cach lam bai 8
12. dy,(P)) =R =1
=>(S):x1+y2+22—8"-f22+16 =0
Pép an: A

\‘



Pép an: B
iBljMat cau: X24-y2+z2- 2nu +Amy+4m2—1=0, ti€p xdc véi mat phang:

lx+y“z~2 0 dump)=R& " ipagm--2ElL
V3 2
|vay tong cac gia tri can tim cilam la 2
J(P) =2 (SJ ti€p xuc vti (P)
I Co (/),(//) thda mén tiép xic (S)
E Co:
E-3.1-U-2.1-0
I 2 _ =>(/>-(//) théa man song song (a,), (42

i6. (P) diqua (2;0;0);[0;4;0);(0;0;6)
| = Thir 3 toa dd vao cac dap an.

f D& MN max thi MN=R, d phai di qua tam clia (S)
1(-1,5,1) thuéc d oil_—m—‘ri/—l—;?/- 2, [ ==2—
18.
E RTIO—y/u ’beD étl’S)
civfd) =3
j| Goi M (14-a\2- 2a\0) Thay Mvao ($] giai a

i Thir dap an; Xem mat phang nao di quadiém M chonB, C.

| Mt phdng ndo ma khoang cachtlr tam (S) dénmat phéng d6 béng bén
| kinh mat cau la dap an duang.

Eo. Tam i{-1;-2;2) ban kinh R= 3. Ta th(r xem khoang cach tr | dén cac mat
Iphdng trong dap an c6 bang 3 hay khéng,

il

| (S) c6tam /(1;2;3),R = VI4

| du, Oxy)) =3

| *r=  —(7,(0xy) =&
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22. ¢ la giao tuyén ctia mét phang (P) : x +z““2=0 va mét cau [S):
X+y2472-4 =0 tam 1(0,0,03 ban kinh R=2, vi ca 4 dap an déu cé r gic
nhau nén ta chi xét dén céc toa dé ctia H, thir xem diém H nao thoa mén
vudng goc véi [P) thi thay chi c6 dap an Bthéa man.

23.
X —3+2t
codang <y =-2 - 2t
z=\-t

Goi 7/(3+2a,—2—=2i1,] —)c (d)
Thay Hvao (P)
=g =—2
-+H(r1;2;3)
Péap an: D.
24. Twong tu bai 23



Bai 4. Cac bai toan vé goc

Goc gitra hai mat phang.

Cho 2 mat phang c6 phwong trinh; (a) : Ax+By+Cz+ D =0va
(/?): A'x+B'y+C'z+D'=0

Goi (p 1a goc gitra hai mat phang trén, ta co:

AAVBBVCC
diso= ... ' -———

p, Goc gitraduwirng thang va mat phang:
| Cho méitphang (a) c¢6 1VTPT n va dudng thdng d c6 1 VTCP a thi goc
Il nhon o0 tao bri (a) vad la:

_ n.a
SIN#?=.,
n.a
13. @Cgiira 2 dwirng thang:
I' Cho hai duong thang di c6 VTCP tij va d2 cd VTCP u2 thi goc nhon (Bgitra
L dj va d2la;

U2

IVidu 1. Cho hai matphang a\ x~\12y +z~<4 =or/3:x+y*JT-2 =0
1; Tim goc tao bdi a va /?tinh theo don vi do la:
Huwéng dan giai
| [MODE][8][II[1]:MOVctAgan (I"-V2;)
| [SHIFT] [5][2] [2][1]: MOVctBgan (1;V2;-1)
H Viét biéu thirc tinh toan
Il [SHIFT][cos][(] [SHIFT][S][3] [SHIFT][5][7](Dot) [SHIFTI[SI[A]MIL:]LI]
I
I
I

[SHIFT] [hyp] (Abs) [SHIFT] [5][3] 0] [SHIFT] [hypKAbs) [SHIFT][S][4] D)j
Biéu thtrc hién Ién man hinh cé dang

cos’}(VctAVctB: (Abs(VctA) Abs(VctB))
Két qua la 60°.
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14 i
Huwéng dan giai
Mét phang(ar) c6 VTPT: (I;-2;3)
101 1 11 -1
0 2”2 171 0
2-6+3. 1

Ap dun%cﬁng thic trénfacd: sin6- -7= A— F' = =
Vi+4+9Vi+4+9 14

Puwong thdng d c6 1 VTCP Ja « = =(2,3,1)

Pép an: c,
X-5 +t
Vidu 2. Géc gitta duong thdng & : y=-2 +t (t€W) va
jE o+ >/

matphang (F):x-y +yfiz-1 =0 &
A B & c. 45°
Huéng dan giai
Goi a la goc gitra d va [P], &p dung cbng thirc ta co:
\Aa +Bb +Cc\ i+ (-Ht+A2r->/2 1 _ , fion
X/a2+S2+cW +i>2+c2  VI+I+2VI+1+2 12
Pap an: A
b. Dangbai tim dféu kién tham s6 dé théa man diéu kién vé goc, iap
phwrong trinh dé thda méan diéu kién vagac. ' y'a
y—41 z31 ., X-2 . z+2 m
A

Vidu3. Cho hai dueng thang QR Y= =2 = (2 s 7-=
S1-1 1 1 1 1

sinéi =

Phuwaong trinh maﬂ phang (a) chtradi va tao viri d2goc o - afcsin =~

v . . 73 "4y

A -X+y+2z=0 B r*+z=I X+y+2z=3 —X+2y +2-3 =0 E
2y-7-7 y+z=% 7 2n4y 43224 T 2xJ+Z-0 U

gy
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mm Huéng dan giai
J- Céch 1: Tinh toan truyec tiép
B Vi (a) chita di néh phucmg trinh tong quat cta (a) la :
1 axtby+(a+b)z=a+2b

Két hop voi diéu kién vé gdc giai phrong trinh bac 2 chraa,b :
] \4"?: \\ﬂa&b)\ -
li g3  AjR(a2-h2+ab).\i3
Et Vay c6 2 mit phang théa man dé 1a; x+z =1 .Dap an: B.

y +z=

| Cach2: Thirdap an

Huwéng 1: Tim VTCP cua diva kiém tra sy vuéng géc véi VTPT clia cac mat
p phang trong dap an, chon dugc dap an B, Dva c. Kiém tra thém diéu kién
E khéc dé loai tiép,
E Hwéng 2: Tim diém thudc di va xem no ¢ thudc cac méat phang trong dap
| an khong, sé chon duoc B, c. Khi do két hop thém diéu kién vé géc dé loai
fm dap an c,

-

BAI TAP Ty LUYEN
|. Cho dwdrng thang d la giao cta (P): X-y+z-2 =0va (Q]: x—2z+1=0, mét
1; phang (a) :x-2y +z-4 =0»Goc 6 tao boi d va (a) théa man:

| Asi» « . #1 B. siné? = 1 c, sSin6=—7=D, sin9=—
I 14 S
II§ Cho duong thdng d T 5 va mat phang
| (6f) ;X+y—2z+3=0. Goctao boi dva (a) la:
I A 60° B. 45° *Wa 30° D. 90°
% : Ix —+ 2/
3. Trong hé truc toa dd Oxyzt cho dwdng thang: d '<ys-1+3/ va
z=2—
| (a):3x—y +z-1 =0. S8 doclagocgittadva (6r) bang: (chinh xac tdi phut)
1 A 9°16' B, 16°12' c. 16°15' b. 16°20°
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2x—)¢+32—l=QVa n
[x-y-z+2=0 b
(a) :3x- y+z-1- 0. sd doclagocgilradva (cx) bang: (chinh xac téi phat) ;'|f
A 16°14 . B. 16(12' c. 16°15r D. 16°20' .
5. Cho dutng thang d trong hé truc toa dé Oxyz c6 phuong trinh

~ T - N
Xz2_yHl_z+2 GC_)YI (p la géc nhon tao bdi d va truc Oz. Giatri cud pla: 11

1

4. Trong hé truc toa dd Oxyz cho dudng thing d\{

A—Aé B. ry C. 7 D. M6t gia tri khac®
6i Cho duong thdng &xla giao clia hai mat phang 1a (P); mx-y +z- 2=0va f|

(Q):x+2y-z+3 =0; d2: = , Timm dé d, =d,. E

m- ~
5 o -3EVI7
2

_4 o
JT7+3 3tVIT
c. m D.m-
4 4

7. Cho (or): (—2).x+2(a +3)y—a2+6)z + 2ai +2{r+6 =0 va
X=1+3

Ady=2-31 (/€ R)
z=3—

Gia tri cla a dé goc tao boi A (a) bang o = arcsin 2= B

A o 3V

i} T A+ . -
Aazfg-ty-l-?’- B.a:--A-'-‘-m 't a=~~2 0,a.2 I;&- E
x=1+3f

8. Cho {a): (a—2)xt-(2a—4)y —z +2a24-2«+6=0 vaA:< y =2-7-t (ieR)
2:3_f2 T

~

. . 3J5 V-
Giatri clia a dé goc tao boi A; (a) bang$>= arsin—

A a=m1 B.a=0 c.a=2 D. Bap an khac &é}%
K |
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Jlphwong trinh mét phdng (a) vudng géc OM tai Mbiét OM =2 va OM
E-tao v&i ba truc Ox, Oy, 0z 1an luot tai cac goc bang 60°,456,60° 14 :

AL JTx +y/Ty i3z —8=0 B. yfix+y4V2z—V2 =0
EQT”C. A+\V2;y+Z72“4-0 D. x+slly+2z-4=0
o 10. Viétphuong trinh mat phéng di qua hai diém A(0,0,1) va B(3,0,0) tao véi
I/i’ Emat phang Oxy gbc 60°.
mlA Xt Ny +3z2=3 B. x-~"26y+3z =3
im llc- x5y +32-3 D, x-5y+3z =3
IMT1i- Trong hé truc toa do Oxyz cho bon diém
U I j4(3,%1,0); 5(0%-7,3); C(-2,1,-1); z>(3,2,6). Cau nao sau day dang?

I ;A. ABCD la mot tir giac B.AB1CD
n | c.AD LBC D, DABC la ttr dién tryc tam.
n 12. Cho hinh iap phvong ABCD.A”OD' biét v4(0,0,0); B\a,Q,0O)\ D'(0,0,0);
n ||a>0. Goi M, Nlan lugt la trung diém ABva B'C\

iaa, TIm phwong trinh mét phéng qua Mva song song véi AN, BD
| (theo tham s6 a)

la
A, x#a> T 32- - =0 B.x—4y+3z+~2~:0
| 1B, -Jt+3y+42-y=0 D. ~x\-3y+4z 12 0
mi2b. Tinh thé tich t& dién ANBD’.
n | 3
Pix 2 -8 c. —
m 12 6 © 2 4

i {]|2c. Tinh goc va khoadng cach gitra AN va BD\

11 1

m1A. 0 =arccos—

1il 9

nac -Pmme— D. (p= arccos

3. Chotrong hé truc toa dé Oxyz, mot hinh 1ap phuong OABC.cyAC' cd
1 A(a, 0,0); B(a, a,0); C(0, i,0); 0 x0,0,a).
i Cosin clia gdc gitta hai mat phang (AB*0") va (C'OB) Ta:



PAP AN VA HirONG DAN GIAI

1.A 2.C 3. A 4- B 5 A
8.D 9.c 10. A 11. D 12a. A
13.B
Sin0 =5 “f<ari V2l
. 14
Pép an: A
2.
!
LA - nd
3.
A - Wla 5T
@)= =1 (4, (f10)«9 a6
! l'd*)X( 77 ( ’( )
4,
1=(2;-1;3),A1;-1;-1) =[§./71=(4;5;-1)
KA VAOZ2 . 16012 pap an: B,
* 77
K
5.
«O*:(O;O;D A
=>co0s(d,0z) =— WwDap an: A.
ud ={1;0;V3) 2
6.
W I 2m+1i {j) L
bép an: A.
7.
. »[>ew« \a2-9\
siny? =
z M _<J(a-2)2-f-4(a+3)2+ (<2+6)
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Pl
fc <>yj(a—2)2+ 4(r*f 3)24-((i2+06)2 ~ia2—9

IIE 4>35a2+20a-5 =0 *a=— 7

bap an: D.
N e,
I =37

n g Tuwongtw cau 7, Ta co:
— N(i*2)24"4(a —2)2+1

. 16 A -
<>5((r-2)2+I
(&v-2) 9205 (v6 nghiém)

‘ 7 Ve
| Pap an: D.
| C64(0,a)“2 Cthda man.
| Pép an: c.

1

Ugk (P): ax+by. +cz+d =0 (a2+62+c2=0)

I (P) qua aB=> =34

1

\Ia%+b2+92.1 2

<» 26ii2=12
Chon a=1=b—+V26 = (/*): x+yi26y +3z=3
11 bPépan: A

cos((P1i (Oxy)) =cos 6002

1i /45L: (—3;-6;3)
CD=(5;1,7)
"12.Cho a=1

fI'(1;0;.0), £510;1;0), A(0;0;1), ©<0;1;1), C'(1;1;0), S(I;0;1)

=>-451 Co. Déap 4n: B.

| -KTIWM *H ’
I



—»(P) qua M p-:0;1j c6 dangx +4y+3z —

Péap an: A

12 b.
AR ={1;0;0), AD' =(0;1;-1)

->Va'="{AB,AD],AN »

Pép an: A.
12 C.
— \anbd)\
cosian,BD") = 1= —
AN.BD 9
Péap an: D.
13,

GoiP(0;0;6)€ Oz
AB.APJ = (iab\ab\a2)

—» Chon =(b;b;a)
n{PBh gy H
WIVE) ¢ \Icil+2b2A
p= 2
. V2
AQ = (-a;0;0)

1
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CHUONG VII. Ty DUY GIAI NHANH PHAN SO PHUC

Bai 1, ss phtrc va cac khai niém

Dang dai s0

S6 phttc c6 dang z=d 4bi(a,b€IR) duoc goi la dang dai s cta sé phic z

Trong dé a dwoc goi la phan thwc va b la phan 4o cda s6 phtrc z.
Ta c6 cac khai niém sau vé s6 phtrc:

S6 phirc thuan &o fsd ao) néu a =0, thuan thuc (s6 thwuc 3néu b =0,s6 0
vira la s6 thuc vira la s6 thuan ao.
Hai s6 phtrc bang nhau néu phan thuc bang nhau va phan 4o bang nhau.
S6 phtrc lién hop cla z =a+bi (a,b<z R) dwoc ki hiéu la z

z=a—bi; z+z'=z2+7\2.2' - -7

S6 phtrc nghich dado cia z=a+bi (a,b(=R) Ja —
z
Médun cla z = a+bhi(a>b<z M) : \2A =\ia2+b2

\A\=z ="lIz"z;\z\.\z\=\z.zti;\zn\=\2\n; |ii= (z'*0)

du 1. Cho s6 phttc zthéa mén (I +j)2z - 2—4*. Tim phan thuc cla z la:
A -2 B. -3 C3 D, 2

Huwéng dan giai

Dung may tinh Casio chuyén sang mdi truong phtrc (MODE + 2)

Nhap biéu thtc —  duwoc két qud z=—2—

1+17)

bap an: A

Vvidu 2. Cho = 7-5 + & moduwn cla sd phttc w=z2+7 la:

A 3V26 B. 13V66 G -37626 D. 137626



Huéng dan giai

Cach 1.

%
Ta cé2 gy =5+{=>]=13- 13i =>w=(13-13i) +(13+13i) = 13- 325/\
vay (| = M3P3253=173>/626 . Déap an: D. 1IP
Céach 2: tox
Bam may tinh MODE 2 [dwa vao méi trwong phtrc), nhap (2—30(5+0 E

=>z =133/, sau d6é gan cho Ardi bam Shift Abs
(A2+conjg /4) —=13"/626 (bam shift2 dé xuat hién coii)g - lay s6 phtc lién ip

TFi

Vidu 3, Cho sd phirc z = 3—2/, Phan thyc va phan 4o cla sé phtrc w —z—z la:
A. Phan thuc la —i, phandola -1 B. Phanthwc la —,phandolal V
c. Phanthuwc la - 2, phandola 1 D,Phan thucla —, phandoia2 iap

Htréng dan giai ] 1=
Dung Casio nhap biéu thic ¢(3—20)- (3+2i) ta duoc két qua “ 1+ It
Pap an : B.

H

Vi du 4. Ci10 s6 phtrc z thda man 6 - 2i)z +-—1, —2—3, Phan 4o cta s6 phirc _IE_h:

A.-—. B. — C.- D .- :
10 8 3 5
Hudng dan gidi
Bién'd6i 2= =~ G- -
1. 2

Pung Casio nhap biéu thiec 12—+T— 2 ]:(1- 2/)=—+—i gan cho A
V 147y 5 5

Tiép tuc dung Casio dé tinh w, nhap biéu thirc 4H------ L

COnjgA +2i
_7_1
10 10 .
Pap an: A
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[11- Dang hinh hoc
|  Cho s6 phtrc z=a+bi khi dé ta cho twong (rng mdi s6 phirc z véi mot diém
| M (a\b) trén mat phang toa do Oxy, Diém M (a;b) duoc goi la diém biéu

|  Tacod mot so cac tinh chét sau:.
1" - Mbiéu dién s phtrc Z M biéu dién z' khi d6 MM '=jz-z 1
i - Cacdiém trén truc hoanh biéu dién sé thuc, cac dién trén truc tung biéu dién
s 40. Mat phang Oxy biéu dién céac so phirc dwoc goi la mat phang phiic.

IVidu 1* Tap hop diém Mbiéu dién s6 phirc zthda man \z- 2i+li=izs./- 1l
| A Prabol:y =x2-1i B, Buong thang: x—1=0
| C.Prabol:y =2x2 D, Budng thang; 2y-1 =0
I Hwdng dan giai

Cach 1: Goi M (x; y) biéu dién s phtrc z
I =>|N-fjyi-2i +1| = |&A;ctyz") + 7|
I t=$(x+i)2+(y —2)2=(x-hD)2\r(—~y )2

<=2y — =0

Cach 2: A =lid=|-i'z| =>1z- 2i+1i=\z+1+Q\ nén Mnam trén dudng trung
truc cla ABvoi A[-I; 2) va nén trung diém AB thudc tap hop can
tim, tir d6 ta thay chi c6 dap an D thda man.

bép an: D.

Vidu 2. Tap hop diém biéu dién s6 phirc \z-1 +[=11a:y =2x*1i
A. Parabol y =X2
B. Buong thang
c. buwong tron tdm 1(1; -1). Ban kinh R=1
D. Buong tron tdm 1(-1;0) va R=|
Hudéng dan giai

Goi M[x;y] ia diém biéu dién s6 phtrc z

-l+i|= 1 (x5~ +iGy+D)| = <= (jc4) 2+ (y+1)2=1
bay la duong tron tam /(1;—3) ban kinh R=1.
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Vidu 3iTrong mét phang phic cho tam giac ABC vudng tai c. Biét rang A B'Ei

lan lwot bi€u dién cac s6 phirc: ZI~ 2+4i,z2- 2 21 A £ iDiéu dién ~
sO phtrc:
A Z-2-4i B. z=——2i c Z=1+i D. £=—2+2%!

Hudng dan giai
Taco do A Bian lvutbi€u dién cac s6 phitc 4 =-2 +4/,22=-2 - 2i nén
A(-2;4); #(~2;-2). Goi c(x;}>) c6 AC{x+2\y~-A)\ BC{x+2\y +2)khi m
dé tam giac ABC vudng tai ¢
ANAC.BC-0-M(M+2)2+(y-4)(y +2)2=0(%).
Khi do ta xét (jt;y) ={(2;4),(—+,—2),(1;1),(—2;2)} la toa do diém Ctuong |

trng v&i cac phrwong an. Nhan thay cap (I;1) théa man (*). Bap an: C. J
I1l. Dang lwvong giac -'E%
S6 phtrc z ” ricos g+ isine) trong d6 r>0 dwoc goi ia dang lwvong giac clra m

A :
s6 phtrc z" 0. H‘}|'. fﬁl)f

Z =r(cos p+Tsin @);2"'= r'(cos 0 '+isin (p)
Z.Z'=r.r '(cos(6?+y>") + isin(y>+f0)

? = =(cos(07~") +isin(07~")) (20)

zn5r" (cos(ttd?) + isin(ft#?))

Vidu 1: Tim dang lvgng giac clta s6 phirc sau z —1+ 7V/3f
Hudng dan giai

Co 2 cach, véi cach thdng thvong ta cd z = 2. =2 COS:;I'+ isinl—)

st dung chirc nang Pol dé tim moddun va argument cla 1s6 phiic

Pol (1,7 ) I
74
ii"p=¢2,6-60
Vay dang lvong giac cia Z=1+V3i la £=2"cos~-fisin—IJ TA
Vv
310 L
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Vi du 2. 80 phite z =

sinl7° +1C0S17*', :
=220 T2 0 dang dai S la:
Cos280A-isin2gb  Jand dal

A 1+i B. 1-(s €. Ua=| D,~—— |
2 2 2 2

Huéng doii giai
Bam Mode 2 dé vao méi trvong phirc.
St dung céc phép toan trong méi trudng phic bang (SHIFT 2} dé giai toan
Cu thé ta cd cac thao tac trén Casio sau

cos:ll’i‘]'BligljiSs|Sni(-ils> % IAnESArSi::-O
0.7071067812+0.» 1745

BAITAPTULUYEN

Math A

. Tim mddun cta s6 phirc thda man diéu kién z—2z = 3+4i*

A V97 B /i c. D, V5
2 4
Modun clia s6 phirc 2 =1-3z'la:
AN B. Vid c 2V D¢
. . J 5
. Cho s6 phirc z=2+i. M6dun cua s6 phtrc w=12z2-1 Ia;
A VG B. 2V ¢ . p, 2J°
. S6 phirc z thda man — - = z—(3 +1) I
1+ 2 ; .
AE=4-i B.z =4+3T c.£=4-2/ D.z=4+l

. Chos0 phirc zthéda man; (2+z)z =4-37 .Mddun clia sd phirc w =iz+2z la;

A. 2P B.n/II. c.V32 D.5

. Choso phirc zthéamén (I+i)z+2z~2. Mo6dun clia s6 phirc w=z+2+3Zla:

A9 B.5 c.4 D.3

. Tinh (142)21Bco két qua I

A. _21004 B 21004 Ci _ 21004 . Di 2 1004.
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8. Tinh can bac hai s6 phiic z = 8+ 6i két qua:

Zj = 3+ i Z§—3 i Z='3 +i Zj :3~i
72=%+1] Cz2=3-q L*2~~3+¢-21
9. Tinh (1 +1)2006 Icét qua: ~
A2 i B. —220%; C.271B j 'ug
10. Cac ménh dé sau, ménh dé riao sai. VOE[’
l. Cho z la s6 phttc z =a +bithi 1zN z | |
II. ZYI21a hai s6 phirc thi \zvz2=\zi\]z21 P
lIl. Hai s6 phirc zva z Hénhop véinhau thi (z.z2)=lz R -
IV. Cho hai sé phtrc Zi,z2thi arg(zj.z2) = argZj.arg z2
Al B. Il clll |
11. Trong cac sO phtrc sau, s6 nao la so thuwc: |
A (X/3+0-(V3-7) B. (2+i-jsj(2—V5)
roiTE B, V2 IE
V2-/ L V2+i v-"g
12. Cho s6 phtic 2 Biét rang s6 phtrc nghich dao ciia z bang sd phtc lien |11
hop ctra n6. Trong cac két luan nao dang? 'E
A z€R BBzl 11 sébtthuim &im £'HI
C. !Z|:| d.|4:2 ]E
13. TOng ik + ik# + Tke2+ ike3 bang: A
A i B. -i c.l D. O
14. Cho s0 phtrc z =2* 2>/3;. Két luan nao sau day la sai? ¥
A, SO phtc lién hop cla z1a2(1 +V3i) B, Mot cin bac hai clia z a \3-i
D. z3= 64 - U

15. Cho hai s0 phirc Z1= 2—V3i,z2 A4 +3i . Lva chon phrong an dulng



V
;':-V%
1j16. S6 phtrc nao sau day ciing la s6 thuc?

% } A z= -?:1-%_LL _?')%2/' B, z 14k21 1_2\|
dit —Al - 3—- 417 34-4i
V%) 121 1+Pi 1+2i 1—2r
B. z C. z- .

3-4*  3+47 " 34 3+ 4i

:|[17. Cho hai sé phirc zj =i +it.2 ——. Két ludn nao sau day la sai?

A—=i B.zi+22=2 Clzrz21=2 b.\zi-ZA=j2

[I8. Chohai s6 phirc zt 24+3/, =-4+3/,z1= .22
Lwa chon phwong an dang
AZ =2 B.zJ=|z12 QA +22-7 1+ 722 D.A3 -25
19. Tim ménh dé sai:
A.z

B. Tap hop diém biéu dién cac s6 phirc zthda man diéu kién \A =114
duwong tron tam 0, ban kinh R=1

C. z =24 <=>|z,|=|z2

D. Hai s6 phtrc bang nhau khi va chi khi phan thyc va phan o twong ¢ng
bang nhau.

10. Trong mat phdng Oxy cho diém Abiéu dién s6 phitc =1+ 2i, Bla diém
thudc dwdng thangy —2 sao cho tam giac OAB can tai 0. B biéu dién s6
phtrc nao sau day:

A z=—31+2/ B.2=241 c.z=1-=2/ D. z=34-2/
21, Tromg mét phang phitc cho hai diém A(4>0); A()>3) Diém c thoa
médn OC = OA+&iT ¢ biéu dién sé phtc:
A z=4-33i B. z—3+4i
C. z-4+3i D, z~—3—4i
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22. Cho cac két luan sau, két luan nao sai: ‘A1
A. Hai s6 phtic thi cac diém £j, z2 biéu dién trén mat phang ;3
phirc cung ndm trén dudng tron goc toa do. \ vV |
B. P Phan thrdwa phén Bo-edaso phirc z bang whatu thi z fidm trén dugngiveikii:
phan giac goc phan tv thir nhatva thir ba. s '1
c. Cho hai s6 phtrc u va v va hai s6 phtrc lién hop Hva Vthi uv=wu
D. Cho z1=a+bi,z2=c +di thi ziz2=[ac—bd) + [ad +bc)i

23. Trong mat phang phtrc, goi A B, € ian lwot 1a cac diém biéu dién cla cac ;1

sd phttc zv=-1+3I, z2= 145\ z3=4+i. S6 phirc v6i diém biéu dién Dsao§||

cho t&r gidc ABCD la m6t hinh binh hanh la: la|a
A 2+3] B. 2™ c. 2+ 3/D.3+5'
24. Biéu dién s6 phirc sau du¢i dang lwong gidc z =1\fii két qua:
A, z=2 cos—+isin— B.z=2 cos—7t+is‘in—
| 3 , | 3 3
- n .. 7 )
c,z= 2 " cos—+isim—_ B—z=% COS —- IKSiN - —»- 2
3 3y 193 g =
25. Cho Zi = 3(cosl5° 4-isin 15°), z2= 4(cos30° + isin 30°). Tich zrz2 bang: il
A 12(1—) B. &s/2(1 +1) c. 3>/2(1-20 D. "2(2+7) .
*im
26. Cho = 3(cos 20° +Tsin 20°), z2= 2(“ C0S110° + isin 110°). Tich zrz2 bang:T
A 6(1-20 B- 4f c. 6ff D. 6(1-0 '11
27. Biéu dign z= é\}3~rr\1no dang lvong giac la:
57
A 2 cos* S# ., . -57r) B.2 cos isin
3 I 3
c 20 oogt 10;r IoT Iof \o7i ... IO

D. 2 cos—hisin
3 ; - N 3

DAP SO VA HUONG DAN GIAI
l.A 2.B 3B 4D s.B 6B 7.B 8A 9B 10.D

11.B 12.c¢ 13.D 14.D 15.D 16.c 17.D 18.D 19.c¢ 20.A
21,A 22.D 23.B 24.B 25.B 26.c 27.A
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i, z=a+bi(a,bew)y z—a-bij;z-22z=3+4i<r-a +3ef=3+4i

S 4 P

i

| f |

11 Dépan.A

112- z=1-3i=>|z| =>1+9=Vi0  Déapan: B,

13 w=Z22-1-=(24f)2-1 = 2+4/|w| VA+16 =25 = Dép 4n:B.

E4 Goi z=a+hi (Bbe M) =>z= a—c>1

éll 1_—_2 —3- H)C;--------_( ;‘ __/f\23l

~ fo=4 y (2
o <=H =>z=4+1 =>Dbap an: D.

s, ; f-z-f-f-\—2|A>z—I+2||W-|z+22-|(I—2|)+2(1+2f) 4+5

W =yITi = Pép an: B,
$*
16. z=a+bi{a,bz. R) = z=0—hi;
W (it Brzh2z =2 <> (1+0)(@ 4hi)+2(a—0=2

| I AT z::IH::>w:=(I41*5)V+2+3/:3+4z,|w| =&9+16 =5.

| Dap an: B.
[w7.(i+/p-[(i+0*;r,-(2ir-2d=>Dapan B.

% z="fe¥61) = (3+1Yi =(-3—3% =>ChonA,

A (14 i)206=[(1+()i]1008= (2»),M3 = 2lcc3il* 3= 21003(-i)

| Dapan: A

110. IVsai vi : arg(Zj.z2) - v+ 02largZyMg z2= 9 (R.Déap an: D.
il1l. Thdy dap an B: (2 +2>/5) (2—Vs) =4+ 5=9 => B4ap an: B

12. z —a+bt(ai,be [?); 2 = —<=sa-bi=—— <=>a2+&2= 1<—>]I-j*:

z a+bi
Bap an: c.



13, ik+/Ad+ tk2+ 8 =T+ (1+Twi2+13) = O=> B4p an: D.
14, Bap an D sai vi : z3=(2- 2V3i)3=-64.

15, ZI-hE2= 6+ "8—V3)i #>|Z]+22 =y36+(3—V3) <8=>Asai.

4 —22=-2—3+V3)/ =>|zi" 2|=y4+(3+V3) = Bsal.
zr22=84-3V3 +(6- W3)i=>14.21 5=>c sai.
V5 - 7
4-2-Va_8-3V3_6+W3. =—=3Ddulng, Pap an: Di
4+ 25 25 5 -
16. Thir cac dap antathdy Dtacod: z 1.'2|_ 1_2', Pép an: D,
3—i  3+41
17. Thir c&c dap antathdy & dap an D: zl —z2=2i; |z1—2\= 2. Vay dap an Dsai .
Péap an: D. il
18. Thir cac dap an ta thdy D zZ3—zrz2=-25 \z3\=25 => Déap an: D. é

19. 4 =z2=>jzj| = p2|la ding, \zi\ =|z2|=> Z = z2lasai. Vay dap an Csai

2~

DBéap an: c. \ ‘ME
20. biém A(l;2); Bthudc duong thang y-=2=>B(i;2) U1
OA=(1;2); OB =(t;2); AOABcantai o = 0A- OB <»0A2- OB1
_ m
Y. +4@}tzl(loal) _nﬁ
/=1 L
2—%2) z=—4+2i bapan: A m:
21. OA=(4;0);0B={0:-3);04+0B = (4;-3) = Oc =>C(4;-3) yi
=>7 =43/ =>D4pan:A> M
22. Z1.z2=(lr +bi)(c+di) =ac—bd +(ad + &)j => .z2=ac—bd - (&QP+z0)i
Péap an D sai™> Bap an: D. ij*1p
23. A(-1;3); A(l;5); C4;1>; >(x;y) "
A5 =(2:2):DC = (4-Jc:l-y) -/ i
A/ACDIa hinh binh hanh <>A5 =£>c -”ﬁy-
4—x=2 JXx=2 !_‘ J-
» .
1y —2  [37=— 11
=2=2- 3
bép an: B.
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i /1 R\ T \

24, 7 = 1—\i3i = 2 i =2 COS—+TS1li Chon B,
2 2 3 '

2s.z1.J2=3.4(cos(15°+300))+isin((150+300)) =12 — +i—
J (cos( )) (( ) N T
=> Chon B.
26. zvzi =3.2(co0s(20° +70°)) + (sin((20°+70°)) = 6(0 + i) = 6/
[V cos788 = «cos 10t;sinll 10° = sin 76}

Pap an: C.
27. 7=(S -i)to:2io/'S AVEoD
] : . -5or A
= 2i0cos|® — j + ?sinlj
bap an: A.

B\I2 (1+i)
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Bai 2, Phwong trinh trén tap sé phic

l. LY THUYET
1.Can bgc 2
Qrduoc goi la can bac 2 clia s6 phirc 2 <=2 =z,
Vidu: (2+3i)2=—-5+121.Vay—5+12[ c6 2 can bac 2 Ia
O\ =2+3r;,a2=-2-3i
Leuy: ZGM
+)z>0 thizcé2canbac2la VT va sfz
+}z—0 thizchicédl canbac21a 0
+} 2 <0 thi zc6 2 cdn bac 2 ia A~z\va ~Az\
Vidu 1. Cac cén bac hai cta s6 phtrc z—21“ 20/ la:
A 5+2/ va “5+2/ B.5+2i va -5-—2/
c. 5-2/ va 54“2i D. -5 —2/ va 5+ 2]
Huwdéng dan giai
Cach 1: Goi x +yi (x,y e M)Ila motcan bac hai cua z.

X2—y2=21 (1)

Ta co:
2xy =-20 (2
) - — .Thay y= —1X0 vao (1) ta duoc
X2——§’\ =21 <=*4-21jt2-100=0 <= X= 25« X= 15
X—5=>y=-2;X=-5 y —2
Pap an: c.

Otic/i 2; St dung chirc nang Pol trong Casio chuyén z —21—20i vé dang

lvong giac. Tiép dén st durg phim Rec dé tinh cdn bac 2 ta duoc:
ES&S SAVBSSFaLI&iif Y BRIt BRIV QMT

Vay z=21" 20icé 1 canbac 2la w=5—22".
Pap an: c.
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1
E, phircmg trinh bac hai trén tap sé philrc ax2+ bx +c = O
8 b =b2-4ac

|L Treong hup 1: A=0=> (1) c6 nghiém kép X =x2

p Treong hop 2:A~07> [1] lubn c6 2 nghiém phan biét

| Gias crla 1 cén bac hai ciia A thi PT (1) c6 2 nghiém phan biét 1a
n . —bh—o _-b+o

j S e P . 2a

n Tacung xem lai 1 vi du trong phan kinang Casio

E/ idu 2. Cho zliz2la hai nghiém cda phuong trinh

X +2(1+ 0-*+5—10/—0, Tim ménh dé sai trong cdc ménh dé sau:

| Az’ +z*=-10+28* B.A+" = 66+§
| 72 7 25
c. Zi+z2i—106-46i D. Z2Zi +7¢i = —30+ 10/

Huwéng dan gidi
Budc 1: Tim nghiém zi,z2
+ Tinh can béac hai cia Al
“COAL ((HIN“ 5+ 10i = -5+12i
-Str dung chtrc nang Pol dé tim modul va argument cia A

>&' Sl

;POK-5» 1 i }
m=13> 112.6193

- St dung chtrc ndng Rec dé tinh can bac n cta A
"RecC T» Y+2) lu y
Y

'Do ta dang can tinh can bac 2 nen-nhap VX, — > néu ia can bac n thi ta sé

B

12 nhap yfx’r‘]
Vay phuong trinh c6 hai nghiém la
Zi=—l+7)+2+3F=1+2i

— @+ D- 2+ 30D =-3-4i
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Tagan 4 A2 B
Khi dé ta tinh tirng dap an
AZj2+ zi =0+ 28/
Puoc két qua ding

66 + 81
25

Puoc két qua

béap an: B.
BAI TAP Ty LUYEN.

"3

1. Goi la 2 nghiém phttc cia phuong trinh 2(1+1)z2-4(2—)z-5-37=0.1

Thih A="lzjf %iz2 dwocKEtqua'fa;

A9 B.wil c.8 D. 272
2. S6 phtrc nao sau day la nghiém cua phuong trinh z2- z+1- 0?
-JT; 1 VT.
A. 2:1__I B. Z = < . = n 1
2 2. o7
3. Hé phuwong trinh: 5 iém la:
=P g X+ (1-i)y =-i cé nghiém la
f _1-2 _1-2i w2 r,_1+e”
A 5 B 5 , 5 ) _
1-2/ 1+ 2 1-2i 1+ 2i
[ > -5 r 5 y
4. Nghiém cla phwvong trinh z2- 2z+1- 2 - Ola:
z{-1-2 4 —i4-2 =i+2 =2-1
1 B ¢, 4=+2 p 2
22=-1 z2=-i z2- 2 -1 g5 A
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Is, Cho phuwong trinh z2-2 =2i(z- 2).Goi Zi, z2lan lvgt la hai nghiém cla
| phuong trinh. Két luan nao sau day la dung?

i A +2)=8+4i B. zt .z7
A.—+i_ B —H—/ c. — £ L

I 25 25 25 25 25 25 25 25
p7. Khai can bac hai s6 phtrc z—3+ 4" c6 két qua:

II_i1 Zi=I1+ 2/ - [Z =1+ 2i gz}—11+2>< 5 4 =—142i

T oasie2e O lz2=-1-2; | QY

:8. Phuong trinh 3z22—6z +15=0 c6 nghiém phuec la:

A 2=1+2/ va z 12/ B. z=1+2i

| t.Z=2+A wesz-A2£2i .. D. 2 —=2+21 u. 2=
p. Lap phuong trinh bac hai c6 hai nghiém a - 4+3l;p =-2 +i c6 két qua:

| Az —|2+4iz—11+2)=0 B. z2+(2+41)z-(11+2i)=0

c.z22—2+4i)z+(11+2t)=0 D. z2+ (2+4i)z + (Il +2i) =0

|10. Giai phwong trinh 2x1+x+1 =0 c6 nghiém la:

5 =
={(-1-V 7i) T=A T+
A. B.

L2 = —{+Vvi) *2= Qi (i-n*)

A =i(-1 +VTi) L=1(1-V 71)
” C. 4 D. 4"
8§  LAZ|(1¢YAY) =
®11. Phwongtrinh X2+ (2—3i)Jt—6z=0 c6 nghiém la:

A [x, =3i B fx =-3i 3 i>=-2+3 =2 —3i
(%' ' x%’-‘ —2 * 3%%=*2+3i " gé=-2~:a X 2—2—=3i
®12. Phuwong trinh bac 2 c6 2 nghiém X —a +bi\x2- a—bi la:
jl A.x2+ 2ax+a2+b2=0 B. Xo#+2ax+az2=hw= 0

C.x2 —2ax +a2-.v2 =0 D, x2-2ax+az2-»2=0
a



13. Cho TpZ2 la hai nghiém cua phuong trinh: X1+ (2-1)x+ 3+5i ~=0
ménh dé sau, ménh dé nao ddng:

A. 2f +2; = -3-i4i BiL+il = (9F2l
722 7 14
c. zi+zi =-(53+46/) D. Z +zj = -155- 24i
14. Phuwong trinh bac hai cé hai nghiém 2Y-3 +2i va z2=2+3i la:
A.z2— (5-51)z+13i=0 B. z2-(5+51)z+131=0
c.zi -(5+51) z-13i =0 D.z22—5-5/)z-13*=0
15. Nghiém cua phuong trinh z3-8=0 la:
'z, =2 Zt=2
A. z2=1+>/3i z2=-1+V3i B.
z3=1 —V3i Zi=-1-yi3i
Zi=-2 Z]=-2
c. —1m>f3/ D. z22=1+\¥
=—1—>/3/ —1—-Vai
16. Trong C, phvong trinh z4+4 =0 cb nghiém la:
A H1-0. #(1+0 B. +(1-20, (1+2)
c. £(1-30, £t0+30 D £(1-40, H1+4))

W

cap

17. Cho phuwong trinh z2+6z+c=0. Néu phuong trinh nhan z=I+i lam

mot nghiém thi b va c bang:
A b=3c=5 B.b- 1,c=3
c.o=4,c=3 D.b=-2,c=2

18. Cho phuong trinh z3+az2+bz+c=0 Néu z=1-h/ va z=2 la hai nghiém

clia phuong trinh thi a, b, ¢ bang:
A ~-Af b—0, c=—4 B.a—2ib=\fc =4
c.a=4Jb=5,c=1 D,a—0, b—3, c=2
DAP AN VAHUONG DAN GIAI
1.A 2.C 3.A 4B 5c¢c 6.¢c 7B 8A 9A
11.A 12.c¢ 13.A 14.B 15.B 16.A 17.D 18.A
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n '20-+ 0-Z2- 4(2-/).£-5-3; =0

lﬁ.[c rZ __i __!_.i
| st dung Casio ta tinh duoc: 2
E i) ’ 3_ £,
| r 22 7
1 le=>|zj|2+|z2|2=9 => Dap an: A,
i r |
% -: +l=«.» 1 2 2 ( Stdengmaytinh Casio]
7= a.
11> Pép én: c
| f(ln) o-3>=1

AlIN+0-0yr-T

i e 12 -y
'\IP x=—|—(I—|)y=—5-—5t:>Dapan:A
iHz1-2zX\-2i =0.

i . 7 -1 42 L
Str dung Casio ta co: mDap an: B.
i/
WPhuong trinh A z1- 2/z +4/- 2=0
| Theo dinh ly Vi-et, ta co: 4 +z2 =2i; zrz2=4i-2
| Thi* dap an thay ¢ théa man.
x~ 22002 _42 19 . bap an: ¢
3+4i 25 25
ES® dung Casio ta cd (1+ 2if

7

-3+4i1 => Pép an: B.

—1+ 2
|st¢ dung Casio cd : 3z2-6z +15=0 < i_i ; bap an: A
| @412=2+4; 0./?=

=-11-2i*=>Phuo'ng trinh can iap:
I -(Br+/?)z +ar/?~0<" £2-(2+4/)-11-2/ =0
\ I>bap an: A
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—

X —
10. St dung Casio 0 : 2x2+ X+1 =0 <>
X =

Pép an: A.

[ -h_LH
< s

11. Dung Casio thr cac dap an thdy X—3iva x =-2 théa médn => Dép an: A
12, xxx2= a2+b2\xi*2 = 2a
Theo dinh ly Vi- ét thi x"x2la nghiém cua cua phucmg trinh:
X2 —2aX+ a2+ b2=0
DBap an: c.
13. Theo dinh ly Vi- ét zvzt = 3+5i;zi+z2=*" 2
Thay vao cac dap an thdy: Z2+z2= (4 + z2)2" 232 =—-3—14/
Pép an: A
14. 4 =5+5i;42=13
Phuwong trinh can tim: z2—5 +5i).£ + 13i =0 =>Dap an: B>
15. S&r dung Casio => Bap an: B.
16. Thir cac dap an ta thdy A ding=> DBap an: A.
17. Thay z —1+ivao phvong trinh:
(I+H2h>(1+i)+c=0<>h+c+(b+2)i=0
ib+c=Q \b=-2
[fc+2=0 \c=2

=> bap an: D,
1B. Thayz =1+1 vaz- 2vao phuong trinh:
R=—4
8+4a+2>+c=0 o 6
(1+iy + a(l +iy2+ b+ i)+ c=0 z;—4

—">Pép 4n: A,

Cach khac\ Thay atb,c trong cac dap an vao phwong trinh va tinh nghiém
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CHUONG VIII. PHUONG PHAP Tuv DUY
GIAlI CAC BAI TOAN THUC TIEN

11. Cép Ocong; u,u =u +(n—1)d.
Tong cla n s6 hang dau cua cap s6 cong dugc goi la téng riéng thi n.

20 H(n“ 1)d
Tscos —l~+u+..+u ____TiM."_ n
2.Cap sOnhan: upun= uyqu‘i‘
| § = _ ., U (rn—1)
Ta co «=H BU Fte = U+ ul.r4-... +u.rm —- }r_—l_

3. Bai toan lai suat ngan hang
Thong thudng cd hai hinh thirc tinh 13i gom 14 don (phan 13i ciia moi ki
duoc tinh trén sd tién goc ban dau) va lai kép (phan lai cta ki sau duoc
tinh trén so tién gbc ki trvdc cong véi phan lai cua ki trwdc).
Gia str sO tién gdc la A ai sudt roo/ki han gtri (c6 thé ia thang, quy hay nam).
Lai don: Tién lai cha ki trwéc khong dwoc tinh vao von cua ki tiép theo,

1 dén ki han nguoi giri khéng rat lai ra.

j1 Sotién lai nhan duoc néu gL’ri theo hinh thirc 1ai don sau n ki han gui la

| i nA.r, s6 tién nhan duoc ca gbc va lai sau n ki han gt la

li; ¢c= A+n Ar —A(\ +n.r)

| i +3Laikép: Bén ki han nguoi glri khong ruttién lai ra thi tién 1ai dwgc tinh

Il vao von cla ki tiép theo

ii Sotién nhan dwoc ca goc va lai sau n ki han gtri véi hinh thirc 1ai kép la
A{1+ rY,sotién ldi nhan dvoc sau nki hangtrila ¢ = Al@l+r)"—4

_ 1 Tuong tu c6 thé xay dung cho cac bai toan ma so tién gbc bi giain di tir ki
: han gl thirk.

Vi du (Cau 21- Bé minh hoa THPT quéc gia 2017)>ong Avay ngan han ngan
hang 100 triéu dong, voi lai suat 12%/nam. 6ng mudn hoan ng cho ngan
hang theo cach : Sau ding mot thang ké tir ngay vay, ong bat dau hoan no;
hai lan hoan no lién tiép cach nhau ding mot thang, s tién hoan ng ¢¢ moi

;f l1an la nhw nhau va tra hét tién ng sau ding 3 thang ké tir ngay vay. Hi,
theo cach do, sd tién Th ma ong Asé phai tra cho ngan hang trong moi lan
hoan nu la bao nhiéu ? Biét rang, l&i suat ngan hang khong thay doi trong
thoi gian 6ng Ahoan ng.
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A m =-1-9-Ql(—1’0|)3—(triéu dong} B.m* —II—(tO DK, (triéu dong]
3 (1,01) -1
£ m =221 5% a0 dong) no_ _1204112)5
3 (1,12) -1

Hudéng dan giai
p=100 triéu, 12%/Nam:=> 1%/thang, r =0,01, rP = 1.
Ta gid si* cac thang la:
1/03— » 1/04 ~ —p» Lairp; m=m{+rp
Tra géc m => Con ng P-ml

01/4 — » 1/05<C~—» Lair(p-m1l] ---------- =m7+r(p —ti)
Tragbc i* N - »Conng P-ml-m'2

01/05——£3->1/06 s"HLai r(p“mal-m2] m—i8+ ri(p—mi—m")
Tra nét géc iTL—p —Ki —m2

Theo dé
=t +rP = m2+r(P—nii) M= (@Q&r); =rr@-Ffr)=mi@+ry
mi+m2+ =p=>77"-— -r-l?--——-=>m =mxHbrP = rP.—(ierr—Y———
{1t+ry -1 1 1+r) —
bap an: B.
Cong thirc chung: mk = mj(l + r)*< va s6 tién trong moi lan dong sé la:
m,¥mi+rru+...+m —p m =-— P i wrP= P LDk
1% A A a+0 -1 1+r) —

Nhan xét: D0i voi bai toan vé tién 1ai thi quan trong nhat la ta xac dinh
dwoc tien gbc cho Tan ki han tiép theo.

4. Bai toan rng dung tich phan
Céac dai lwvong vat Ii cd mai lién hé toan hoc véi nhau, ta c6 thé xem dai
lvong nay la dao ham cua dai lvong kia tai mot thoi diém nao dé. Tl d6 co
si lién hé vé nguyén ham va tich phan trong viéc tinh gia tri cac dai lvong
do. Chung ta thwdrng gap nhat la sw lién hé gita quang dudng van tdc va gia téc
clia chat diém trong qué trinh chuyén dong.
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s. Bai toan eyx tri,
Trong thuc té ta luén cé nhu cau tdi wu mot van dé nao do, don gian nhat
do la lgi ich mot cach tdi da va chi phi mot cach t6i thiéu. Chinh vi vay céc bai
| toan vé tim gidtri I6n nhat nhé nhat ludn can thiéttrong d&i sdng hang ngay,
BAI TAP Ty LUYEN

j 1. Biétrang ti 1& lam phat hang ndm clia moét qudc gia trong 10 ndm qua la
5%. Nam 1994 tién nap xang cho mot 6 t6 la 24,95 USD. Nam 2000, tién
jI nap xang cho xe 6 td6 dé phai la:
A. 33,44 USD B, 23,44 USD c. 34,43 USD *D. 43,34 USD
Jll 2' Ti lé tang dan s6 hang nam cua In-dé-né-xi-a la 1,5%. Nam 1998 , dan s

cla nwdc nay la 212 942 000 ngu¢i. Dan sé cta In-d6-né-xi-a vao nam
m! 2006 la:

I A.240 091 000 B. 250091000
Il c.260 091000 D. 230091 000

i 13. Ndm 1994, ti I¢ thé tich khi C02 trong khéng khi la :K) . Biétrang ti Ié
|

il thé tich khi C02trong khong khi tdng 0,4%hang nam. Nam 2004, ti Ié thé
ii  tich khi Cl2trong khong khi la:

i A 373.KT7 B, 373.1erb c. 273.10”6 D. 373.1CT7

i|4. Biét rang ti 18 gidm dan s6 hang ndm cla Nga la 0,5% N&m 1998, dan s0
clia Nga la 146 861 000 nguoi. Nam 2008 dan sé ctia Nga sé la:
A. 139 899 000 B. 149699 000
c. 159 899 000 D. 139699 000

5.Ap sudt khong khi p {do bang miiimet thiy ngén, ki hiéu 1a mmHG) suy
giam mi so v&i do cao X (do bang mét), tirc ia p giam theo céng thirc
p = po.exl

Trong d6 PO=160mmHg la ap suat & mirc nwéc bién (x —0), i lahé so
suy giam. Biét rang & do cao 1000m thi ap suét khong khi 12 672,71mmHg.
Ap sudt khéng khi & do cao 3000m (gan ding) la:
A. 53Q,23mmHg B. 63Qt23mmHg
c. 430,23mmHg D. 330,23mmHg
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6. Van toc ctia mot vat chuyén dong ia v(0 —Z;T—+ . (mls). Tinh quéng

duong di chuyén cla vat dé trong khoang thoi gian 1,5 gidy (lam tron két

qua dén hang phan tram) la:

A, 0,34(m) B. 0,034(m) c. 0,34(cra) D.3,4(cm)
7. Mot vat di chuyén véi van tdc clia mot vat chuyén dong la

v(i) = 1,2h--i-2--+ 4—(mis). Quéng duong di chuyén clra vat dé trong khoéri{;
t 13

th&i gian 4 gidy (Ilam tron két qua dén hang phan tram) la:

A 1,81 B. 12,81(1) c,ll21 D, 12.21

8. Trong cac hinh tru noi ti€p hinh cau ban kinh V3 cm, hinh tru c6 thé tich -
I6n nhat la; N
A. 37tcm3 B. Z7lcm3 c. 47tcm3 D. 57ccm3

9. Cho con l&c 16 xo dao ddng véi phuong trinh : X= 3cos(27|'t-\-ﬂ\\ (m)

Tinh do I&n gia tdc cla vat tai thoi diém t —Ss,
A, 6ft2 B. 7712 c. 8tt2 D, 9ti2

10. D& lam mot lon ca phé Birdy, nguoi ta phai 1am mot lon hinh tru c6 thé
tich thwc la 200mi bang nhdm, gia nhém la 70.000 déng trén mot mét
vudng. Hoi lon ca phé cé chiéu cao bao nhiéu dé so tién lam lon la it nhat?

11. Thé tich V cta Ikg nwéc & nhiét dd T (T nam gitta Onva 30°] duoc cho
b&i cong thirc
V =999,87 —0,06426T +0,0085043r2—0,0000679 r3(cm3) . D€ nwéc c6 khoi
lvgng riéng Ién nhat thi nhiét do itc do la: (tinh gan ddng)
A r==0,96(°c) B.r *3,9665(°c) c. T*2,9665(°c) D. r® 1,26(°c)
12. Lvu lvgng xe 6 t6 vao dwong ham dwoc cho bdi cong thirc
290,4v A
IM =1 %4(1 3, 4 Jp/9 [y |
Trong dé v(km/h) lavan téc trung binh cla cac xe khi vao duong ham.
Van toc trung binh cla cac xe khi vao duong ham sao cho luu lvong xe la
I&6n nhét va giatri I6n nhat do la:
A 27,08 (km/h); 8,9 (xe/giay) B. 27,08 (km/h); 9,8 [xe/giay)-
c. 25,08 (km/h); 8,9 [xe/giay) D. 25,08 (km/h); 9,8 (xe/giay)



13. Mét nguoi ném xién mot vién da 1én khéng treng theo quy dao parabol c6
phwong trinh y =-2x2+8x-3 , vi tri vién da di chuyén gan vai truc toa do
Oxy. Khi dat vi tri cao nhét, duoc biéu dién la s6 phirc nao?

A. £=2+5/ B. z=5+2/ c. z=I-4i D.z-4—41

14. Trong tat ca cac hinh hdp chit nhat cé dién tich toan phan la 96 ,thi hinh
hdp chir nhat co dién tich 1&n nhat Ia;

A 64 B. 125 c. 27 D. 216

15. Thay giao Nam glri ngan hang 100 triéu v6i ldi suat 10% mot nam, va lai
hang ndm dugc cong vao von, sau 5 nam thay gti thém 100 triéu ni*a vao
tai khoan . Hoi sau 10 nam thay Nam nhan duoc bao nhiéu (lay giatri gan
nhat)?

A. 420 triéu B. 421 triéu C. 422 triéu D. 423 triéu
16. Vao 10:00p.m , ngay 30/1/1952, khi st dung may tinh tu dong Western
U.s National Bureau of standords, ngu0i ta dad tim ra s6 Mersenne M32L:
2% —1 las6 nguyén t6 . Hai khi viét & hé thap phan,sé M53c6 bao nhiéu

chir s6?
A. 155 B, 156 c. 157 D. 158

17. Hang ngay muc nudc clra mot con kénh 1én xubng theo thay chiéu, do sau

h(m) cla muc nwdc trong kénh tinh theo thoi gian t(h) trong mot ngay

cho béi cong thirc h=3cos — +— +12 xac dinh trén [16; 21]

Muc nudc trong kénh thdp nhét tai thoi diém t bang:
A 17 B. 18 ¢ 19 D. 16
18. M0t vat chuyén dong véi giatdc V(t) m1s tcd giatdic a - 122+1{m/ s2).
Van toc ban dau cliavatla Im|s.Hoisau 7s, van toc cla vat la bao nhiéu
(tinh gia tri gan nhat]?
A. 398m/s B. 400m/s c 399m/s T).256m/s
19. Sau khi phat hién bénh dich, cac chuyén giay té wéc tinh s6 ngudi nhiém
bénh ké tir ngay xudt hién bénh nhan dau tién dén ngay thir t 1a:
/| (i) =4512—3 .Néu xem /'(i) latbc dd truyén bénh (nguoi/ ngay ) thi
toc do truyén bénh sé 16n nhéat vao ngay thi:
A, 12 B. 15 c. 20 D, 25
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20* MOt ngon hai dang dat tai vi tri Acéach bir bién 1 khodng AB - 5km. Trén
bo c6 mot cai kho & vi tri C cach Bmot khodng la 7km. Nguoi canh hai
dang co thé chéo do tir Adén Mtrén bo bién voi van toc 4km/h roi di bd 1
dén Cvai van toc 6km/h (hinh vé). D€ nguoi d6 dén kho nhanh nhat thi i
BMbang -

A 26 B.2V5 C 233 DRAY.

21. M0t cong ti bdt dong san c6 50 can hd cho thué. Biét rang néu cho thué N
moi can hod v&i gia 2.000.000 ddéng mot thang thi moi cin bd déu cod nguoi -é
thué va cir moi I1an ting gia cho thué moi cin hd 100.000 dong mot thang lr
thi c6 thém hai can ho bd rong, DE thu nhap cao nhat, cong ti d6 phai cho
thué moi can hd véi gia mot thang 1a:

A2100000 B 2.2000 c. 2225000 D. 2.250.000

22. Mot khu ring co trit lwgng gb 4.105 mét khdi. Biét tdc do sinh trwirng
clia cac cay trong rirng d6 La 4% moi nam . Hoi sau 5 ndm , khu rirng do sé
c6 bao nhiéu mét khdi go?

A. 4,8666.105 B. 5,8666.105 . 6,8666.105 D. 7,8666.105

23. MOt chat diém chuyén dong theo quy ludt s =612—3 . Thoi diém t (gidy3
ma tai do6 van toc v(m/s) cla chuyén dong dat giatri 16n nhat la: :
At=1 Bt=2 c.t=3 D.ts'4
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24. Mot hanh lang gitra hai nha c6 hinh dang cla mot lang tru ding [hinh vé).
Hai mat ABB’A' va ACCAIa hai tdm kinh chir nhat dai 20m, rong 5m. Goi x
(mét] la do dai canh BC
Thé tich 16n nhat cla lang tru cé thé dat duoc la:

25. Mot con lac 10 xo dao dong vai phuong trinh: x = 3cos(27it+~) Cin). PO

Ién cla gia tdc cla vat tai thoi diém t = 5s la:
A Om B. —87R c. 87t2 D. —6t72

26. Mot van dong vién tap luyén mot mon thé thao bao gém ca chay phdi hop
V(i boi tr goc nay sang géc ddi dién clramot hd nwdc hinh chir nhat chiéu
rong 50m, chiéu dai 200m. Sau khi chay dugc quang duong x thi nguoi day
chuyén sang boi dén dich. Gidtri caa x dé thoi gian ngwoi dy ve dich nhanh
nhéat la bao nhiéu? Biétvan téc boi la 1.5 m/s, van toc chay la 4.5 m/s.

A 50 B. 100 n~ C.150 D.200

27. Cat bd hinh quat tron AOB (hinh phéng c6 nét gach trong hinh 1.3) tir mot
manh cac tong tron banh kinh Rréi dan hai ban kinh OAva OB cUa hinh
quat tron con lai véi nhau dé dwoc mot cai phéu cd dang mot hinh nén. Goi
x 12 goc & tam cla quat trén dung lam phéu (h.i.3), 0<x < 2 .
Thé tich I6n nhéat cta hinh nén Ia;
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M 8
Mé
A TAa*R’ B 3V2 /i vz 3
27 27 18 d- ttm |

28. Mot soi day chiu dai L dwoc catthanh 2 doan: doan 1 uén thanh hinh
vuong canh a, doan 2 udn thanh duong tron ban kinh r. D& téng dién tich

cla hinh vudng va hinh tron nhé nhat thi ti s6 — la:

A 7 B, Z2& c. 3#
DAP AN VA HUONG DAN GIAI
IbA 2A 3B 4b 5A 7.A 6.A 8c 9A 10A

11.B 12,A 13.A 14.A 15 A 16.¢c 17.D 18.c¢ 19B 20.B
21.D 22.A 23.B 24.A 25.A 26.D 27.A 28.A

1. Cong thirc tong quat ¢ —A(1+0,05)" USD; Tién nap xang ndm 2000 cho &
t6 do la 33,44 USD .Péap an: A
2. ¢ = A(1+0,015)"; Dan sb cla In-d6-né-xi-a vao nam 2006 la 240 091 000.
Pap an; A
.Bép an: B.
. Bap an: D.
5. béap an: A ,
Trwdce tién tim i tlr dang thirc
672,71 = 160.ellifiu « 0,00012)
T dé ™ « 760.eJiDi"0002)
6. bap an: A.

&~ w

3 + _L ss0,34(m)
Alt 711
7,bap an: A. 0,8-13In3+13In7 «11,81(m)
8, Ki hiéu chiéu cao tban kinh day va thé tich clGa hinh tru ndi ti€p hinh cau
Tan lvotlah, rva V. khi do, V =7frh .
2 A { ™\
Vi r2=R2—— nén V—7CFR2— [12 h:71(R2h— _§23
V 4

Bai toan tré thanh tim gia tri Ién nhéat cia ham sb
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| v(a) = Xfi2A-J1,A6(0;2J?). K n,x=7 khi h= .Khi tf=\3 thita

cd

i duoc két qua, Bap an: c.

9. Coa-z"(t) =" 12™v2cos (m/1'2)
Tai f—5jt |{=6#2.Dap an: A

10. C6 hxR2=200=5 h =~ r mp=TtR2+2xRh =TrR1+— =f(R)
1 iR m R

=t ’(A):T X R =/*)=0« R=F— =/ (Pmin« A=
bap an: A.
11. DBé khdi lwgng riéng cta nwéc 16n nhat thi thé tich cla 1 kg nwéc phai nhé
nhat. Tacé Vnin dattai T =39665(°c)
bap an: B.
12. Bép an: A
i (V)=290,4.— —0,36va+ 264

(0,30\2+13,2v+ 264)

/”(V) = 6 QV:XZ%
J 0,6

f dat gia tri 1an nhat khi v-= 06 © 27,08 [km/h]

/17264
/(27,08) *8,9
" 06 »I( )
13. Dap an: A> maxy —5 <>X—2 =7 =2+5]

14. Bap 6n: A,
Stp -2(ai? +bc +co) —96

<=>ab+bc +ca —48. Lai ¢ 3ijalbx2 <ab+bc+ca

abc <lj-------" " - = 64=>VNil-6 4
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Sau 5 ndm, thady Nam c6 tong so tién la: A =P(14rY =100(1 +0, )5« 161 triéu
5nam ti€p theo thay gido clla Nam cd Al-(A +100)(l + 10%)5«420 triéu.
16. Bap an: c.
S6 cla la [Jog(25321-1)1+1=157 sd =>¢
17> Pap an: D.

fi= 3003&— + 3J +12.C6 9<h <15 /%né%]/z: 9 <:>cosA€ +-3!J =

<E£—+—=—n +k2ft H—=—+2k">i=16(k-2)
6 3 6 3 Y, :
18. bap an: G
Cach 1: C6 a - V'(t) =372+ 2t=>V=10 + 12+ ¢

V@Q=7=>c=7:=>v(7)=7+73+72=399m/j

Cacto2: v(0 - 7+J (3i2+ 2i)¢/i = 3991/ i
19.
/(i) =901 —=3i2,/ "(i) = 0<=f=15. Ngay th(+ 15 thi tdc do truyén bénh sé
I&n nhat.
20.
batx"BM 0<x<il khi do AM =\fiF+25,MC =1-x
Thoi gian nguoi canh hai dang di tr A dén c la:
\[*2425 T7-X

r(*) =----—+= " CgioL 0< x<7
Ham s T dat gia tri I&n nhat tai diém x=2Vs
Pép an: B.
21

Goi « 1as6 nha bi bo rong,/i€ N
S6 tién cong ty thu dwgc hang thang la:

T ={2000000 +- . 100000)(50 - n)
= -50000/12+ 500000rt + 1000D0000



| % ao_b 500000

2 a 250000
Khi d6 gia thué moi cin ho la: 2000000 +-. 100000 = 2250000 (d6ng)
Pép an: D.
A 22. Goi trir iwvong go ban dau la Vir, tdc dd sinh tredng hang ndm cda rung la
i phan tram .Taco : i
- Sau 1nam,trir lvong gola :
I V;=VO0+ MOV + i
- Sau 2 nam, trit iwgng gob la :

ve=vI+ni=v{i+/)=vo+/2;

- Sau 5 nam, trir ivong go la
Vo((iii)5
Thay ta dugc
\S=4.10S(1+0,04)3 = 4,8666.]05(m?3).
béap an: A
23. Vantoc chuyén dongla v=s' ,tlcla v=12t—3t2 .
f Ta co: V —12—6/,
vi=0 <>t =2,
Ham s6 dong bién trong khoang (0; 2) va nghich bién trong khoang
(2;+00)
£ Vantoc dat gia tri Ién nhat khi t-2
1 Dépan: B
I 24. V=5x"100-x 2(m3),0< X< 10
L Hinh lang tru co thé tich 1&n nhat khi x - 5*j2(m).
I % ¢ I-
| « "0 1<5T)- 250<” )

| 25. ba—K'==12tf2cos(2;z2v+-2)). Timay t=% vao a, tim duvoc ai =6ft2im/ s2)

| 26. Quang duong boi la: /(200 “ x)2+ 502



Thoi gian di ca quang dudng 1a: F(x) -4-115+ V(200 —x)z24-502

[ () 0 <=;c= 200----pr = Minfix) <»”" = 200—-3?” —182(m)

bap an: D.

27. I/ "Ttr'-h =- ~ x 2v”™r2- *2,0< X< 2ir
3 24702

Tatim xe (0;2tc) sao cho tai d6 V dat gia tri T76n nhat
R3 x{%rT2-3*2)
24:r  MTT2-X

Vi 0<x <2tt,ta co

V'=0 8:r2-37 =0 - 2-J0 71= 1,63ir

Hinh non c6 thé tich I&n nhat khi x =i—Sr—IF= 1,63:r
/

ma .
oavev B2 2o
©;2;r) v 27
28. T6ng dién tich 2 hinh 1a; a2-vnrl=a2+-= r2_(g+rf U
+1 _ +1
72 7t 71
Dau "=" xay ra khi 7 <f>r—= # .Dap an: A.
i
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