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¢ Bi quyét 6n nhanh, nhé lau qua 1oi gidi chi tiét
* Dot pha tu duy lam bai, day da dang bai tap.
¢ Danh cho hoc sinh luyén thi THPT Quéc gia

NHA XUAT BAN DAI HOC QUOC GIA HA NI






4 Naéng cao ky néng gidi todn trac nghiém
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TRAC NGHIEM TOAN - MOT LOI TU DUY MO

Than gui 161 yéu thuong dén toan thé cac em hoc sinh, cac bac phu huynh ciing cédc thay c6 gido!

Nhu moi ngudi da biét, nén giao duc chia dét nudc ching ta dang thay déi tling ngay dé kip thich
nghi véi xu hudng gido duc tién b trén thé gisi. Lan ddu tién gido duc Viét Nam, mon Toan dugc thi
duéi hinh thic trac nghiém.

Thuic té cho thdy, tai nhiéu quéc gia c6 nén gido duc phat trién trén thé gidi, hinh thiic nay da
dugc dp dung tit 1au. Chang han trong bai thi SAT va ACT ctia My ¢6 khoang 50 cau hdi trac nghiém,
va viéc thi Toén tric nghiém & quéc gia nay hang ndm van thu hut dugc hang triéu lugt thi sinh tham
gia ung tuyén vao khoang 1800 trudng Dai hoc tai Hoa Ky.

Tuy nhién & Viét Nam, phai dén nam 2017 hinh thic nay méi dugc cép nhét va ap dung ldn dau
tién cho ky thi THPT Qudc gia. Do day 1a nam d4u tién 4p dung hinh thc thi nay nén rat nhiéu em
hoc sinh chua kip thich nghi, roi vao trang thai hoang mang; con cac théy cé cling gép nhiéu khé khan
khi phai xoay x8 cach day hoc, cich ra d€ méi. Hon thé, tai liéu vé trac nghiém Todn trén thi trudng
con khan hiém, gan nhu khong thé dép ting dugc nhu cdu khéng 16 trén.

Chinh vi thé Megabook cling d6i ngti tac gia da day cong nghién ctiu cho ra doi B6 sach nay. Day
12 B sach vé tric nghiém Todn déu tién & Viét Nam véi 100% dang bai trac nghiém. Moi hé théng
ly thuyét cling nhu cac dang bai tap dugc bién soan lai va chon loc ki cang dam bao gitp cac em hoc
sinh c¢6 thé hinh dung r6 rang vé dang dé mdi va luyén tdp d€ mét cich thanh thao nhat.

Déy c6 thé khong phai 1a cudn sach hay nhat, nhung chéc chén la cuén sach phit hgp nhit cho
nhiing ai mudn day t6t va hoc t6t trac nghiém Todn, nhiing ai mudn d6 ky thi THPT Qudc gia véi
diém Toan vuigt trdi, vd hon hét 1a véi nhiing ai mudn hiéu that r, hi€u that siu ban chit moén Todn
dé€ hoc that, thi thét va s6ng that.

Thén ai gui ting cdc em hoc sinh, cdc bac phu huynh cting cc thay ¢6 B6 sach tam huyét nay!

POINGU TAC GIA.
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Danh cho nhiing ai mudn thanh cong

va hanh phic trudc tudi 35!

MUC TIEU LA KIM CHi NAM

DAN PU'O'NG CHUNG TA bI

Khéi dau cho moi chang dudng can ¢ dong luc d€ budc di, d€ cé6 dong luc budce di thi
muc tiéu chinh la ngoi n6 d¢€ thuc ddy sy chinh phuc day tha vi.

Céc em than mén, cac em da tu hoi xem minh da c6 “ngoi nd” ndo cho ndm hoc madi
chua? Cho viéc hoc Toan ciing nhu chinh phyc cuén sach tric nghiém Todn nay chua? Va xa
hon 1a chang dudng cho cudc song 5 ndm t4i niia chua?

Cho dut ¢6 hodc chua c6 trong tAm tri mot muc tiéu thi chi can cdc em viét ra, viét ra
nhiing myc tiéu ctia ban than thi né sé trd nén r6 rang hon rit nhiéu. Boi vi, “Sy r6 rang tao
nén stc manh!” Céc em chi dén dugc DICH mét khi cac em biét minh dang muén di dén
dau, tré thanh ai, dat dugc diéu gi sau 1 ndm, 2 ndm, 5 ndm nia?

Vay nén hdy danh 30 phut d& hinh dung, tudng tugng vé cai DICH d6 r6i viét ra em nhé.




ll,}‘ KIEN THUC TRONG TAM

Nhéc lai dinh nghia
A) Ham s6 y = f(x) d6ng bién trén K & Vx, <x,€ K, tacé f(x,)<f(x,).
€T » Ham s6 y = 2016x + 2017 déng bién trén R, vi: Gia sit X, <X, ta ¢6:
y(x,)-y(x,)=2016(x, -x,) < 0= y(x,) < y(x,).
B)Ham s6 y = f(x) nghich bién trén K & Vx, <x, €K, taco £(x,)>f(x,).
@I » Ham s6 y = -2016x + 2017 nghich bién trén K, vi: Gid st x, < x,, ta ¢6:
y(x,)-y(x,)=2016(x,—x,)>0=y(x,)> y(x,).
Tinh don diéu va dau ciia dao ham

DPinh li: Cho ham s6 y = f(x) c6 dao ham trén K.

- Néu £’(x) > 0 v6i moi x thudc K thi ham s6 f(x) dong bién trén K.

- Néu £’(x) < 0 v6i moi x thu¢c K thi ham s6 f(x) nghich bién trén K.
Chu y: Néu £’(x) = 0 v4i moi x thudc K thi f(x) khong doi trén K.

@M * Tim cac khoang don diéu ctia ham s8 y = x* +1.
‘€| Giai:
&
TXD: D=R.

Tacé: y'=4x>. Bang bién thién:

+o0 +oo




R . K R N . A C l
M Mega book Chuyén gia Scch tuyén thi I

Luu y: Néu ham s6 dong bién (nghich bién) trén K thi dao ham ctia n6 khong nhat thiét
duong (4m) trén d6. Vi du: Haim s6 y = x* d6ng bién trén R nhung dao ham clia nd bang 0
taix=0.

- Diéu kién cdn va di d€ y = f(x) dong bién trén K 1a: f'(x)20Vxe K dong thoi
f£'(x)=0 chi tai mét s hitu han diém trén K.

mi' Ham s6 y = 2016x° — 2016 d6ng bién trén [O;+oo),vi: y'=4032x 20 x20 va

Yy =0taix=0.

- Diéu kién cdn va da dé y = f(x) nghich bién trén K la: f'(x)<0Vxe K déng théi
f£'(x)=0 chi tai mét s6 hitu han diém trén K.

m » Him s6 y =2016x° — 2016 nghich bién trén (—°°;0], vi: y'=4032x<0x <0
vay =0taix=0.

- Néu y = f(x) dong bién trén [a; b] thi

{lx[gln f(x)=f(a)

114" CAC DANG BAITAP

DANG 1: XET TINH PON PIEU CUA HAM SO
VA UNG DUNG CUA TINH PON PIEU VAO VIEC GIAI MOT SO BAI TOAN

@ Phuong phap giai

- BUGC 1: Tim tap x4c dinh.
- BUGC 2: Tinh dao ham f'(x). Tim cdc diém x, (i=1,2, ..., n) ma tai d6 dao ham
bang 0 hodc khong xac dinh.
- BUGC 3: Sap xép cic diém X, theo thii ty ting ddn va lap bang bién thién.
- BUOC 4: Néu két luan vé cic khoang d6ng bién, nghich bién ctia ham s4.
3 2
€ » xétsu déng bién va nghich bién ciia ham s6 y = X? - x? —6x+ %
‘€| Giai:
&5 i
TXD: D=1R.
X =2

x=3

Tacd: y'=x"—x—6; y'=0<:>[




Néng cao ky ndng gidi todn trdc nghiém
100% dang bai ham 56, cdc bai todn Eién quan

Bang bién thién:

X -0 -2 3 +o
}r' -+ {} - '0 +
97 +wo
¥ 12
| 51
4

Vay ham s6 dong bién trén cic khoang (—eo;—2) v (3;+c0), nghich bién trén khoang
(-2;3).

Bai tap

Hinh 1 13 d6 thi clia ham s6 y = sinx xét trén doan [—=;%]. Duéi d4y c6 bao nhiéu

Bt
khéng dinh DUNG?
(A)1; (B) 2; (C) 3; (D) 4.
YA
n Ipm= y = sinx
'\ _-2- |
. ‘ .
- | O n T X
! z
————— '3 2
3
+
Hinh 1

(A) Ham s6 y = sinx d6ng bién trén khoang (_g;g )
(B) Ham s8 y = sinx nghich bién trén khoang (-;0).

(C) Ham 6 y =sinx ddng bién trén khoang (0; 7).
(D) Ham s6 y = sinx dat gi tri nho nhit bang -1 khi x = —g va dat gia tri 16n nhét bang

1 khi x=—72£.
1A
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‘€| Giai:
B

Ta théy trén cac khoang [—TC; I ) va (E ; n) ham s& xac dinh va d6 thi ham sé ¢6 chiéu
di xudng nén ham s6 nghich bién trén cac khoang (—n;—g) va (Em ]

Trén khoang —g;glhém s6 xac dinh va d6 thi ham s6 c6 chiéu di lén nén ham s6

dong bién trén khodng —_;E |
22

= Khéng dinh (A) ddng, (B) va (C) sai.
Quan sat d6 thi thiy (D) dung.

Vay ¢6 tit ca 2 khing dinh ding la (A) va (D).

= Chon (B).
Nhian xét: Ham s6 dong bién va xac dinh trén K thi do thi ham s& c6 chiéu di lén ti trai
sang phai trén K; ham s6 nghich bién va xac dinh trén K thi do6 thi c6 chiéu di xudng ti trai

sang phai trén K.

Baitip2 ' Cho d6 thi ham s6 (C): y = f(x) nh sau:

N\

=Y

(A) Ham s6 y = f(x) dong bién trén (2;+ec).

(B) Ham s6 y = f(x) chi nghich bién trén (—oo;1).
(C) Ham s6 y = f(x) nghich bién trén R.

(D) Ham s6 y = f(x) nghich bién trén R\ {I}.

E)E] Giai:

(A), (B) va (C) sai, (D) dung.
= Chon (D).
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(Baltap3 . Cho d6 thi ham s6 (C): y = f(x) c6 hinh vé dudi day:

A
x=-1
2 y=2
-1l O|/1 X
oV

(A) Ham s6 y = f(x) chi d6ng bién trén (—1;+oo),
(B) Ham s6 dong bién trén R.

(C) Ham s6 y = f(x) dong bién trén R\ {—1},
(D) Ham s6 y = f(x) nghich bién trén (—eo;—1).

|E§i] Gidi:
Cac khéng dinh (A), (B) va (D) sai; (C) dung
— Chon (C).

"Baltap4 | Cho ham s8 y = f(x) c6 bang bién thién nhu sau:

v + +

+a0 2

Khéng dinh nao sau day la PUNG?

(A) Ham s6 y = f(x) nghich bién trén (—eo;—1).
(B) Ham s6 y = f(x) chi dong bién trén (—1;+c0).
(C) Ham s6 d6ng bién trén R,

(D) Ham s6 dong bién trén R\ {-1}.




D Mega book Ciuyén gia Sich luyén thi.

@ﬂ] Giai:

Céac khéng dinh (A), (B) va (C) sai; (D) dung

= Chon (D).
lﬁl“ﬁps Cho ham 6 f(x) c6 dao ham va xdc dinh trén K. Phat biéu nao dudi day 1a SAI vé
tinh don diéu cta f(x) va d4u ctia dao ham f’(x)?
(A) Néu £(x) > 0 v6i moi x thudc K thi ham s6 f(x) dong bién trén K.
(B) Néu f°(x) < 0 v6i moi x thudc K thi ham s6 f(x) nghich bién trén K.
(C) Néu f(x) déng bién (nghich bién) trén K thi £'(x)20(f'(x)<0)vxe K
va bang 0 tai mét s6 htiu han diém trén K.
(D) Néu f(x) d6ng bién (nghich bién) trén K thi £’(x) > 0 (f'(x) < 0) trén K.
@ Giai:
Céc khéng dinh (A), (B) ding (theo Dinh li vé tinh don diéu
cta ham s6 va d4u ctia dao ham).
Khéng dinh (C) dung.
Xét khéng dinh (D):
Xétham s6 y = x’ trén R.
Tacod: y'=3x* =0 x=0.

Nhin vao d6 thi cia ham s8 y = x> (hinh bén) ta thdy ham sé déng bién trén R,

YA

Q@

Vay khéng dinh (D) la SAL
—, Chon (D).




/ Ning cao ky nding gidi todn trdc nghiém

, 100% dang béd haum s6, cdc bai todn lién quan
2X=3 |
1 dong bién trén:
(8) R; (B) (—oo31); C) (~L+e0); (D) R\{-1}.

E‘l_é’;:_] Gii:

TXD: D=R\{-1}.

Ta c6: y‘=(—f—1)2>0 Vx € D = Ham s8 déng bién trén D =R\ {~1}.
X

= Chon (D).

Nhién xét:

- Vi y'>0Vxe D nén ham s6 luén d6ng bién trén D va ta khong cin 1dp bang bién
thién dé xét tinh d6ng bién, nghich bién ctia ham s6 trong tridng hgp nay. Khi xét tinh déng
bién, nghich bién ctia ham s§ thi ta xét trén tap xdc dinh clia ham s6. Do d6 dé dang loai tri
phuong an (A).

ax+b ac—bd

cZ0vaad-bc#0)cd y' =———
cx +d ( ) (cx+d)2

-Ham s y =

nén ham sd sé don diéu trén R\ {_E} — dé& dang loai trii (B) va (C).
c

2x —1

x+3

(A) Déng bién trén R;

(B) Nghich bién trén R;

(C) Dong bién trén tling khodng xdc dinh;
(D) Nghich bién trén titng khoang x4c dinh.

E@'ﬂ] Gidi:

r_‘ : Ham s6 y=

TXD: D=R\{-3}.

7 Can
Ta cé: y'=( 3)2 >0Vxe D= Ham s6 dong bién trén D
X+

= Chon (C).

Ty : 2x* —8x +11
8 Hims6 y=—>r———
e TS Cax+s

(A) Nghich bién trén khodng (—00;2).

(B) Ddng bién trén khodng (—e0;2) va nghich bién trén (2;+e).
(C) Dong bién trén khoang (2;+c0).

(D) Nghich bién trén R {2}
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@ﬂd Giai:

TXb: D=R
Tacéd: y'= x4 — y'=0=x=2
x* —4x+5)

Bang bién thién:

X -0 I

b + -

3
v / \
. +5

Do d6 ham s6 dong bién trén khodng (~°;2) va nghich bién trén (2;+o).

= Chon (B).

Luu y: C6 thé stt dung may tinh Casio kiém tra tinh d6ng bién va nghich bién.
Budc 1: Nhap ham s6 gan x = X (Nhan SHIFT- D4u tich phéin)

d(2X*-8X+11
dx{ X*-4X+5

x=X

Budc 2: Thay céc gid tri trong khodng cin chon vio (An CALC nhap X =3)
CALC 3 = ta dugc két qua -1 (»'(3) <0 ham s6 nghich bién)
2

CALC 1=ta dugc két qua 1 (»'(1)>0 ham s& déng bién)
2

= Chon (B).
x> +3x+3
X+2
(A) Nghich bién trén khodng (-3; -1).
(B) Ddng bién trén tap S = (—ee;~3) U (=1;+e0).
(C) Nghich bién trén cac khoéang (-3; -2) va (-2; -1).
(D) Pong bién trén cac khodng (—es;—3) va (~1;+00);

T3 Himss y=

nghich bién trén khoang (-3; -1).

|E_@€J Giai:
TXD: D=R\{-2}.
2 -___3
Ta c6: y'=ﬂi}iz3—;y'=0<:>|:X .
(x+2) X =
y' khéng xac dinh taix = -2.




/ Néng cao ky ndng gidi todn trdc nghiém
/ 100% dang bai him s6, cic bai todn Eién quan

Bang bién thién

X —o +50

}f

-3 -2 -1
¢ - - 0 -+
-3 00 0
}.’ \
-0 -0 1

Do d6 ham s6 déng bién trén cac khoang (—eo;—3) va (=1;+eo),
nghich bién trén cac khoang (-3;-2) va (-2;-1).

= Chon (C).
(Baitp 10 Ham s6 y =sin2x —2x +2016
(A) Nghich bién trén R.
(B) Pong bién trén R.
(C) Nghich bién trén R\ {0}
(D) Déng bién trén R\ {0}

[&7] cia:
N
TXD: D=R.
Tacé: y'=2cos2x —2 =2(cos2x —1)=—4sin’ x <0 Vxe D=
Ham s6 nghich bién trén R.

= Chon A.
gEB; Vot ceré_n'g ngai vat "

‘Baitip 1 Ham s8y = x - Inx
(A) Déng bién trén cac khoang (—eo;0) va (1;+00).
(B) D6ng bién trén khoang (0;+eo).
(C) Dong bién trén khoang (0; 1).
(D) Déng bién trén khoang (1;+c<), nghich bién trén khoang (0;1).

|E‘§]’ij Giai:
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-1
V('jixe(o;-f-oo),tac('); y’>0c>L>O¢:>x—l>0<=>x>1.
X

y’<0<:>x—_1<0<:>x<1.
X

Do d6 ham s6 dong bién trén (1;-+e), nghich bién trén (0;1).

= Chon (D).

Luuy:

1. Ham s6 y = x - Inx xdc dinh khi x > 0, do d¢ ta xét tinh don diéu ctia ham s6 trén
(0;+e0) va dé dang loai trii phuong 4n (A).

2. Cac ban ¢6 thé dung CASIO nhap %(X ~In(X ))

CALCvéi x=0,5,ta c6 »'(0,5)<0

2
CALCv6i x=3,tacé y'(3) =3 0. Do véy loai ddp 4n B va C.

CALC
X

X =

itdp12) Ham s6 y =In(—x" +5x —6)
(A) Ddng bién trén khodng (2; %) va nghich bién trén khodng (% ;3 ]
(B) Bong bién trén khoang (2; 3).
(C) b6éng bién trén cdc khoang (2;%) va (3;-+0).
(D) Nghich bién trén céc khodng (—ee;2) va (—;—;-%oo )
i@'i]] Giai:
Diéu kién xic dinh: —x*+5x-6>02<x < 3.

=2x+5
—x"+5x—-6

Vdi2<x<3,tach: y'= ,— X' +5%x —6>0, vivayta co:

y'>0<:>2<x<§; y'<0<:>§<x<3.

Do d6 ham s6 dong bién trén (2;%) va nghich bién trén (%;3 )
= Chon A.

Luu y: Diéu kién t6n tai cia ham y=f(x)=Ing(x) la g(x)>0. Do d6 ta phai xét
tinh don diéu ctia ham s6 f(x) trén tap cdc gid tri clia x thoa man g(x) > 0 va dé dang loai tri
phuong an (D).

@f@ﬁ i’i&zﬂ Ham s6 nao sau day nghich bién trén R?

(A) y=x=2x"+1; (B) y=x*-2x"+1;

(C) y=—x*+x* —4x+1; (D) y=—x"+6x*-1.
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E'i] Giai:

+Xéthams6 y =x’ —2x* +1.

Tacéd: y'=3x" —4x.

4 : o s
y.gOC>3x2—4xS0<:>OSXS§:> Ham s6 nghich bién trén [o;i].
3

+Xétham s6 y = x* —2x* +1.
Tacéd: y'=4x> —4x.
3 x<-1 )
y'<0e4x -4x<0& = Ham s8 nghich bién trén (—e;—1]U[0;1].
0<x<1
+ Xétham s6 y = —x’ +x* —4x +1.
Tacé: y'=-3x" +2x -4 < 0Vx e R = Ham s6 nghich bién trén R.

+ Xétham s6 y =—x* +6x” —1.

xs—\/g

Tacéd: y'=4x’+12x <0
0<x<43

= Ham s6 nghich bién trén (—w;—\/§ ] U [O;\E ]

= Chon (C).
i Ham s6 nao sau day dong bién trén R?
(A) y:3x—1; (B) y=3x-sin3x-7,
X+2

(C) y=x’-3x% (D) y=vx*~2x+3.
|z‘@'€] Giai:
3x -1

5 ¢6 TXD la R\{-2} nén khong thé dong bién trén R.

+Hamso y =
+ Xét ham s6 y=3x—sin3x-7.

Tacéd: y'=3-3cos3x =3-3.1=0=> Ham s6 dong bién trén R.
+ Xét ham s6 y = x* —3x°.

x22
Tacéd: y'=3x>-6x =0 <:>[ <0=> Ham s6 ddng bién trén (—eo; 0]w[2;+e0).
x <

+ Xét ham 8 y =+/x* =2x +3.

Ta c6: y'=——~L20<:> x > 1= Ham s8 dong bién trén [1;+e<).
Vx?—2x+3
= Chon (B).
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Biitdp 15 Chohamsé y= NECE Khing dinh nao sau day 1 SAI?
(A) Ham s6 dong bién trén 0;2 ) |
(B) Ham s& nghich bién trén (—io;O) u(%&w ) (C) Ham s6 nghich bién trén (0;2 )
(D) Ca A va B déu ding. 3

é)r:i] Giai:

TXD: D = (—o1].

Tacéd: y'= M
2Vx* —x°
Lap bang bién thién:
2
X 0 5 1
Yy - + 0 -

"IN B

2
Nhin vao bang bién thién ta thdy ham s§ dong bién trén (O;g)

va nghich bién trén (—ee;0) U (§;+oo ]_—4 Chon (C).

@916 Ham s6 y =f(x) déng bién trén K. Ménh dé ndo sau day 1a SAT?
(A) Him 6 y = —f(x) nghich bién trén K.© =~~~
(B) Him s6 y=—f (x) +1 nghich bién trén K.
(C) Him s6 y =f (x +1) déng bién trén K.
(D) Ham s8 y =f(x)—1 d6ng bién trén K.

[&] cia:
Vihams6 y =f(x ) déngbién trén Knén y'=f'(x) < 0Vx e K va f'(x) chibing0 tai
hitu han diém trén K,
+ Xét khang dinh A:
Tacod: y'=—f'(x)<0VxeK va £'(x) chi bing 0 tai hitu han diém trén K = Ham 6
y =—f(x) nghich bién trén K = A dtng.
+ Xét khing dinh B:




Néng cao kj nding gidi todn tric nghiém
100% dang béi haum s6, cac bai todn tién quan

Tacod: y'=—f'(x)<0Vxe K va f'(x) chibéing 0 tai hitu han diém trén K = Ham s6
y =—f (x)+1] nghich bién trén K = B dung.
+ Xét khang dinh C:

C sai, ta 14y phén vi du: y=f(x)=—l c6 f'(x):iz>OVx #0
X X

= Ham s6 y = f(x) dong bién trén R\{0}.

Ta cé: f(x+1)=——1;I=>f'(x+1)=( 3
X X +

nghich bién trén R\{-1} = khéng dinh C sai.
+ Xét khang dinh D:
Taco: y'=f'(x)20Vxe K va f'(x) chibéng 0 tai hitu han diém trén K
= Ham s6 y =f(x)—1 d6ng bién trén K = D dung.
= Chon (C). |
Luu y: C6 thé st dung tinh don diéu ctia ham s6 vao viéc chiing minh bat dang thuc, giai
phuong trinh, b4t phuong trinh, hé phuong trinh. Chiing ta sé thdy rd diéu nay hon trong céc
bai tap dudi day.

>0Vx#-1= y=f(x+1)

2

4% SO nghiém clia phuong trinh: 3* +4" = 5* 1i:

(B) 1; (C) 2 (D) 3.
‘€| Giai:
)
Tacd: 3 +4" =5 o 3 + hd =1 (1)
5 5
Xéthamso f(x)= 31404
5 5
) 3V, 3 (4Y. (4 C . L Ligs o
Tacé: f'(x)= 3 ln§+ 3 In 3 <0 Vx = ham s8 y = f(x) nghich bién trén R.

Ma f(2)=1= x =214 nghiém duy nhét clia phuong trinh (1).
Do d6 phuong trinh ban du ¢é 1 nghiém duy nhat.
= Chon B.

Chi y: D€ nhim nghiém cta phuong trinh (i) + (i] =1

ta nhdp phuong trinh 3 + gj =1 vao may tinh va thyc hi¢n thao tac SHIFT SLOVE

Tiép tuc thuc hién thao tac 4=. Khi 6 may tinh sé ty dong nhdm nghiém ctia phuong
trinh d3 cho quanh gié trj 4 ta dugc két qua béng 2 va 2 chinh 1a nghiém duy nhét cta
phuong trinh d cho. (O day cic em c6 thé thay s6 4 bang mot s6 khac, khi d6 may tinh sé
nhim nghiém quanh gia trj cac em da nhap)



(A) sinx >x Vx>0.
3
(B) x—%<sinx<x Vx>0,

(C) 297% 4 W% < 2 iy g (og)

(D) sinx Sz—x Vxe (O;E}
T 2

:\g)r:i] Giai:

+ Pat f(x) = sinx - x, x> 0.

Tacé: f'(x)=cosx—1<0Vx >0

= f(x) nghich bién Vx>0=f(x)<f(0)=0=sinx—x<0=>sinx <x Vx>0

= Khang dinh (A) la SAL ;

+ Xét ham s6 f(x):—x+§6—+sinx trén nita khodng [0;+o0). Ta c6:

2

f’(x):%—1+cosx; f"(x)=x—sinx; f"(x)=1-cosx

Tacé: f"(x)=1-cosx >0 Vx e [0;+e0)= f"(x)2£"(0)=0 nén f’(x) dong bién trén
[0;400) = f'(x)2'(0)=0= f(x) d6ng bién trén [0;+). Do d6 f(x)=f(0)=0Vx20

3 3

va f(x)>f(0)=0‘v’x>O=>%—x+sinx>04:>x—%<sinx Vx>0 (1)

Chuyrangti f"(x)>f"(0)=0 Vx>0 =sinx<x (2)
Tit (1) va (2) = Khing dinh B1a PUNG.

sin x+tan x

+ Ta co: 2sinx +2tanx >2 2sinx.2tanx =2 2

+1

Ta sé chiing minh:

sin x+tan x

272 52" osinx +tanx > 2x Vxe(O;g)
& f(x)=sinx+tanx—2x >0 Vxe(O;%]

: 19 —222/cos2x. 12 ~2=0
Cos X COs™ X cos X

Ta co: £'(x)=cosx +

> —2>cos’x+

= f(x) dong bién trén (0;%}:} f(x)>£(0)=0

= 2sinx +2tanx > 2x+1 VXG (O,g)




Nang cao ky ndng gidi todn trdc nghiém
100% dang bai ham 6, cdc bai todn tién quan

= Khing dinh Cla SAIL

+ Ta cé: sinx >i’235 Vxe (O;§]<:> f(x)= SInx >z Vxe(O;-T—t]

iy X T 2

Taco: £'(x) = xcosx;smx _ g()zc)
X X

Xét g(¥)=xcosx —sinx.

Tacé: g'(x)=cosx —~xsinx—cosx =-xsinx <0 Vxe (O;g]

= g(x) nghich bién trén [0;%]:} g(x)<g(0)=0=f'(x)= g(x) <0

2
_2
2

X

|

= f(x) nghich bién trén [O;g): f(x)> f(

/s
= Khéng dinh D Ia SAIL

= Cheon (B).
Nhin xét:
C6 thé chon thil cac gia tri cha X bdng may tinh CASIO dé Iya chon dap an ding

= sinXx >-2-5 Vxe 0;-275}

O khing dinh A ta nhap sinx—x CALC 1= dugc két qua 4m (viy d4p 4n A sai, chd
y chuyén sang ché d6 radian trudc khi CALC, tuong tu bang cach trén ta c6 thé loai dap
an Cva D bang cach CALC moét s6 gia tri clia x).

Tap nghiém ctia bat phuong trinh: VX+6+5x -7+ 7x -5+ 13x -7 <9 la:

(A) S=(3;+00); (B) S= _%;+°°);
R 5.
(C)s—[7,3), o 5=(2:+ ]

|r‘_[é‘]'<j Giai:

biéu kién: x > g

Xét f(x)=vVx+6+¥5x -7 +47x -5 +J13x - 7.
1 5 7 13 5

Tacéd: f'(x)= + + + >0Vx > =
2Vx+6 33f(5x-7)  4{(7x-5) 5Y(13x-7)’

5
= f(x) dong bién trén [7;+oo ]



A
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Ma {(3) = 9 nén bdt phuong trinh & f(x)<f(3) & % 7 @%SX<3'
x<3

Do d6 tap nghiém ctia bat phuong trinh da chola: S = [%;3 ]
Vay chon C.

Chii y: Ta c6 thé thit chon nghiém trén tiing khodng & cic phuong 4n déloai trit phuong an sai.

St dung mady tinh Casio nhép f(X)Z\/X+6 +35x -7 +Y7x-5+313x-7 =0

Ta CALC vdi cac gia tri x=3,1; xz%; x=2,9

Nhap Vx+6+3/5x—7+47x-5+313x-7

CALC 3,1= ta dugc f(3,1)~9,09>9

5
CALC %z ta dugc f(;]z2,26<9
CALC 2,9 = ta dugc f(2,9)=8,9<9

Tu 4 dap an dé bai da cho ta dé dang suy ra nghiém ctia BPT Ja: xe l:% ;3 )

| $6 m 16n nhét d€ m([sin x| +|cos x|+ 1) < [sin 2x|+|sin x|+ |cos x| + 2 ¥x la:

(A) % B 22— ©) 1 (D) 2.

|[‘§‘;] Giai:
bat t= |sinx|+|cosx| =t = (|sinx| +lcosx|)2 =1+|sin2x| = |sin 2x| =t’—1.
valgt<i2.
Khi d6 bat phuong trinh & m(t+1)<t* +t+1 Vte [1;\/5]

2
4:>f(t)=t ::[;Ll >m Vte [1;\/5]

:amSl[\I{IJiirif(t)

CA2t e |
(1) >0 = f(t) dong bién trén I:l;\/—Z_] = IBfI}Et]lf(t):f(l)z

= m< 5 Vay gia tri I6n nhit ciam la 3

Tacé: £'(t)=

N | W




/ Néng cao ky ndng gidi todn tric nghiém
/ 100% dang bai hém 56, cdc bai todn tién quan

= = -

2x+1=y +y’ +y
f',_l_ié.i't.ap‘ﬂ 86 nghiém ctia hé phuong trinh {2y +1=2"+ 2> +2 la:
2z+1=x"+x"+x
(A) 0; (B) 1; (C) 2; (D) 3.
€] Giai:
[& ciai |
Xétham: f(t)=t"+t*+t Taco: £'(t) =3t +2t+1=2t"+(t+1) >0Vt
= f(t) dong bién.

Gidsit x<y<z=f(x)<f(y)<f(z)=>2z+1<2y+1<2x+1=z<y<x
Sx=y=z

X=y=2z X=y=2Z X:y:z:l
= 3 ) - 2 = .
2x+1=x"+x*+x (x+1)(x ~1)=0 " |[x=y=z=-1

Vay hé phuong trinh da cho c6 2 nghiém.
= Chon (C).

DANG 2:
TiM PIEU KIEN CUA THAM $O PE HAM SO PON PIEU

Phuong phap giai

- BUGC 1: Tinh dao ham ctia ham s6.

- BUGC 2: Lap luan: Ham s6 dong bién trén K < y'20Vx € K;
Ham s6 nghich bién trén K & y'<0Vx e K.

- BUGC 3: Bién luan béng phuong phap tam thiic bac hai hoic phuong phap ham sé.

@D siitip

5w viang

_Baitap1} Cho ham s6 y = x* +3x” —mx — 4. D€ ham s6 dong bién trén khoang (—eo;0) thi
diéu kién ctia tham s6 m la:

(A) m > -3; (B) m=>-3; (C) m=>0; (D) m<-3.

@’ij Giai:
+ Cach 1: PHUONG PHAP HAM SO.
Ham s6 d6ng bién trén khoang (—o=;0) & y'=3%x* +6x —m 2 0Vx € (—e0;0)



ORI — ey
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S m<3x’+6xVxe (—00) & m<g(x)=3%x" +6xVx € (—o0;0)

< m< Min g(x)=g(-1)=-3.

xe(~e:0)
Vay m <-3.
+ Céach 2: PHUONG PHAP TAM THUC BAC 2.
Ham s6 dong bién trén khodng (—e;0) < y'=3x* +6x —m 2 0 Vx € (—o;0)
Xay ra cac trudng hop sau day:
o Truonghop1: A'=9+3m <0< m< -3,
o Truonghop2: A'=9+3m >0 m>-3.
Khi d6 mién nghiém S ctia bt phuong trinh y'(x)20 c6 so 6 nhu sau:

S - \Il!lnuur S -
)IIIIIIIIIII\
X1 X2
m=-3

Taco: y'(x)20Vxe (—=;0)o (—=;0)c S 0<x, <x, ©{3y'(0)20= vd nghiém.

250
(2

Vay m < -3.

= Chon D.
Nhin xét:
1. D6i v6i nhiing bai khéng tach duge tham s6 m tu do thi nén lam theo phuong phap
tam thiic bac hai.
~ 2. C6 thé sti dung CASIO nhu sau:
Budc 1: Nhap dao ham ctia ham s6 cin xét. Nhdn: SHIFT-D4u tich phan

Math

a5 0] x=m




Néng cao kj ndng gidi todn tric nghiém
100% dang bai héum s6, cac bad todn tién quan

Budc 3: CALC cac gia tri ctia X va tham so M

Xét bai toan trén ta thuc hién cic thao tac sau:

ap: 2 (X £3X — MX —
Nhap.dx(X +3X - MX 4)x=X

(Do dé bai yéu cau ham s6 dong bién trén (—cc;0) nén ta nhép x=-0,1)
CALC-0,1=

(Tht véi m=4)

CALC 4=

Ta dugc két qua bing —0,97 nén m=4 thi y'(-0,1)=-0,97 <0 nén loai cic dap 4n A,
B,C.

Vay chi c6 dap an D la ddp an ding

Bai nay khd may mén khi ta thtt v6i m =4 thi ca 3 dap 4n A, B, C déu bi loai.

= Chon D.

2} Cho ham s6 y=2x’—3(2m+1)x* +6m(m+1)x +1. Diéu kién cha m d€ ham 8
déng bién trén khoang (2;+eo) la:

(A) m<2; (B) m<1; (C)0<m<l; (D) m=>1.

_:_‘é—]zj Gidi:
Ham s6 dong bién trén khoang (2;+e) & y'=6x* - 6(2m+1)x +6m(m+1)20
Vxe (2Z4o) & (x—m)(x—m—-1)20Vxe (2;+) @ m+1<2 & m<l.

Viy m<1.

=> Chon B.
Nhan xét: C6 thé stt dung CASIO nhu sau:

Nhap: %(2X3+3(2M +1) X2 +6M (M +1)X +1)
X X =

(Do dé bai yéu cau ham s6 d6ng bién trén (—eo;0) nén ta nhap x=2,1)

CALC2,1=

(Thi vsi m=2)

CALC 2=

Ta dugc két qua bang _?207_ nén m=2 thi y'(2,1)<0 loaiAvaD

Lép lai thao tac trén

Thyc hién v6i x=2,1;m =1 ta dugc két qua duong nén chua c6 khang dinh gi

Tiép tuc thyc hién v6i x=2,1;m =0 ta dugc két qua duong nén chua thé khang dinh.



M Megabook Chuyén gia Sach tuyén thi .

Bai toan nay ching ta st dung may tinh chi c6 thé€ loai dugc 2 phuong én A va D.

Con lai B va C chua thé khing dinh viv6i x=2,1;m <1 thi y'(2,1)> 0. Tuy nhién thay
thém 1 s6 két qua nita m = 0;m =—0,1;m =—1 ta c6 thé du doan B la dap dn dung.

Chuii y: V6i cach 1am nay c6 nhiing bai ching ta chi c6 thé loai bét cac ddp n sai chu chua
thé khing dinh chic chén dap 4n dung va bai todn nay la mot vi du.

Vi vdy nén ding may tinh CASIO mét cach hgp ly va thong minh nhit.
‘Baitdp3  Cho ham s6 y=x'—2mx* —3m+1. Piéu kién ctia m d& ham s& déng bién trén

khoang (1; 2) 1a:

(A) m<1; (B) m<4; (C) 1<sm<4; D) 0<m<A4.

[&] i:
Ham s6 dong bién trén khoang (1;2) & y'=4x’ —4mx 2 0Vx € (1;2)
& 4)(()(2 mm) >0Vxe(L;2)
e x’-m20Vxe(1;2)
o m<x*Vxe (1;2)

o m<Minx® =1.

sefii2]
Viy m<1.
Do d6, chon A.
Nhan xét: C6 thé st dung CASIO:

d
Nhip: —(x* —2mx* —3m+1
ap dx(x mx” —3m )sz

(Do dé bai yéu cdu ham s§ déng bién trén (1;2) nén ta nhap x=1,5)
CALC1,5 =

(Th véi m=4)

CALC 4=

Ta dugc két qua bang 2! nén m=4 thi »'(1,5)<0 loaiBvaC
Tiép tuc thit véi m =3 ti dugc két qua bang _79 loai D.

= Chon A.

! +4 e o L1 Lex oA
-Baitip4_' Cho ham s6 y.= m): —, trong d6 m 14 tham s6. D€ ham s6 nghich bién trén
o X+m
khodng (—oo;1) thi diéu kién ctia tham s6 m la:
(A) 2<m<-~1; (B) 2<m<—1;

(C) m<-2hodcm>-1; (D) Khong c6 gié tri cia m,




/ Néng cao ky néng gidi todn trdc nghiém
; 100% dang bai héum s6, cdc bai todn lién quan

@ﬂa Giai:

TXD: D =R\{-m}.
2

Ham s§ nghich bién trén khoang (—;1) & y'= m——~42 <0 Vx e (—os1)

X +m)
m’-4<0
= & -2<m<-1
1<—m
Vay -2<m<-1.
::»C'hgnB.

Chiy:Néu y'=0e m==+2 thi y'=0 (Vxe (—oo;l)) do d6 ham s6 12 ham héng.
Do véy véi bai toan nay d€ ham s6 dong bién trén (—oo; 1) tacho y'<0.
2x* =3x+m

itﬁp@ Cho ham s6 y = 1 trong d6 m la tham s6. D€ ham s6 dong bién trén
& .

khoang (2;+co} thi diéu kién ctiam Ja: -

(A) m=3; (B) m<1; (C) m=1; (D) m<3.

[@ﬂ Gidi:
TXD: D=R\{1}.
2x* —4x+3-m

(=1

Ham s6 d6ng bién trén khodng ( 2 +oo) Sy'=

20Vx e (2;+)
©2x° —4x+3-m20Vxe (2;4e)

& m<g(x)=2x" —4x+3Vx e (2;+00)

e m<Ming(x)=g(2)=3.

x€[2;+e0]

Vay m < 3.

= Chon D.
Nhan xét: C6 thé st dyng CASIO nhu sau:

2
Nhip: i{2x —3x+m]
dx

x-1 x=X

( Do dé bai yéu cu ham s6 dong bién trén (2;+e¢) nénta nhép x=2,1)
CALC2,1=

(Thitvéi m=3)

CALC 3=

Két qua 0,347 duong nén chua thé khing dinh.



\

Tiép tuc thi véi m=4 ta dugc két qua bang 0,479 <0 loai Ava C.

Con lai 2 dap dn B va D chua thé khang dinh chic chin tuy nhién thit thém 1 s8 gid tri
m=Lm=2,m=2,99 ta co thé du dodn ddp an dingla D.

&

1
! Chohamsé y = E(m—l)x3 +mx” +(3m - 2)x. Diéu kién ctia tham s§ m d€ ham

s6 dong bién trén tip xac dinh ctia no la:
(A) m=2; (B) me (—oo;-—%] U[2;400);

(C)m=22; D)m>1.

‘€| Giai
&g
TXD: D=R.
Ham s6 dong bién tréen D=R & f'(x)=(m-1)x* +2mx+(3m-2)>0Vxe R.
X4y ra céc trudng hgp sau day:
e Truonghgpl: m—1=0< m=1,khidé f'(x)=2x+120& xZ—%:> loai.
® Trudnghgp2: m—1#0 < m#1. D€ ham s6 dong bién trén R thi:
m>1 (m>1
m-1>0 1 1
m<——om22. &Silms-——om22.

=
A'==-2m*+5m—-2<0 2 2
m22 _m22

Vay dé€ ham s6 dong bién trén tip xac dinh thi m > 2.

= Chon C.
Luuy:Khi m—1#0 thi f'(x) mdila tam thic bac 2.
| BAta7: Cho ham s6 y=x"+(1-2m)x’ +(2-m)x +m+2. D ham s6 déng bién trén

l;ilofmg (0;+00) thi:
(A)mZ%; (B) m<2; (C)m=2; (D) m<=.
E(ﬂ{] Gidi:

Ham s6 d6ng bién trén khodng (0;+0) < y'=3x" +2(1-2m)x+2-m =0
Vx € (0;+00)




Niing cao ky néing gidi todn trdc nghiém
100% dang béd ham s6, cdc bai todn tién quan

o m(4x+1) 36 + 2042V (O54e) o m<g(x)= 2 ke (0:420)
X
& m<Ming(x)=g 12
xe(0;+e<) 2 4
5
Vay m<—.
1y m 4
= Chon D.

8 Cho ham s6 y =1(m2 ~1)x’ +(m—1)x* - 2x +1. D€ ham s6 nghich bién trén
khodng (—co;2) thi:

(A) —éSmSI; (B) me [-w;—%]U[l;Jroo);

(C) m<L (D) Khong co gia tri ciia m théa man.,

@E Gidi:
Ham s6 nghich bién trén khoéng (—ee;2) & y'=(m’ —1)x* +2(m~1)x -2<0
Vx € (—e;2)
Xay ra cac truong hop sau day:
e Truonghgp 1: m* —1=0 < m==+1.

+Néum=1thi y'=-2<0= thdaman.
+ Néum = -1 thi y'=—4x—2s0¢:>x2—%_—_> loai.

e Trionghop 2: m* —1#0 & m# 1. i}

(m-1)(3m+1)<0
’{A'so m’~1<0

m*~1<0 (m-1)(3m+1)>0
Ham s6 nghich bién trén (—e;0) & | [A'>0 Sl lm2-1<0
m -1<0 | (m?—1)(4m’ +4m~10)>0
I 2<x, <X, 2(m-1)
Cm’-1

>2

VéY—éSmSl.

= Chon (A).



A
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N e e e —

Baitsp9 Cho ham s5 y = —{m’ +5m)x’ +6mx’ +6x —6. Tim diéu kién ctia m d€ ham s6
don diéu trén R.

(A)m<0; (B) m > 0 hodc m<—§;
(C)m > 0; (D) —%SmSO.

&ﬂij Giai:

Ta ¢6: y'=-3(m’ +5m)x* +12mx +6.

Ham s6 don diéu trén R < y' khong d6i ddu trén R . Xdy ra cac truong hop sau déy:
m=90 |:y' =6>0Vx
=

m=-5

@ TRUONGHQP1I: m’ +5m=0 &
y'=—60x+6

= Ham s6 don diéutrén R © m=0.
® TRUONG HOQP 2: m’ + 5m # 0,y khong d8i ddu < A'=36m’ +18(m’ +5m) <0

5
& 3 <m<0.Khidé —3(m2 + Sm) >0 nény >0, VX = Ham s§ dong bién Vx.

Viéy —g <m <0 thiham s6 don diéu trén R.

Vay chon (D).
. ! P+6x~2 . ,
. Baitap 10 . Cho ham s6 y = % DPé ham s6 nghich bién trén [1;+oo) thi
X+
(#) ms- 14, (B) m>-2.
5 5
(C) m =0; (D) Khong c6 gid tri ctia m.

@S‘i] Gisi:
TXD: D = R \{—2}
_ mx® +4mx +14
(x+ 2)2 '
+Cach 1: PHUONG PHAP TAM THUC BAC HAL

mx’ +4mx +14
(x+2)

1

<OVX € [L+00)

Ham s6 nghich bién trén [1;+°°) &y'=
& g(x)=mx’ +4mx +14<0Vx 2 1.
P& ham s6 nghich bién trén [1;+o°) thi xdy ra céc trudng hop sau:

e Truong hgp 1: m =0 = g(x) = 14 >0 = loai.




P S Ning cao ky niing gidi todn trec nghiém
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[ [m<0 lf
—{m<0 {4m2—14m30
A'<0 m<0 y
e Truong hop 2: [ |m<0 S| 4m? =14m >0 @mﬁ—?.
A'>0 1mg(l)=m(5m+14)>0
| (X, <X, 51 | §:_2<1

Viy ham s6 nghich bién trén [1;+0) khi va chi khi m < —%.

+ Cach 2: PHUONG PHAP HAM SO.

mx’ +4mx + 14
(x+2)

Ham s6 nghich bién trén [I;+=) & y'= <OVx e [1;+e)

(:)g(x):mx2+4mx+l4S0Vx21@m(x2+4x)s—14\7’x21
14

Vx=21& m<Mi =g(l)=——

ot " 1ngx(2)l() g(1) 5

Vay ham s6 nghich bién trén [l;+oo) khi va chikhi m < —%.

omsg(x)=

= Chon (A).

poees o 2%+ (l-m)x+1+m
“Battgp 11 DEhams6 y =

d6ng bién trén (1;+c0) thi:
X —m

(A) m>3+22; (B) m<1;

(C) m<3-242; (D) me (—m;3~2\/§]u[3+2\/§;+m).
| I_Eﬂ Giai:

TXD: D=R \{m}.
+ Céach 1: PHUONG PHAP TAM THUC BAC HAI.
2 _ 2 _ _
2x 4mx+m7 2m 120Vx>1
(x—m)

g(x)=2x"—4mx+m’-2m-1>0Vx >1
<:>{1n£1

Tacé: A'=2(m+1)° 2 0= g(x)=0 c62nghiém X, < X, = Bitphuangtrinh g(x)20
c6 sd do nghiém S la:

S S

RN -
J//////////// |\ >

Ham s6 dong bién trén (I;4e) & y'=

X1 X2
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Voo o e e e T -

Tacéd: g'(x)20Vx>1 & (L+o)cS & x, <x, <1
m<1

A'=2(m+1)’ 20
4:“2g(1):2(mz—6m+1)20<='mé3—N5

<y

(2

Vay m<3-242.
+ Céach 2: PHUGNG PHAP HAM SO

2x* —4mx +m’® - 2m—1
2

>20Vx >1

Ham s8 d6ng bién trén (L;+) < y'=

(x—m)

o g(x)=2x*-4mx+m’-2m—-120Vx >1
m<I1

Tacéd: g'(x)=4(x-m)24(x-1)>0Vx >1= g(x) ddngbién trén [1;-+e).

> Ming(x)=0 =m?— >
Dodé{g(x)_OVx>l®{ (x) @{g(l) m'-6milz0
m<1 m<1

m<l
Vay m<3-242.

= Chon C.

B Diéu kién ctia tham s6 m &€ ham s6 y = L+ 2(m-1)x*+(m—-1)x+m déng
bién trén (—o0;0)U[2; 400} la:

(A)m>1; (B) 0<m<2;
3
4
(C) Khong c6 gia tri nao clia m; (D) I<m< 3

[&] ciai
Ham s6 d6ng bién trén (—;0)U[2;+e0) & y'=mx* +4(m—-1)x +m~12>0
Vx € (—o0;0) U [2;+00)
Xay ra cac truong hgp sau day:

® Trudnghgpl: m=0 :>y'=—4x—120(:)x£——%—_—> loai.




Néng cao ky nding gidi todn trdc nghiém
100% dang bai ham s6, cic bai todn lién quan

[ fm>0
3m’ - 7m+4<0
m >0 [
A'<0 m>0
o Truénghop 2: | [m>0 | [3m’-Tm+420 <:>1<m<g
A'Z20 Jmg(0)=0
| [0=x,5x,52 mg(2)=0
4 0<Ser
Véy1<m<§. L 2
= Chon D.
+1)x° —2mx —(m’ —m* +2) _,
31135 DEham sb y:(m )x” — 2mx (m m )déngbié’n trén tap xdc dinh thi:
X—m
(A)m=-1; (B) m2-1;
(C)m>-1; (D) Khong c6 gié tri nao cha m.

Ecr)’_l’ij Gid:
TXD: D=R\{m}.
Ham s6 dong bién trén tép xac dinh

, (m+1)x*-2m(m+1)x+m’+m>+2
ey'= -
(x~m)

e g(x)=(m+1)x* -2m{m+1)x+m’ +m’ +2>0Vx #m

>0Vx#m

Xay ra cac truong hop sau day:
¢ TRUONGHOP:m+1=0 & m=-1=>g(x)=2>0Vx#m.

. m+1>0
e TRUONG HQP 2: o m>-1.
J A'=-2(m+1)<0
Vay m 2 —1.
= Chon (B).

Nhin xét: Cé thé thi chon tai m = -1 vi m > - 1, chang han m = 0 xem ham s6 c6 dong
bién trén TXD khong = dé dang chon dugc (B).

W
(A)a=b=0; (B) a® +b” > 0;
(C) 0<a’+b’ <4 (D) Khéng c6 gié tri cha a, b thoéa man.

—

Diéu kién cia a va b ¢ ham s6 y = asinx+ beosx+ 2 x luén ddng bién 1a:
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;Ori] Giai:

Ta ¢d: y'=acosx—bsinx +2.

Dé ham 56 ludn dong bién thi y'> 0Vx < acosx—bsinx +2 > 0Vx
Xay ra cac trudng hop sau day:

® TRUONG HQP I: a =b =0 thoa min.

® TRUONG HQP 2: a° +b* % 0.

, ) b
Ta c6: acosx—bsinx+2=+a’+b° [——a——cosx——
Va® +b? Ja® +b?
=+a’+b*sin(0—x)+2 2 —Va’ +b’ +2

D& ham s6 ludn ddng bién thi Min (acosx—bsinx+2)>0
& —a'+b’ +220=a> +b’ <4,
Vay 0<a’ +b° <4.

sinx |+2

= Chon C.
Luu y: C6 thé tim Min ctia y’ bang cich sti dung BBDT AM - GM nhu sau:
Ta cé: (acosx—bsinx)2 < (a2 +b2)(cos2 x+sin’x)=a’+b’ = y'2—va’ +b’ +2.

"Baitap15 | (D€ minh hoa ki thi THPTQG nim 2017

T , o . v tanx —2
Tim tat ca cac gia tri thuc clia tham s6 m sao cho ham s6 y = I
anx —m
déng bién trén khoang [ 0. X )
4
(A) m<0 hoic 1 <€m<2; (B m<@;

(C)1£m<2; (D) m=2.

E@E] Gisi:

2—m

Tacod: y'= .
oY coszx(tanx——m)2

¢ Y A A N A ) n b
D¢ ham s6 dong bién trén khoang O;Z thi:

2-m>0 m<?2
m<0
Y4 mLle .
tanx #m Vxe| 0;,— I1<m<2
4 mz=1

= Chon (A).
T s
Chiiy: Véi m=2=y'=0Vxe (O;—] khi d6 ham s6 d4 cho 14 ham hing nén & bai

toan nay dé ham s dong bién ta cho y'<0 (Vx € (O;Eﬂ.
AP




Néng cao ky néing gidi todn trdc nghiém
100% dang béi ham s6, cdc bai todn tién quan

IBamv16 Diéu kién ctia a d€ ham 6 y =x’ —ax” + (a+36)x — 5 nghich bién trén khoang
c6 d6 dai bing 42 1a:

(A)a=-12; (B) a=15;

(C) a€ (—o;—9)U(12;400); (D)a=-12hoic a=15.
E):;] Gidi:

TXD: D=R.

Ta cé: y'=3x* —2ax+a+36;A'=a’ —3a-108;a,=3>0 nén ham sé da cho khong
nghich bién trén R.
P& ham s6 d cho nghich bién trén khoang c6 d6 dai bing 4v2 thi diéu kién c4n la:

a<-9
A'>0@|: o132 Khi d6 y’ = 0 ¢6 hai nghiém phén biét x,X,.
a

Bang bién thién:

% -o0 X X2 too

1

}r

+ c - 0 +
b /g'(l’il} ' y
N (x /

Ta thiy: v < 0véi x € [x;5%, |-

Do d6 ham s& nghich bién trén khoang c6 d6 dai bang 42 khi X, —%,|= 42

,a"=3a-108| _
3

Viy a = -12 hodca = 15.

a=-12
a=15

= 4\/§<:>a2—3a—180=0<:>|:

= Chon D.

|

| Choham s6 y =x’ —3(a—1)x" +3a(a—2)x +1, trong d6 a 1a tham s6.

) Tap hgp tat ca céc gia tri ctia a ¢€ ham s6 dong bién trén tp hop cic gid tri cia x thoa
man 1< |x|<2 L&

(A) (—o0;—2] U1} U [4;400); (B) (—oos 2] {1};

(C) {1}U[4;4e0); (D) {-2;1;4}.
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& i
Tacod: y'=3x*-6(a—1)x+3a(a-2)= 3[)(2 -2(a-1)x +a(a—2)]
= y'=0 ¢o6 2 nghiém phan biét x, =a—-2;x, =a.

Bang bién thién:

X -0 Xl X2 “+a0

+ 0 - 0 +
¥ y(xy) oo
~ / \y(x /

Suy ra ham s6 dong bién trén tép cc gia trj cia x sao cho 1 < \x| < 2 khi va chi khi:

e Truonghop 1: 2<x & 2<a-2oa24.

e Truong hgp 2: x, <-2 & a<-2.

- _a._
® Truong hgp 3: —le]<x2S1(:>{ <1 <a=1.Vaya=la<-2;a=4
a<

= Chon B.




Noi ‘tan cung thé gioi’ & Banos, Ecuador

pay la mot trong nhimg diém du lich khong danh cho nguoi yéu tim bai ban sé
dugc ngdi trén mot chiéc xich du “tan cting thé gidi” va danh du trén vuc nii sdu ma
khong dung bat ctr bién phap bao vé nao. Nhung trudc khi ngdi dugc lén chiéc du
‘tir than’ nay. ban can phai men theo con dudmng mon dén Bellavista tir vach Banos,
Ecuador dé dén diém quan sat tai mot tram theo d6i dia chan ¢d tén ‘La Casa del
Arbel’ - mot ngoi nha nhd nam trén mot cai cay nhd sat bén hém nui.



GIA TRI LON NHAT, GIA TRI
NHO NHAT CUA HAM O

]_I_,?‘ KIEN THUC TRONG TAM

bPinh nghia: Cho ham s6 y = f(x) xac dinh trén D.

f(x)<sMVxeD . 4 14 o tel 16m nht ot
Ix, € Dif (x,) = M t 11\£[€%xf(x):M, M dugc goi la gid tri 16n nhét cta

ham s6y = f(x) trén D.

f(x)z2mvxeD
+ Néu ' thi Minf(x)=m, m dugc goi la gid tri nho nhit cta
3x,eD:f(x,)=m xeD

ham s6 y = f(x) trén D.

@I » Tim gis tri 16n nh4t va gid tri nhé nhét ciia ham s6: £ (x)=16—x>.
‘€Y ) Giai:
[ o

Tap xac dinh ctia ham s6 la {-4; 4]. Hién nhién 0 <f (X) <4 véimoi X€ [—4; 4];
f(x)=0e=x=14 v f(x)=4x=0.

Do d6 Min Vv16—x* =0; Max V16—x* =4,
xe{-4;4] xe[—4;4]

+ Néu {

114" CAC DANG BAI TAP

DANG TOAN.
TIM GIA TRI LON NHAT VA GIA TRI NHO NHAT CUA HAM SO
TREN MOT KHOANG D CHO TRUGC

Phuong phap giai

- Tim cac diém X, X,,...,X,, thudc D ma tai 6 dao ham bing 0 hodc khong c¢é dao ham.
- Lap bang bién thién.

- Tu bang bién thién suy ra Min, Max.

Chii y: Néu ham s6 y = f(x) lién tuc trén [a; b] va c6 dao ham trén (a; b), c6 thé trit mét s6

hitu han diém. Néu f'(x)=0 chi tai mét s6 hitu han diém thudc (a; b) thi ta cé quy tic tim
Min, Max don gian nhu sau:

- Tim cdc diém X,,X,,...,X,, thudc (a; b) ma tai dé dao ham bang 0 hodc khéng ¢ dao ham.
- Tinh f(x));f (X, );..sf(x,, );f(a);f(b).




! Néng cao k nding gidi todn trdc nghién:.
/ 100% dang bai hium s, cdic bai todn tién quan

Max f(x)=Max f(x;)

[a:b]

Mlnf(x) Minf(x )

[a;b]

- So sanh cac gid tri tim dugc va két luan: (i = f,‘rﬁ)

3

@I » Tim gia tri 16n nhét va gid tri nhd nhét ciia ham s6 f(x) = X? +2x*+3x -1 trén
doan [-4; 5].
‘€| Gidi:
@ iai
Tacé: £'(x)=x"+4x+3.

{f'(x)=0 {x2+4x+3=0 [x=—1
= =
X

-4<x<5 |-4<x<5 =-3
£(=1)=—L;f(-3) = —L;f (—4) =~ £(5) = 222

3 3 3
Dodé, Min ()=~ Max (x) =3

Bai tap

(A) Ham s6 y = f(x) dat gid tri l6n nhat khix = 0. YA
(B) Ham s6 y = f(x) dat gia tri nhé nhatkhix = 0.
(C) Ham s6 y = f(x) dat gia tri cuc ti€u taix = 0. y=x+1

(D) Ham s6 y = f(x) dat gia tri cuc dai bang 0.

|l§]‘ij Giai:

Ham s6 y = f(x) dat gia tri cuc dai bing 0 khix =0

=Y

]

va khong c6 gia tri 16n nhdt, gia tri nho nhét
= (A), (B), (C) sai, (D) diing.

= Chon (D).
Luu y: Ham $6 ¢6 hai cyc tri (cuc dai va cyc tiéu), khong c6 gid tri 16n nhét va gia tri nhé nhét.
. Baitip2 | Cho ham s8 y = f(x) ¢ bang bién thién nhu sau:

X -00 0 1 2 +00

y' +

A NN




R ¥
\
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P —

Khing dinh DUNG la:

(A) Ham s8 y = f(x) xdc dinh v6i moi x € R.

(B) Ham s6 y = f(x) nghich bién trén khodng (0; 2).

(C) Ham s6 y = f(x) dat gid tri nho nhit bang 2 khi x = 2 va gid tri 16n nhét bng -2 khi x =0.

(D) Gia tri cuc dai ctta ham s6 1a -2.

E@T:J Giai:
Ham s6 xac dinh trén R\{1} = (A) sai.
Ham s6 nghich bién trén (0;2)\{1} = (B) sai.
Ham s6 khong ¢6 gia tri 16n nhat va nhé nhit = (C) sai.
Ham s6 dat gid tri cuc dai bang -2 khi x =0 = (D) ding.
= Chon (D).
Luuy:
- Ham s6 dat cuic trj tai (0; -2) va (2; 2), khong dat gia tri 16n nhét va nho nhat trén TXD.
- Ham s6 khéng xac dinh tai x = 1, nghich bién trén (0;2)\{1}.

“Habtip 3l Gid tri16n nhét va gid tri nho nhit ctia ham s6 £ (x)=—x>+2x +4 trén doan [0; 3]
lan lugt la:
(A)5val; (B) 1 va 4; (C)-1vas; (D) -1 va 4.

@ﬂ Gidi:
Taco: f'(x)=-2x+2.
f'(x)=0 ~2x+2=0
o
0<x<3
f(1) = 5; f(0) = 4; f(3) = 1.
Do d6, M{)ig}f(x):l;l}él[gﬁf(x)=5.

= Chon A.

Luu y: C6 thé st dung Casio nhu sau:

St dung chiic ndng Mode 7. Khao sat ham s6 d4 cho.
BUGC 1: Nhip ham: Mode 7- Nhap ham

R TR R LCr i

: - Math i
|

fORI=-KE+2%+dl

/-




BUGC 2: Start: Gia tri bit ddu khao sat

Start?
i

O bai nay ta cho Start = 0 do x< [0;3]
BUOC 3: End: Gia trj két thic khao st

’ Math

CEnd?

@ s

G bai nay ta cho End =3

BUGC 4: Step: Budc nhay ctia gié tri X, tuy thudc vao tiing bai ton, & bai nay ta cé thé
cho Step=0,5 (Mdy tinh cho ta t6i da 30 gia tri khao sat)

(

| Step?

Math

1

BUGC 5: Hién bang két qua khao sat

l Math
FLi

y

Y. 15

-]

]

Dua vao bang ta thdy GTLN bang 5 khi x=1 va GTNN1a 1khi x=3

. Choham sé f(x)=x L ten (0;3]. Ménh dé nao sau day la SAT?
X
(A) Ham s6 d6ng bién trén (0;3].

(B) Ham s8 dat gi tri 16n nhit bang 8 va khong ¢6 gid tri nhod nhit.
3

(C) Ham s§ dat gia tri nho nhét bang 8 v khoéng c6 gia tri l6n nhit.
(D) Ham s8 don diéu trén (0; 2).

E@EJI Gidi:

Tacé: f'(x)=1 +i2 >0Vx € (0;3] nén ham s8 dong bién trén (0;3] (1)
X

| a1

Néng cao ky ndng gidi todn tric nghiém
100% dang béi hium s, céc bai todn lién quan




\.
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Bang bién thién:

X 0 3
f(x) +
8

Nhin vao bang bién thién ta thiy ham s6 dat gia tri 16n nhét bang % khi x = 3 va khéng
o gid tri nho nhat  (2)

T (1) suy ra cc khang dinh A va D 1a dting.

T (2) suy ra khang dinh B la dung va (C) la sai.

= Chon C.
ig_kéri-tép»-sf-,i Gid tri 16n nhat cia ham s6 y = —4+/1—-x la:
(A) -4 (B) 1; Q) -1 (D) 0.
:._' _E G.‘;o:
@\ iai
TXD: D =(—o0;1).
V6i VxeD thi vI-x 20= —4J1-x<0=y<0=y,_ =0khil-x=0 & x=1.

= Chon (D).

Nhin xét:

- Khéng nhat thiét phai st dung dao ham va bang bién thién dé tim gid tri 16n nhat (nho
nhat) cua ham so.

- Vi y £0 nén dé dang loai trii (B) va dé thdy khi x = 1 thi y = 0 la gid tri 16n nhit trong
cdc gia tri & cac phuong an con lai

= Chon (D).
Baltépﬁ Gid tri nh6 nhét cia ham s§ y = 4sinx —3cosx la:
(A) 4 (B) -5; (C) -3; (D) -4.

E@% Giai:

. 3 |cosa =
Taco: y= S(gsinx—gcosx ): 5sin(x —at) trong d6

sino =

U VAN




Néng cao ky néing gidi todn trdc nghiém.
, 100% dang bai ham s6, cic bai todn tién quan

Tac6: y =5sin(x—0)2 -5 =y, ==5 & sin(x ~o) = -
= x—oc:—g+k2n<:> x=oc—§+k2m

= Chon (B).

Luu y: C6 thé tim gia tri nhd nhét chia y nhu sau:

y* =(4sinx —3cosx)’ 3[42 +(—3)2j|(sin2 X +cos’x)=25=-5<y<5.

7} Gié tri 16n nhét ctia ham s6 £ (x)=v—x>-4x+5 la:
(A) 3; (B) 9 (© o0 (D) 6.
@’é} Giai:
Taco: f(x)= —(x+2)2+9.
Vi (x+2) >0V nénf(x)</0+9=3=Maxy=3 khi x+2=0 & x =-2.

= Chon (A).

)

J Gi4 tri 16n nhit cia hAm s6 y = x +v4—x la;

(B) 2; (C) -2; (D) 2/2.
@3 Giai:

TXD: D =[-2;2].

Ta co:

«/ x>0
y'=1- X —0<:>\/4 X —x<:>{4 o x =4/2.

4-x* v4-x*
Ta co: y(\/i) =24/2; y(-2) = 0;y(2) = 0.
Vay ham s6 dat gid tri 16n nhét bang 2 khi x = 0 va dat gia tri nhé nhdt bang 0 khi x = +2.

= Chon D.
Luu ¥: C6 thé tim Max y bang cach st dung BDT AM - GM nhu sau:

(1x+144-x )2 <(P+1)(x* +4-x*)=8=y<2V2

Maxy = 2V2 khi x =4-x> & x=+2.



\
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Mo e e e

x*4+x-2

Py Gid trinhé nhat ciahamsé y = ——— - trén (-10)U[1:2) fa:
e X '—x-
(A) 0; (B) 1;
Q2 (D) Khéng c6 gia tri nhd nhit.

Ir‘@g Gii:

TXD: D=R\{-12}.

., =2xP-2x+4
Taco: y'= =
(xz—x—2)
y'=0 —2x*-2x+4=0 1
= o x=1.
xe (-L0)ull2)  |xe (-10)u[L2)

Bang bién thién:

2

' 11/
IS /.

Nhin vao bang bién thién ta thdy ham s6 dat gia tri 1én nhit bang 1 khi x = 0 va khong
dat gid tri nho nhat.

= Chon D.
@%ﬁ § Gia tri nhd nht cia ham s8 y = 2cos’x +2cosx -1 Ia:
(A) —é; (B) -1;
2
(O -1; (D) Khéng c6 gié tri nho nhit.

‘€)Xl Giai:
|[@\] idi
Datt=cosx, -1<t<1.

Tacé: g(t)=2t"+2t-1,-1<t <1,

g'(t)=4t+2 ‘=‘0“<:3’t’”=‘_—% e [-51]

g(-1)=-1;g(1)= 3;g(~%)= —%.




100% dang bak ham s6, cdc bai todn tién quan

Do d6, ham s& dat gia tri 16n nhit bang 3, khit = 1 hay cosx =1 <& x =k2m,ke Z.

4 ’ 2 a N . 1 1 n
Hamso6datgiatrinhonhatbang _3 Jkhit = > hay cosx = 5 S X= ig +k2n, ke Z.
2
= Chon A.
Nhin xét:
- Bai nay ta da d6i vé bién mdi va dit di€u kién cho bién mdi d€ viéc giai bai toan dugc
thudn tién hon.

- Hodc c6 thé bién d6i nhu sau:

2
y=2 cos2x+cosx~l-l —§=2 cosx+—1— —22-§=>Min_y=—§
41 2 2 2 2 2

khi cosx = —l
2

& x =i§+k2n,ke A

B Ham s6 y =cos’2x —2sin2x +2 dat gia tri 16n nhat khi x bang?

(A) —-gﬂm, ke Z; (B) —g-+k2n, ke Z;

(C) g+k2n, ke 7 (D) %+kn,ke 7.

;Qr’i] Gidi:

Ta c6: y =1—sin’ 2x —2sin2x +2 = —sin” 2x — 2sin 2x + 3.
D4t t =sin2x, -1<t<1. Khidé g(t)=—t*—2t+3, -1<t <1,
Tacéd: g'(t)==2t-2=0t=—le[-1;1]

g(-1)=4g(1)=0.

Vay ham s§ dat gia tri 16n nhét bang 4 khi t = -1 hay sin2x =-1 < 2x = —-g +k2m

@x=—%+kn(ke Z)

Tacé: —Ftkne {-Zrkon Tvkon X v kn
4 2 2 4

= Céac phuong an B, C, D sai va chon A.

Nhin xét:

- Trudc khi d6i bién mdi ta cin bién ddi tuong duong dé dua vé bai toan quen thudc hon.
- C6 thé thay tryc tiép cac phuong an dé tim phuong an ding.
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A e

sinx +1

Batap12 HamsS y = dat gia tri 16n nhit bang?

sinx +sinx +1

2
(A) 1; (B) 0; ©) ; D) 2.
3 3
:@zj Giai:
. t+1
bit t =sinx,te |-1;1|. Khidé: y= ,te [-L1).
2[2] Y t2+t+1 <=1l
Ta co: y':;t—m—t,,.
; 3
(t +t+1)
t=0
y=0o-t*-2t=0 =1t=0.
t=—2¢[~11]

Ta cd: y(0) = 1; y(-1) = 0 y(l) =§.

Vay ham s6 dat gia tri nho nhdt bang O khit=-1 @ sinx=-1&x = —7—;-+k21t.

= Chon (A).
‘BAtip13 ) Cho ham sy = 4+/x% —2x +5 +x? — 2x +3. Khéng dinh nio sau dy [ SAI?

(A) Ham s6 khong c6 gid tri 16n nhét.

(B) Ham s8 dat gia tri nho nhét béng 6.

(C) Ham s6 xac dinh trén R.

(D) Ham s& nghich bién trén (1;+e).
‘€| Giai:
&) o

TXD: D=R.

Pt t=vx2 —2x+5 = /(x ~1) +4>2. Khidé: y=4t+t> -2,t>2,
Tacé: y'=2t+4>0Vt>2=ham s dong bién trén [2;+e0).
=y2y(2)=6Vt22.
Vay ham s6 dat gi tri nhé nhit bing 6 khit=2 < Vx> -2x+5 =2 (x-1) =0
& x =1, ham s6 khéng cé gia tri 16n nhét.
= Cac phuong an A, B, C la dung.

2x -2 4
2vx? —2x+35 +2X_2=(X—I)[\/x2—2x+5

= Ham s6 déng bién trén (1;+eo)

Taco: y'=4. +1]>0<:>x>1

= Phuong 4n D 14 sai.

= Chon (D).




: : Ning cao kyj nding gidi todn trac nghiém
! / 100% dang bai ham s6, cdc b todn tién quan

altap14 . Do gidm huyét ap cia mot bénh nhén duge cho béi cong thiic
G(x)=0,025x*(30—x),trong d6 x 14 liéu luong thudc dugc tiém cho bénh nhan (x
dugc tinh bang miligam). P giam huyét 4p nhiéu nhat la:
(A)G; (B) 100; (C) 20; (D) 80.
I@ﬂd Gidi:
biéu kién: 0 < x <30.
G'(x)=0,025x (60-3x).
x=0
x =20
Ta c6: G(0) = 0, G(20) = 100, G(30) = 0.
Vay d¢ giam ap sudt nhiéu nhét la 100 khi x = 20.

G’(x)=0<=>{

=5 Chon (B).

ke tif ngay xuét hién bénh nhan dau tién dén ngay thd t la:
f(t)=45t"-t’,t=0,1,2,...,30.

Néu coi f la hdm s6 xac dinh trén doan [0; 30] thi £'(t) dugc xem la t&¢ dd truyén bénh
(ngudi/ngay) tai thai diém t. X4c dinh ngay ma téc d6 truyén bénh 1a16n nhét va tinh téc d6 do.

(A) T8¢ dd truyén bénh 16n nhét bang 675 vao ngay thi 15.

(B) T6¢ d¢ truyén bénh 16n nhét bang 13500 vao ngay thi 30.

(C) T6c 46 truyén bénh 16n nhét 1a 1000 vao ngay thu 5.

(D) T8¢ d6 truyén bénh I6n nhét 13 1404 vao ngay thd 6.

‘€)|| Gidi:
feg

T6c d6 truyén bénh la: £'(t) =90t —3t>,

Tacé: f'(t1)=90-6t=0t=15,

Ta co: £(0) =0, £'(15) =675, £7(30) = 0.

= 'T0c¢ d6 truyén bénh 16n nhit bang 675 vao ngay thi 15.

= Chon (A).
Baltap16 Trong cac hinh chii nhét ¢6 cling chu vi 14 60cm, hdy xac dinh hinh chi nhat ¢6

dién tich 16n nhit.

(A) Hinh chii nhat ¢6 chiéu dai 20cm va chiéu réng 10cm.

(B) Hinh chit nhét ¢6 chiéu dai 25cm va chiéu rong 5cm.

(C) Hinh chit nhat ¢6 chiéu dai 18cm va chiéu réng 12cm.

(D) Hinh vudng ¢4 canh 15cm.

| o7
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Z@ﬂij Gidi:

Ntia chu vi hinh chii nhét la: 60 : 2 = 30(cm)

Goi chiéu dai hinh chii nhat 1 x(cm) (0 < x < 30) = chiéu rong hinh chi nhét 1a 30 - x (cm)
Dién tich hinh chit nhat Ia: S = x(30—x).

2
Tach: S< (%) = zzs(cmz).

Vay dién tich hinh chii nhét I6n nhit bang 225cm’ khix=30-x < x=15 (cm).
Khi d6 hinh chii nhét 1a hinh vudng ¢6 canh 15¢m.
Vay chon (D).

Luu y: Co thé thay truic tiép cic cdc phuong an theo cong thic tinh dién tich hinh chit
nhit d€ tim ra dap an.

| nha‘u r6i gap tam ton lai nhu Hinh 1 de duac cai hop khong ndp. Tinh canh cla cdc hinh
vuong bi cit sao cho thé tich cta khéi hop 14 16n nhit.

A % ________ 7,

ey

Y // -------- ?/// *

Hinh 1

(A) Canh %; (B) Canh %; (C) Canh _gl | (D) Canh %.

zégj Giai:

Goi x 1a d6 dai canh ctia hinh vuéng bi cit (0 <x< ";" ]

Thé tich khéi hop la: V(x)=x(a~ 2x)2 (0 <x< %)

Ta phaitim x, € (0;%) sao cho V(X,) c6 gid tri 16n nhit.
Tact: V'(x)=(a—2x) + x.2(a-2x).(-2)=(a-2x)(a-6x).




/ Néing cao ky nding gidi todn trdc nghiém
100% dang béi ham s6, cdc bai todn tién quan

V'(X)ZO,@X:% vi (0<X<%].

Bang bién thién:

NS -]

a
6
Vi(x) + 0 ]

23
V(X) / " \
0 0

T bang bién thién ta thiy trong khodng [0;%) ham s6 ¢ mot diém cyc tri duy nhat1a

X 0

x . a -y Yy X
diém cuc dai x = r; nén tai d6 V(x) co gia tri lon nhat:

3
Max V(x)= 21.
0.2 27
°3)
= Chon (A).

Nhin xét: C6 thé tim V max nhu sau:

4x(a-2x)(a—2x)

Ta co: V(x)=x(a—2x)2 =

4

o1 (4x+a-2x+a-2xY 1(2a) _2a°

T4 3 41 3 27
. 2a’ .. a
Viy V. ==—khidx=a-2x &x=—.
27 6

"""Bé'iitvap.i's " Goi M vam lan lugtla gid tri 16n nhdt va gid tri nhé nhét cia ham s6 y = xv/1- x?
trén tdp xac dinh. Khi d6 M + m bang?

(A) 1; (B) 0; © L D) L.
2 2
@"E’Jj Giai:
TXP: D=[-1;1].
2 2
Ta cé: v'= /—“1_2_ X :1—2x.
ne J-x JI-x’
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1

x_—
_ 2
y':0<:>1 2X 0o 2

V1-x? x:—i.
V2

Taco: y(-1)=0,y(1)= O,y(%} —%,y(—%}

N | —

=M= 'l', m= —--l- =M+m= -}_ — _}. =0=
2 2 2 2
= Chon (B).
Baltap19 Gié tri 16n nh4t va gi4 tri nhd nhat clia ham s§ y =sin®"® x + cos™°x lan lugt la:
(A)1va —— ST ; (B) 1va —— 22007 .
1
(Cova—_ o (D)0 va —— o

leE] eiai:
=

: s n . N
Do sin™' (x + > ]-i— cos**® (x + > ]: sin®® x + cos*®'® x nén ham s8

+ 0 2016 2016

y =sin™" x +cos™'°x tusn hoan véi chuki *. Do d6 ta chi cin tim GTLN, GTNN
ctia ham s6 trén 1 chu ki [O;g—:|.

2014

Ta c6: y'=2016sinxcosx(sin x—cos””x)

: x=0
sinx =0
\ T
y'=0&jcosx=0 = Xz?
sinX = cosXx
T
X=—
| 4
Bang bién thién:
kLA n
X ¢ 4 2
ylo - 0 + ¢
i 1
L
21807
Nhin vao bang bién thién suy ra Miny = Maxy =1.

21007’




Néng cao ky ndng gidi todn tric nghign -'
100% dang béi héum s6, cic bai todn lién quan

= Chon A.

Chu y: D€ tim gia tri 16n nhét, nho nhét ctia 1 ham s6 tuan hoan véi chu ki T thi ta chi
can tim gid tri 16n nhat, gia tri nho nhét ciia ham s6 d6 trén 1 chu ki T.

30

&

T
Chonlas6 tunhién, n=3 va xe (O;E]'
Gi4 tri nho nhét ctia ham s6y =sin” x +cos™x la:
(A) 1 (B) 22;2“_

b

(C) 0; (D) Khoéng c6 gié tri nho nhit.
‘€7 Giai:
&
Tacé: y'=nsin"" xcosx —ncos" 'x sinx = nsin x cosx (sin"~ x ~cos"” x)

n A b s Tc
Do XE[O;E nény =0 & sinx =cosx =>x=—.

Bang bién thién:

8 T
e i 3
¥y |0 - 0 + 0
y 1\ /1

2-n
Y b 2 X » A s (94 . 2 AN 3 A\ A 1Y e ' Tc
Nhin vao bang bién thién ta cé gia tri nho nhit ciahamséla 2 2 khi x = 7

= Chon D.

%)

D C
1 Cho hinh chit nhat ABCD ndi tié€p
trong nuia dudng tron ban kinh R (Hinh bén).
Chu vi hinh chif nhat 16n nhét khi ti s6 AB bang? A s B
AD
(A) 1; (B) 2; (C) 0,5; (D) 4.

EQE]J Giéi:

bit AB=x, AD =y, trongdé 0 <x<2R,0<y<R.




2

Tacé: AO® +AD? =R? =2 +y?

4
Chu vi hinh chi nhat 13 2x + 2y = 4.~ +2y<\/42+221/—+y =2RA/5

Dau bang xay ra khi _:i@E:
2

2y y

= Chon (D).

Nhién xét: St dung céc bt dang thic d& tim GTLN, GTNN t6 ra hiéu qua hon trong bai
toan nay.

) An c6 mot tim bia hinh tron, An mudén

bién hinh tron d6 thanh mét céi phéu hinh

nén (Hinh vé). Khi d6 An phai cat bo hinh s

quat tron AOB r6i ddn hai ban kinh OA va A B
OB lai v6i nhau. Goi o la géc & tdm hinh

quat tron dung lam phéu. Tim & dé th€ tich

phéu 16n nhit.

|4 |4 3n 276
A) —; B) —; C) —; D) —m.
( )3 ( )3 (C) 1 (D) 3

E@ Giai: .

D¢ dai cung tron AB diing lam phéu la: Rou=27tr & 1= ——.

2n
2,2
Taco: h=+R*—r* = Rz_Ro; =R Jaw—o
4r 2

: 1 R’
Thé tich cai phéula: V=f o =—mr’h=——o’v4n’ —a? véi oe 0;2m .

3 24n
R} o 81’ -3’
Tach: ' o =
V4 — o

26

f' o =0<:>8Tt2—3002=0<:>0L=TTC.

Lap bang bién thién:
2,/6
0 "i:n 2n
o 3
fi(o) + 0
2//6
f(0) / f(T” ) \




Nang cao ky néng gidi toantracngiuem
100% dang béi haum 56, cdc bai todn tién quan

2.6

Vay thé tich phéu 16n nhét khi o = -3—1t => Cheon (D).

Luu y: C6 thé st dung GTLN, GTNN ctia ham s trong viéc giai PT, BPT, HPT, HBPT
hay chting minh BDT. Ung dung nay dugc trinh bay trong mot s6 bai tap dudi day.

§ S6 nghiém ctia phuong trinh: §x -2 +§4—x =2 la:
(A) 0; (B) 1; (C) 2; (D) 3.

i@"ﬂ] Giai:
Pat f(x)=¢x-2+¢4-x véi 2<x <4

Ta cé: f'( : :0@{/(4—)()5 =§/(x—2)5

J(x 2) J(4 x)

S4—-x=x-2x=3

Tacé: £(2)=42;f(4)=¥2;£(3)=2.

Ta c6 bang bién thién:

X 2 3 4
f(x) : + 0 .-
2
fx) 1 ’ 1
zg / \ 23

Vay x = 3 la nghiém duy nhit ca phuong trinh.
= Chon B,

4 Diéu kién clia m dé bt phuong trinh mvy2x*+9 <x+m,

nghiém diing v6i Vxe R la:

1

(A) m< _ﬁ;

3 3
(B) m< (C)m<—z, (D)m<4.

a.
7
@3 Giai:

Bat phuong trinh m[ 2x*+9 —1] <X & m<

#:f(x)
J2x2+9 -1 '

)
&
Pas ey

"
)J
¥
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_ f 2
Tacé: f'(x)= IV 49

= =0 x*=36 = x=16.
\/2x2+9|:\/%(x2+9—1]

1
X —> —o0
Ta c6: limf (x)= lim—’x|— = lim—— = V2
o o 2+2~-1— Hw\/ﬂx{ : X — oo
x> x| 2
Bang bién thién:
X - -6 6 +c0
f + 0 -
3
4

- 0
-1
1
3 f—
2 2

Nhin vao bang bién thién suy ra m < f(x) Vx & Minf (x)= —% > m.

= Chon C.

TN g LA o ers | X —3x50 LA s
v Diéu kién ctia m dé€ hé c6 nghiém la:

x3—2x!x—2|—m2+4m20

(A) 0<m<4; (B) -3<m<7,;

(C)2—,I§Sms2+ }@, (D) 0<m<21.
27 27
L|*(£_)’;i Giai:

0<x<3 ,
Hé@{ \ . . it f(x)=x"-2x|x-2].
X —2x|x—2\2m —4m

Hé ¢6 nghiém < m® —4m < M[%f(x)

2
X ) 3 2 3
f ~ 0 + -+
. e 2t
8
CT

Nhin vao bang bién thién = m’ -4m <21 < -3<m<7.




/ Néng cao ky nding gidi todn tric nghiém

____________ / 100% dang bii hium $6, cdc bai todin tién quan

= Chon B.

Baitdp 26 - Cho x, y, z la cdc s6 thuc duong thoa man diéu kién: z(x + y) = xy. Gia tri nhoé nhat
5 R ’ X2 + y2 Z .
cua biéu thiic A=——5—+ la:
z X+y
5
(A) ﬁ; (B) =; (C) ﬁ; (D) 3.
4 2 2

E@ﬂij Giéi:

bitx=az;y=bz = a+b=ab.

Khi d6: V& trai = a2+b2+L:(a+b)2—2ab+ =(a+b) -2(a+b)+
a+b a+b at+b

Mitkhdc (a+b)’ 24ab= (a+b)’ 2a+bea+b24,

Ditt=a+b, (t24),khidé f(t)=t —2t+%.
t*—2t° -1 33

Tacé: f'(t)=————>0Vt 24 = f(t) déngbién trén [4;+o0) = f (1) > f(4)=~4~

Diu=xayra < x=y=2z

= Chon (A).




HoO xanh vi dai ¢ Belize

HO xanh vi dai’ 13 mot hé sau nam dudi mat bién ngoai khoi bo bién
Belize, 1a mgt phan clia khu bao tén san ho Belize Barrier, khu virc dugc
UNESCO ¢6ng nhan la di san thién nhién cta nhan loai. Bugc bao quanh boi
mot rang san hd dai 70 km, hd nay rong dén 300m va sau khoang 124m. Su
ky viva trang lé ctia noi day khién moi du khach déu phai tram trd, than phyc




11_7,‘ KIEN THUC TRONG TAM

Khai niém cuc dai, cuctiéu

Cho ham s6 y = f(x) xdc dinh va lién tuc trén D < R va di€ém x,€ D.

a) Néu tén tai s6 h > 0 sao cho f(x)<f(x,) véimoi xe (x,~h;x, +h) va x X, thi
ta néi ham s6 f(x) dat gia tri cyc dai tai x,.

b) Néu ton tai s6 h > 0 sao cho f(x)>f(x,) v6imoi xe (x, ~h;x,+h) va X # X, thi
ta n6i ham s6 f(x) dat gia tri cuc ti€u tai x,.

@& 1én goi va ki hidu

a) Néu ham s6 f(x) dat cuc dai (cuc tiéu) tai x, thi:

+) Xy dugc goi 1a diém cyc dai (diém cyc tiéu) clia ham so.

+) f (xo) dugc goi 1a gia tri cyc dai (gid tri cyc ti€u) ctia ham s6, ki hidu la f_ (f_ ).

+) Piém M (xo;f (%, )) dugc goi 1a diém cyc dai (diém cyc tiu) ctia ham sé.

b) Cac diém cyc dai va cuc tiéu dugc goi chung la diém cuc tri. Gid tri cuc dai (gia tri cuc tiéu)
con goi la cyc dai (cuc ti€u) va dugc goi chung la cuc tri cia ham s6.
3

¢) Nhin xét: Vi khdi niém cuc tri ciia ham s6 la mét khai niém mang tinh chét dia
phuong nén mét ham s6 c6 thé c6 nhiéu cuc tri dong thdi cé nhiing cuc ti€u 16n hon cyc
dai ctia ham so.

@D picu kién can va di dé ham s6 co cuctri

- Diéu kién cin: Gia sti ham s6 f dat cuc tri tai diém X,. Khi d6, néu f c6 dao ham tai x
thi f'(x,)}=0.

Diéu ngugc lai ¢6 thé khong ding. Pao ham f° ¢ thé bang 0 tai diém x, nhung ham s6
f khong dat cyc tri tai diém x,.



A
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@K » xéthamss £(x)=x", tacd £'(x)=3x* va £'(0)= 0. Tuy nhién ham s6 khong dat
cuc tri tai diém x = 0. That vay, vi £'(x )} > 0 VX # 0 nén ham s6 dong bién trén R (Hinh 1).

" e A
y=lK
—
O 1 X
o —
O 1 X
Hinh 1 Hinh 2

Chu y: Ham s6 c6 thé dat cuc trj tai 1 diém ma tai d6 khong c6 dao ham. Ching han, ham
s0y= ’x| xdc dinh trén R. Vif(0) =0va f(0) > 0 vSi VX # 0 nén ham sd dat cuc tiéu taix = 0.

Dé thdy ham s6 y =|x| khong c6 dao ham tai diém x = 0 (Hinh 2).

Nhu vay ham s6 chi cé thé dat cuc trj tai 1 diém ma tai d6 dao ham ctia ham s6 bing 0,
hodc tai d6 ham s6 khong c¢é dao ham.

- Diéu kién d: Gia st ham s6 flién tuc trén khoang (a; b) chia diém X, va c6 dao ham
trén cac khodng (a;x,) va (X4;b). Khi do:

a) Néu f'(x) < 0Vx e (a;x,) va '(x)>0Vx e (x,;b) thi ham s8 f dat cyc tiéu tai diém x,.

b) Néu f'(x)>0Vxe (a;%,) va f'(x)<0Vxe (x,;b) thi ham s f dat cuc dai tai diém X,

Néi cach khac:

a) Néu f'(x) déi ddu tt Am sang duong khi x qua diém X, (theo chiéu ting) thi ham s6
dat cuc tiéu tai diém X,.
~ b)Néu f'(x) déiddu it duong sang Am khi x qua diém X, (theo chiéu téng).t.hi ham s6
dat cuc dai tai diém X,,.

Dau hiéu nhan biét cuc tri bdi dao ham bac2

Dinh Iy: Gia st ham s6 f c6 dao ham cép 1 trén khoang (a; b) chia diém x,, {'(x,)=0
va f c¢6 dao ham cép 2 khac 0 tai diém x,.

a) Néu f"(x,) <0 thi ham s6 f dat cuc dai tai diém x.

b) Néu f"(x,) >0 thi ham s6 f dat cyc tiéu tai diém x,.

Quy tac tim cuctri
a) Quy tic I:

- Tim tap x4c dinh.




Néng cao ky nding gidi todn trac nghiém
; 100% dang bai héum s6, cic bai todn tién quan

e e

- Tinh f'(x). Tim cdc diém tai d6 f'(x) béng 0 hodc £'(x) khong xéc dinh.
- Lap bang bién thién.
- T bang bién thién suy ra cac diém cuc tri.

* Tim cuc tri ciia ham s8: y =x* —2x* +1.
‘€| Giai:
B

x=0
Ham s6 xac dinh véi moi x€ R. f'(x)=4x3—4x=0<:>4x(x2—1):0<:> x=-1

x=1
Bang bién thién:

X -00 -1 0 1 +00

f(x) - + 0 - 0 +

N\

Vay ham s6 dat cuc tifu taix=-1vax=1; f, =f(£l)=

Ham s6 dat cuc dai taix = 0; £ = £(0) = 1.

b) Quy tac II:

- Tim tip xac dinh.

- Tinh f'(x). Giai phuong trinh f'(x)=0 va ki hiéu x,(i=1,2,...,n) la cic nghiém
cha nd.

- Tinh £"(x) va £"(x,).

- Dya vao dfu cha £"(X;) suy ra tinh chét cyc trj cha diém x,.
3

m" Tim cyc trj cia ham s6: y = f(x) =x?—2x2.

[@r‘i] Gidi:
Ham s6 xac dinh Vx € R.
=0
f'(x)=x"-4x=x(x-4)=0c [X " f'(x)=2x-4.
x =
£"(0)=-4 <0 nén x = 01a di€m cyc dai.
£"(4)=4>0 nénx =4 diém cuc tiéu.

f'(x,)=0
Luu y: Néu { (( ‘ )) thi ta nén lap bang bién thién dé két luén cac diém cyc tri ctia
£"(x,)=0

ham s&. Chi stt dung Quy tic II trong trudng hop £"(x,) # 0.
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112" CAC DANG BAI TAP

DANG 1:
SU TON TAI CUC TRI VA CAC BAI TOAN LIEN QUAN

Phuong phap giai
A) Cyc tri ham da thic bac 3
- Diéu kién t6n tai cuc tri:
Hamsé y=f(x)=ax’+bx*+cx+d (a#0) cd cuctri & y=1{(x) cb cuc dai va cuc
tifu & f'(x)= 3ax® +2bx +¢ =0 c6 2 nghiém phén biét < A'=b* —3ac > 0.
- Phuong phép tinh nhanh cuc tri (trong trudng hop x,,X, 1a cac s6 vo ti)
Gia st ham s6 dat cuc tri tai X;,X,. Khi dé cdc gid tri cyc tri la:
{Y1 = f(X] )
y, =f (Xz )

Thuc hién phép chia f(x) cho f’(x) ta cé:
f(x)= i+—t—)— f'(x)-l-g c—L x+d——tic—
3 9%a 3 3a 9a

2 b bc
' _ y1=f(Xl)=~—(C——Jxl+d-——
f =0
Vi{ (Xl) nén ¢ 3 3a Ja

Chu y: Tii déy ta ciing c6 thé viét dugc phuong trinh dudng thing di qua cyc dai, cyc tiéu.

Dudng thang di qua cuc dai, cyc tiéu ¢6 phuong trinh: y = %(c — E,b_ )x +d-— %
a a

B) Cuc tri ham da thtic bac 4
- Diéu kién ton tai cuc tri
Himss y=f(x)=ax"+bx’ +cx’ +dx +e (a #0) c6 cuc tri
& f'(x)=4ax’ +3bx” + 2cx +d =0 cé it nhit 1 nghiém.
- Phuong phap tinh nhanh cuc tri (trong truéng hop X, 13 s6 vo ti)
Gia sti y = f(x) dat cyc tri tai X,.
Thuc hién phép chia f(x) cho f’(x) ta c6: f(xj = q(x).f’(x) + r(x).
Vi f'(x,)=0nén f(x,)=r(x,)
Chii y: Tu day suy ra cac diém cyc tri nim trén dudng: y = r(x).
C) Cuc trj ham phén thic bac 2/bac 1




Niing cao ky ndng gidi todn trdc nghiém
100% dang béi ham s0, cic béi todn tién quan

- Diéu kién ton tai cuc tri:
ax’+bx+c

dx+e

Hamss y=f(x)= véi a=0;d#0 co cyc tri & f'(x)=0 c6 2 nghiém
phﬁn blét X5 X,
- Phuong phap tinh nhanh cyc tri (trong truong hgp ham s6 dat cuc tri tai X, 1a s6 v ti)
1 — 0 t
+B6 dé: Néu y(x)=—u(x) w61V (=0 y(x,)= ulx) ur(x°)
v(x) v(x,)=0 v(x) v'(x)
)V (o) mu ) ()

vi (%)

= u'(x) V(%) =u (o) v(x,) = y(x,) =

+ Ching minh: y'(x,)=

() _w'(x)
v(x,) v'(x)
Chi y: T day c6 thé viét dugc phuong trinh dudng thing di qua cac diém cuc tri.
f u(x,) u'(x,) 2ax,+b
=f = = = 1
n=t0x) v(x,) v'(x) d
_ _u(xz)_u'(xz)_2ax2+b
L V(XZ) V'(Xz) d b

= Dudng thang di qua CD, CT c6 phuong trinh: y = %ax + rk

Ta co: ¢

X |- 1 3 +o0
y + 0 - +
2 +00
Y
-0 -1

Khing dinh nao sau day 1a DUNG?

(A) Ham s6 c¢6 ding mot cuc tri.

(B) Ham s c6 gié tri cuc tiéu bang 3.

(C) Ham s6 ¢4 gia tri 16n nhit bang 2 va gid tri nho nhét bang -1.

(D) Ham s6 dat cuc dai tai x = 1 va dat cuc ti€u tai x = 3.



A
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\ . R

©F| Giai:
[
Nhin vao bang bién thién ta thiy ham s6 c6 2 cuc tri, diém cuc dai 13 (1; 2) va diém cuc
ti€u 1a (3; -1), ham s6 khong c6 gia tri I6n nhat va nho nhét.
= Chon (D).

Luu y: Khéng nham lan cdc khai niém gija tri cuc dai véi gia tri 16n nhit, gid tri nhd nhit
ctia ham s6; di€m cuc tri v6i gid tri cuc tri.

“Baitdp2 | Cho ham s6y = f(x) c6 d6 thi (C) nhu hinh vé dudi day:
A

(©)
C6 bao nhiéu khéng dinh DPUNG trong cdc khing dinh dudi day?
(A) 1; (B) 2; (C) 3; (D) 4.

(A) Ham s6 y = f(x) dat gid tri nhé nhét bang -1 khix = 0.

(B) Ham s8 y = f(x) dong bién trén R.

(C) f(x)<0 v6i moix thudc tap xdc dinh.

(D) Ham s8 y = f(x) dat cuc dai tai A(-1; 0) va B(1; 0), dat cuc tiéu tai C(0; -1).

|E;@rjij Giai:

Ham s6 y = f(x) dat gid tri 16n nhat bang 0 tai x = -1 va x = 1, khong cd gia tri nhé nhat
= Khing dinh (A) sai, (C) ding.

Ham s6 y = f(x) dong bién trén (—eo;—1)U(0;1) va nghich bién trén (=1;0) U (1;+e0)

= (B) sai.

Khang dinh (D) dung.

Vay ¢6 tat ca 2 khang dinh ding

= Chon (B).

Luuy:

- Trong bai nay tai x = -1 va x = 1 ham s6 dat cuc dai va cling dat gid tri lén nhat, ham s6
dat cuc ti€u tai x = 0 nhung khong dat gia tri nho nhat.




Néng cao ky néng gidi todn tréc nghiém
/ 100% dang béi héom s, cdc béi todn tién quan

- Ham s6 déng bién (nghich bién) va xdc dinh trén K thi do thi cia n6 ¢6 chiéu di lén tii
trai sang phai (di xuong tu phai sang trai) trén K.
_Baitap3 C6 bao nhiéu phat biéu PUNG trong cic phét bi€u dudi day?
(A) 1; (B) 2; (C) 3; (D) 4.
(A) Gi sttham s6 f dat cyc tri tai diém x,. Khi d6, néu fcé dao ham tai X, thi f (XO ) =0.
(B) Néu f'(x,)=0 thi x, 1a diém cuc tri ctia ham s6 f.
(C) Néu ham s6 fkhong c6 dao ham tai diém X, thi ham s6 khong thé dat cyc tri tai diém X,,.

(D) Gié sit ham s6 f c¢6 dao ham c4p 1 trén khoang (a; b) chia diém x,,f'(X,)=0 vaf
¢6 dao ham cdp 2 khac 0 tai diém X,- Khidé £"(x,) <0 thi X, 1a diém cyc ti€u chia ham s6 f.

_Eﬂ;_l Giai:

Khéng dinh (A) la ding (theo Pinh 1i).

Xét khang dinh (B):

Xétham s6 f(x)=x’, tacé £'(x)=3x" va £'(0)=0. Tuy nhién ham s5 khong dat cuc
tri tai diém x = 0. That vay, vi £'(x) >0 Vx # 0 nén ham s§ d6ng bién trén R (Hinh 1).

Xét khdng dinh (C):

Xéthams6 y = |x| xic dinh trén R. Vi f(0) = 0 va f(0) > 0 v4i VX # 0 nén ham s6 dat
cuc tiéu taix = 0.

Dé thdy ham s6 ¥ = |X| khéng c6 dao ham tai diém x = 0 (Hinh 2).

VA o YA
y =N
0 1 _‘);c
o ?
O 1 X
4.
Hinh 1 Hinh 2

Khéng dinh (D) 14 sai (Theo Quy tic IX).
Viéy chi c6 khéng dinh (A) 1a ding.

= Chon (A).
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L e - —_ -

B?iﬁﬁp& S6 diém cuc tri chia ham s6 y =—x> +2x* —x — 4 la:
(A) 0; (B) 1; (C) 2;

f_é]’ij Gidi:

x=1

(D) 3.

Tacéd: y'=-3x’+4x-1=0 = 1 = ¥ =0 c6 hai nghiém phan biét.

3

X
= Ham s6 ¢6 2 diém cuc tri.

= Chon (C).

Luu y: D6i voi ham s6 bac ba ma y’ = 0 ¢6 2 nghiém phén biét thi ham s6 c6 hai cuc tri.

S6 diém cuc dai claham s6 y = x* +90 La:

(A) 0; (B) 1; (C) 2

L@%] Gidi:

(D) 3.

Tacéd: y'=4x’ =0 x=0.

Bang bién thién:
X =00 0 +co
y - 0 *
+oo +o0
y \ /
90

= Ham s6 ¢ duy nh4t diém cuc tiéu x = 0 va khdng cé diém cyc dai.

= Chon (A).

Gia tri cyc dai y_, claham s6 y = x> —12x +2 la:

(A) yep = -14; (B) yep = 18; (©)¥ep = -2 (D) yep, = -2.
E@E] Giai:

TXD: D=R.

y'=3x'~-12=0x’=4o x=12, y"=6x.

Tacé: y"(2)=12< 0= x=21a diém cuyc tiéu.

y"(-2)=-12< 0= x=-21a diém cyc dai = y_, =y(-2) = 18.
= Chon (B).

Luu y: Can phén biét khai niém diém cyc dai x,, va gid tri cuc daiy, = y(x,).




! Néng cao ki néng gidi todn tric nghiém
/ 100% dang bai ham 6, cdc bai todn Eién quan

‘Bhitp7 HamsG y=x'—3x>—9x+4
(A) Nhin diém x = -1 lam diém cyc tiéu.
(B) Nhin diém x = 3 lam diém cuc dai.
(C) Nhan diém x = -1 lam diém cuc dai.

(D) Nhan diém x = 1 lam diém cuc tiéu.

[E@%] Giai:

=-1]
Ta cé: y'=3x2—6x—9=0<:>[ 3 = Ham s6 chi cé hai diém cuctrilax=-1va
X =
x=3
y"=6x-6.

y"(-1)=-12<0= x =-11a diém cuc dai.
y"(3)=12>0= x =31a diém cyc tiéu.

= Chon (C).

S Ham s y =x'—4x* =7

(A) Nhan diém x = 3 ]am diém cuc tifu.  (B) Nhan diém x = 0 lam diém cuc dai.

(C) Nhan diém x = 3 1am diém cuc dai. (D) Nhan diém x = 0 lam diém cuc tiéu.
x| ciai
'

Tacod: y'=4x> -12x* =0 & 4x° (x—3):0(:>|:

X
X

H

Bang bién thién:

X -00 0 3 40

Yl - 0 - o F

+00 400

Vay ham s6 c6 duy nhét diém cyc tiéu x = 3 va khong c6 di€m cyc dai.

= Chon (A).

! Ba|t§p9' S8 diém cuc tri chia ham s6 y = x* —4x* -1 &
\

(A) 0; (B) 1; (C) 2; (D) 3.
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IE(B‘Q Giai:

t

X
Ta co: y':4x3—8x=4x(x2—2)=0<:>|:

= y'=0 ¢6 3 nghiém phan biét
x =42

t

= Ham s6 ¢6 3 diém cyc tri.

= Chon (D).

Luu y: D61 v6i ham s6 bac 4 ma y’ = 0 ¢6 3 nghiém phan biét thi ham s6 ¢6 3 diém cuic tri.

2x% +5x+4 L
Z2 77 A
X+2
(A) 0; (B) 2; (C) 3; (D) 1.

5@%}] Giai:

105 S6 diém cuc tri clia hdm s6 y =

TXD: D=R\{-2}.

Taco: y'=

2 = —1
2x" +8x+6 P [X = v’ =0 c6 2 nghiém phén biét khac -2

(x+ 2)2 x=-3
= Ham s6 ¢6 2 diém cuc tri.
= Chon (B).

Luu y: D&i v6i ham phén thic bac 2/bdc 1 may =0c62 nghiém phan biét thudc tap xac
dinh thi ham s6 ¢6 2 diém cuc tri.

) Ham s6 fco daoham I f'(x) = x* (x - 1)2 (2x —4). $6 diém cuic tri ciia ham s6 La:

(A) 0; (B) 1; (C)2; (D) 3.

[E_(:S’i] Giai:

x=0
Tacé: f'(x)=0&<|x=1.
Xx=2
Bang bién thién:
X -00 0 1 2 +00
y -0 - 0 - o0 +

+o0

—

Véiy ham s6 ¢6 1 diém cuyc tiéu duy nhit va khong cé diém dai.

= Chon (B).




Néng cao k) niing gidi todn tric nghiégm
100% dang bai hium s6, cdc béd todn tién quan

Luu y: Trénh v6i két ludn ham s6 ¢6 3 diém cyc tri vi £’(x) = 0 ¢6 3 nghiém. Vix =0
va x = 114 cdc nghiém béi chia £'(x) ta nén lap bang bién thién d€ két ludn s6 diém cuc tri

ciaham s6 y =f (x).

itdp 12 Ham s6 y = x —sin2x +1
(A) Nhin diém x = _T 1am diém cuc tiéu.
(B) Nhan diém x :g lam diém cuc dai.
(C) Nhan diém x = —g lam diém cuc dai.
(D) Nhan diém x = _I lam diém cuc tiéu.
9
9 oisi:

&5 o
TXD: D=R.
Tacé: y'=1-2cos2x,y"(x)=4sin 2x.

Vi y'(g)= 3>0 nén x = ZZB— khéng la diém cuyc dai.
y'[_ﬁ)z 0;y"[—%)= 2J3<0nénx= —% 13 diém cuc dai.

T
Vi y'[—g]= 3>0 nén x= 3 khéng l1a diém cuc tiéu.
= Chon (C).

) PEham s6 y =x° —3mx’ +3(2m—1)x+1 ¢6 cyc dai va cyc tiéu thi m théa min:
(A) m=#1; (B) me R;

(COm=1; (D) Khéng 6 gia tri cia m.

‘©)=) Giai:
&
Ham 6 ¢6 cuc dai va cuc tiu &> y'(x)=3x* —6mx +3(2m—1) =0 ¢6 2 nghiém phan biét
& x? —-2mx +2m—1=0 ¢6 2 nghiém phan biét.
o A'=m*-2m+1>0e (m-1) >0 m=l.

= Chon A.

; Diéukién chlam d€ham s6 y = (m+2)x* +3x° + mx — 5 c6 cyc dai va cyc tiéu la:

A

(A) m#-1; (B) -3<m<l;

(C)mz-lva-3<m<]; (D) Khong c6 gid tri clia m.



@i] Gidi:

Ham s6 c6 cyc dai va cyc tiéu © y'(x)=3(m+2)x* +6x+m =0 c6 2 nghiém phén

N {m+2¢0 {m;&—l
biét <

=N .
A'=-3m*’-6m+9>0 —3<m«<]1

Vay chon C.
Chu y: D&i v6i bai nay d€ y'(x) = 0 ¢6 2 nghiém phén biét thi diéu kién cdn la y’(x) phéi
la 1 tam thiicbac2nénhés6a=m+2 # 0.

mx2+(2—m2)x—(2m+1)

B Diéu kién clam déhamsé y = c6 cuc tri la:

X—m
(A) m<0; (BYm<-1;
(C) -1<m<0; (D) Khong c6 gid tri ctia m.

I_E@_ra Giai:

2% 71 Khi o ta co: y':lz>on¢o
X

X

+Néum=0thi y=

Ham s6 khong c6 cuc tri.
mx’ —2m’x+m’+1

+Néu m# 0 thiham s6 co cuctri & y'= ( )2 =0
X—m

¢6 2 nghiém phén biét
o g(x)=mx’- 2m?x +m’ +1=0 <6 2 nghiém phan biét khac m
m#0

S<sA=—m>0 ©m<0.
g(m)=1#0

= Chon A.

CTRTEECETS

AP
f(x)=x>+3x*—9x+6 la:

Q Phuong trinh dudng thang di qua cyc dai, cuc tiéu cia ham s6

(A)x=1; Bly=x+1;
(C) x=-3; : (D) y=-8x+9.
Eﬂij Giai:

Tacé: £'(x)=3x" +6x—9=3(x2 +2x—3)




Ning cao ky néng gidi toan trdc nghiém
100% dang bai ham 56, cdc bai todn tién quan

f'(x)=0<:>x2+2x—3=0<:)|:x :
Xx=-3

= Ham s6 y = f(x) dat cuctritaix=1vax=-3.

P)=12>0 £ =f£(-3)=33; f =f(1)=1

f,.(x)=6x+6:6(x+1)=> {f,,(_3)=__12<0

Phuong trinh dudng thing di qua CP, CT la: y = -8x + 9.
= Chon (D).
Luu y: Ta c6 thé viét phuong trinh dudng thdng qua CP, CT bang cach 14y y chia cho y’

dugc két qua nhu sau:
v =y.q(x) + r(x). Khi d6: y = r(x) la dudng thing qua CD, CT.

9 Diéu kién ctia m d€ ham s6 y=lx3 +(m+2)x*+5(m+1)x+m* dat cyc trj tai
X;»X, théamin 1< x, <x, la:

(A) me —w;l_z\/g U 1+\/§;+w ; (B)m< -2
10 NPT
- éng co gia tri clia m.
(C) m< = (D) Khong ¢6 gid t

@ Gidi:
Yéu cdu clia bai todn < y'(x)=x*+2(m+2)x+5(m+1)=0 c6 2 nghiém phén biét
X, X, théamin: 1 <x, <X,

m<1_\/§
2
>1+\/§
A'=m’-m-1>0 m=—
e 4ly'(1)>0 <:>T7m+10>0 = vO nghiém.
S l<-m-1
l<—

= Khong c6 gia tri cia m thda man.

= Chon D.
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M8 Diéu kién ctia tham s§ m déham s8 y = £ (x) = x* —3mx> + 3(m® ~1)x +m dat
cuc ti€u tai x = 2 Ja:

(A)m=3; (B)m=1;

(Clm=1vam=3; (D) 1<m<3.

[ aisi:

Ta ¢6: y'=1"(x)=3x"~6mx +3(m’ -1)
y"=f"(x)=6x-6m
Diéu kién can:
P& ham 6 c6 cyc tiéu tai x = 2 thi £'(2) =0 & 3.2* -6m.2+3(m’ -1)=0

2 2 [m:]‘
&3m"-12m+9=0&m" -4m+3=0&

m=3

Diéu kién di:

=0
+Véim=1thi f'(x)=3xz—6x=0<::>|:X

<0
5 => Ham s6 déng bién trén (—oo;0)\(2;+00)

f'(x)>0<::>3x2—6x>0¢=>[x
X >

f'(X) <0 & 0<x <2 = Ham s6 nghich bién trén (0; 2)

Bang bién thién:

X -00 0 2 +oc

f + 0 - 0 +
: +
f //XCD\\\\b ////1w
=0 CT

Tt bang bién thién ta thay ham s6 dat cuc tiéu tai x = 2.

+ Véim =3 thi f‘(x)zi*}xz—18x+24=0(n)xz—6x+8=0<::>|:x
X

x>4 = Ham s6 dong bién trén (—co; 2) U (4;+e0)

p@po@[

f'(x) <0 2<x<4= Ham s6 nghich bién trén (2; 4)

Xx<2




Néng cao ky ndng gidi todn tric nghiém

______________ / 100% dang bai haum 6, cdc bii todn tién quan
Béng bién thién: .
X |- 2 4 +o0
f + 0 - 0 +
£ Cb 400
i CT

Tt bang bién thién ta thay ham s6 dat cuc dai tai x = 2.
Vaym=1.

= Chon B.
lB&itap 19' Hamsd f(x)=x"+8mx’ +3(2m+1)x* — 4 chicé cyc tiéu ma khong c6 cc dai khi:

e[l—ﬁ_nﬁ]_
= ;

_ b
(A) m= > (B) m c

(D) Khong c6 gia tri clia m.

< -

1—6\/7;1+«/7]U{ ;}

(C) me |:
IEE_):{] Giai:

Tacé: £'(x)=4x"+24mx’ +6(2m+1)x = 2x[ 2x* +12mx +3(2m +1) |

x=0
f'(x)=0
(x) @[g(x):2x2+l2mx+3(2m+1)=0

Ta c6: A'=6(6m’ —2m-1)
Xay ra cac kha ndng saw:

1-vJ7 147 -

1)NéuA' <0 & 6(6m* —2m-1)< 0 s SmS—

= f'(x) cung ddu v6i 2x tiic 1a triét tiéu va d6i ddu tai x = 0.

2g(x)20Vxe R

Ma £"(0)=6(2m+1)>0 Vx e I = Ham s6 chi ¢6 cuc tiéu ma kﬁéng c6 cuc dai.

A >0 {6(6m2—2m—1)>0 1

2) Né
JNE {g(0)=0® 3(2m+1)=0 2
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Lap bang bién thién:
X |- 0 3 +o0
f'(x) - 0 - 0 +
+00 +00
CT

Nhin vao bang bién thién suy ra ham s6 chi cé cuc tiéu ma khong co cuc dai.
A >0
3) Néu thi £°(x) = 0 ¢6 3 nghiém phan biét x, <X, <X,

g(0)=0

= ¢6 bang bién thién nhu sau:

X -00 X X2 X3 +0

f)] - 0o + 0 - 0o 4+

i CPb +o0
f(x) \ / \ /
CT CT

Nhin vao bang bién thién suy ra ham s6 c6 cyc dai nén khong théa mén yéu cau ctia

bai toan.
Viy me |:1 —Gﬁ : 1 +6\ﬁj| U {—%} thi ham s6 chi ¢6 cyc tiéu ma khong ¢é cuc dai.
= Chon C.

0 Tim m d€ ham s6 £(x)=x"-3x*+mx -1 ¢6 hai diém cuc triX;,X, théa man

x!+x;=3.
(A)m<3; (B) m:%;
(C) m<3; (D) Khéng cé gié tri cia m.

G| Giai:
- =]
Ham s6 da cho xdc dinh v6i moi x € R.

Ta co: f'(x)=3x2 —-6X+m.

Ham s6 ¢6 hai diém cyc tri khi va chi khi phuong trinh 3x* —6x+m=0 c6 hai nghiém
phan biét, tiicla: A'=9-3m >0 m<3.




/ Néing cao kyj nding gidi todn trac nghiém
p 100% dang bai ham 56, cdc bai todn lién quan

e

Tacé: xI +x; =3 (X, +x2)2 -2x,%,=3 <:$4—-2.E;—=3 = m=% (thoéa mén).
Vay m can tim la: m = %
= Chon (B).
Baltépzw Tap tat ca cac gia tri cta tham s6 a d€ ham s6
f(x)= §x3 -2(1-sina)x® —(1+cos2a)x +1 dat cuc tri tai X;,X, théa mén

2 2 _ .
X, +x,”=1la

(A) {—g+k2n|,ke Z}.

(B) {—g+k2n,%+k2n,%+k2nl ke Z}.

©) {g+k2n|,ke Z}.

W

(D) {%+k2n|ke Z}.

@ Gidi:
Xét phuong trinh: £'(x)=4x*-2(1-sina)~1—-cos2a=0
Pé ham s6 y = f(x) dat cuc tri tai X,,X,
thi A'=(1-sina)’ +4(1+cos2a)>0 &> (1-sina)’ +8sin’a>0

= {'(x)=0 c6 2 nghiém phan biét X,,X, va ham s6 dat cuc tri tai

1-sina)’
Ta c6: X12+X22=1@(X]+x2)2—2x1x2=1¢:>( s;n ) +2(1+cos2aJ=1

4

a=-1+k2n
) 2
sina=-1

& 3sin‘a+2sina-1=0&

, ela=Z+kon (ke Z)
sina = 6

N | —

a=§£+k2ﬂ:
6

= Chon B.
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Baitdp22.: Cho ham sd y = %78 —(m-1)x*+3(m-2)x +§. Tat ¢4 cac gid tri chia m d€ ham

s6 0 cyic dai, cyc tiéu tai X, X, théa man x, +2x, =1 la:

(A)m=2 (B) ng;

2
(Chm=2vam= 3 (D) Khong co gié tri cua m.

% aiai:
TXD: D=R.
y'=mx’-2(m-1)x+3(m-2).

Ham s6 c6 cyc dai, cuc tiéu tai X,,X, < ¥’ =0 ¢ hai nghiém phén biét x ,x,

m#0 m#0
= ) ' = 5
A'=(m-1) -3m(m-2)>0 [-2m’+4m+1>0

m#0
= -
——2 \/—6_ <m< 2+\/6 ()
2 2
2(m-1
X, +X, :—(m )
Theo Dinh li Viet ta cé: m
3(m-2)
XX, =
m
3m—-4
X, =
m
Ma theo gia thiét: x, +2x, =1 =X, :zﬂ
m
3m—4 2—-m (m 2)
m m m
2

=3m’-8m+4=0 ng (thda mén (*)).
m=2

A L4 . A \ il )Y 2 w
Viéy gid trj can tim ciam 1a: m == hodcm =2.

= Chon C.

 BAitap23 | Gid tri cha m dé ham s6 f(x)=x’-3mx* +4m’ ¢6 CP, CT d6i xiing nhau qua
dudng thing (D):y = x la:

(A) m=——; (B)m=—\/2§; (C) m=0; (D) m {0£—£¥

2
J




R ;e S / Néng cao ky nding gidi todn trac nghiém
! ; 100% dang bai ham s6, cdc bai todn lién quan

S

L‘@’ij Giai:
Ham s6 ¢6 CP, CT ¢ f'(x)=3x" - 6mx =0 c6 2 nghiém phéan biét
S A=9m’>0m#0

Thuc hién phép chia f(x) cho f’(x) ta c6: f(x)= %(x -m)f'(x)-2m’x +4m’

V6i m # 0 thi f’(x) = 0 c6 2 nghiém phan biét X, X, va ham s6 f(x) dat cyc tri tai X, X..

Do {f’(x1 }=0 en {yl =f(x,)=—2m’x, +4m’
f'(x,)=0 y, =f(x,)=-2m’x, +4m’
Suy ra dudng thing di qua CP, CT c6 phuong trinh: (d'):y =-2m’x +4m’
Cac diém cc tri A(x,;y,);B(X,;y,) d6i xtng nhau qua (D):y=x < (d)L(d")
va trung diém I cia AB phai thudc (D)

{—Zm2 =—1;I(m;2m3) {m: 0
=3 &

m(2m? ~1)=0 = ="

2m’ =m
— Chon C.
Chu y: Hai dudng théng vudng g6c voi nhau thi tich ctia hai hé s6 goc bang -1.
Trong cac bai toan khéc, ching han: Hai dudng thﬁng song song voi nhau thi c6 hé s6
goc bang nhau.

g;rn Cho ham s6 f (x )= %xs —mx? +x —2m?. Gié tri cia tham s6 m d€ ham s6 dat
cuc tri tai it nhat mo6t diém 16n hon 2 la:
(A) m>-§; (B) me(—oo;—l)u(l;%].
(C) me (—eo;—1) U (L3 +e0); (D) Khéng c6 gid tri ctia m thdéa mén.

LE'@:_IiJ Giai:
Taco: £'(x)=x"-2mx +1.

Ham s6 dat cyc tri tai it nhat 1 diém > 2 < '(x) =0 ¢4 2 nghiém phan biét X,,X, thda min:

[1.£'(2)<0
] . [5—4m <0
B:ji?@ JlA;O m’—1>0 m>1
=h X £(2)20- < 5—4m20<:>l:m<—1
2<§ 2<m
2 L

Vay chon C.



5 Cho ham s8 y = x> - 3mx? +3(m2 —l)x —m’—1. Diéu kién cta tham s& m dé
ham s6 ¢o hai cyc tri trai dau nhau la:

(A)-l<m< L (B) me R;
(C) m=0; (D) Khong ¢6 gid tri clia m.

i@%}] Gidi:

TXD: D=R.

y‘=3x2—6mx+3(m2 —1).

Tacé: y'=0 e g(x)=3x> —6mx +3(m’ -1)=0.

Tacd: A'=9m*> —9m* +9=9 > 0Vm = ham s6 ludn c6 cuc dai, cuc tidu tai X,,X,.
Ham s6 ¢6 hai cyc tri trdi ddu < x, <0<x,

&3y(0)< 0 9(m’ 1)< 0= -1<m<1.

Vay v6i -1 < m < 1 thi ham s6 ¢6 hai cyc tri trai dau.

= Chon A,

A ¢ 1 7 N »
. Cho ham s8 f(x)= §X3 —mx’ +x —2m®. Trong cic ménh dé sau, ménh d nao

RS

(A) Ham s6 c6 cyc dai, cyc tiéu khi me (—eo;—1)U(1;+eo).

(B) Ham s6 dat cyc tri tai it nhdt mot diém 16n hon 2 khi me (—eo;—1) U (1;+o0).
(C)Néu x,,x, lahaidiém cyctriclahamsd thigidtrilénnhitcta A = 1X1X2 -2 (Xl +X, )’
la 4.

(D) Néu x,,X, 1a hai diém cuc trj ctia ham s6 thi biéu thic A = |X1X,2 —-2(x,+x,)

gid tri 16n nhat khim = 3.

dat

@a Giai:
+Tacé: £'(x)=x"—2mx+1.
Ham s6 ¢6 cuc dai, cuc tiéu < f '(X) =0 ¢6 2 nghiém phan biét
1 5 m > 1 ,
SA'=m"-1>0& = (A) dung.
m<-1

+ Ham s6 dat cyc tri tai it nhdt 1 diém > 2 < f'(x)=0 ¢6 2 nghiém phan biét x,,X,
théa man:

[1.£(2)<0

X, <2<X, A'>>0
=
2<%, <X, 41.£'(2)20




Néng cao ky ndng gidi todn tric nghiém
100% dang béi hém s0, cdc bai todn lién quan

2<m

= (B) dung.
X, +Xx,=2m

+ Theo Pinh li Viet ta c6: -
XX, =—2m

Khi do: A=\xlxz—2(X1+Xz')\=\‘m2‘4m|=‘—(m+2)2+4‘$4, ddu “=” xdy ra
S m=-2

Vay v6i m = -2 € (—e0;—1) U (1;+o0) thi MaxA = 4.
= (C) dung, (D) sai. /

= Chon D.

(B8BP ) Cho ham s6 y =x° ~3(m+1)x +9x —m—2. Piéu kién clia tham s6 m dé ham

s6 da cho dat cyc tri tai x; vd X, théa man 'Xl - le <2 la:
(A) me (—oo;—l—\/g)u(—l+\/§;+oo);
(B) me [-3-1-3)u(-1+331];
(C) me [-3;1];
(D) Khong c6 gia tri clia m.
‘€F| Giai:

&
TXD: D = R
y'=3x*-6(m+1)x+9.
Ham s6 dat cuc dai, cyc tiéu tai x,,x, < phuong trinhy’ =0
6 hai nghiém phan biét x,x,.
& Phuong trinh x* —2(m+1)x +3 =0 c6 hai nghiém phan biét X,,X,.
m>—1++/3

A'=(m+1)’=3>0
T

+x,=2(m+1
Theo Pinh li Viet ta cé: X%, =2(m )
XX, =3

Khi d6: |xl -x2| <2& (xl +x2)2 —-4x
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o 4(m+1) ~12<4 o (m+1) <4 -3<m<] (2)
Tu (1) va (2) suy ra gia tri cha m cdn tim la: me [—3;—1—\/§)U(—1+\/§;1:|.
= Chon B.
: baiféh 28 Cho ham s6 y=x’ —3mx* + 3(m2 —l)x —m’ +m. Déham s cé cic cuc tri thoa

man diéu kién khodng cach tit di€m cuc dai dén goc toa dd O bing 2 1an khoadng cach ti
diém cyc ti€u ctia d6 thi ham s6 dén gdc toa do O thi diéu kién clia tham s6 m la:

(A)m=-3hoic m= -%; (B) m=-3;

(C) m= —é; (D) Khong c6 gid tri cha m,
:“ ‘T: G-a.:

L_@\ iai
TXD: D=R.
y'=3x* —6mx +3(m’ - 1).
D& ham s6 ¢6 hai cyc tri thiy’ = 0 c6 hai nghiém phan biét < x> -2mx+m?*-1=0
c6 hai nghiém phan biét.
& A=m’-(m*-1)=1>0Vm.
Cucdaila A(m - 1;2 - 2m), cuc tiéula B(m + 1; -2 - 2m).
Tacé: OA = 20B < OA? =40B* & (m-1)’ +(2-2m)’ = 4[(m+1)2 +(—2—2m)2]

m-1=2(m+1) |[®772

|

& 5(m-1Y =20(m+1Y &
(1) (m+1) m-1=-2(m+1) m=-—2

. 1
Vay m cdn tim [a: m =-3 hodc m= ~3
= Chon A.
"BAitdp29 ' [D& minh hoa ki thi THPTQG nam 2017]
Tim tit ca céc gid tri thuc chia tham s6 m sao cho d6 thi cia ham s6 y = x* 4 2mx* +1

6 ba diém cuc trj tao thanh mot tam gidc vudng cén.
1

(A) m=-=7 (B)m=-1;

©) m=%; (D)m=1.
Eﬂﬂ Giai:

TXp: D=R.

Tacé: v'=4x" +4mx =4x(x2 +m).

B oo




Néng cao ky nding gidi todn trdc nghiém
, 100% dang bai hium s6, cdc bad todn tién quan

Dé ham s6 c6 ba diém cuc tri thi y’ = 0 ¢6 3 nghiém phén biét < m < 0.

Khi d6 céc diém cyc trj la: A (0;1), B(v=-m;-m’ +1),C(=v=m;-m’ +1).

= Tam giac ABC céan tai A.

Ta co: E(—m;—mz),@(m;—mz).

P& ABC vuéng can thi AC L AB & AC.AB =0 & —-m/-m +(-m?)(-m?)=0
emn+m'=0emn(l+m’)=0c [2:21

Vim#0 nénm=-1.

= Chon (B).
Nhdn xét: C6 thé€ sit dung tinh chat: Ham s6y = ax*+bx*+¢ c63 cuctri ©ab<0 va
c6 1 cuc tri < ab <0 déloai trii phuong an (C) va (D).
[ BAitp30) Cho ham s6 y = x* + 2mx* —m—1, v6i m la tham s6. Gid tri cia m d& ham s6 c6
3 diém cuyc tri lap thanh mot tam gidc déu la:

(A) m = 0; (B) m=-3/3;
(C)m=0va m=-3; (D) Khéng c6 gid tri cia m.
=N= G" ic
E@;] iai
x=0

Ta cé: y’:4x3+4mx=4x(x2+rn)=0<:> 5
X*=-m

Ham s6 c6 3 diém cyc tri khi phuong trinh y’ = 0 ¢6 3 nghiém phén biét = m <0 (*)
x=0=y=-m-1

Véim<0thi y'=0& x:miyz—mz—m—l
x=—J-m=y=-m>-m-1

=>A(0;~m—1);B(\/$;—m2—m—l);C(—\/—_rn;—mz—m—l)

Ta thdy A thudc Oy, B va C d6i xitng qua Oy nén AABC can tai A.

AABC déukhi AB = AC < AB? =BC’ (1)

Ta co: E:(m;—mz);@=(—2\/%;0),thayvéo (1)

4 4 m=0
S -m+m =—4dmem =-3me

m=—43
Do6i chiéu véi diéu kién (*) ta dugec m = -3 1 gid tri cin tim.
= Chon B.

Nhan xét: C6 thé sit dung tinh chat: Him s6y =ax" + bx* +¢ 6 3 cyc tri & ab< 0 va
c6 1 cuc tri < ab < 0 dé€loai trii phuong an (A) va (C).



\
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931 Cho ham s6: y=x"—2mx’ + m-1, véi m la tham s6. D€ ham s3 c6 3 diém cuc
tri, dong thoi cac diém cuc tri ctia d06 thi tao thanh mot tam gidc ¢6 ban kinh dudng tron
ngoai tiép bang 2 thi m théa man: \/_

5-1

(A)m=1; (B) m 5
_J5— 5-1
©m="3"L o m="" ot
2 2
‘€)X Giai:
&g o
, ; X x=0
Taco: y'=4x —4mx:4x(x —m)=0<:> 5
X‘=m

Ham s6 ¢6 3 diém cuc tri khi phuong trinh y’ = 0 ¢6 3 nghiém phén biét, tdc la m > 0 (¥)
Véim > 0 thi

x=0=y=m-1
y=0e|x=Ym=>y=-m*+m-1 :>A(0;m—1);B(\/a;-m2+m—~l);

x =—/m = y=-m’+m-1
C(—x/g;—m2 +m—1)

Ta thidy A € Oy, B va C d6i xting qua Oy nén AABC cén tai A.
Goi H 14 trung diém ctia BC = H(O; —m*+m-— 1)

AHBC ABBC.CA AR?
Sassc = ) = AR =R = AH (1)
2 _ 4
Ta cé: m@(&;-m2);m(o;—m2)=>{”‘3 ST Knide:
AH =m?
m+m* m=1
(e 2=—— em'-2m+l=0& (m-1)(m’+m~1)=0c m__lﬂg

2

1a cdc gia trj can tim.

Doi chiéu véi diéu kién (*) ta dugcm =1va m=

= Chon D.
abc 1

Chui y: Cac cong thuc tinh dién tich tam giac: S= %ah T Eab sinC=...

X —mx +m

32 Cho hams§ y= (m = 0). Diéu kién cia m dé ham s6 c6 CP va CT

X—m
nam vé 2 phia cua Ox la:
(A)O<m< 4; (Bym > 0;
(C)m < 4; (D)m > 4.




d Néng cao ky nding gidi todn trdc nghiém
/ 100% dang béi héum 56, cdc bai todn tién quan

]E@E] Giéi:
x*—2mx+m’-m
(x-m)

& g(x)=x>-2mx+m’ —m=0 c6 2 nghiém phén biét khac

A'=m>0
m. & sSm>0
{g(m)=—m¢0

Hims6 c6CD,CT & y'= =0 ¢6 2 nghiém phén biét

y'(%e)=0
v(x,)#0

St dung B6 dé: Néu y = u(x) cd {
v(x)

u (%) _u'(x,)

v(xo) v'(xo)

V6im > 0 thi g(x) = 0 hay Y (x) = 0 ¢6 2 nghiém phan biét X;,X,,

doéng thoi ham s6 dat cuc tri tai X, X,.

thiy (XO) = (d4 dugc chiing minh)

Ta & YopYer = ¥,.¥, = (2%, —m)(2x, —m) = 4x x, —2m(x, + X, ) + m’

=4(m2 -m)-2m2m+m’ =m’ —4m

Céc diém CD, CT nam vé 2 phia cta truc Ox

m>90 m>0

= AT = s 0<m<4
m’ —4m < 0 m(m-4)<0

=> Chon A.

- Chii y:

+ Doi v6i bai todn cac diém CP, CT nam vé 2 phia cta truc Ox thiy .y, <0

+ D4i véi bai toan cac diém CD, CT nam vé cling 1 phia ctia truc Ox thiy .y >0

2mx? +(4m2 +1)x+2m+32m3

tap38 : Difu kién cham d€ y = 6 1 cyc tri thudce goc

X+2m
phén tu thi 11 va 1 cyc tri thudc goc phan tu thi IV trén mat phing toa do la:

1 1
(A) m=0; (B) m < ——= hodc m > —=;
245 245
1 I
(C) ——F=<m<—; (D) Khong c6 gid tri clia m.
2J5 245 808
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Eﬂd Giai:
2mx’ +8m’x — 24m’ _ g(x)
(x+2m)2 (x-l~2m)2

Ham s6 ¢c6 CD,CT & y'= =0

c6 2 nghiém phén biét.

Yéu cdu chia bai todn < D0 thi ¢ dang nhu hinh vé:

A

CT

¢ —————

=Y

= g(x):O co nghlém X, =Xeor <0< X, =Xep (1)

2mx?* + (4m2 + l)x +2m+32m°
va =0 vb nghiém (2)
X+2m

Tacé: (1) & 2m.g(0)=—48m* <0 & m#0 (3)
(2) = 2mx’ + (4m2 +1)x +2m+32m’ =0 v6 nghiém

1
m>——
o A:(4m2 +1)2 —8m(2m+32m3)<0 & 240m”* +8m’ —1>0 & 2\/51 (4)
m<-——-=
1 25
m>—
Tt (3) v (4) = m cn tim L 2J§1
m<<——
25
= Chon B.




Canh dong hoa tulip Ha Lan

Ha Lan luon dugc ménh danh la qué huong cta loai hoa kiéu sa tuyét dep -
tulip. Noi day c6 nhiing canh déng hoa tulip ngap tran mau sac, trai dai bat tan tao
nén nhimg bac tranh muén mau sac, dep ngoai sirc tudng tugng clia con ngudi.
Mua hoa tulip bat dau tu cudi thang 3 t6i khoang dau thang 8. Vao thoi diém nay,
nhitng bong hoa v6i di mau sac tim, hdng, do, vang... dua nhau né, giong nhu
nhimg suéi hoa ryc r& muoén mau. Cach tét nhat dé chiém ngudng nhiing canh
déng hoa la ngam toan canh tr trirc thang.



TIEP TUYEN CUA DG THI HAM $6

@ KIEN THUC TRONG TAM

CAC KHAINIEM
VE TIEP TUYEN CUA PUONG CONG PHANG

Trén mit phing toa do Oxy cho dudng cong (C). Gia stt (C) 12 dé thi ciia ham s6 y = f(x)
va M(x,;f(x,))€ (C). Ki hiéu M(x;f(x)) la mot diém di chuyén trén (C). Pudng thing
MM, la mét cét tuyén cha (C).

Nhan xét ring khi x — x, thi M(x;f(x)) di chuyén trén (C) t6i diém M, (x,;£ (x,))
va ngudgc lai. Gia st cat tuyén MM, c6 vi tri gi6i han, ki hiéula M,T thi M, T dugc goi la
tiép tuyén cia (C) tai M. Diém M, dugc goi 1 tiép diém.

)

f(x) 4

f(X()) 9




100% dang bai hium s6, cdc béi todn tién quan

DANG 1:
VIET PHUONG TRINH TIEP TUYEN TAI 1 PIEM THUQC PO THI

Bai toan

Cho d6 thi (C): y = f(x) va diém M(x,;¥, )€ (C). Viét phuong trinh tiép tuyén ciia (C)
tai diém M(x,;y, ).

Phuong phap giai

Phutong trinh tiép tuyén tai M(X,;y,) ctia (C) la: y—y, =f'(x,)(x X, ).

€ i tap

Haiga i,:’i:} Cho d6 thi (C):y =f(x)=—x*+2x*. Phuong trinh tiép tuyén v6i d6 thi (C) tai

A(-V2;0) 1

(A) y=42x +8; (B) y=4V2x -8;
(C) y=+2x+2; (D) y=x+~/2.

E('ﬂi] Gidi:
Taco: y'=f'(x)=—4x +4x = f'(—/2) =42
=> Phuong trinh tiép tuyén tai A(—/2;0) la:
y=f(=V2)(x+42)+f(—V2)=4V2(x +V2)+0=42x +8

= y=4/2x +8.
= Chon A.

(Béifépz Cho d6 thj ham s6 (C): y =f (x) = x” —3x* + 2x — 5. Phuong trinh tiép tuyén clia
(C) c6 hoanh d6 ctia tiép diém bang 2 la:
(A)y=x-7; (B)y=2x-9;

(Cy=2x+1; (D)y=-2x-1.
:_ "_,'3 Go')o:
|@\J iai

Tacd: y'=3x*-6x+2.

X, =2= Y, =-5; ¥(2) =2 = Phuong trinh tiép tuyén tai M(2; -5) la:




I Mega book Chuyén gia Sdch tuyén thi

y=y'(2)(x-2)+y(2) o y=2(x-2)-5 hayy=2x -9,

= Chon B.

Chii y:

+ Khi biét dugc 1 trong 2 yéu t6 hoanh d¢ tiép diém hoidc tung d¢ tiép diém thi ta phai tim
yéu t6 con lai d€ viét dugc phuong trinh tiép tuyén.

+ St dung Casio: D€ tinh f'(2) ta nhép dix()(” “3X% 42X _5) s nhin bang ta dugc
két qua f'(2)=2. Céch tinh nay cic em nén dung cho nhiing bai todn viét tiép tuyén cta
ham sé dang phtc tap.

_Biiggp3 | Viét phuong trinh tiép tuyén cha d6 thi (C): y = (x)=x"-3x" +2x - 5. Biét tung

do ctia tiép diém la 1.

(A) y = 107x + 5365 (B) y = 107x + 534;

(C)y=11x-32; (D)y=11x - 34.
:_h—:" Goao:
@ iai
y,=lex)-3x;+2x,-5=1x)-3x2+2x,-6=0
& x5 (x,—3)+2(x,-3) =0 & (x,-3)(x; +2) =0 = x, =3.
Tacéd: y'=3x"-6x+2.=y'(3)=11.

= Phuong trinh tiép tuyén tai diém M(3; 1) la:
y=y'(3)(x-3)+y(3) @ y=11(x~-3)+1 hayy = 11x - 32.

= Chon C.

t#p# ) Chod6thi(C):y=f(x)= %x“ —x* +1.Phuong trinh tiép tuyén tai cdc giao diém
ctia (C) véi Ox la:

(A)y=0; B)y=1;
(Cy=4x+5; (D) y=4x-21.
‘€] Giai:
2]
Hoanh do giao diém ctia (C) v6i Ox 1a nghiém ctia phuong trinh:
%x“—xz +1=06 (x*-2) =0 x=1/2.
Tacéd: y'=f'(x)=x"-2x.
Phuang trinh tiép tuyén ctia (C) tai x, =+/2 la:

y:f'(\/—z_)(x—\/i)+f(\/§)=0(x—\/§)+0=0 hayy=0.

\ VARN




‘ S - Néng cao ky néng gidi todin trdc nghiém
/ 100% dang bai héum s6, cdc bai todn tién quan

Phuong trinh tiép tuyén cta (C) tai x, = —v2 la:
y = £1(2) (x5 2) +£(2) =0(x-+2) +0 =0 hay y =0

= Chon A.
Baitap5 'Tiép tuyén tai diém cyc tiéu chia d6 thi ham s6 y = —x’ +3x* +9x +2

(A) Song song v6i didng thing x = 1.
(B) Song song véi truc hoanh.

(C) C6 hé s6 gbc duong.
{D) C6 hé 6 gbc béng 1.
Y= G"':
EJ iai
TXD: D=R.

, ) x=~1
Tacd: y'=-3x"+6x+9=0& .
x=3
Tacé:y” =-6x+6; y"(—l) =12> 0= x =-1 ladiém cuc tiéy, y"(3) =—12<0=x=3
la diém cuc dai.
Hé s6 gbc clia tiép tuyén tai diém cyc ti€ula: k = y'(~1) =0 = tiép tuyén song song vé6i

truc hoanh.
= Chon (B).
Luu y: C6 thé chon nhanh phuang dn (B) bang cach li ludn nhu sau: Vi f’(x) ton tai voi

moi x € R nén X, 1a diém cyc tri thi £'(x,)=0= Hé s8 goc cha ti€p tuyén tai diém cuc tri
Xo 12 k=f'(x,)=0=> Chon (B).

Bitip6 Cho (C): y =f(x)=2x’ —5x” +3x —8. Khing dinh ndo sau day la SAI?
(A) Moi tiép tuyén tai mot diém bat ki trén (C) c6 hé s6 goc khéng nhod hon —%.

(B) Cac phuong trinh tiép tuyén cta (C) tai giao diém ctia (C) vdi dudong thing
\ 19 25
(D)y=2x-10lay=-x-7vay=—x——.
2" 4
(C) Cac phuong trinh ti€p tuyén cta (C) tai giao diém cta (C) véi Parabol

(Ply=x"+3x-8Ry=3x-8vay=27x~71

(D) Cac phuong trinh tiép tuyén ctia (C) tai giao diém ctia (C) v6i dudng cong
(C')y =x’—4x*+2x-10lay=19x + 1 vay = 5x - 20.



\
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E[@_T)“ﬂj Giai:
+Tacd: y'=6x°—10x +3.

2
=y'=6 x—i —12—1
6 6 6

= Khéng dinh A 14 diing.
+ Xét khing dinh B:
Hoanh d6 giao diém ctia (C) v6i (D) 1a nghiém clia phuong trinh:

2x° 5% +3x-8=2x-10 = (x=1)(x-2)(2x+1)=0 =[x =2

- Tiéptuyéntaix =2 cé phuongtrinhla: y = y'(2)(x—2)+y(2)=7(x-2)-6 =7x - 20
hayy =7x - 20.

- Tiép tuyén tai x = 1 ¢6 phuong trinh la:
y=y'(D)(x-)+y(1)=-1(x-1)-8=—x-7 hayy=-x-7.

- Tiép tuyén tai x = —% c6 phuong trinh la:

y=y' 1 x+l +y 21 ZQ x+l —11=Qx—m2-5— y:gx—z—s.
2 2 2 2 2 2 4 hay 2 4

= Khiéng dinh B 1 ding.

+ Xét khang dinh C:

Hoanh d6 giao diém ctia (C) véi (P) 12 nghiém ctia phuong trinh:
x=0

2x3—5x2+3x-8=x2+3x—8<:>2x2(x—3)=0<:>|: 3
X =

- Tiép tuyén tai x = 0 c6 phuong trinh la:
y=y'(0)(x-0)+y(0)=3x—-8 hayy=3x-38.

- Tiép tuyén tai x = 3 c¢6 phuong trinh la:
y=y'(3)(x-3)+y(3)=27(x-3)+10=27x-71 hay y = 27x - 71.
= Khing dinh C 14 ding.

+ Xét khing dinh D: S T
Hoanh d¢ giao diém cua (C) vé6i (C’) 1a nghiém ctia phuong trinh:
x=-1

2x3—5x2+3x—8=x3—4x2+2x—10<:>xz—x—-2:0<:>|: 5
X =




i , 100% dang bai héun s6, cdc bai todn ltién quan

- Tiép tuyén tai x = -1 ¢ phuong trinh la:

y=y'(-D(x+1)+y(-1)=19(x +1)-18=19x +1 hay y = 19x + L.

-Tiép tuyéntaix=2cédphuongtrinhla: y = y'(2)(x ~2)+y(2)=7(x—-2)-6=7x-20
hay y = 7x - 20.

= Khing dinh D la SAL )

" = Chon D.

Chii y: Hoanh d6 tiép diém chinh 13 hoanh d¢ giao diém ctia (C) va cac dudng cong.

7! Cho d6 thi(C):y =-x"+3mx’ —3m+1. Gi4 tri cia m dé cac tiép tuyén véi d6 thi

Sd

tai A(1; 0) va B(-1; 0) vudng g6c v4i nhau la:

1 _ S,
(A)m—”ia (B)m'—zvam 6’
_3. 2

@ﬂij Gii:
Do A(1;0) € (C); B(-1;0) € (C) nén céc tiép tuyén tai A va B vudng gc v6i nhau

Sy ()y'(-)=-1o(4+6m)(4-6m)=-1< i

A R~

= Chon B.

Cha y: Hai duding thing vudng goc véi nhau (ma ¢ cac hé s6 géc khac 0) thi 6 tich cac
hé s6 goc bang -1.

(Baitip8, Cho2d6thj (C):y=f(x)=(x+ 1) (x- 1)2 ;(P) y =g(x) =2x’+m.Cé bao
nhiéu khéng dinh DUNG trong céc khing dinh du6i day?
(A) 0; (B) ; (C) 2; (D) 3.
KHANG PINH 1: (C) va (P) tiép xtic v6i nhau khi va chikhim = 1.
KHANG PINH 2: Cé duy nhét mot ti€p tuyén chung tai céc ti€p diém chung ctia (C) vdi (P).
KHANG PINH 3: Cac phuong trinh tiép tuyén chung tai cic tiép diém chung ctia (C) véi
(P)la y=442x~7 vay=1.

E@ﬂij Giai:

f(x)=g(x)
f'(x)=8'(x)

+ Xét khing dinh 1:

(C) va (P) tiép xtic v4i nhau < { ¢6 nghiém



M Megabook Chuyén gia Sdch tuyén thi

{x4~2x2+1=2x2+m {m=x4—4xz+1 [sz;m:I
N

= , = .
4x* —4x = 4x 4x(x‘—2)=0 x’=2;m=-3

Vay v6i m = 1 hodc m = -3 thi (C) va (P) tiép xic vdi nhau.

= Khéng dinh 113 SAL

+ Xét khdng dinh 2 va 3

Véim=1; x, =0 thi (P): y=g(x)=2x"+1

Phuong trinh tiép tuyén chung tai x, =0 la: y=g"'(0)(x-0)+g(0) = y =1
Véim=-3; x, =+/2 thi (P): y=g(x)=2x>-3

Phuong trinh tiép tuyén chung tai x, = V2 1a: y=§ '(ﬁ)(x - \/5)+ g (\/5)
Sy= 4J2x -7.

Vay khéng dinh 2 1a sai va khing dinh 3 la dung.

= C6 tit ca 1 khing dinh ding = Chon B. |

Chu y: Bai toan su tiép xtc ctia 2 dudng cong (C): y = f(x) va (C): y = g(x).

. e =)
Hai dudng cong (C) va (C) tiép xic v6i nhau & Hé ¢6 nghiém.
f(x)=g(x)
Baitdp9  Cho d6 thi (C): y =% +3x —9x +5. Tiép tuyén v6i d6 thi (C) c6 hé s6 géc nhd
nhit ¢é phuong trinh la:
(A)y=-12x - 28; (B)y=-12x +4;
(C)y=-12x-2; - (D) y=-12x + 2.

I‘Q*i Gidi:

Tiéptuyéntai M (x,;y, ) cohés6goc k = y'(x, ) =3x2 +6x, -9 =3(x, +1)’ 122 -12

= Hé s6 géc nho nhdt bang -12 khi x, =-1.

Phuong trinh tiép tuyén tai x, =—1 la:

y=y'(-)(x+1)+y(-1)=-12(x+1)+16 =-12x +4 hayy=-12x + 4.

= Chon B.

Chu y: Bai nay tinh dugc hé s6 goc réi tinh toa do tiép diém va sau d6 viét phuong trinh
tiép tuyén.
_BAtdp10  Cho d6 thi ham s (C.):y=x"+8-m(x+2). Goi A= (C, )N Oy, c6 bao

m

nhiéu gid tri clia m d€ tiép tuyén vai (C,, ) tai A chin trén hai truc toa d6 mot tam giac
c6 dién tich bang 16?

(A) 2; (B) 1; (C) 0; (D) 3.




Ning cao k néing gidi todn tric nghiém
; 100% dang bai ham s6, cdc béi todn tién quan

i@ﬂl Giai:
Vi A:(Cm)moy:}XA =0.
Phuong trinh tiép tuyén ctia (C) tai A la: (A):y=y'(0)(x—0)+y(0)=—mx +8—2m.
Ta co: (A)mOyzA(O;S—Zm);(A)mOx=B[——8ﬂ2m;0)
m

1 8—2m

1 1
S snon ="2—'OA'OB=5'|YA|'1XB|:E|8—2m|.| - 1:16
m:ﬁzﬁ:;s ¢6 hai gid tri cia m thoa man.
= Chon (A).

Chad y: Tiép tuyén tai A chin 2 truc toa d6 1 tam gidc vuodng tai goc toa do O.

) Viét cac phuong trinh tiép tuyén v6i d6 thi (C)y= §x3 - X+ % tai cac diém

trén (C) ma tai d6 tiép tuyén vudng gdc véi dudng thang y = —-% X+ —2~

3
22
(A)y:3x—% viy=3x+6 B) y=3x+2 vay=3x-6,
22 14
(C)y=3x—?véy=3x+6; (D)y=3X+? vay=3x—6.

%’:i] Giai:

Tiép tuyén vudng géc vdi dudng théng y = —%x +§ nén c6 hé s6 gock = 3.

Tiép tuyén tai diém M(x,;y,) c6 héségéc k=y'(x,)=3 & x;-1=3 = x; =4
<X, =32,
Phuong trinh tiép tuyén tai x, =2 la:

14

Y:y'(2)(x—2)+y(2):3(x—2)+§=3x_% hay y:3x__3__

Phuong trinh tiép tuyén tai x = -2 la:
y=y'(-2)(x+2)+y(-2)=3(x+2)+0 hayy=3x+6.
= Chon (A).

Chii y: Hai dudng thdng vudng géc véi nhau thi tich hai hé s6 goc bang -1.



M Mega book Chuyén gia Sdch tuyén thi

#Cho(C, ) y=f(x)=x"+mx’+1.Tim m dé (C, ) cit dudng thing y =—x +1
tai 3 di€ém phén biét A(0; 1), B, C sao cho cdc tiép tuyén vdi (C, ) tai B va C vudng goc

v3i nhau.
(A) m=5hoicm=-5; (B) m = 5;
(C) m = -5; (D)m=0.

‘€] Giai:
B ci
Hodanh d6 giao diém ctia (C,, ) v6i duong thingy = x + 1 1a nghiém cfia phuong trinh
X +mx’ +l=—x+1ex +mx’ +x =0 x(x* +mx +1)=0
x=0
=
g(x)=x+mx+1=0 (1)

Vi A(0; 1) nén X, X, la 2 nghiém phan biét ctia phuong trinh (1)

Tm>2

A=m’-4>0;g(0)=0 m<-2
= Xyt X, =—-m Xy + X, =-m
XpXc =1 XpXe =1

Vi céc tiép tuyén tai B va C vudng goc v6i nhau nén £'(x,)f'(x.)=-1
& (3%} +2mx, )(3x2 +2mx, ) = =1 9(x,X, ) +6mx, X, (X, +X ) +4m’x,x, =-1
& 9.1°+6m.1.(-m)+4m’.1=-1 m’ =5 & m=4+5 (Thdéa man).

= Chon A.
(3m+1)x--m2 +m

Cho d6 thi ham s8 (C): y =

(m = 0). Tim t4t ca cic phuong
X+m

trinh tiép tuyén ctra (C) tai giao diém cua (C) véi truc Ox, biét tiép tuyén d6 song song
v6i(A): y+2016 = x.

3
(A)y=x+1; (B)y=x—§;
(C)y=x+1va‘1y=x—-§; D)y=x-1.

Eﬁgcﬁu

2
Gia st (C)ﬁOX — (XO;O):> (3m+1)Xg m°+m =0 ()
X, +m




! Néing cao kf nding gidi todn trdc nghiém

y 100% dang bai héum 56, cdc bai todn lién quan
: 4m’ , 4m’
y'{x)= z =
(x+m) (x, +m)
2
Do tiép tuyén song song vdi(A): y + 2016 = x nén y'(x,)=1e Lz =1
(%, +m)
[xo —m
& :
X, =—3m

2m(m+1) _

+Véi x, =m thévao (*) = =0 m=-1

m
= X, =—1 = Phuong trinh ti€p tuyén: y =x + 1.

—2m(5m+1) 0o
—2m -

+ V6i X, =-3m thévao (*) & S m=-——

= X, = —% => Phuong trinh ti€p tuyén: y =x - %

= Chon C.

X 42x+2

w " tap:345) C6 bao nhiéu diém trén dé thi (C): y | ma tiép tuyén tai d6 vudng
g6c vdi tiém can xién ctia (C)? X+
(A) 2 diém; . (B) 1 diém;
(C) 0 diém; (D) 3 diém.

@ Giai:

Tacd: y=x+1+ nén TCXJa:y=x+1

x+1
Vi tiép tuyén tai X = X, vudng goc v4i tiém cén xién nén ti€p tuyén cé hé s6 géc
[ 1 3V2
N AR
W2

Xy = 1=
Xo=—F=—"l=2>y,=——
L

1
V2 2

k=y'(x,)=—11- =—1<:>(x0+1)2=%<:)

(x+1)

1 W2 (1 32
(i 2E)

Vay c6 2 diém trén (C) thoa man dé bai.

2

= Chon A.




M) Mega book Chuyén gia Sdach tuyén thi .

% D.Vé dich

X+1 .
Baitap 15 ' Cho d6 thi(C):y = — Moi tiép tuyén clia (C) tao v6i 2 tiém can cha (C) mot
X —

tam gidc c6 dién tich khong ddi bang:
(A) 4 dvdt; (B) 8 dvdt;
(C) 2 dvdt; (D) 1 dvdt.

@’3 Giai:

Xét diém M(xo; X, +1 Je (C). Tiép tuyén tai M c6 phuong trinh:
2 X, +1
=y' -X, ) Hf(x,)=———=(x—x, )+ —>—.
y=Yy (Xo)(x Xo) (Xo) (Xo _1)2 (X X, ) x, —1

TCD:x=1; TCN:y=1.

Goi A, B theo thii ty 1a cic giao diém clia ti€p tuyén trén vdi tiém cén dling va tiém cén
ngang; E 1a giao diém ctia 2 tiém cén.

2 X, +1 2 X+l x,+3
:1:} - — 1_ + 0 _ + 0 — 20 .
. & (xo—l)Z( ) X,—1 Xo—-1 x,-1 x,-1
2 'X0+1 2 )
Yp=1l=1=——-"(x,—X%,)+ & (x,—1) =-2%, +2x,+x; —1
(x,—1) x, —1

o 2x, =4x, -2 & x, =2%x,-1.

Do dé: EA:IyA—yEI:X°+3—1‘: 4 ;EB =x, — x| =[2x,—1-1]=2/x, -1
o —1 Ix, 1]
S ian =—;:.EA.EB=4 (don vi dién tich)

= Cac tiép tuyén ctia 46 thi tao v6i 2 tiém cn mdt tam giéc ¢6 dién tich khong déi bang
4dvdt.

= Chon (A).
S o x'-3x+4 . ot oL A s e aee
_Baitip 16 Cho d6 thi{C):y = T,V diém M bat ki thudc C. Goi I 12 giao diém

X —

clia 2 tiém can. Tiép tuyén tai M cit 2 tiém cén tai A va B. C6 bao nhiéu khing dinh ding
trong céc khing dinh dudi day? -

(A) 1; (B) 2; (C) 3; (D) 4.

(A) M 1a trung diém clia AB.
(B) Tich cac khoang cich tit M dén 2 dudng tiém can 1a khong déi.




! Néng cao ky néng gidi todn trdc nghiém
; 100% dang bai haun s6, cdc bai todn tién quan

(C) S, khong déi.
(D) Pé chu vi AIAB nhg nhét thi hoanh d9 ctia diém M bang 1+ 4\/§
i@r:;] Gidi:

2_
Ta cé: y:w=£—l+L:> TCD:x=1va TCX: yzi—l
2x—2 2 x+1 2

zl(l;—l]
2

Goi M(m;%—l+

1 =
(x-1)

Phuong trinh tiép tuyén ctia (C) tai M la:

(A):y=y'(m)(x-m)+y(m)= (A){%—(m%)z} X—m +%_1+L

Ta co: y'(x):%—

(A) giao v6i TCD tai di€ém A 1;L_l
m-1 2

(A) giao voi TCX tai diém B[Zm—l;m——%)

YA

—

+ Xét khang dinh (A):

\

Vi A, M, B thinghangva 22t %e _ 1y = v 5 MIa trung diém ctia AB,
2

= (A) ding.
+ Xét khéng dinh (B):
Khoang cach tif M dén TCD: x = 1 1a: d, =|m—1|



M Mega book Chuyén gia Sach tuyénthi

Khoang cich ti M dén TCX: x-2y-2=01la: d, =
2

«/—im 1 |

Tacé: dd, = :> (B) dung.

|m 1} \/_ |m— |
+ Xét khang dinh (C):

. 1 1
Ké BH LAI=S,,, = ELA.BH = §|yA — | xs — x|

‘ ‘ ) 1 2 2|m 1| =2 (don vi dién tich) = (C) duing.

+ Xét khang dinh (D):

Goi goc gilia 2 tiém can la ¢, goc gilia tiém cdn xién vdi chiéu duong truc Ox 1a

—Sat@="
o =3

: © 2
Heé 56 goc ctia TCX bang l nén tan(p:l<:> Sn @ =l:>M=l
2

2 cos@ 2 cos’gp 4

= sin’ ¢ —l:>smq) — -—i
sin’ @+cos’p 5 J_ J5
Chu vi AIAB la:

IA +IB+ AB =1IA +IB++IA” + IB? — 2IA IBcoso.

> 2\/TAIB +2IAIB—2IAIB.sin @ = 2IAIB[ V2 + 1 =sing |
- B [+ i - [ E [ i |- Vo V2 -1
=2420-2J5-1.

IA=1]B
4
D4u = xdy ra 1A =320 <:>——\/ em=11t i

Ve e AR A =4 jm-1| " \[5

NG

= (D) dung.
VAy c6 tat ci 4 khang dinh ding = Chon (D).




Néng cao ky ndng gidi todn trdc nghiém
100% dang béi héun s6, cdc bai todn tién quan

DANG 2:
VIET PHUONG TRINH TIEP TUYEN THEO HE $0 GOC CHO TRUGC

o Bai toan:

Cho d56 thi (C) va mot s6 ke R.

Phuong phap giai

- Gia sii tiép tuyén c6 hé s8 goc k, tiép xuc véi (C): y = f(x) tai diém c6 hoanh do
x; = '(x; )=k = x =x, 1a nghiém cta f'(x)=k.

- Gidi phuong trinh £'(x)=k = nghiém x € {X;;x,;...;X, }.
- Phuong trinh tiép tuyén tai X, 1 y=k(x —x,)+f(x,)

3.

ABERIE Tiep tuyén clia d6 thi ham s8 (C): y = x* — 3x vdi hé s6 gbc bing 5 c6 phuong trinh 1a:
(A)y="5x-24 | (B) y = 5x - 16;
(C)y =5x+24; (D) y=5x + 16.
€l Giai:

&g ci
Goi tiép diém c6 hoanh d x, = y'(x,)=2x,-3=5=x,=4
Phuong trinh tiép tuyén tai diém X, =4 la:y = 5(x - 4) + y(4) = 5x - 16.
= Chon B.

y3/ Tim cac tiép tuyén véi d6 thi (C): y = x* —6x* vudng goc v6i dudng thing y = éx.
(A) y=9x—34—147 va y=9x—34+14/7.

(B) y=9x—2+4J7 vd y=9x—2—4/7.

(C) y=-9x+ 14vay=-9x + 54.

D)y=-9x+4vay=-9x.

E:;JJ Giai:

(e A A 4 L2 by 2 1 A e A 4 A .4 4 &
Do tiép tuyén vudng goc voi duong thang y = §x nén tiép tuyén cé hé s6 goc bang -9.

Goi tiép diém co6 hoanh d6 x,
= y'(x,) & 3x; —12x, = -9 < 3(x; —4x,+3}=0 & (x, ~1)(x,~3) =0 \

|:x0=1
= )
X, =3

0



M Mega book Chuyén gia Sich tuyénthi

R - = = e e -

Phuong trinh tiép tuyén tai X, =1 1a: y= 9(x-1)+y(l)=-9(x - 1)-5=-9x+4
=y=-9x+4

Phuong trinh tiép tuyén tai X, =3 la: y=-9(x-3)+y(3)=-9(x-3)-27=-9x
= y=-9x

= Chon D,

Chd y: Hai dudng thang vudng géc voi nhau thi tich hai hé s6 géc bing -1 (trong trudng
hop cac dudng thing khong song song vdi cac truc toa do).

‘Baitap3 ) Tiép tuyén vdi d6 thi (C): y=x"—9x’ —1 song song vdi duong thing y = -27x +

2017 ¢6 phuong trinh la:
(A)y=-27x +82; (B) y = -27x + 80;
(C)y = -27x - 805 (D) y = -27x - 82.

‘€| Giai:

&

Do tiép tuyén song song vSi dudng thing y = —27x + 2017 nén ¢6 hé s géc bang —27
Goitiépdiémcohoanhdd x, = y'(x, ) =3x2 —18x, = 27 = 3(x, -3) =0 & x, =3.
= Phuong trinh ti€p tuyén tai x, =3 1a:
y=-27(x-3)}+y(3)=-27(x-3)-1=-27x+80 = y =—27x +80.

= Chon B,

Chi y: Hai dudng thdng song song v6i nhau thi c6 hé s g6c bing nhau.

AT 2x -3 ) .

“Baitap4 | Cho(C):y = % Tim phuong trinh tiép tuyén tao vdi truc hoanh goc 45°.
(A)y=-x+3vay=-x-5; (B)y=-x+3;
(C)y==x-3vay=-x+5; (D)y=-x+5.

_:" "E G- 2 .:
I@r\] iai
Vi tiép tuyén ctia (C) tao v6i Ox goc 45° nén hé s6 goc k clia tiép tuyén thoa man

kl=le k=11

Viy'=— <0 nénk=-1.

(x +1)2

Hoanh d¢ tiép diém la nghiém ctia phuong trinh:
x=0=>y=-3.
>=-1& Y
(x+1) x==2=y=7
Phuong trinh tiép tuyén taix =01a: y=-1(x—-0}+y(0)=—x-3
Phuong trinh tiép tuyén taix = -21a: y = -1(x +2)+ y(-2) = —x +5.
= Chon C.

y'(x)=-1e-




! Ning cao ky ndng gidi todn trdc nghiém
; 100% dang bai héum s, cdc béi todn tién quan

Chii y: Duong théng (D): y = ax + b tao v6i dudng thing(d, }: y = ax, +b, 1 goc O thi

!
1+aa,

tano =

.

| Bitap5 | Cac phuong trinh tiép tuyén ctia (C): y = x* —3x” +2 vudng géc v6i dudng thing

(D):5y-3x+4=01a

(A) y=—§x+§ va y=—§x+—6—2.
3 27 3 27
(B) y=—2x-—= va y=—§x+g.
3 27 3 27
(C) y=—§x +22
3 27
(D) y=-2x+2,
3 27

‘€| Giai:
e
Hé s8 goc cha dudng thang (D) 1a % . Ma tiép tuyén vudng goc véi (D) nén hé s§ goc ctia

» X .4 \ 5
tiép tuyénla —=.

5 5 | % ='_f§
Goi hoanh d¢ cta tiép di€ém la x, = y‘(x0)= _3 o 3X§ —6x, = ——5 o 1
X, =—

Phuong trinh tiép tuyén tai x, :g la: 3

5 5 5 5..25 46 _ 5 29
y=——=|X-——- Pyl |F—X+——Z=—7X+—.

3 3 3 3 9 27 3 27
Phuong trinh tiép tuyén tai x, = % la:

s 1 1Y 5 5 46 5 62
y=—=[x—= +y —|=-X4+—-+—=——X+—,
S 3] 37927 37 27

Chu y: Bai ndy cin xdc dinh hé s6 goc ctia dudng thing (D) trude va st dung tinh chét
hai duong thang vudéng géc v6i nhau thi cé tich hé s6 goc béng -1.

_Baitaps ' Cho (C,):y=x"+mx’—m~1.Goi A Ia diém c§ dinh c6 hoanh d¢ duong ctia

(C,,). Gia tri clia m d€ ti€p tuyén vdi d6 thi tai A song song véi duong thang y = 6x + 1 1a:
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@ Giai:

Xét phuong trinh y, = x; +mx] —-m—1Vm < m(x; -1)+(x; -1-y,)=0Vm

x;—1=0 X, =1 o
SAly & = Piém c6 dinh A(1; 0).
X,—1-y,=0 Yo =

Tiép tuyén voi do thi tai A(1;0) va song song véiy = 6x + 1

y'(l)=6=4+2m=6=m=1.

= Chon C.

Cho d6 thi (C) ZX + 2. Céc phuong trinh tiép tuyén tao véi 2 truc toa d mot
tam gidc can la: x=
(A)y=-=x-1 B)y=-x+7
(Cy=-x-1vay=-x+7 (D) Khong c6 tiép tuyén nao.
? ":" Ga 5 .:
y @\ iai
Taco: y'(x)=

Goi M(x,;¥,) fé toa) do tiép diém.

Vi ti€p tuyén tao v6i 2 truc toa do 1 tam gidc cin nén h¢ s6 géc cua ti€p tuyén bing =
-4 X, =—1

——=le| "’ .

(x,—1) X, =3

+ V6i X, =—1= y; =0= Phuong trinh tiép tuyén la:y=-x - L.

Ma y'(x,)<0Vx, #1 nén y'(x,)=-1¢

+ Vi X, =3 =y, =4= Phuong trinh tiép tuyénla: y = -x + 7.
g p tuy y

= Chon C.

o 2
Cho d6 thi(C, )y = =T 2X2m

.Tim m d& (C,) c6 tiép tuyén vudng goc véi
dudng phén giac chia gbc phén tu thi nhit clia hé toa do.
(A) m=-3; (B) m > -3;
(C)m < -3 (D) Khoéng c6 gid tri cia m.
€| Giai:
&

D6 thi c6 tiép tuyén vudng géc v6i géc phan tu thi nhity = x




Néng cao kj ndng gidi todin trdc nghiém
100%dqngbdihdm56: cdc bai toan tién quan

(x—~1)2—3—m

c6 nghiém < =—1 ¢6 nghiém < 2(x— 1)2 =m+3 ¢6 nghiém

(x-1)

xzlem+3>0< m>-=3.

8 Goi k,,k, 1a cac hé s6 goc clia cac tiép tuyén ciia d6 thi ham s6 (C): y = x* +2x tai
céc giao diém ciia (C) v6i duong thang y = mx + 1. Biét k, +k, =3, gid tri clia tham s6

m la:
(A) m=§;‘ B)m=-1;
(C)m= ——;—; (D) Khéng c6 gia tri clia m.

Ejﬂcﬁﬁ:
y=f(x)=x*+2x=f'(x)=2x+2.

Goi X,X, lan lugt la hoanh d¢ cta céc tiép diém cha cac tiép tuyén cd cac hé s6 goc
k.k,.

Phuong trinh hoanh d¢ giao diém: X* +2x=mx+1 x’+(2-m)x-1=0
A:(Z—m)2 +4>0Vm = x,,X, phan biét.

X, +X,=m-2.

K +k, =36 £'(x, )+ £'(x,) =3 & 2(x,+x,) +4=3 = 2(m—2) = -1 & m=%

= Chon (A).

M0S Cho d6 thiham s6(C):y =f(x)= %x‘* —x*—3x%+7.Tim m d€ d6 thi (C) lu6n

c6 it nhat 2 tiép tuyén song song véi dudng thing y = 2016mx + 2017.

~55-7 557 U557

(A) <mc< ) (B) m )
4032 4032 4032
=55 -7
(C) m< —4\(/);—2— (D) Khong tim dugc gia tri ciia m.

&éﬂ Gidi:
Gid sti cac tiép tuyén clia (C) song song v6iy = 2016mx + 2017 tiép xic véi (C) tai
x, = f' x, =2016m & 2x;, ~3x; —6x, =2026m = x, 1a nghiém cia phuong trinh
2x’ —3x* —6x=2016m
Xét ham s6: g(x)=2x’—3x*-6x.
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Tac():g'(x)=6(x2—x—1)=0<:>h(x)=x2—x—1=0
_IV5 1445

o2 2

Thuyc hién phép chia g(x) cho h(x) ta dugc:

X ) va g(x) dat cuc tri tai X, X,.

8) = h(0(2x - 1) - 5~ 1. Do h(x,)=h(x,)=0 nén
g(Xl):—Sx] “1:—5(#]—1: 5\/52—7

1+\/§]_1:_5\/§+7

g<x2)=—sx2—1=—s[ : 2

Lap bang bién thién ctia ham s6 y = g(x):

X =00 X1 Xz +c0
£00) 0 -0+
5ﬁ -7 +oo
2(x) > /
5.5-7
-0 2

Dé€ c6 it nhat 2 tiép tuyén thi g(x) = 2016m phai cé it nhét 2 nghiém phan biét

5\/§—7@—5\/§—7 5J5-7
2

<m<

<2016m < .
4032 4032

—5J5-7
AR

Chi y: Néu g(x) = 2016m cé‘dﬁng 2 nghiém thi né c¢6 1 nghiém don va 1 nghiém kép nén
khong xdy ra kha nang chi ¢6 1 tiép tuyén tiép xuc véi (C) tai 2 diém phén biét ma khi d6 (C)
s€ 0 2 tiép tuyén ting vdi 2 tiép diém.

DANG 3:
VIET PHUONG TRINH TIEP TUYEN PI QUA 1 PIEM CHO TRUGC

Bai todn:

Cho d6 thi (C): y = f(x) va diém M(a; b). Viét phuang trinh tiép tuyén di qua M(a; B) dén
d6 thi (C): y = f(x).

Phuong phap

PHUONG PHAP TIM TIEP DIEM

CACH 1: Gia st tiép tuyén di qua M(a; b) tiép xtic véi d6 thi (C): y = f(x) tai tiép diém c6
hoanh do X, = Phudng trinh tiép tuyén c6 (A):y =f'(x, }{x —x, ) +£(x,)




! Néng cao ky ndng gidi todn tric nghiém
; 100% dang bai ham s0, cdc bai todn lién quan

Do M(a;b) €A nén b=1{"(x,)(a—x,)+f(x,)

= X; la nghiém ctia phuong trinh: b=£'(x;)(a —x,)+f(x;) = Giai phuong trinh
= nghiém x € {X;X;...;X, }

= Phuong trinh tiép tuyén tai x, la: y=1'(x,)(x —x,)+f(x,)

CACH 2: Dudng thing di qua M(a; b) v6i hé s6 goc k c6 phuong trinh: y =k(x -a) + b
f(x)=k(x—a)+b

¢ nohiém.
£1(x)=k ¢6 nghiém

tiép xtic vdi d6 thi (C): y = f(x) < Hé phuong trinh {

= f(x)zf'(x)(x—a)+b = Giai phuong trinh = Nghiém x € {xo;xl;...;xn}
= Phuong trinh tiép tuyén tai X, 1&: y=£'(x,)(x —x,)+f(x,)

Bai tap

Khdi gongs.,

Bé:tap '1;,‘ CAc tiép tuyén v6i d6 thi ham s6 (C):y =f(x)=x" —x —6 di qua A(2; 0) c6 cdc

phuong trinh la:
(A)y=11x - 22; (B)y=2x-4vay=11x-22
(CO)y=2x-4 (D)y=3x-6vay=2x-4.

[ s
Tacé: £'(x)=3x>—1.
Dudng thing di qua A(2; 0) v6i hé s6 goc k ¢é phudng trinh: y = k(x - 2) tiép xtc v6i (C)
f(x)=k(x-2
_ Jr)=k(x-2)
k=f"(x)
= f(x)="(x)(x-2) & x’-x-6=(3x"-1}(x-2)

c6 nghiém

— 1
<::>x3—3x2+4=0<:>(x+1)(x—2)2 :0<:>l:X
X

+ Véix=-1 = k=2 = Tiép tuyén c6 phuong trinh: y =2(x - 2) hay y =2x - 4.

+Véix=2 = k=11 = Tiép tuyén cé phuong trinh: y = 11(x - 2) hay y = 11x - 22.

Chi y: Khong nhdm 14n gitta viét phuong trinh tiép tuyén véi d6 thi (C) tai 1 diém véi
viét phuong trinh tiép tuyén véi d6 thi (C) qua 1 diém.

o 3x+3
Baitdgp2  Cdc ti€p tuyén véi d6 thi ham s (C)Z y= X_+ 7 di qua goc toa do O(0; 0) c6 cac
phuong trinh la: *
- -3J3-6
(A)y:3\/§ 6x. (B) y=L—x.
2 2
(C) y= 3\/52_ 6 X Vay= ﬂb’_—jx. (D)Khong c6 tiép tuyén.
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P

fl@ﬂ Giai:

TXD: D=R \{2}.
Phuong trinh duong thang (t) di qua O(0; 0) va c6 hé s6 goc k la: y = kx.

3x+3 ~ kx
Xx—2

DPudng thing (t) 1 tiép tuyén caa (C) & Hé (3x 43 )‘ 9 ¢6 nghiém
(

x—2 ){—2)2

— =-1-+/3
o x43 9X2<=$x2+2x—2=0<:> : V3
x—2  (x-2) x=—11+3
- 33—
+V6i x=-1-+/3 thi k= 3\/52 6= Phuong trinh tiép tuyén (t,): y = %x
+V6i x=-1+3 thi k = i_jii = Phuong trinh tiép tuyé’n(tz): y= :ﬁz—ﬂx
= Chgn C.
R ‘ x*—4x+5 ‘
/Baiap8s Cho d6 thi ham s6 (C)y= T 2 Cé bao nhiéu ménh dé SAI trong céc
ménh dé duai day?
(A) L (B) 2; © 3 (D) 4.

(A) Puodng thang y = -3x + 4 14 tiép tuyén ké tit A(1; 1) dén (C).
(B) Dudng thing y = gx +g 13 tiép tuyén keé tii A(1; 1) dén (C).
(C) Chi c6 mot tiép tuyén ké tit A(1; 1) dén (C).
(D) C6 ding 2 tiép tuyén ké ti A(1; 1) d@én (C).

? __'_: G.‘).:

I@\J iai

TXD: D=R\{2}.
Dudng thang (t) vdi hé s6 g6éc k va di qua A(1; 1) ¢6 phuong trinh la: y = k(x - 1) +1.

x> —4x+5

X—=2
t) 14 tiép tuyén ct < He¢
(t) 12 tiép tuyén ctia (C) e<k_[x2—4x+5],_xz—4x+3

x—2 (x—2)2

=k(x-1)+1

c6 nghiém

X' —4x+5 x*-4x+3
x=2 ()(—2)2




Néng cao k ndng gidi todn trdc nghiém
100% dang bii ham s6, cic bai todn tién quan

2

7 5 , , 5
+Voix=7 thik= 5= Phuong trinh tiép tuyén (t):y = §(X—1)+1hay y =§x +g.
Vay cdc ménh dé (A), (B), (D) 1a dung va ménh dé (C) 1a sai.

= Chon A.

a

hi(Chy=f(x)=x’ ~3xl

a) {A(a;2)|a>2}.
(B) {A(a;Z){a <__§.}_
(C) {A(aﬂ) |ae (—w;“é)u(%‘”)}-

(D) {A(a;Z) | —-§- <a< 2}.

[&5] siai:

N
L4y diém A(a; 2) € y = 2. Dudng thing di qua A(a; 2) v6i hé s6 goc k c6 phuong trinh
{f(x)= k(x—a)+2

y =k(x - a) + 2 tiép xtic v6i (C) < Hé phuong trinh
f'{x)=k

=f(x)=1f"(x)(x—a)+2

¢6 nghiém

o x’-3x=(3x-3)(x—a)+2 & 2x’ -3ax’+3a+2=0

e (x+h)[ 28" —(3a+2)x+3a+2|=0 & (x+1)g(x)=0

Tl A(a; 2) ké dugce 3 tiép tuyén dén (C) < g(x) = 0 ¢6 2 nghiém phén biét va khéc -1
&9’ -12a-12>0¢ 2.

g(-1)=2%0 a<-=

2
A=(3 22—83+2 0 a>
{ (a+) (3a )>
3

= Chon C.

: C6 bao nhiéu diém trén Oy ma tit 46 ké dugc dung 1 tiép tuyén dén d6 thi
_ X+ 2 9
x—2

(A) 0 diém; (B) 1 diém; (C) 2 diém; (D) 3 diém.
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E@j Giai:

TXb: D=R\{2}.
L&y bat ky A(0; a) € Oy. Budng thang (t) di qua A(0; a) c6 hé s§ goc k ¢6 phuong trinh
y=kx +a.
X2 px+a (1)

(t) 1 tiép tuyén v6i (C) < Hé - ( c6 nghiém

x+2),: —4 2)

X—-2 (X—Z)Z

X2 e g(x)=(a-1)x’ —4(a+1)x+datd=0(¥)

x=2 (x-2)

Dé tli A(0; a) ké dugc ding 1 tiép tuyén dén (C) thi phuong trinh (*) ¢6 duy nhit 1
nghiém x khac 2

Xay ra cac trudng hop sau:

TRUONG HOP 1:a-1=0 < a=1.Khi d6 (*) tr& thanh:

-8x+8=0 < x=1 (thdéa man)

Thay x = 1 vao (2) ta cé: k= -4 va thay vao (1) tacéd: a= 1= A(0; 1).

a—-1#0
TRUONG HOP 2: 1g(2)=-8#0 < a=—1.Khi d6 (*) c6 nghiém x = 0 (thda man)
A'=8a+8=0

Thay x =0 vao (2) tacd: k=-1 vathayvao (1) tacéd:a=-1 = A(0; -1).
Vay tim dugc 2 diém A, (0;1) va A, (0;-1) théa man dé bai.

= Chon C.

| Baitip 6, Cac diém M trén duong thing y = -2 ké dugc dén (C): y = —x* +3x” — 2 hai tiép
tuyén vudng goc véi nhau la:

1 . o)
(A) M @,—2} (B) M( 59’ 2),
(O M ﬂ;ﬂ} (D) M[#kz}

@ Giai:
Ldy diém M(a; -2) thu¢c dudng thing y = -2.
bBudng thang di qua M(a; 2) v6i hé s6 goc k ¢6 phuong trinh: y = k(x - a) - 2 tiép xuc vdi
f(x)=k(x-a)-2

f'(x) _x c6 nghiém

(O g Hé{




‘- T ! Néng cao ky ndng gidi todn tréc nghiém
; 100% dang béi héum s6, cdc bai todn tién quan

:>f(x)=f'(x)(x—a)—2<:>—x3+3x2—2=(—3x2+6x)(x—a)—2

x=0

2x*+(3a—-3)x+6a|=0
<:>x[ X+ (3a=3)x a] ®[2x2+(3a—3)x+6a=0
V6ix =0 = Tiép tuyén:y = -2.

Do khong thé c6 tiép tuyén nao vudng goc véi tiép tuyén y = -2 // Ox nén dé tit A(a; -2)
ké duogc hai tiép tuyén vudng goc véi nhau dén (C) thi g(x) = 0 phai ¢6 2 nghiém phén biét

X, X, va cac tiép tuyén tai cac diém c6 hoanh d6 X,,X, vudng géc v6i nhau

=-1=y'(x)).y'(x,)= (—3x12 +6X, )(—3x§ + 6x2) =9%,X, I:xlx2 —2(x,+x,)+ 4]

& -1=93a.(3a-2 -3 4 =189a<:>a=—-—L
2 189

" | 2 1 A
Véi a =—— thi A, =(3a—-3) -48a>0= M(—@,—Z) cin tim.

= Chon B.

(C)y=1f(x)=x"-3x".Tit 1 diém bat ki trén dudng thdng x = 2 ké dugc bao

nhiéu tiép tuyén dén (C)?
(A) 0; (B) 1; (C) 2; (D) 3.
‘€)-)| Giai:
& wa
L4y diém M(2; m) thudc dudng thdng x = 2. Pudng thing di qua M(2; m) v6i hé s8 gbc k

f(x)=k(x-2)+m

£1(x) =k ¢6 nghiém

c6 phuong trinh: y = k(x - 2) + m tiép xuc vdi (C) & Hé {

=f(x)={"(x)(x-2)+m
& g(x)=-2x>+9x’-12x =m

2
Tacé: g'(x)=—-6x"+18x-12 :—6|:(x—%) +%} <0
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Bang bién thién:

g'(x) -

g(X) \

Nghiém ctia phuong trinh tim tiép diém clng la hoanh d¢ giao diém cua dudng thing

y = m v6i do thi y = g(x). Nhin bang bién thién ta thdy g(x) = m ¢6 dung 1 nghiém. Véy tu
M(2; m) chiké dugc duy nhat 1 tiép tuyén dén do thi (C).

= Chon B.

Bhit4p8" Cho ham s6 y = —x* +6x% —9x +9. Goi (D) 12 tiép tuyén ctia (C) tai A thuéc (C)
cé x, =4. Tim trén (D) cdc di€m M sao cho tlii mdi diém 4y vé dugc dung 3 tiép tuyén
v6i (C).

(A) Céc diém M c6 hoanh d6 m théa min me (—oo; —2)u(— +oo) {4}.

(B) Cac diém M c6 hoanh d¢ m théa mén me {—eo;—2) U (?;-l—oo }

(C) Céc difm M c6 hoanh d6 m théa man me ( -2; %]

(D) Khong c6 diém M nao théa mén.

@ Giai:

Do A thuoc (C)ma x, =4 =y, =5= A(45).

Phuong trinh tiép tuyén cta (C) tai A la:

(d):y=f'"(4)(x-4)+5= (d):y =—9x +41

Gia st M(m; -9m + 41) 1a diém bat ki trén (D).

Xét dudng thing (t) bat ki qua M va c6 hé s6 goc k thi:

(t):y=k(x— m) + 41 - 9m

—x*—6x>—9x +9= k(x-m)+41-9m (1)

. cd nghiém
-3x°+12x-9=k (2)

(t) ti€p xic v6i (C) < He {

Thay (2) vao (1), ta dugc:




Néng cao ky ndng gidi todn tréc nghiém
100% dang béd ham s6, cdc bad todn tién quan

—x*+6x” —9x+9 =(x —m)(-3x* +12x -9)+41-9m
& (x- 4)[2x +(2-3m x+8] 0

II

[2){ +(2-3m)x+8=0 (3)
D& tit M ké dugc 3 tiép tuyén voi (C) thi (3) phai c6 2 nghiém phéan biét va khac 4

m<-2
A=9m’-12m-60>0 10
< = m>—
48-12m =0
m # 4

Vay, nhitng diém trén (D) ma tit d6 vé dugc 3 tiép tuyén véi (C) 1a nhiing di€ém cé hoanh
d6 m théa min: me (—eo;—2) U [— -I-oo) {4].
= Chon A.

Bt Co bao nhiéu phét biéu PUNG trong cic phat biéu dusi day?

PAOTSEM

(A) 1; (B) 2; (D) 3; (C) 4.

Cho 46 thi (C): y =f(x) = x* —3x* + 2. S ti€p tuyén di qua diém M nam trén dd thi
(C) la:

(A) 1 néu diém M c6 hoanh d6 bing 1. (B) 2 néu diém M c6 hoanh d6 khac 1.

(C) 1 néu diém M c6 hoanh d6 khic 1. (D) 2 néu diém M c6 hoanh d6 bang 1.

I@d Giai:
Goi M(a;a3 —3a? +2)e (C). Puodng théng di qua M(a;a3 —3a? +2) voi hé s6 goc k,
c6 phuong trinh la: y =k(x—a)+a’ —3a” +2 tiép xtic v6i (C)
f(x)=k(x—a)+a’—3a’+2
k=1'(x)
=f(x)=f'(x)(x—a)+a’—3a’ +2

& Hé phuong trinh { c6 nghiém

©2x’-3(a+1)x’ +6ax+a’ —3a’ =0 & (x—a)[ 2x* —(a+3)x+3a—2a’ |=0
X=a

@2(x—a)z(2x+a—3)=0<:> 3-a
T

+Néu a :3_;"-1 < a=1 thicé 1 tiép tuyén di qua di€ém M nam trén 46 thi.

¢ 3 - a A 1 » A X 3 A ) A A .
+ Néu a = - & a#1 thicd 2 ti€p tuyén di qua diém M nam trén do thi.

= Chon B.
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%, D.Vé dich

" Baitap 10 DPiéu kién cia m dé ti A(2; 2) ké dugc 2 tiép tuyén AB, AC dén do thi
(C)y=f(x)= M sa0 cho AABC déu (6 day B, C 1 2 tiép diém) la:
X

(A) me (—o0;0) U (4;+); (B) m = 6;
(C) me {-2;6}; (D) m =-2.

Ez] Giai:

TXD: D =R\{0}.
Dudng thing (t) di qua A(2; 2) v6i hé s6 goc k c6 phuong trinh: y = k(x - 2) + 2
f(x)=k(x-2)+2

¢6 nghiém
f'(x)=k

(t) 1a tiép tuyén véi (C) < Hé {
m -1 2
=f(x)=f"(x)(x-2}+2=—=—F(x-2)+2 o g(x)=x"—mx+m=0 (*)
X X
Dé tii A(2; 2) ké dugc 2 tiép tuyén dén (C) thi (*) cé 2 nghiém phén biét X;,X, khic 0
g(0)=m=0 [m>4
= =

{A:m2—4m>0 m<0

(1)
X, +X,=m
Khi dé { b
XX, =m
Vi diém A(2; 2) thudc dudng thang y = x 1a truc d6i xting ctia d6 thi (C) nén néu tit A ké
dugc 2 tiép tuyén AB, AC thi AB=AC = D& AABC déuthi y= 2 laham dong bién va c6
X

2 gia tri phan biét k,,k, khac 0 va théa mén:

. m
k . 2 2
k=ky =tan 60’ & ﬁ—% =3 <:>|xl—x7 =243 ¢:>\/(xl+x2)2—4xlx2 =23
1+kk, m -
1+——
Xl XZ
m==6
=N m2-4m=2\/§<:>m2—4m—12:04:>[ (2)
m=-2
Dé ham y=Ed(*)‘ngbié'nthi y'=:?>0‘v’x¢0<:>m<0 (3)
X
Tit (1), (2) va13) = m cdn tim la: m = -2,
= Chon D.
“Baitip11 . Cho db thi ham s6 (Cly=x-1+ ik —11 . Diéu kién cén va & d€ trén mit phing
e X +
toa d6 ton tai it nhat 1 diém sao cho tlt d6 ké dugc 2 tiép tuyén vudng géc vSi nhau dén
do thi (C) la:
(A)m=1; (B)m>1; (Cm<l; (D) Khong c6 gié tri ctia m.




y 100% dang bai ham s, cac bai todn tién quan

@z Giai:
TXP: D=R\{-1}.
Gia st ton tai 2 tiép tuyén clia db thi (C) vudng goc véi nhau
& Ix,,x,€ R saocho y'(x,).y'(x,)=-1=3Jke R
y'(x,)=k

sao cho 1 ©JkeR dé cac phuong trinh y'(xl)z k (1)

y’(xz):_i

vay'(x,)= —i (2) ¢6 nghiém

+) Xét phuong trinh (1): y'(x)=k & 1- m-12 =k
(x+1)
Néum =1thi y'(x)=1Vxe R = khoéng t6n tai X,,X, d€ y'(x,).y(x,)=~1
-1 : m-—1
Neu m#1 thi y'(x) =k & k= o (x+1) = —
: 7 (x+1) ) =%

- >0 (m-1)(1-k)>0

Ta thdy (1) c6 nghiém < ‘1”

Tuong tu suy ra (2) c6 nghiém & (m—l)[l-(%)] >0 (m-1)(k+1)k>0
(m-1)(1-k)>0
(m-1)(k+1)k>0 G)

I-k>0 k<~-1
&
(k+1)k>0 [0<k<1

Xét hé diéu kién {
+Néum > 1 thi (3)@{

= vO nghiém

1-k<0
+Né’um<1th‘1(2)@{ [k<1

(k+1)k<0 " [-1<k<0

Vay diéu kién cin va d0 d€ trén mit phing toa do ton tai it nhét 1 diém sao cho tir d6 ké
dugc 2 ti€p tuyén vuong géc vdi nhau la: m > 1.

= Chon B.
+BaItgpH2: Cho d6 thi ham s6 (C):y = (x) = x* —x* +1. Tim c4c diém A thudc Oy ké dugc
dung 3 tiép tuyén dén d6 thi (C).
1
WAG: B A(O;% } ©A0:2; (D) A(O;E}
:h ‘:__: Go 2 -:
I@\ iai
Liy diém A(0;a)e Oy. Pudng thing di qua A(0; A) véi hé s6 goc k cé phuong trinh
f(x)=kx+a

y = kx + a tiép xuc véi (C} & (*) c6 nghiém.
f'(x)=k



\
MMegabook Chuyén gia Sach tuyén thi

Di€u kién cin: Ta cd: f(x) = f(-x) Vx e R = f(x) la ham chdn = D6 thi (C) nhan Oy lam
truc d6i xting. Do A(0; a) thudc truc d6i xiing Oy nén néu tii A(0; a) ké dugc bao nhiéu tiép
tuyén bén nhdanh trai ctia (C) thi ciing ké dugc by nhiéu tiép tuyén dén nhanh phai ciia (C)
= Tong s8 cac tiép tuyén c6 hé s8 goc K# 0 ludn 1 1 6 chin. Vay dé tit A(0; a) ke dugc 3
tiép tuyén dén (C) thi diéu kién cén 1a hé (*) c6 nghiém k = 0.

x=0a=1

4x* -2x* =0 xzzl;a=i
2 4

x*—x*+1=a

Voik = 0 hé (*) trd thanh {
Diéu kién dix:

. x*~x’+1=kx +1 X4—X2=(4X3—2X)X
+)Néua=1thi(*) S

4%’ -2x =k 4x* —2x =k
x=0k=0
X2(3X2—1)=0 1 )
= S|lx=——=k=—F
{k:ZX(x2 —1) NE) 33
X—L-k—__z__
N NE]

Vay tit A(0; 1) ké dugc 3 tiép tuyén dén (C).

. 3 . ){4—)(2+1=1<X+g )(4—)(2+1=(4)<3—2x))<+3
+)Neua=zth1(*)<:> 4 & 4
4x’ -2x =k k=4x’-2x
1
2__
3X4_x2_l=0 X —2 3
< 4 N R Tu A(O;—)ké dugc 2 tiép tuyén dén (C).
k=2x(x*-1) k=+Y% 4 -
2

KET LUAN: Vay A(0; 1).

= Chon (A).

Chii y: Néu giai bai toan theo cach bién ludn s6 tiép tuyén bing s6 tiép diém, tiic la qua
A(0; a) ké dugc 3 tiép tuyén < Phuong trinh f (x)=f'(x)x+a ¢63 nghiém phén biét thi
chua chét ché, vi c6 thé xdy ra kha nang c6 2 tiép tuyén ting vdi 3 tiép diém phén biét, dé 1a 1
tiép tuyén tiép xtic v4i do thi tai 1 tiép diém va 1 tiép tuyén tiép xiic véi @6 thi tai 2 tiép diém.




Hang Son Poong, Quang Binh, Viét Nam

Nam trong quan thé hang dong Phong Nha - Ké Bang, thudc huyén B6 Trach
tinh Quang Binh, hang Son Poong la hang ddng tu nhién lén nhat thé gidi. Hang
Son Poong dugc hinh thanh khoang 2-5 triéu nam truac, khi nudc song chay ngang
qua vung da voi da bij vui l1ap doc theo mot dudng dut gay. Dong nudc lam xdi mon
va tao ra mot duong ham khong 16 trong long dat dudi day nui. Tai nhimg noi da
mém., phan tran sup xudng tao thanh nhimg 16 hong. lau ngay thanh vom hang
khong 16.



TIEM CAN CUA DPUGNG CONG

@ KIEN THUC TRONG TAM

Duong tiém can ngang
Pinh nghia: Pudng thang y =y, dugc goi 12 dudng tiém cén ngang (goi tit la tiém cin
ngang) ciia d6 thiham s6 y =f(x) néu:

limf (x}=y, hoic limf (x)=y,.

3x -1
X+2

m:} Tim tiém can ngang ctia d6 thi ham so6: y =
E@’ijl Gidi:

lim y =3 nén dudng thing y = 3 12 tiém cin ngang clia 46 thi.
X——o0

Vi limy=3 va

X —>+oeo
Puong tiém can dimg
Dinh nghia: Dudng thang x = x, dugc goi 1 dudng tiém can ddng (goi tat la tiém can
ding) caa d6 thi ham s6 y= f(x) néu it nhdt mot trong cac di€u kién sau day dugc
thoa man:

Hmf(x)=-ee; Limf(x)=+oo;

- +
X=Xy XX

Hmf(x)=—ec; limf(x)=—ec;

X-3%g XX

3x -1
X+2

m * Tim tiém cin diing ctia d6 thi ham s6: y =
‘€)| Giai:
-

Ham s6 d4 cho ¢6 TXD la: D =R\{-2}.
Vi limy=-co v lim y=-co nén dudng thing x = -2 12 tiém cin diing cda d3 thi.

x—-2" x——2"

Pudng tiém can xién
Dijnh nghia: Pudng thing y = ax + b, a # 0 dugc goi la dudng tiém cén xién (goi tat 1a
tiém cén xién) clia d6 thi ham s6 y =f(x) néu:

lim [ f (x)—(ax+b)]=0

X —=>+00

hodc
lim [f (x)—(ax + b)] =0.




Néng cao ky nding gidi todn trac nghiém
/ 100% dang béd ham 56, cdc bai todn tién quan

@I » oo thiham s6 y=x+

c6 tiém can xién 1a dudng thang y = x, vi:

2x° -1
fim [£()—x] = lim 75— =0
Jim [£(x)—x] = lim 5-5—=0

112" CAC DANG BAITAP

DANG TOAN:
TIM TIEM CAN CUA HAM SO VA TiM PIEU KIEN CUA THAM SO

Phuong phap

u(x)
V(%)

Tim tiém c4n clia ham phan thic y=f(x)=

a) Tiém can diing

- Gidi phuong trinh: v(x)=0= x€ {x;;X,;..3X, }

-Néu u(x;)#0 thi lim ugxg=oo:> X =X, 12 1 tiém cn ding,
X—)X V x

b) Tiém cin ngang (Diéu kién: Mién xac dinh chita * va bic u(x) < bac v(x))

- Xét lim E ; =a = x=alaltiém can ddng.
X—yo0 X

¢) Tiém cin xién (Diéu kién: Mién xdc dinh chita *° va bic u(x) = bac v(x) + 1)

- hm[f X)- (ax+b] 0= Tiém cinxién:y=ax+b.

X—yoo

Bai tap

tpd) Cho ham s6 y=f(x) c6 xli)rflwf(x) =-2 va xlitﬁ.f(x) =2. Khéang dinh nao sau
day 1a khéng dinh DPUNG?

(A) D6 thi di cho khong c6 tiém cin ngang.

(B Do thi ham s6 da cho c6 dung mét tiém cin ngang.

(C) D6 thi ham $6 da cho ¢6 hai tiém cén ngang 13 cic dudng thangy = -2 vay=2.

(D) D6 thi ham s6 da cho c6 hai tiém cin ngang la céc dudng thingx = -2 vax = 2.




M Megabook Cruyén gia Séch tuyén thi

i@ﬂ Giai:

NHAC LAI DINH NGHIA VE DUONG TIEM CAN NGANG:

Cho ham s6 f(x) x4c dinh trén mét khoang v han (la khodng dang (a;+ec),(—oo;b)
hodic (—eo;4e0)). Pudng thing y = y, la dudng tiém can ngang (hay tiém c4n ngang) ctia d6
thi ham s8 y = {f(x) néu it nhat mot trong cac diéu kién sau dugc théa man:

lim f(x) = y,, lim f(x) =y,

Véy ham s6 y = f(x) da cho ¢6 hai dudng tiém cdn nganglay=-2vay=2.

= Chon (C).

g ’Cho hamsé y =f(x) c6 Xl_l)lf_rll f(x)=—o, lim f (x ) = ~eo. Khéng dinh nao sau day
la PUNG?

(A) D6 thi ham s6 da cho khong c6 tiém cin diing.

(B) D6 thi ham s6 da cho c6 dung mot tiém cén ding.

(C) D6 thi ham s8 da cho c6 hai tiém cdn dinglay=-1vay=2.

(D) D6 thi ham s6 d3 cho ¢6 hai tiém cin diinglax =-1vax=2.

f___@r:;] Giai:

NHAC LAI DINH NGHIA VE TIEM CAN DUNG:

Dudng thing x = x, dugc goi 13 dudng tiém cén ding (goi tit 1a tiém cén ding) ctia d6
thiham s y=f (x) néu it nhit mét trong cic diéu kién sau diy dugc thoa min:

lim f(x)=4o0; lim f(x)= oo

X—Xg X—Xg
h_}ni f(x)=—oo; }eri f(x)=—co.

Vay d6 thi ham s6 c6 hai tiém cin dinglax=-1vax=2.
Chon (D).

(g&ﬁ@ﬁi@ Cho ham s6 y = f(x) c6 bang bién thién nhu sau:

X -0 -2 +00
y - -
+00 1
y /
1 -0




/ Néng cao ky nding gidi todn trdc nghiém
/ 100% dang béi ham 6, cdc bai todn tién quan

Khéng dinh nio sau day la DUNG?

(A) Ham s6 y = f(x) xac dinh v&i moi € R.

(B) Ham s& y = f(x) dat gid tri nho nhit bang 1 va gia tri cuc ti€u bang 1.
(C) Ham s6 y = f(x) dat gia tri 10n nhit bing 1 va gid tri cuc dai bang 1.

(D) D6 thi ham s8 6 tiém can ding la x = -2 va tiém cin ngang lay = 1.

E@Cﬂ Gidi:
Chon (D).

Luu y: Haim s6 khong ¢6 cuc tri va cling khong c6 gid tri l6n nhét, nho nhat.

¥ Cho ham s& y = f(x) c¢6 d6 thi nhu hinh v& duéi day:

A

Khing dinh nao sau day la PUNG?

(A) Ham s6 y = f(x) xdc dinh trén R.

(B) Ham s6 y = f(x) don diéu trén R.

(C) D6 thi ctia ham s8 y = f(x) o tiém can diingla y = 2 va tiém cdn nganglax = -1.

(D) D6 thi ctia ham s8 y = f(x) c6 tiém can ding la x = -1 va tiém c4n nganglay = 2.

IEQE]J Gidi:
Ham s6 y = f(x) xac dinh trén R \{_ 1} = (A) sai.
Ham s6 y = f(x) dong bién trén R\{-1} = (B) sai.
D4 thi chia ham s6 y = f(x) c6 tiém cin diing la x = -1 va tiém cdn ngang lay =2

= (C) sai va (D) dung.

= Chon (D).
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Béltﬁps Tiém can ddng va tiém cén ngang ctia d6 thi ham s6 ham s6 y = ?;X _ ?
aitap:y: ot

3 1
(B) x=="vay=—=;
5 Y 5

lan lugt la:

1 3
(A) x=—= vay=1;
5 y 5

1 2 1
C)x=—=—vay=—; D)x=—vay=—.
(C) s Vay=3 (D) 3 VaY =3

::@_)r"i] Gidi:

Ta c6: Iim —2 =o0 = Tiém cdn dlngla: x = —l.
x—>—§ 5X +1 5

1m3X*2—§z>T" X ¥ 3
el s iém can ngang la: y = 5
= Chon A.
Jxhur " 2 — .
/) Tiém cin ding va tiém cén xién ctia d6 thi ham s6 y = W 14n lugt la:
x —

(A)x=1vay=>5x-6; B)x=1vay=5x-1;
D)y=1vay=5x- 1L

|[‘§;] Gii:

2
X obx+2_ = Tiém cin dingla:x=1.

(COy=1vay=5x-6;

Ta cé: lim
x—1 X —
Ta cé: M:&(_“_L va lim[f(x)—(Sx—l)]:limL:O:
x—1 x—1 e o= x —1

Tiém cén xién y = 5x - 1.

= Chon B.
la:
2+Xx
(A) 0; (B) 2; (C) 3; (D) 4.
lez] Giai:
\ .
. . 2-x
Tacd: Iim y= lim = —o0;
Xx—-2" x—-2" 2 +X

. . 2— ,
11“; y= hn} " % = 4o, Do d6 duong thang x = -2 13 tiém can diing.
X X—= X




d Néng cao kj ning gidi todn trdc nghiém
, 100% dang bai héun s6, cdc bai todn tién quan

lim = lim
Xote  xodee D p oy

Do d6 duong thing y = -1 la tiém can ngang.

D6 thi ham s6 khong c6 tiém cén xién.

Viy d6 thi ham s6 c6 hai duong tiém cdnx = -2vay=-L.
= Chon (B).

Baitap 8 Khéng dinh nao 1a DUNG trong céc khing dinh dudi day?

. ) 3x—1
(A) D6 thi ham s6 y=,x— chi c¢6 mét tiém can dinglax = 3.
X" =T7x+12
(B) D6 thi ham s6 3x -1 5 tiém ¢4 13 3
i =———— ¢cOti an nganglay = 3.
' VI 7k r1p M cnnganglay
6x’ +8x -5 3
(C)Dothihams6 y=————— cé tiém can diingla X =—.
Y 4x* +7x+3 8 2
\ 6x> +8x—5
(D) D6 thi ham s6 y =¥—— c6 hai tiém can dinglax=-1va x =—§.
4x°+7x+3 4

IE_é’;ﬂ Giai:
3x -1
(x=3)(x—-4)
!(ilrglf(x): oo;lxiir}f(x):oo => Tiém cén dinglax=3vax=4.
3 1

3x-1 v x2
im——— =lim—3%X =
x—>ooX2_7x+12 X—>°°1_7 12

XX
= Cac khing dinh A va B la sai.
6x> +8x—5
(x+1)(4x +3)

lim £ (x ) = oo} lim f(x)=co= Tiémcandinglax=-1va x :—%.

X—-1

+Tach y=

0= Tiém can nganglay=0

+Tacé: y=

L 6+8+5
) R
lim 6x°+8x—-5 _ i X X

=li
X—eo 2 X—roo
4x* +7x +3 4+7 3

3 A A \ 3
5 = Tiém cin ngangla: y= 5

= Khiéng dinh C 14 sai va khing dinh D 14 dtng.

= Chon D.



M Mega hook Chuyén gia Séch tuyén thi

Baitap9 Cho (C) 1a d6 thiciahdm s y =

x> +2
3+5x—2x%
(A) Pudng thing x = 1 13 tiém cdn diing cta (C).
(B) buding thing x = —% 1a tiém cén ding cta (C).
(C) Dudng thing y = 114 tiém cin ngang ctia (C).
(D) buéing thing y = -x + 1 1a tiém can xién ctia (C).

@é Giai:

Ta co:
x5 42
lim y= lim —————— =
s A x—>1 3+5%x —2x%°
x*+2
lim_ y— lim ———————— = oo,
ot *3+5x 2x°
2

1
Dodo x= ) la tiém cén ddng.

) x*+2
limy=lim———— = +oo;
x—>3" x> 34 5% — 2%

) x?+2
limy=lim ————— = —oo,

x-3* x-33" 34+ 5% — 2X

Do dé x = 3 1a tiém can dang.

142
X" +2 . X2 !
hmy—hm———hmT=__;
K myoo x—-e 34 5x — 2x° R SR | 2
X
1+ 2
_ x*+2 : X2 L
hmy—hm—w—hm-*-“s———:‘_-
X—oo x>+ 34 Sy 2X = m3+—_2 2
X

= limy=Ilimy= —% =y= —% 1a tiém can ngang.

Koo X —>eo
D6 thi ham sé khong c6 tiém can xién.

= Chon (B).




Néng cao ky nding gidi todn trdc nghiém

/ 100% dang bad héun s6, cic bai todn tién quan
%” o Goi (C) 1a d6 thi ctia ham s6 y= —Xz—i
oo —5x°-2x+3

(A) Dudng thing x = 3 14 tiém cin ddng cta (C).
(B) Dudng thdng y = x + 1 la tiém c4n xién cta (C).

(C) Pudng thang y = —é la tiém cén ngang ctia (C).

(D) Pudng thang y = —% 1a tiém can ngang cta (C).

E@rﬂ Gidi:

Ta co:
. X’ +x+3
lim y= lim = —oo;
xo-1" " xo-l” —5x% —2x +3
2
X“+x+3
lim y = lim ————=+c0,
xo-1' T xo-l" 5% —2X +3

Do d6 x = -1 la tiém cén ding.

X2 +x+3

lim y = lim = +o0;
NN RN 3 —5x* —2x+3
5
x*+x+3
lim y = lim = —oo,
i3 s —5x* —2x+3
5 B

Do do x =% la tiém can ding.

1+1+ 3 |
? Ttz
: hn]y_hm__gi-i-—x—'_i___]im_M__z_,l;
X—>~co x——)—oo._5x —2x+3 xa—w_5_2+i 5
2
L X X
1+1+ 3
2 —+— 1
limyuhm—x—jx—+3——1im_2£_,7<_=___’
A xoe —5x? —Dx +3 w235
x X

’ 1 Y - A A
Dodé y= 3 13 tiém cén ngang.
D6 thi ham s6 khong c6 tiém can xién.

= Chon (C).



\
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. . . 1 o
‘Baitap 11 Cho d6 thi ham s6 ham s6 (C): y = ———=.Tim ménh d¢ PUNG trong cic ménh
.;A‘ X — 3
dé sau:
(A) (C) chi c6 mot tiém cén ding x = 3.
(B) (C) chi c6 mét tiém cén ngangy = 0.
(C) (C) ¢6 mot tiém cin dling x = 3 va mot tiém cén ngang y = 0.

(D) (C) khong c6 tiém can.

@cﬂ Giai:
TXD: D = (3;40).

Ta co:
limy = lim = +o0 = x = 3 ] tiém cin diing cta (C).
x—3* x—3" _
x—3 _1_

lim y = lim ——= NP = lim i =0= y =314 tiém cin ngang cua (C).

X—+ —_ X 1 2

X

= Chon (C).

‘Biitap12 Pudng thing nao sau day khong phai la tiém cin ctia 46 thi ham s6:

(C):y= —x2+3x—29
(A)x=1; (B)x=2;
(C)y=0; D)y=-=x+1

:r@—éﬂ Giai:
TXD: D= ]R\{l;2}.

Ta cé:

11my—11m—11m——x——lim * =+ = x =112 TCD.
x—1* x-1" x=1t —x +3X 2 xor (X —1)(—)( + 2)

X X
limy=1h =li =—o0=> x=21aTCD.
o) T o 43x—2 o (x—1)(—x+2)

1

X . X<
Imy=lim ——=lim

X0 X—>+00 —X +3Xx =2 x4 1+§

X

D6 thi (C) khong c6 tiém cin xién.

= Chon (D).




, Néng cao ky néng gidi todn trdc nghiém 4
_______ , 100% dang bii him. 55, céic béi todin lién quan >

o Néu d6 thi ham s6 c6 tiém cin ding x = -2 va di qua diém
X+

A(1; 3) thi phuong trinh ca ham s6 la:

10x —1 2x —1
A) y=—2_; (B) y=2"1;
X+2 2
)
—2x —1 2x —1

(C) y= X (D) y= X
X+2 x—2

T@ﬂj Gidi:

TCP:x=-b=-b=-2<b=2.

Khidé y=22"1
X+2 | )
Vi d6 thi qua A(1; 3) nén 3=Em—@3=3_—<:>a—1=9<:>a:10.
1+2 3
Vay y:107(—1'
X+2
= Chon (A).
ax —1

;. Chohamsd y = . Néu d6 thi ham s6 c6 tiém c4n ngang y = 2 va tiém céan

bx +1
dlng x = 3 thi cac gia tri cha a va b 14n lugt la:
L, 1 \
(A) —— va-=; (B) -6 va -3;
6 2
h1 _l p 1
(C) -3va-6; (D) =7 va ot
E@‘ij Giai
o= 2 a=-6
Theo d¢€ bai ta cé: b S :
117 b=
b 3
= Chon (B).
oy 2
) Diéu kién clia m d€ d6 thi chaham s6 y = c6 tiém cin la:
X+m ‘
(A)m=0; (B) m#0;
(C) Vme R; (D) Khong c6 gid tri cia m.



M Mega book Chuyén gia Sdch tuyén thi

‘€)F) Giai:
[
+ Néum =0 thiy=3x Vx # 0= 46 thi ham s6 khong ¢6 tiém can.
2

+ Néu m#0 thi lim

= oo = Tiém can dling x = -m.
x=-m X 4+ m

Vay v6i m # 0 d6 thi ham s6 ludn ¢6 tiém cén.

= Chon B.
N 3x’ —6x+m
AP Tit ca céc gid tri cia m d€ d6 thi ctlaham s§ y === 2“0 ¢4 tiém can ding Ia:
X—m

5

(A)m=0va m=>; (B) m=2;
3 3

(COm=0; (D) Vme R.

IE@L% Gidi:

D6 thi ham s6 c6 ti¢ém cdm diing < g(x)=3x*-6x +m =0 cd nghiém x=m

m=0
5.
m==
3
s ) —x*+2x+m
i DéE do thi cliaham s6 f(x)= T em c6 tiém can xién di qua A(2; 3) thi:
- X+m
(A)m=3; (B)m=2;
(C)m=-2; (D) Khong ¢6 gié tri clia m.
‘€)-| Giai:
ISY
2
Ta c6: f(x)=—x+2+m—m+m :
X+m

m=#=0

Véi m+m2¢0¢:>m(1+m)¢0<:>[
m # —1

2
thi lim[f(x)—(-—x +2+m)] = lim(— m:m ): 0= Tiém canxién:y=-x+2+m
X—om x—yee X+m

Taco:A(;3) € TCX & 3=-2+2+m < m=3.

= Chon A.




/ Néng cao ky néng gidi todn trdc nghiém
/ Ioo%mwhmséjcdchdiwdnﬁénquan

% . oA A - ~ . ” \ w _ 2
i Tim tiém cin ca d6 thj ciia ham s Yy =—-3x+2vx" +L

(A)y=-3% o
(C) y=-3xvay=-2x; (D)y=-xvay=-

@ﬂl Giai:
Xét gidi han: hm[f(x) (- x+2|x|):|-11m2[\/x2+1—|x|]

X—os X—o0

21 1)= 2
:21im(X i ) lxl =21im—-}———3.0

R S T VA P

Vay d6 thi ham s6 c6 cac tiém canxiénla y = -3x + 2[xl.

it
e

V6i X = +oo ta co tiém can xién bén phaila y = -3x + 2x hayy = -
VGi x — —oo ta co tiém cin xién bén trdila y = -3x ~ 2x hayy=-

= Chon (D).

94 Tim tiém cin clia d6 thi ham s8 y = (x)=x +V4x* +4x +2.
(A)y X (B)y=3x+1;

(C)y=xvay=3x+1; D)y=x+1vay=-3x-1.

[on:] Gidi:
| Xét gi6i han: hm[f x+|2x+1|)] = hm[\/4x2 +4x +2 —|2x+1|]

X—yoo

ax* +dx+2-Px+1f 1
= lim =lim
o= Jax? +ax+2+2x +1 v 4x] +4x+2—]2x+1|

Vax® +4x+2 +2x +1]

Vay d6 thi ham s6 c6 cac tiém canxiénla y =—x+ [2x + 1|.

V6i x — oo tacd TCX bén phdilay=-x+2x+1=x+1.
| Vi X — —oo tacé TCX bén trdilay = x - 2x - 1= -3x - 1.

(A) (C) khong ¢6 tiém cén.

(B) (C) ¢6 tiém can xiény =3x - 1.
(C) (C) c6 tiém can xién y = 3x.

(D) (C) cé hai tiém cAn xiény = 3x - 1 vay = 3x.



\.
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o e e e

|E_é:;—] Giai:

Dicukién: —x? +2x+3>0 & TXD:D=[-1; 3] )

Taco: y=3x—1+44—(x—1)".

y23.(-1)-1+0=—-4
=
y<33-1+4/4-0> =10

= Tap gié tri clia ham s6 < [—4;10].

Vi x thoa man (*) thi { -4 <y<10.

Vi tap xdc dinh va tap gia tri ciia ham s6 déu khong chiia e nén do thi khéng c¢é nhanh
chay ra vo tan va vi thé né khéng cé tiém cin.
= Chon (A).

x+1 -
{ Baitap21 | Cho(C):y =—==—. Cd bao nhiéu khing dinh DUNG?
Rt o ( ) X2 _ 9 g

(A) 1; (B) 2; (C) 3; (D) 4.

(A) (C) ¢6 hai dudng tiém can ding.
(B) (C) ¢6 hai dutng tiém cin ngang.
(C) Tiém cén dling bén traila x = -3.
(D) Tiém cin ding bén phailay = 1.

%’i] Gidi:

TXD: x* —9>0 & D =(—0;—3) U (3;+00).

X +1
hm_( 5 )——- = TCD bén trdi x = -3.
X —

+1
llm[ X }=°° = TCP bén phaix = 3.

x’—9
x+l
i XL e x| =1imi:{1 X —> o0
X—po0 ,"X2_9 xaw\/li:_? x—>w|x| ~1 X—> =0
X2

Suyra véi x — +eo ta c6 TCN bén phaiy = 1.
V8i X — —eo tacd TCN bén trdiy = -1.
Vay (A), (B), (C) dling va (D) sai.

= Chon (C).




! Néng cao ky ndng gidi todn tric nghiém o
p 100% dang béi héum 56, cdc bai todn tién quan 1

Baitap 22~ Cho db thi ham s6 (C): y= f(x) = 3/)(3 +9x* ~x - 1. Khéng dinh nao sau day 13 SAI?
(A) (C) khong cé tiém can diing.
(B) (C) khong c6 tiém cin ngang.
(C) (C) khong c6 tiém cén xién.

(D} (C) c6tiém canxiénay=x+ 3.

GF| Giai:
&
Ham s6 lién tuc trén R nén (C) khong ¢6 tiém cin ding.
Limf (x)=rco nén ham s6 khong c6 tiém can ngang.

Gia st y = ax + b la tiém can xién. Khi d¢:

f 3 2 _ o
azlim—ﬁ(—)zlimi/;+gxs - 1=1im§/1+3-i2—l3=1.

D ¢ X—>00 X X—pea X X X

()(3+9x2—x—1)—x3

b=lim[f(x)~ax |=lim

\Rx3+9x2—x—1)2 +x3xP+9x% —x~1+x°

o 1 1

2

s 2
! [ S TR e
X X X X X

Vay ham s6 co tiém can xiénlay =x + 3.

=lim

= Chon (C).
2xP X =2 o .
Baitap 23, Cho (C, ):y=1(x)= — D¢ dudng tiém cin xién tao v6i 2 truc toa
X —
i d6 mot tam gidc c6 dién tich bang 4 thi:

(A)m=2; (B) m = -6;
(Clm=2vam=-6; (D)m=0vam=-4.
|E_é]:| Giai:

m

Taco: y=f(x)=2x+m+2+ T
x_

| Véi m =0 tacé: li_I)ID_}[f(X)—(Zx+m+2)]:lim LI

xoee x — 1

Nén (C,,) c6 tiém canxiénla(d, )y =2x +m+2



\
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Tacé: (d,,)nOy=A(0;m+2); (d,)nOx =B(_m2"2;0)

. 3z 1 1 1 2
Khi d6: 8,4, :EOA'OB:5|}’A|'IXB|=Z(m+2) =4

2 m+2=4 m=2
S (m+2) =16 & :
m+2=-4 m=-6

= Chon C.

Chd y: Tiém can xién tao vdi hai truc toa d6 1 tam gidc vuodng tai goc O.

oo e, 2
B2 cho(C)y=1(x)= 2X+—+);+1 Khéang dinh ndo sau day la ding?
X

(A) Tich cdc khoang cach tit M e (C) dén 2 tiém can luon ludn khong déi va bang %
5
(B) Tich cdc khoang céch tit M e (C) dén 2 tiém cén thay d6i phu thudc vao vi tri cla
diém M.

(C) Tich cdc khoing cach tit Me (C) dén 2 tiém c4n luén lubn khong ddi va bing i
5
(D) Tich cac khoang cich tit M e (C) dén 2 tiém cén lu6n luon khong ddi va bing %
€] Giai:
(& oiai
2x* +x+1

Tacd: Im———————=co= TCD la: x=-1.
ool o x+1

f(x)= 21+ = lim| f (x)-(2x—1)]=1lim

=0=TCXla:y=2x- L

x+1 X oo x—o % 4]
2 ) )
Goi M a;w le (C) = khoang cich tt M a;2—a—+—€i+—1 dén TCD 1a:
a+l a+l
4, =y +1=Ja+1
‘ _2at+atl_ 1
2
Khoing cach tit M| ;222 | qen Tex 1a: 0, = atl  |___2
atl R N
2 2

Tacé: d,.d,=[a+1].

\/§|a+1|:ﬁ

= Chon (A).




Néing cao ky nding gidi todn trdc nghiém
100% dang béi héium 56, cdc bai todn tién quan

ﬁ Tim tdt ca cac gia tri thuc ctia tham s6 m sao cho d6 thi chaham s6 y = _-gi-ji
¢6 hai tiém cn ngang, mx” +1
(A) Khong c6 gia tri thuc nao cia m thda man yéu cau dé bai.

(B) m=0.
(CYm > 0;
(D) m<0.
‘©)F) Gidi:
©
+ Véim =0 thiy=2x+3 = d6 thi khdng c6 tiém cin ngang.
+3
+Véim<0thi y= 2x = 2x+3
\/mx2 +1 | 1
X| m+ —
X
2x+3 2x+3
Ta thdy lim m+L khong ton tai khi m <0 va th— -2, lim sz
X—eo x X400
= Do thi ham s6 khong cé tiém can ngang khim < 0.
+ Véim > 0 thi:
Ta cé:
5.3
limy=lim 23 i 2H3 g x o 2 o 2
X-=>—o0 X —y—o0 2 X—y—o0 X—y—oo
mx-+1 ‘Xl m+L \/m_'_L \/E \/—IE
x* X
1a tiém can ngang bén trai.
3
lim y = lim —— 2x+3 _2xH3 = lim —=2= 2+_ ——_->y
X—>+o0 X=>+oo x—>-°° X——oo
VX |x|,/m ty m+t- 7
la tiém cin ngang bén phai.
= Chon (C).

-x’ 2x i 1 .

5 Cho (C):y=f(x)= X cosar ;(sma T . C6 bao nhiéu khing dinh SAI trong

‘ X +
cac khing dinh dudi day?

(A) 1; (B) 2; (C) 3 (D)o.




M Megabook Chuyén gia Séch tuyén thi '“\

(A) V&i moi gid tri cha o thix = -2 lu6n 14 tiém cin diing.
cosa =0

(B) P& (C) c6 tiém can xién thi { n 1.
sin| o+ — |#——

4) 42

(C) Dé khoang céch ti gdc toa do dén tiém cin xién dat Max thi o = arctan 3 + k.

:@r—é] Giai:

+ Xét khang dinh (A):

2 .
, o« —X“coso+2xsino+1 T Ny
Ta cé: lim =0 Vo= x=-2ludn la tiém can ding
x—-2 X+2

= Khéng dinh (A) a ding.

+ Xét khang dinh (B):

1~4(sin o+ cosot)
Xx+2

Taco: y=1f(x)=—xcoso+2(sinol+coso)+

cosg#0
cosat #0

L3
1—4(sin0c+cosoc)¢0® sin(oc-kg);«éL (*)

42

D6 thi (C) ¢6 tiém cin xién & {

= khdng dinh (B) 1a dung.
+ Xét khéng dinh (C):

Vi diéu kién (*) ta co:

lim[f (x)—(-xcoso+2(sina+ cosoc))] =lim

X =00 X—oo

1-4(sin o+ cosat)
X+2
= Tiém cén xién ctia (C) la: (A): y =—x cos ot + 2(sin o + cosa.)

Khoang cach tit géc toa 6 O(0; 0) dén TCX: (A): y = —xcosa.+ 2(sin o+ cosa) la:

_(2(sina+cosa)|  2fsin o+ cos]

d(0;(4))=

Jeosla +12 J2cos?o +sin? o

2\/(1 + —;— J(coszoc +sin’ OL)
< -J6

Jeos?oL+sin® o

1
2l.sinoc+ —.ﬁcoso&
_ J2

Jeos?o+sin’ o

=\/§<:>tan0c=2<:> o = arctan 2 + kT

= Maxd(O;(A =\/E<:> sinc =
(@) =6 e

= Khéng dinh (C) 12 sai.

1
b
V2
= Chi ¢6 khéng dinh (C) 12 sai.
= Chon A.




Néng cao ky néng gidi todn tric nghiém
, 100% dang béi ham s6, cdc bai todn lién quan

Chi y: Cong thdc tinh khoang cach tit diém M(x,;y,) dén duong théng
lax, + by, +¢|
Jal+b®

x*+2x-2

x—1
dén giao diém chia 2 dudng tiém can 1 nho nhat. Khi d6, hoanh d6 ctia diém M 1a:

(A):ax+by+c=0la: d(M;A)=

.Biityp27, Cho(C):y=f(x)= - Gia sti M thudc (c) sao cho khodng cach tit M

1 1
(A) 14+ —; (B) 1+— hodc1-
i \/5 K
1
(C)1——: (D) 0 hoic 2.
32’ '
L@—i Giai:
2
Ta c6: 1irr11L"1'2 —co= TCP la:x=1.
X— X —

f(x)= x+3+ﬁ=>>l(1_r£[f (x+3)]—11_133i—0:> TCXla:y=x+3.

Giao di€m A ctia 2 dudng tiém can c6 toa d6 13 nghiém cta hé phuong trinh:

{Fl @{XZL:A(IA)

y=x+3 y=

a’+2a-2
a—1]

MA:\/(a—])2+(%ﬁ_4)2 =\/(a_1)2+(8.2 —a2_a1+2)2

= (a—1)2+[(a_1) +1:| =\]2(a—1)2+ ! S +22242+2

Goi M(a; )e (C) = Khoang cich tit M dén giao diém cta 2 tiém cin la:

(a-1)

Vay MA nhé nhat bing v2+2 +2 khi:

?~(m’+m-1)x+m’ -m+2

(m #0). Khoang cach tii géc

X —m
toa d6 dén tiém céan xién:

| _ (A) Khéng 16n hon V2. (B) Bing /2.

g

| (C) Khong nhé hon +/2. (D) Lén hon 2.
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E‘ﬂ Gii:

,vim#0 nénTCX1a:y=mx+1-m

Tacé: y=mx+1-m+
X—m

Khoang cach tit géc toa do O(0; 0) dén TCX (mx -y + 1 - m = 0) la:

4o m0-0+1-m| _ [I-m] \/[11+( ym] \/ +( [12+m]
Jmia(-1f  Vm®+l Jm? +1 Jm? +1

Suy ra khoang cach tii goc toa do dén tiém cén xién khong l6n hon Np)

= Chon B.




Thién dudng hoa & cong vién Hitachi Seaside

Cong vién Hitachi Seaside la mgt trong nhimg diém du lich “vang” ctia dat nuoc
Nhat Ban. Véi dién tich 3.5ha, noi day c6 rat nhiéu ngon déi. méi ngen déi la moi
logi hoa khac nhau, thay phién khoe sac sudt 4 muia trong nam. Cong vién nay dic
biét ndi ti€ng vai hoa nemophilas - loai hoa nam canh mau xanh trong suét. Trong
mua xuan, hon 4.5 triéu cay hoa nemophilas xanh sé dua nhau né rd trong cong
vién tao nén canh dep “doc nhat vo nhj”.



KHAO SAT HAM SO VA CAC UNG DUNG

@ KIEN THUC TRONG TAM

A. SO DO KHAO SAT HAM SO

@D 13p xic dinh
Tim tép xac dinh cta ham s6.

Su bién thién

- Xét chiéu bién thién ctia ham s6:

+ Tinh dao ham

+ Tim cac diém tai d6 dao ham y’ = 0 hodc khong x4c dinh.

+ Xét ddu dao ham y’ va suy ra chiéu bién thién ctia ham sé.

- Tim cyec tri

- Tim cac gidi han tai vé cuc, cac gidi han v cyc va tim tiém cin (néu co).

- Lap bang bién thién (dién cic két qua va bang bién thién)

€D o thi

Dua vao bang bién thién va cic yéu t6 xac dinh & trén dé€ vé do thi.

Chi y: 1. Néu ham s6 tudn hoan véi chu ki T thi chi cdn khao sét sy bién thién va vé 4
th1 trén 1 chu ki, sau d6 tinh tién dé thi song song véi truc Ox.

2. Nén tinh thém toa d6 mot s6 diém, ddc biét 1a toa d6 cac giao diém ca d6 thij véi cic
truc toa do.

3. Nén luu y dén tinh chan, 1é clia ham s6 va tinh d6i xing ctia d6 thi d€ vé cho chinh xac.

4. Piém uén cta dé thi

biém U(xo;f (Xo)) dugc goi 1a diém udn cha ctia d6 thi ham s6 y = f(x) néu tdn tai
moét khodng (a; b) chita diém x, sao cho trén mét trong hai khoang (a;x,) va (x,;b) tiép
tuyén clia d6 thi tai di€ém U nam phia trén d6 thi con trén khoang kia tiép tuyén ndm phia
dudi d6 thi.

Pé tim diém udn cta d6 thi cé thé st dung diéu khing dinh di dugc chitng minh
sau day:

Néuham s6 y = f(x) c6 dao ham cép hailién tuc trén mot khoang chiia diém x,, £"(x,)=0

va f”(x) d6i ddu khi x qua diém x, thi U (x0 s f (% )) la mét diém udn ctia d6 thi ham sé y = f(x).




! Néng cao ky néing gidi todn trdc nghigm
p 100% dang bai héun 56, cdc bai todn lién quan

@M * Tim diém udn clia d6 thi ham s6  (x) = x> —3x7.

@ Giai:
Taco: f'(x)=3x>—6x,f"(x)=6x-6 =0 x =1. Vif’(x) d6i ddu ti 4m sang duong
khi di qua diém x = 1 nén U(1; -2) la diém udn cta d6 thi ham s6 da cho.
Dé chiing minh dugc ring:
D6 thi ham s6 bacba f(x)=ax’ +bx* +cx+d (a #0) ludn c6 mot diém udn va diém

uon d6 1a tAm d6i xing cua 36 thi.
\ JJp - ~
I1#Z CAC DANG BAITAP

DANG 1:
KHAO SAT HAM SO BAC 3 VA CAC UNG DUNG

Bai toan:

Khéo sit va vé d6 thi ham s&: (C): y = f(x) =ax’ + bx* +cx +d (a # 0)
Phuong phap:

1) Tap xac dinh: D = R.

2) Su bién thién

a) Chiéu bién thién

- Dao ham: f'(x)=3ax’ +2bx +¢

= Ham s6 déng bién, nghich bién trén cic khoang.

b) Cuc tri: Xét phuong trinh £'(x)=0 ¢6 A'=b’ —3ac

+ Néu A'<0 thi f'(x) khéng ddi ddu nén ham s khong c6 cuc tri.

Trudng hop 1:a> 0 thi f'(x)=0Vxe R = y =f(x) luén déng bién.

Trudng hop 2:a < 0 thi £'(x)<0Vxe R = y=f(x) luén nghich bién.

+Néu A'>0 thi f'(x)=0 c6 2 nghiém phéan biét X|,X, va ham s dat cuc tri tai X;,X,.

¢) Gidi han 6 v6 cuc

+o0 >0
limf(x):limx3(a+2+%+%): a .
= X X X X —oo 4 <

—00 >0
lim f (x) = lim x° a+2+%+i3 = a
e o X X X o0 a<0
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d) Béng bién thién

Dién cdc két qua & trén vao bang.
3) D6 thi

a) Giao vdi cac truc Ox, Oy

b) Vé d6 thi

Chii y: Lay thém céc diém d€ vé d6 thi cho chudn.

>
I1Z cAcvipu

m * Khao sit sy bién thién va vé d6 thi ham s6: y =—x’ +3x-2.

lf_lbjij Giai:
1) TXD: D=R.
2) Su bién thién
- Chiéu bién thién
y‘=—3x2+3; y=0o-3C+3=0ox’ =1l x=11.

y'>0e-3x*+3>0= -1<x<1= ham s6 dong bién trén (-1; 1)

>1
y'<0¢ -3x*+3<0 |:X 1 = ham s6 nghich bién trén (—oo;—1) U (1;+0)
X <—

- Cuc tri
Ham s6 dat cucti€utaix=-1 =y, = -4

Ham s6 dat cic daitaix=1 =y, =0

- Cac gidi han tai vo cuc

X=—>=00 X—>—02 3

limy = Iim-x3(l—%+—g—):+oo
X2 X

X—>+oo X—toe 2

- 1irny=1im—x3(1— 3.+%)=—oo
X’ x

- Bang bién thién:




Néng cao ky néing gidi todn tric nghiém
100% dang bék héum 56, cdc bai todn tién quan

3) Do thi
- Cac giao diém ciia (C) v6i cac truc Ox, Oy

Tacd: —x’+3x-2=0e |: = A(-2;0); B(1; 0) 1a céc giao diém ctia (C) véi truc Ox.

X =
x=0=y=-2= C(0; -2) la giao cha (C) vdi truc Oy.
- D6 thi

A

p—

=Y

(®)

M’ Khao sat sy bién thién va vé d6 thi cia ham s6: y =f{x)=x"+3x>+3x +1.

@ij Gidi:

1) TXD: D=R.
2) Sui bién thién
- Chiéu bién thién

y'=3x2 +6x+3=3(x? +2x+1)=3(x+1); y' =0 = x=-1

y'20 VX = ham s6 dong bién trén R.
- Cuc tri
Ham s6 khong co cuc tri

- Cac gidi han tai vo cuc

}Ll}lylelrpmx?’(l"f‘%-i-%-{-%J:—oo

X—>toe X—too

X
lim y = lim x3(1+1+—3;+%]=+m



\
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- Bang bién thién:

o -1 +00
y' + 0 +
+00
y
-00

3) Do thi

- Giao vdi cac truc Ox, Oy

Tacéd: X’ +3x*+3x+1=0< (x+1)3 =0 < x =—-1= D¢ thi ham sé giao véi truc Ox
tai diém A(-1; 0)

Khix =0thiy=1 = D6 thi ham s giao véi truc Oy tai diém B(0; 1)

- D6 thi

YA

(ITH » Khao sét su bién thién va vé d6 thi ham s6: y = —x* —2x +3.

@ Giai::
) TXD: D=R.
2) Su bién thién
- Chiéu bién thién
y'=-3x"-2<0Vx = y'=0& x=-1= ham s6 nghich bién trén R.
- Cyctri
Ham s6 khong ¢6 cuc tri

- Céc gidi han tai vo cuc




/ Néng cao ky ndng gidi todn trdc nghiém
; 100% dang bai héum s6, cdc bai todn tién quan

e

. . 3 _
e e

- Bang bién thién:

X -0 +00

~00

3) D6 thi

- Giao véi cac tryc Ox, Oy

Tacéd: —x* —2x+3=0 < x =1 d6 thi ham s6 giao v6i truc Ox tai diém A(1; 0)
Khix =0thiy=3 = D4 thi ham s6 giao v&i truc Oy tai diém B(0; 3)

- Do thi ‘

A

=Y

©

(I » Khao st su bién thién va vé d6 thi ctia ham s6: y = 2x> —x°.

t@‘;—’ Giai:
1) TXDb: D=R.
2) Su bién thién

- Chiéu bién thién




I Mega book Chuyén gia Séch tuyén thi |

x=0
y'=6X2—2X=2X(3X—]);y'=0<:> 1
73
ol |
y'>0e 3 = Ham s6 d6ng bién trén (—eo;0) U §;+°°}
x<0

1
y'<0e0<x< 3 = Ham s6 nghich bién trén (0;%
- Cuc tri

Ham s6 dat cuc daitaix=0 = y_, =0

s« oy 1 1
Ham s6 dat cuctiéutai X ===y, =——
3 27
- Céc gidi han tai v6 cuc
: .3 1
Imy=lmx’|2—— |=—o0
X——0 x——o0 X
: .3 1
limy=1lmx’| 2—— |=+ce
X—>+co X—>+o0 X
- Bang bién thién:
1
X ~00 0 g +o0
Yy 0 +

+ 0 -
0 +00
y / \ /
-1
-0 —_
27
3) D6 thi

- Giao véi cac truc Ox, Oy

Ta cé: 2X3—x2:0<:>x2(2x—1)=0<:>

do thi ham s6 giao véi truc Ox tai diém

(€)

A(0; 0) va B(}i;o).

Khix=0thiy=0 =

d6 thi ham s6 giao véi truc Oy tai diém A(0; 0).
- D6 thi

N o=




Ning cao ky ndng gidi todn trdc nghiém
100% dang bai ham s6, cdic bai todn tién quan

@@ » cho(C): y-zf(x)z%x3 —-x*+m,

a) Khao sét sy bién thién va vé d6 thi cia ham s6 khi m =

— W | —

b) Tim m &€ phuong trinh £ (x)=0 c6 3 nghiém phén bié
[ ciai:

a) Voi m=% thi(C):y:f(x)=§x3 -x*+m

1)TXD: D=R.

2) Su bién thién

- Chiéu bién thién

y'=2x"-2x.
y'=0¢:>2x(x—-1)=0<:>[

>1
y'>0e [z 0> Ham s6 d6ng bién trén (—oo;0) U (1;+00)

y'<0 < 0<x <1= Ham s6 nghich bién trén (0; 1)

- Cyc tri
Ham s6 dat cuc dai taix =0 = y_ = ?1);
Ham s§ dat cuc tifu taix=1 = y_ =0
- Cac gidi han tai vo cuc
lim y = lim x° %——1—+—1—3- = o0
X—y-oo A—pro0 3 x 3x
2 1 1
limy=limx’| = ——4+—— |=—c0
=y = A5 (3 x 3x° ]
- Bang bién thién:
X ) 0 i +o0
y + - +
1 +00
y / 3 \ /
-0 0
3) D6 thi

- Giao véi céc truc Ox, Oy



— =y
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2 1 2
Ta co: §X3 -x’ +§=O = (x—l) (2x+1)=0& 1 = (C) giao vdi truc Ox tai
x —_——
) 2
cac diém A(I;O);B(——Z—;O]

1 .
Khix=0thiy= § = (C) giao véi truc Oy tai diém C(O;%)
- b6 thi

YA ©

Nere
/

b) Ta c6: f(x)=0<:>§x3—x2+m=0<:>—§x3—x2+%=~m+l (1)

, 1
S8 nghiém ctia phuong trinh (1) 1a 6 giao diém ctia dudng thing (D) y=-m+ 3
vGi d6 thi ham sé (C).
. . 1 1 1
Nhin vao d6 thi ta thdy (D} cit (C) tai 3 difm © 0<-m+-<-=0<m<—.
m'" a) Khio sat vavé (C): y =x’ —3x.
b) St dung dé thi tim Min, Max clia y = —sin3x —3sin’ x.

I@g Giai:
a) Khao st va vé (C)
1) TXD: D=R.
2) Sy bién thién
- Chiéu bién thién

Tacé: y'=3x"-3;,y'=0=3x’-3=0c x =*I.

>1
y'>0&3x*-3>0 <:>|:X = Ham s6 dong bién trén (—ee;—1) U (1;+e0)
X < -
y'<0& 3x* ~3<0 & -1<x <1= Ham s& nghich bién trén (-1; 1)
- Cuc tri




Niéng cao ky néing gidi todn trdc nghiém
; 100% dang béi hém 56, cdc bai todn bién quan

Ham sé dat cyc daitaix=-1 = y_ =2
Ham sé dat cuctiutaix=1 =y, =-2
- Cac gidi han tai vo cuc

lim y = lim x3(1—%)= —oo
X—y—00 X-—co0 X

lim y = lim x{l—%): oo

X—>+es X400 X

- Bang bién thién:

X -00 -1 +1 +o0
y' + 0 - 0 4+
2 +c0
/ /
—o0 -2

3) D6 thi

- Giao vdi cac truc Ox, Oy

Tacd: x’-3x=0& x(x2 —3)= 0 <:>|: = D6 thi giao véi Ox tai cdc diém

A(0;0);B(¥/3;0);C(—3;0)

Khix = 0 thiy =0 = D6 thi giao vdi truc Oy tai diém C(0; 0)
- b6 thi

x=i\/§

b) Ta cé: y =—sin3x —3sin’ x = =3sinx +4sin’ x —3sin’ x = sin’ x — 3sinx.
bit t=sinx,te [-;1]= y=f(t)=t’-3t,te [-L1].



\
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A e T T

Xéthamsd y=f(t)=t"~3t trén [-1; 1]

Nhin vao d6 thi ta thdy Min f(t)=-2,khit=1 :>sinx=1¢:>x=§+k27t.

te[-11]

M%f‘(t) 2, khit=-1 :>smx——1(:>x———2—+k2n

’Cho y=(m+3)x’-3(m+3)x’ —-(6m+1)x +m+1(m la tham s5).
a) Tim quf tich trung diém I ctia doan thing néi cic diém cuc dai va cyc tidu caa (C,, ).
b) Ching minh ring (C_ ) luén di qua 3 diém c6 dinh thing hang.
¢) Timadéduongthingx=acit (C,, ) tai cdc diém ma ti€p tuyén tai d6 song song véi nhau.
? ",E Ga ) ~:
‘ Q\Jl iai

a) Tacé: y'=3(m+3)x*—6(m+3)x—(6m+1)

m+3#0

C,) c6Ch,CT &
(Ca) ot {AV:9@n+3f+30n+3X6mﬁJ)>O

10

m % -3 m< -3
=N =
A'=3(m+3)(9m+10)>0 m>—~9~

Khi {C_, ) c6 CP, CT thi trung diém I clia doan thdng n6i CD, CT chinh la diém uén cta
(Cm) (Do d6 thj ham s6 bac 3 nhan diém udn lam tam déi xing).

Taco: y"'=6(m+3)x-6(m+3)=0o x=1(m#-3)

Vay toa d6 diém I théa mén:

=1

. =(m+3)x3 ~3(m+3)x* —(6m+1)x +m+1

m>——
[ r
x =1
X= 43
y<—
@Jy——7m 3, 9
m<-—3 y>18
10 -y-3
- m=———
Lm> 7




Néng cao ki) ndng gidi todn trdc nghiém
100% dang béi héum 56, cdc bai todn tién quan

Viy quy tich I(x; y) 1a phan duong thing x = 1 b6 di doan L1, v6i I, (l;%E J; L, (1;18)

b) Phuong trinh (C_ ) dugc viét vé dang:
(X3—3x2—6x+1)m+(3x3—-9x2—x+1—y)=0
Toa d6 diém c6 dinh la nghiém ctia h¢ phuong trinh:
x* —3x*=6x+1=0 x’-3x° =6x—1
A 3 2
30 -9’ —x+1-y=0  |3(x’-3x*)-x+l=y
x*-3x*-6x+1=0 [x’~3x°-6x+1=0 (1)
= o
y=3(6x—-1)-x+1 y=17x-2 (2)

Xét ham s6 f(x) =%’ —3x" —6x +1

x=1—\/§
x=1+\/§

o = £(1-V3)£(143) = (=7+6+3).(<7 - 6/3) = 49108 =59 < 0

Vay (1) ludn cé 3 nghiém phan biét, chiing t6 (C,, ) Iuén di qua 3 diém c6 dinh va (2)

Ta co: f‘(x):?»x2 —6x-6=0(:>[ = ham s6 f(x) luén c6 CD va CT va

chiing t6 3 diém c6 dinh 4y ndm trén dudng thingy = 17x - 2.
c) Tacéd: y'(a)=3(m+3)a’—6(m+3)a—(6m+1)
y'(a)=(3a’ —6a—6)m+(9a2 ~18a—6)
y'(a) khéng phu thuéc viom < 32’ -6a—6=0a= 1++/3
=1++3 . !
Vay khi 2 V3 thi tai cdc giao diém cta dudng thing x =ava (C, ) tiép tuyén tai
a=1-3
dé song song.
Cu thé
+Khi a =1++/3 thi cAc tiép tuyén c6 cac hé s6 goc la: k = y'(l +\/§) =12
+Khi a=1-+/3 thi céc tiép tugén co hé s6 géc 1a: k = y'(1-+/3) =12.
Chu y: - D61 v8i ham s6 bac 3 thi hoanh d6 ctia diém uén la nghiém ctia phuong trinh:
f'(x)=0.

- D4 thi ham s6 bac 3 nhan diém uén lam tim d6i xing.

m *» a) Khao sat va vé d6 thl ham s (C) y= x> —6x% +9x.

b) Tim m dé duding thing y = mx giao v6i (C) tai 3 diém phan biét O, A, B. Chiing minh
rang trung diém I ciia AB nidm trén 1 dudng thang song song véi Oy.



\
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I@Q Giai:
a) Khdo sit va vé d6 thj ham s6
DHTXD: D=R.
2) Su bién thién
- Chiéu bién thién
Tacéd: y'=3x" —12x +9=3(x" —4x+3)=3(x - 1)(x -3).
x=1

'=0& )
Y _x=3

o Ix>3
y'>0 1 = ham s6 dong bién trén —oo;l U 3;+eo
X

y'<0 < 1<x <3 = ham s6 nghich bién trén (1; 3)
- Cuc tri

Hamsé datcicdaitaix=1 = y_, =4.

Ham s6 dat cyctiéutaix =3 =y, =0

- Céc gi6i han tai v6 cyc

X——oo X——oo 2

lim y = lim x3(x——6-+i):—oo
X X

S -

X X

3) D6 thi

- Giao véi cac truc Ox, Oy

1

0 :
Tach: xX° —6x2+9x =0 e=>=x x-3 =0 [X = (C) giao vdi Ox tai céc diém
X =
0O(0; 0); B(3; 0)
Khix=0thiy=0 = (C) giao v6i truc Oy tai diém O(0; 0)

- D6 thi
yﬁ ' ©
4 ¢-----5 '
S G o




Néng cao k néing gidi todn trdc nghiém
100% dang bai héum s6, cdc béi todn tién quan

b) Ta ¢é: (D): y = mx la dudng thang di qua

O(0; 0). y =
Nhin vao dé thj ta thdy d€ duong thang (D): y ©
y = mx giao v6i (C) tai 3 diém phan biét A, 4‘? ______
B, O thi0<m<4. =
Hoanh d6 ctia A, B 1a nghiém cta phuong
trinh: f
x* —6x* +9x = mx : p 3

x=0

<:>x(x2—6x+9—m)=0<:> ) .
X“—6x+9-m=0

Vi O(0; 0) nén hoanh d6 ctia A va B 1a nghiém ctia phuong trinh:

X, +X,=6
x2—6x+9—m:0:>{ A TB :
X,Xg=9—-m

+ 6 A
Trung di€m I chia AB c6 hoanh d6 x; = x, = LT 5= 3 = Ithudc dudng thang
x = 3 song song vdi truc Ox. X. +x
‘ X, =—ATZB
Chii y: 1 la trung diém ctia doan AB thi z
_YatYs

\ JR Y I 2

"1 Hinh nao dudi day mé ta d6 thi ciia ham & (C)y=x"+5x>+T7x+3?

A ©




\
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e e e e

YA

© A ©)
4¢----- :
a
3/\1 : x)
O 1 3 X
(C) (D)

E‘g Giéi:

Ham s6 y = f(x) giao vdi truc Ox tai diém (-1; 0) nén chon (C).

Luu y: Nén d€ y cic diém dic biét nhu diém cyc dai, cuc tiéu, giao diém vdi cic truc toa
d¢ va tinh chdt ctia ham s6 y = f(x) d¢ chon dép 4n nhanh nhit.

2" S6 giao diém cha hai duongcong y=x’—-x>-2x+2vay= x*—x la:

; (B) 1; (C) 2; (D) 3.

ez eiai:
N

Phuong trinh hoanh d¢ giao diém la:
X -x’-2x+2=x’-x©x’-2x"-x+2=0x"(x-2)—(x-2)=0
x=2
e (x-2)(x*-1)=0e .
-2t -1)=0e 174
Vay hai dudng cong giao nhau tai 3 diém.

= Chon (D).

i Biét ring dudng thing y = 2x + 1 cit d6 thi hAm s6 y =x’ +3x +1 tai diém duy
nhdt M(x,;y,). Tim y,.

(A) ¥, =0; (B) v =1; ©) yo=2 (D) y, =-1.
5 ciai:
,. oy s
Phuong trinh hoanh d¢ giao diém Ia: x* +3x +1=2x +1

<:>x3+x=0®x(x2+1)=0<=$x=0:>x0=0=>y0=y(x0)=2.0+1=1.

Vay y, =1.
= Chon (B).




! Néng cao ky néing gidi todn trdc nghiém
/ 100% dang bai ham s6, cdc bai todn tién quan

] j?’x; Khing dinh nao sau day la SAI vé ham s8 y = ax’ +bx’* +cx +d(a # 0)?

(A) D6 thi ham cfia ham s6 ludn ¢t truc hoanh tai it nhit mot diém.

(B) Néu phuong trinh y'=0 c6 hai nghiém phén biét thi d6 thi cha ham s6 ¢6 1 diém
cuc dai, 1 diém cuc tiéu.

(C) D6 thi cia ham s6 khong ¢6 diém cuc tri khi va chi khi phuong trinh y'=0

vo nghiém.

(D) D4 thi cia ham s6 nhéin diém c6 hoanh d¢ la nghiém ctia phuong trinh y"=0 lam

tam doi xing.

IE@%]J Giai:

Cac khang dinh A, B, D dung.

Khéng dinh C sai. Ly phan vi du nhu sau: D6 thi cia ham s y = x* khéng c6 diém cuc
tri nhung y'=3x’=0& x=0

= Chon (C).

} D€ phuong trinh 4x*> —3x +1=m c6 hai nghiém phén biét thi:
(A)m=0hodcm=2; (B) m>2;
(C) m < 0; (D)0<m<2.

E@ﬂij Giai:

Vé d6 thi cha ham s6 y = 4x* —3x +1.

©

Tacé: 4x> —3x +1=m (1) 1a phudng trinh hoanh d¢ giao diém cua (C) va dudng thing
! (D):y=m.




-
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Nhin vao d6 thi ta thay:

Khim > 2 hodc m < 0 thi (D) giao v6i (C) tai 1 diém = Phuong trinh (1) ¢6 1 nghiém

duy nhit.

Khi m = 0 hodc m = 2 thi (D) giao v6i (C) tai 2 diém = Phuong trinh (1) ¢6 2 nghiém

phén biét.

Khi 0 < m < 2 thi (D) giao v6i (C) tai 3 diém = Phuong trinh (1) c6 3 nghiém phan biét.

=> Chon (A).

Chi y:

- $6 nghiém ctia phuong trinh 4x® —3x+1=m chinh 14 s6 giao diém cta 6 thi (C) va
duong théng (D): y = m.

- C4 thébién ludn s6 gido diém ctia (C) va (D) bang bang bién thién va khong nht thiét
phai di vé d6 thi ctia ham s6 (C):

5| 1
x |0 2 2 oo
y + 0 - 0 +
y

_oo/ \0/

Quan sat bang bién thién ta thdy dé (C) giao vé6i (D) tai hai diém phan biét thi m = 2 hoic

(Co)iy=x>-3(m+1)x’+2(m? +4m+1)x —4m(m+1). Piéukién clia m
dé (C,) cit Ox tai 3 diém phan biét c6 hoanh d6 > 1 la:
(A) m>—; (B)%<m¢l;
(C) me R; (D) Khéng c6 gié tri clia m.
| ?@ﬂ] Gidi:
Xét phuong trinh: x* =3 (m+1)x” +2(m’ +4m+1)x —4m(m+1)=0

& ()(--2)[)(2 —(3m+1)x+2m(m+1)] =0

Tx=2
‘<:>(x—2)(x—2m)[x—(m+1)]:0 & x=2m
Xx=m+]




! Néng cao ky nding gidi todn tric nghiém
100% dang bai héum s6, cdc bai todn tién quan

1<2m#2
Yéu cau ctia bai toan « 1<m+1¢2<:>l<m¢1

2m#m+1
=> Chon (B).

‘Biitip7 Choham sé y=x"—6x”+9x—6 c6 d6 thi (C). Tim m dé dudng thing (D):
y=mx - 2m ~ 4 cit d6 thi (C) tai ba diém phan biét.
(A)m> -3 (BYm=-3;

(C) me R; (D) Khoéng c6 gié tri ctia m.

\[@']’;J Gidi:
Phuong trinh hoanh d6 giao diém la:
x* —6x* +9x -6 =mx —2m-4 ¢ (x - 2)(x* —4x+1-m)=0

Xx=2
‘:’[g(x)=x2—4x+1—m=o (1)

Dé dudng thing (D) cit d6 thi (C) tai ba diém phan biét thi phuong trinh (1)
6 2 nghiém phan biét khac 2

{A’ =m+3>0
&

< m>-3.
g(2)=—m-3=20

= Chon (A).

B3itaps; Cho dd thi ham s8(C,,):y =x™mx +7x +3. Diéu kién ctia m dé (C,,} c6 cip
diém d6i xing qua O(0; 0) la:
(A) m<0; (B) m > 0;

(C) me R; (D) Khong t6n tai gié trj cha m.

E&{J Gidi:
Goi A va B 1a 2 diém thudc d6 thi va d6i xiing nhau qua O(0; 0)
Gia sit A(a;a’ +ma’ +7a+3)e (C,,). ViB di xdng véi A qua O(0; 0)
nén B(—a;—a3 —ma’—-7a —-3).
ViBe (C,) nén —a’ —ma’-7a-3=(-a) +m(-a) +7(-a)+3

o mai=-3=m<0.

= Chon (A).
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&3 C Tingtéc

‘Bitap9 . Cho(C, )y ="f(x)=x’-3mx’ +3(m* -1)x - (m* -1).

Diéu kién ctia m dé (C,,) cit Ox tai 3 diém phén biét c6 hoanh d6 > 0 la:
(A)-l1<m<1; (B)\/§<m<1+\/§;
(C)m>1; (D) me(l;\/g)u(1+\/§;+oo).
E(S’iﬂ Gii:
Dé€ thoa man yéu cdu ctia bai todn thi d6 thi y
(C,) c6 dang nhu hinh vé dudi day: T
& ['(x)=0 c6 nghiém X, <X, (1) |

=Y

thoa man: 0 X,
f(X,)f(X,)<0 (2)
0<X, <X, (3)
£(0)<0 (4)

Xét (1):

£'(x) =3[ x* - 2mx +(m’ - 1)]= 0 & g(x) =x* —2mx +(m* ~1)=0

& X =m-l<m+1=X,

b
™~

e e e —— g

Xét (2): Thyc hién phép chia f(x) cho g(x) ta cé:
f(x)zg(x)(x—m)—2x-f—(m2 —1)(m—1)

e {g(XJ:O . f(X,)=(m*-1)(m-1)-2X, =(m-1)(m"-3)
g(X,)=0 f(X,)=(m*-1)(m-1)-2X, = (m+1)(m* - 2m 1)
= f f.= (X )f(X,)=(m*-1)(m’ -3)(m’ —2m-1)

CP*CT

Xét(3): X, >0 m-1>0
Xét(4): f(0)=1-m*<0
m—-1>0

(m2—3)(m2—2m—1)<0@ 3 <m<1+\[2_

Hé diéu kién: {

= Chon B.

B0 Cho (C.)y=f(x)=x"-3mx" +2m(m-4)x +9m* - m.
Gid tri cia m dé (C, ) cdt Ox tai 3 diém phén biét lap thanh mét cip s6 cong la:
(A)m=0vam=1; (B)m =0;
(COm=1vam=5; (D)m=1.




Néing cao ky néing gidi todn trdc nghiém
100% dang bai ham s6, cac bai todn tién quan

Ei] Giai:

Cach1:

biéu kién can:

Gia sit (C,,) cit Ox tai 3 diém phan biét 1a x,X,, ;.

Khi dé: x* —3mx’ +2m(m-4)x+9m* —-m=(x—-x,)(x - x,)(x—x,) Vx
& x’-3mx* +2m(m-4)x+9m’ —m

=%’ = (X, + %, + %, )" + (XX, + X,X, + XX, )X — X, X,X, VX
=3m=x,+X,+X,=(X, +X,)+%, =3x, ©x,=m

m=0

Thé X, =m vao f(x) =0 zbmz—m=0<:>|im_l

biéu kién du:

+Voim=0thi f(x)=%x’ & x =%, =X, =0= loai

+Voim=1thi f(x)=x"-3x"-6x+8=0¢ (x—-1)(x*-2x~8)=0
& x, =-1;x,=1x,=4

Vaym = 1.

Cach 2:

Tacé: y'=3x>—6mx +2m(m—4),y"=6x —6m.

y"=0& x =m = Diém udn U(m;m2 —rn).

Diéu kién can: D6 thi (C,,) clia ham s8 cit truc hoanh tai 3 diém cédch déu nhau
m=0

=>Uer<::>m2—m=O®|: .
m=1

Diéu kién du:

+ V6im = 0 thi y =x’. Khi d6, d6 thij chi ct truc hoanh tai 1 di€ém duy nhat
= m = 0 khoéng théa man.

+Véim=1thi y=x’-3x*-6x+8.

Ta co:
X =2
y=0&x*-3x"-6x+8=0¢ (x-1)(x*-2x-8)=0 | x=1 =X +x,=2x,.
x=4
= Chon A.

Chii y: 3 diém a, b, c lip thanh 1 c4p s6 cong thi a + ¢ = 2b. Khéi niém ba diém lap thanh
mot cap s0 cOng va ba diém cach déu nhau la tuong duong.



M Mega book Chuyén gia Sich tuyén thi *

P

BaipN  Cho (C, ):y=f(x)=x"-(3m+1)x’ +(5m+4)—8. Diéu kién cta m d€ (C,,)
cat Ox tai 3 diém phén biét 1ap thanh 1 cdp s6 nhan la:

(A)m =2; (B) m<2;
(C)m=2; (DDm=2vam=7.
252] Gidi:

Diéu kién cén: Gid stt (C,, ) cit Ox tai 3 diém phan biétla x,x,,x,.

Khi d6: x* —(3m+1)x> +(5m+4)x —8 =0 c¢6 3 nghiém la X,,X,,X,,

& X’ —(Bm+1)x* +(5Sm+4)x -8 =(x—x ){x—x,)(x~x,) Vx

& x’ - (3m+1)x* +(5m+4)x -8

=x"— (X, +X, + X, ) x> + (XX, + X,X, + XX, )X — X,X,X,

8=x,X,X, =X, =x,=2.

Thé X, =2 vaof(x) =0 =>4-2m=0m=2

biéu kién dd: V6i m = 2 thi

f(x)=x"-7x"+14x-8=0 (x-1)(x-2)(x-4)=0 = x, =;x, =2;x, =4

Vaym = 2.
Do d6 chon A.

Chii y: 3 diém a, b, c 1ap thanh 1 cép s6 nhén thi b* = ac.

&yoveacn

49134 Tim s nghiém cia phuong trinh: 4%’ —3x =1~ x>,

(A) 4 (B) 1; (©) 2 (D) 3.
E€)Y) Giai:
I_E@;] iai

$6 nghiém clia phuong trinh: 4x% —3x =+/1 - x?

chinh la s giao diém ctia dudng cong (C)

va dudng cong (C'):y =v1-x".

>0
Tacéd: y=v1-x> @{y

2

x*+y> =1
= Do thi (C) la 1 phin cha dudng tron:
x*+y* =1.

Nhin vao do thj ta c¢6 (C) giao v6i (C’) tai 3 diém
M, N, P

= phuong trinh ¢6 3 nghiém.
= Chon (D).




Néng cao ky néding gidi todn tréic nghiém
/ 100% dang bai héwm 6, céc béi todn tién quan

UBitip13} Cho d6 thi ham s6 (C):y =(4—x)(1-x)". Goi A=(C)Oy va (D) 1a duong
thang di qua A véi hé s6 géc k. Tim k dé (d)(C) tai 3 diém phén biét A, B, C.
(A) k=0;
(B) k> 0;
(C)k<0;
(D) ke R.

5 Nt
—
“~
]
N

G-l Giaie x=0
& i

Ta c6 (C) giao véi Oy tai A(0; 4).

Phuong trinh dudng thang (D) di qua A(0; o 1
4) v6i hé s6 goéck la: y = kx + 4.

Nhin vao d6 thi ta thdy dé (D) M (C) tai
3 diém phan biét A, B, C thi dusng thing (D)
chay tii duding thdng y = 4 dén dudng thingx=0 = k<0

= Chon (C).

[ L TR TR )

=Y

y=kx+4

©

DANG 2:
KHAO SAT HAM TRUNG PHUONG VA CAC UNG DUNG

Bai toan:
Khio sat va vé d6 thi ham s6 (C): y =f(x) =ax* +bx* +c(a = 0)
Phuong phap
1) Tap xéc dinh: D=R.
2) Su bién thién
- Chiéu bién thién
+ Tinh dao ham y’
+ Giai phuong trinh y' = 0
+ Xét ddu dao ham va chi ra cac khoang ham s6 dong bién, nghich bién.
- Cuc tri
- Céc gidi han tai vo cuc
Tim c4c gi6i han: limy = lim x* [a + % + %]
xtoo ?  xteo x?  x
Ty theo d4u ctia a suy ra cac gidi han.
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- Bang bién thién

Veé bang va dién cac két qua vao bang.

3) Do thi

- Giao vdi cac truc Ox, Oy

- Vé d6 thi

Chii y: Lay thém cac diém dic biét d€ vé cho chuin.
Cacvidu

@I » Khao sét sy bién thién v vé d6 thi cia ham s6: y = —x* +2x* 1.

[& aisi:

1)TXD: D=R.
2) Su bién thién
- Chiéu bién thién
Ta co: y':—~4x3+4x:4x(1—~x2):4x(1—x)(1+x)

=0 x=0
7= x =%l
y'>0 & x € (~o0;=1)U(0;1) = Ham s6 dong bién trén (—eo;—1)U(0;1)
y'<0e xe (=1,0) U (L;+o°) = Ham s nghich bién trén (—1;0) U (1;+)
- Cuyc tri
Hamsé datcyctaix=-1 = y,,=0vax=1=y,=0
Ham s6 dat cyc tifu taix =0 =y, =—1.

- Céc gidi han tai vo cuc

) ) 2 1
lim y = lim x* (—l +—2——4]= —oo
X—r—eo X—y—ce X X

X—>too X—>+o0 X2 X4

lim y = lim x° —1+3_i):_w
- Bang bién thién:
X -00 -1 0 1 “+00
+ 0 - 0 + 0 -
0 0
00 1 o ‘
3) Do thi |

- Giao véi cac truc Ox, Oy




Néng cao ky néng gidi todn trdc nghiém
100% dang bai ham s6, cdc bai todn lién quan

Ta o6 —x* +2x —1=0 & —(x*-1) =0 = x> =1 x =+1 = D6 thi (C) giao vdi
truc Ox tai cac diém A(-1; 0) va B(-1; 0).

Khix=0thiy=-1 YA
= D6 thi (C) giao voi truc Oy tai dieém C(0; -1). 1
- D6 thi

Y

©)

ITH > Khao sat va vé d6 thi ham s6: y = x* +-5—)~x2 +2.
‘€=l Giai:
@\] iai
1)TXD: D=R.
2) Su bién thién
- Chiéu bién thién
Ta co: y':4x3+%x:y':0®4x3+%x=0<=>x(4x2+%)=0<:>x=0

y'>0& 4x° +§X >0 X(4x2 +%)> 0=x>0= Himsb dong bién trén  0;+oo

3 .
y'<0 & 4%’ +%x <0 x(4x2 +§]< 0 & x <0=Hams6 nghichbiéntrén —oo;0
- Cuc tri
Ham s6 dat cuyc tiéu tai x = 0.

- Céac gidi han tai v cuc

3 2
lim v = lim x*| 1+ +-2 1= Joo
o ( 10x* x4)

2
. 1 4 Z = qeo
L e
- Bang bién thién:
X -00 0 +o0
y' - 0 +
“+00 +o0
y \ /
2



\
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3) b6 thi
- Giao voi cac truc Ox, Oy

3
vi x* +EX2 +2>0Vx = (C) khéng giao véi truc Ox
Khix =0 thiy=2 = (C) giao vdi truc Oy tai diém A(0; 1)
- b6 thi

A ©

>
x

mﬁf’ Khao sét su bién thién va vé d6 thi cia ham s6: y =x* —6x° +1.

[;E)_r']ij Giai:

1) TXD: D=R.
2) Sy bién thién
- Chiéu bién thién

0
=+./3

=> Ham s6 déng bién trén (~+/3;0)U(/3;+e0)

' X
Ta co: y'=4x3~12xﬁy':0<:>4x(x2-3)=0<:>[
_ X

—3I<x<0

>3

[x <3
_1<x<\/?_a

y'>0&

y'<0& = Ham s6 nghich bién trén (—°°;—\/§ ) ] (1; \/5 )

- Cyc tri
Ham s6 dat cuc tiéu tai x = —\/3 = Vo =-8tal X = \/5 = Vo = -8
Ham s6 dat cic dautaix=0 =y =1.

- Cac gidi han tai vo cuc

X =00 X—p—oo X X

. : 6 1
lim y = lim X4(1——2‘+—-—4—J:+oo

lim y = lim x4[1—~§—+i4):+oo

X—rtoo X—>+toeo X X




d Néng cao ky néng gidi todn tric nghiém
; 100% dang bai ham s6, cic bai todn lién quan

- Bang bién thién:

X |-o -3 0 J3 +o0
- + - +
+00 1 +00
-8 -8
3) D6 thi

- Giao vdi céc truc Ox, Oy

x=+(~2-1)
+(v2+1)
A, (V2-1,0);4, (V2 +1,0); A, (V2 +1;0); A, (-2 -1;0)

Khix=0thiy=1 = (C) giao véi truc Oy tai diém B(0; 1).
- D6 thi

Tacéd: x* —6x’+1=0 & = (C) giao vdi truc Ox tai cac diém

X

YA ©

—

)

A J

* Khao sat sy bién thién va vé d6 thi ham s6: y =—x*—5x" +6.

E__@%]J Giai:

DTXD: D=R.

2) Su bién thién

- Chiéu bién thién

Ta cé: y'=—4x> —10x =-2x(2x* +5).
y'=0& 2x(2x +5)=0 = x =0.

y'>0& —2X(2X2 +5) < x <0= Ham s§ d6ng bién trén (—o°;0).
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y'<0& —2)((2)(2 +5) <0 < x > 0= Ham s6 nghich bién trén (0;+e0).
- Cuc tri

Ham sé dat cuc daitaix=0 = y_ =6

Ham s6 khong cé cuc tiéu

- Cac gidi han tai vo cuc

lim y = lim x4[~1——5;+—)——oo

6
X—>—o0 x—>—00 X X
6

4
. ) 5
lim y = lim X4(—1——7+—4J
X—too X—>+00 X X

- Bang bién thién:

= —o0

X -00 0 400

¢

y + -
6
y / \
o) -00
3) 6 thi YA
- Giao véi cac tryc Ox, Oy

Tacd: —x*—5x*+6=0

oxi=lox=tl=

D6 thi (C) giao véi truc Ox

tai cac diém A(1; 0) va B(-1;0)
Khix=0thiy=6 =

d6 thi giao véi truc Oy tai di€ém C(0; 6)
- D6 thi (Hinh vé bén) e . -~

[T » Cho (C): y = (x+1)" (x-1Y’.
a) Khao sat va vé do thi (C).

©

b) Bién luan s6 nghiém clia phuong trinh: x* —2x* —2b+2=0.
¢) Tim a d& (P): y =ax” -3 tiép xiic v6i (C). Viét phuong trinh tiép tuyén chung tai
tiép diém.
€| Giai:
&
Tach: y=x*-2x>+1.

a) Khao sat va vé (C).




/ Néing cao ky nding gidi todn tric nghiém

p 100% dang bai héum s6, cdc bai todn lién quan
DTXD: D=R.
2) Su bién thién
- Chiéu bién thién

Taco: y'=4dx’ —4x.

3 2 x=0
y'=04x’—4x =0 4x(x’-1)=0 :
x=x1

[-1<x<0 ok em e
y>0& o1 = ham s6 dong bién trén (—1;0)u (1;+e0).

X >

[x <1 .
y'<0 = = ham & nghich bién trén (—eo;—1)U(0;1).

0<x<1

- Cuc tri
Ham s6 datcicdaitax=0 =y = 1.
Ham s6 dat cuc tifutaix=1 =y =0vax=-1 =y, =0.

~ Céc gi6i han tai v cuc

. . 2 1
llmy: lim Xa(l"'-—2—+—4):: +oo

X —y—o0 X —>—co X X

X—>+o0 X—3-+oo X X

. . 2 1
limy = lim X4(1—‘—2+-—4):+oo

- Bang bién thién:
X f-oo -1 0 | +00
y' -0 + 0 - 0 +
-00 1 +o0
0 0
3) D6 thi

- Giao vdi cac tryc Ox, Oy

Tacé: y=0o (x+1) (x-1) =0 = x =11

= (C) giao v6i truc Ox tai cac diém A(1; 0) va B(-1; 0).
Khix=0thiy=1 = (C) giao v6i truc Oy tai diém C(0; 1)
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- Do thi

A ©)

b) Tacéd: x* —2x*-2b+2=0x*-2x*+1=2b-1:
=56 nghiém cla phuong trinh béng s6 giao diém ctia (C} va dudng thang (D): y=2b - 1.

|1 g

y=2b-1

V 7 y=2b-1]
L W, W W A
-1 O 1 y=0 "y
y=2b-1

Nhin vao dé thi ta thdy:

Khi2b-1<0 e b< % thi (D) khong giao véi (C}= phuong trinh v6 nghiém.

Khi2b-1=0 b :é— thi (D) giao vdi (C) tai 2 diém phan biét
= Phuong trinh ¢6 2 nghiém.
Khi 0<2b-1<l& % < b <1 thi (D) giao v6i (C) tai 4 diém phén biét
= Phuong trinh ¢6 4 nghiém.
Khi 2b—-1=1= b =1 thi (D} giao vdi (C) tai 3 diém phan biét
= Phuong trinh ¢6 3 nghiém.
Khi 2b—1>1< b >1 thi (D) giao vdi (C) tai 2 diém phan biét




Néng cao ky ndng gidi todn trdc nghiém
100% dang béi héum s, cdc bai todn lién quan

= Phuong trinh c6 2 nghiém.

f(x
¢) bé (P) tiép xuc voi (C) thi hé {f' co nghiém.

x'=2x*+1=ax’-3 (1)

{4x3 —4x =2ax (2)

x=0
2)ex(2x’-2-2)=0& |:a=2x2 _2.
+ V6ix =0thayvao (1) =1=-3= loai
+V6ia=2x"-2 thay vao (1)
Sx' -2 +1=(2x"2)x’ —3ex =dex’ =2 x=1/2.
=a=22-2=2.
+ Vi x=v2 = y=1= tiép diém A(V2;1)
+V6i x =2 =y =1= tiép diém B(—2;1)
Phuong trinh ti€p tuyén chung tai A(\/Z_ ;l) la:
y=f'(«/§)(x—\/§)+1 =4\/§(X—\/§)+l
Phuong trinh ti€p tuyén chung tai B(—\/E ;1) la:
y=f"(—V2)(x+42)+1=-4/2(x +2)+1
QM > Cho d6 thi (C): y = £(x) = x" =35 4.

a) Goi {A) 1a ti€p tuyén ctia (C) tai M véi Xy = m.
Chting minh ring hoanh db cac giao diém ciia (A) véi (C) 13 nghiém ctia phuong trinh:
(x—m)’ (x* +2mx +3m’ —6)=0.
b) Tim m d€ (A) cit (C) tai P, Q phan biét va khac M.
Tim quy tich trung diém I chia doan PQ.

363] Gidi:

a) Phuong trinh tiép tuyén (A) ciia (C) tai x,, =m la:

(A):y =£'(m)(x —m)+f(m) < y = (2’ —6m)(x—m)+%m4 —3m? +%

Hoanh d¢ cac giao diém cra (A) véi (C) 1a nghiém ctia phuong trinh:

L —3x2+§=(2m3 —6m)(x—m)+~l~m4 “3m? 42
2 2 2 2

<:>%(x“—m“)—3(x2—mz)—(2m3 —6m)(x—m):0



A
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L e e e

& (x—m)l:(x+m)(x2 +rn2)—6(x+m)—2(2m3 ~6m)]:0
= (x—m)lix3 +mx’ +(m2 —6)x—m(3m2 —6)}=0
& (x—m)z[x2 +2mx+3m2—6]=0

b) Ta c6 X, X;,X, 1a nghiém clia phuong trinh: (x — m)2 [x2 +2mx +3m’ - 6] =0

X, =m
=
g(x)=x"+2mx +3m*-6=0

Vi (A) c4t (C) tai P, Q phén biét khac M nén g(x) = 0 c6 2 nghiém phan biét va khic m

{A'=6—2m2>0 {m2<3

o , 2N <=:>1¢\a|<x/_3_
g(m)=6m’-6#0

m’ #1
Tim quy tich trung diém I ctia PQ:

1
i X, =§(xp+xo):—a
a co:

y, = (2m’ —6m)(x, —m)+%m4 -3m’ +%

— 3<a=—xK¢i1<\/§

&
y, =(-2x. +6x,)2x, -i~%);;14 -3x/ +§

— 3<x1¢i1<\/§

A 7 5
-yl :—EX? +9X?+§'

= Quy tich trung diém I 13 1 phdn ctia d6 thi (C'):y = —%x“ +9x* +~§~

VvOi 3 <x#x1<3.
@M » Chohiamsé y =f(x)=x*+(m+3)x’ +2(m+1)x* +5. Chéng minh ring ham s3
ludn cé cuc dai dong thdi x , <0 v6i moi m# —1.
€| Giai:
&
Ta cé: f'(x):x[4x2+3(m+3)x+4(m+1)]=x.g(x)
Tacé: A, =9m? -10m+17 >0 Vm nén g(x) = 0 ¢6 2 nghiém phan biét x,,X,.

-3(m+3)
ot , X, +x, =—"
Theo Pinh li Viettacé: 7! 2 4

1972




Néng cao ky nding gidi todn trac nghiém
100% dang béi ham s6, cdc bai todn tién quan

Xét 2 kha ning sau:
. X, +x,<0 . o
1) Néum > -1 thi " =X, <X, <0= Tacobang bién thién cta f(x)
XX, >0
X |- X1 X2 0 400
f'(x) - 0 + 0 - 0 +

+00 Cb +co
f(x) \ / \ /
CT CT

Nhin vao bang bién thién ta thiy x _ = X, <0 va ham s ¢6 hai di€m cyc tiéu.

2)Néum < -1thi x,x, <0= x, <0< x, = bang bién thién ctia f(x)

X |-00 X 0 X2 +00

0l - 0 + 0 - 0 4+

+00 Chb +00
f(x) \ / \ /
CT CT

Nhin vao bang bién thién ta thiy x_ = 0 va ham s6 c6 hai diém cyc tiéu.

Véy v6i Vm # —1 ham s6 ludn ¢é cyc dai dong thoix, 0= DPpcm.

oy

o

1+ Hinh nao dudi day mé ta d6 thi chia ham sé y = (2 -x* )2 ?

A ©) } A }(C>

=
@]
o
=¥
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YA

<Y

=Y

- O 1
7 \(C)
(C) (D)
| I@ﬂ] Gidi:
Ham s6 y = f(x) giao véi truc Ox tai cac diém (i\/i ;0) nén Chon (A).
Luu y: C6 thé quan sat mét s6 diém dic biét ctia d6 thi ham s6 nhu diém cuc dai, cuc

ti€u, giao diém véi cac tryc toa d6, hé s6 a = 1> 0, céc tinh chit dic biét, ... d€ chon phuong
an ding nhanh nhat.

©

%) Ham s6 nao dudi day c6 dé thj duoc biéu dién trong hinh bén?

Vi
(A) y=x*—4x> +1; ) J
(B) y=x"+3x*~4; 5

=Y

Q) y=—x*+3x" -4
(D) y=—x*-3x+2.

E@_)%] Glai:
Xétham s8 y =x* —4x* +1. R
Dé dang thiy d6 thi ctia ham s6 nay giao vdi truc Oy tai diém (0; 1) = loai (A).
Xétham s6 y = —x> +3x* - 4.

Vihé s6a=-1< 0nén d6 thi ctia ham s6 nay khong ¢6 dang nhu hinh vé = loai (C).
Xét ham s y = —x* —3x +2.

D6 thi ciia ham s6 nay 1a 1 parabol khéng ¢é dang nhu hinh vé = loai (D).

= Chon (B).




Néng cao ky ndng gidi todn trac nghiém
100% dang béd ham s6, cdc bai todn tién quan

"BAitsp3 ) Chohams6 y = 271 6 d6 thi (C) thi d6 thi ham s6 (C’) d6i xiing v6i (C) qua gdc

x+1
toa do O ¢6 phuong trinh Ja:
+1
(A) y=—"; (B) y=""y
Y x+2 g x—1
—x -1 x—1
(© y=""7; (D) y=2".
)y x+1 Y x+1
H? ?I Giai:
@\ iai
X'==X
Biéu thiic toa d6 cha phép doi xing tim la: Doz{ o
Gi& st M(x; y) € (C). B,(M) = M (5} ). Y
X'=—Xx X =-x'
Khidc'),tacc’):{ ' @{ -
y=-Y y=-y
-1 -x'-1 x1 x+1
Vi M(x;y)e (C) nén L R = SM'e(C):y=A-—"=
( y) ( ) y x+1 Y —x'+1 x'-1 ( )y x-1

Chon (B).

) Cho (C,, )y =x"+mx’ -~ m—5.C6 bao nhiéu diém c6 dinh ctia ho dudng cong (C,,)?
(A) I (B) 2; (C) 0 (D) 3.

f_éﬂ] Gidi:

Taco: y=x*+mx’ —m-5Vme m(x’ -1)+x - y-5=0Vm

x’—-1=0 x =+l x=Ly=—4
L ol =
x4—y—5:0 y=X4—5 x=-lLy=—4

& Ho dudng cong (Cm) qua 2 diém c6 dinh 13 A(1; -4) va B(-1; -4).
Vay ¢6 2 di€m c6 dinh A va B clia ho dudng cong (C,, ).

= Chon (B).
(BA#pS Cho(C_ ) y=f(x)=x"-2(m-1)x"+m*-3.Dé (C,, ) khong cit truc hoanh thi:
(A) m>2; (B) m < —/3;
(C) —\3<m<2; (D) me (—oo;—\/g)u(Zﬁoo).
& i
Dé(C,, ) khong cit truc hoanh thi phuong trinh x* —=2(m—1)x* +m? -3 =0 (1) vo nghiém.
Dit t=x(t>0)= phuong trinh (1) tr§ thanh: t*-2(m—1)t+m’-3=0 (2)
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Dé phuong trinh (1) v6 nghiém thi phuong trinh (2) khong c¢6 nghiém t = 0.

Xay ra cac trudng hgp sau déy:

- TRUONGHQP I: A'=(m-1)' —(m’-3)< 0 4-2m<0 & m>2.
4-2m=0 m<2

. A'20
- TRUONG HOP 2: ©48<0 =:2(m-1)<0em<—/3
i t,<t, <0

P>0 m’-3>0

Véy m cdn tim Ja: me€ (-—oo;—\/g)u (2;400).

= Chon D.

Baltaps . Biét d6 thi ham s6 y = x* +bx® + ¢ chi c6 mot diém cuc tri 12 didm c6 toa d6 (0; -1)
thi b va ¢ thda mén diéu kién:
(A)b<Ovac=-1; (B) b>0 vac=-1;
(C) b=0 vac>0; (D)b>0vactuyy.

= Giai:
l__‘@\‘" iai
) ; ) x=0
Taco: y'=4x +2bx:0<:>2x(2x +b)=0<:> , .
2x"+b=0
D& d6 thi ham s6 chi c¢6 1 diém cyc trj thi phuong trinh 2x” + b =0 v6 nghiém hoic c6
duy nhét nghiémx=0=>b20

Vi diém cuic tri c6 toa d6 (0; -1) = ¢ =—1
V8ib20,c=—1thi y=x*+bx"—1y'=2x(2x"+b) =0 x =0
Khi dé, y’ d6i d4u tii 4m sang duong qua diém x = 0
= x =013 diém cuc ti€u (diém cuc tri duy nhat).
= Chon (B).
Baitip? | Cho(C, ):y=x*-2(m+1)x* +2m+1.

Diéu kién cia tham s6 m @€ (C,, ) cit Ox tai 4 diém phan biét 14p thanh 1 c4p s6 cong la:

(A)m=4; (B) m=-2;
(C) me {4;7;—i}; (D) me {4;—i}.
9 9

]@‘ij Gii:
biéu kién cdn: Xét phuong trinh x* -2(m+1)x* +2m+1=0 (1)
it t=x>20;f(t)=t"-2(m+1)t+2m+1=0 (2)




Néng cao ky ndng gidi todn tric nghiém
________ ; 100% dang béi him s6, cdc béi todn Eién quan
Yéu ciu clia bi toan < f(t)=0 c6 2 nghiém t, >t, >0 sao cho (1) ¢6 cac cac nghiém
nhu so 40 sau:
xl XZ X3 X4
. " >
X

RN R N N

Tacd: X, —X, =X, —X, =X, —-X, & X, X, =X; ~X,

@Jg—\/az\ﬁ,-—(—\/a)@\/g:&ﬁ:@tz:%>0

Khi d6 d€ thoa man yéu cau ca bai toan thi:

) m>-——
A'=m®>0,t, =9t >0 2
tt,=2m+1>0 &t =9,
t,+t, =2(m+1)>0 9’ =2m+1
[5t, =m+1
m>—l m>-——
2 2 m =4
&qt, =9t & 9t, =9t = -4
m=—
’ 9m’ -32m—-16=0 9
9(m_+lJ =2m+1
Diéu kién du:
o0 \ 4 2 X2:1 x:i—]_
+Véim=4thi x"-10x*+9=0& = .
X2=9 x =13
Ta thdy cac s6 -3; -1; 1; 3 lap thanh mét cip s6 cOng vSi cong sai bang 2 nén m = 4 théa man.
2
x“ =1 x=%*1
: +V6im=—i thix4—&x2+l=0¢:> 1 & l-
! ? 0 <=5 ¥4

Ta théy cac s6 —1;—1;-1.;1 lap thanh mét cip s6 cong véi cdng sai bang 3
nén m= 5 thoa man.

= Chon D.

‘Bitapl8* Cobaonhiéugidtricliam dé phuongtrinh 16x* — mx’ +(2m +17)x* ~mx +16 =0
¢6 4 nghiém phén biét lap thanh 1 cdp s6 nhan?

(A) 0; (B) 1; (C) 2; (D) 3.

[f@%]] Giai:

. g . Ao o1y X 1
Diéu kién can: Néu x = ala 1 nghiém thi a # 0 va X =— cling la nghiém.
a

Gid sit 4 nghiém 1a: a;a0;aq%;aq" véi a # 0 va |q| >1=|a| <|ag| <|ag?| <|aq’|




\

M Megabook Chuyén gia Sdch tuyén thi

1 {
vi li"’_l?*lT clinglanghiém nén aq’ -1 q -1 4nghiémla: a;a’;a 3;a™
a aq aq aq a 3/az
1 1
ata’+ai+al=2
16

4 1 2
a*+a’+l+l+a’= 2a1-;37

Theo Dinh ly Viet suy ra

1o 1 £ —2t=—
Pitt=a*+a*>2Va’a’*=2=

= t* —3t? :2(t3 —Zt)—l—s et =20 +4t+1—5=0
16 16

@(tz_%t_ﬁ][t_ﬁ’lJ[tJrﬁ;lJ:o ma t22 nén t:§=>m=170

2 2
Diéu kién du: Véi m = 170 thi 16x* —170x* +357x* —170x +16 =0
c6 cac nghiém Iap thanh cdp s6 nhan la: %;%; 2:8
Vay ¢6 mot gia tri m = 170 thoa méan dé bai.
= Chon B.

\I;éltﬁg,‘), C6 bao nhiéu khing dinh SAI trong cic khing dinh dudi déy vé s6 nghiém ctia
phuong trinh x* (x2 - 2) =k?
(A) 0; (B) 1; (@) (D) 3.

(A) Khi k < -1 thi phuong trinh khéng ¢6 nghiém.

(B) Khi k > 0 hodc k = -1 thi phuong trinh ¢6 2 nghiém phan biét.
(C) Khi -1 < k < 0 thi phuong trinh ¢6 4 nghiém phan biét.

(D) Khi k = 0 thi phuong trinh ¢6 3 nghiém phan biét.

A (©
@ Gid:
Ta cé: 4- y=k
X (x*-2)=k & x'-2x* =k (3)

SO nghiém ctia phuong trinh (3) -
chinh béng s6 giao diém ctia d6 thi (C): y = x* - 2x* \ T.1/) \jl/‘ y='k "
va dudng thing y = k. \ Ny
- V& d6 thi cha ham s6(C): y =x* — 2x°. - 3:1\1

|




/ Néng cao kjf nédng gidi todn trdc nghiém

__________________ , 100% dang bai him s6, ciic bai todn tién quan
Nhin vao 46 thi ta thay:
Khi k < -1thi (D) khéng giao v6i (C) = phuong trinh (3) khéng ¢ nghiém.
Khik = -1 thi (D) giao véi (C) tai 2 diém phén biét = phuong trinh (3)
6 2 nghiém phén biét.
Khi -1 < k < 0 thi (D) giao v6i (C) tai 4 diém phan biét = phuong trinh (3)
6 4 nghiém phan biét.
Khi k = 0 thi (D) giao v6i (C) tai 3 diém phén biét = phuong trinh (3)
¢ 3 nghiém phén biét.
Khi k > 0 thi (D) giao v6i (C) tai 2 di#m phan biét = phuong trinh (3)
6 2 nghiém phan bieét.

Vay tét ca cac khing dinh déu dung, khong c6 khang dinh nao sai.

= Chon A.

&

Cﬁ@é@@ Cho(C,, )y =f(x)=x"+2mx* + m. Tim m d€ dudng thingy = -3 cat (C )

m

tai 4 diém phan biét trong d6 ¢6 1 diém véi hoanh d¢ > 2 va 3 di€ém c6 hoanh d¢ < 1.

(&) me (=01 =13 ) U (14+13;+0); (B) me(l»-x/l—;“%);

19
(C) me (—3;—? ) (D) Khéng c6 gid tri chia m.

E(ﬂij Gidi:
Phuong trinh hoanh d6 giao diém ctia dudng thing y = -3 va d6 thj (C,, ) la:
*+2mx*+m=-3x'+2mx* +m+3=0 (1)
Dé diong thing y =-3 cit (C,, ) tai 4 diém phén biét trong d6 c6 1 diém véi hoanh do > 2
va 3 diém cé hoanh d6 < 1 thi (1) c6 4 nghiém x,,X,,X,,X,
thdéa man: x, >2>1>x, >Xx,>Xx, (2)
Dijt t = x® >0 => phuong trinh (1) tré thanh: g(t)=t+2mt+m+3=0,t>0. (3)
Dé (1) c6 4 nghiém théa mén (2) thi (3) c6 2 nghiém t,t, théaméin:t >4>1>t,>0

-A'=m2_m_3>0 m>l+\/ﬁ
1.g(4)<0 m<1-+13 ,
¢:M1g(1)<0 “19m+19<0 <:>1—\/E<m<_3.
3m+4<0
1.g(0)>0
1£0) im+3>0
= Chon B.



X \
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[

"B¥itdp a4 Cho d6 thi ham s6 (C)y=rf(x)=x"-x*+1. C6 bao nhiéu diém A€ Oy ma
tit d6 ké dugce 3 tiép tuyén dén @6 thi (C)?

(A)0; (B) 1; (C) 2 (D) 3.
l;@:ijl Gii:
Goi A(0; b) € Oy. Dudng thing (D) vdi hé s6 goc k ¢6 phuong trinh:

f(x)=kx+b
c6 nghiém
f'(x)=k

= f(x)=f'"(x)x+b o x* —x’+1=(4x’ - 2x)x +b

y = kx + b tiép xuc v6i (C) < Hé{

o 3x -x*+b-1=0 (1)

Dé tit A(0; b) ké dugc 3 tiép tuyén dén d6 thi (C) thi phuong trinh (1) ¢6 3 nghiém phén
biét < Dudng thing (s):y =1 - b cat(C"): y =3x* —x”tai 3 diém phan biét.

Vé do thi:

Nhin véao d6 thi ta thdy d€ (s): y =1 - b cit (C') tai 3 diém phan biétthi1 -b =0
S b=1= A0;1)
Vay c6 1 diém A(0; 1) théa méan dé bai.

= Chon B.

1Cho(C,):y=f(x)=x"+ax’—(2a+1)x* +ax +1.Tim a ¢ phuong trinh

f(x) = 0 c6 2 nghiém khac nhau va 1én hon 1.

(A)a<-2; (B) a<-6hoica> -2;
(C)-6<a<-2 (D) a < -6.

? "_E Gooo:

L@\ iai
f(x)=0ex"+ax’ ~(2a+1)x* +ax+1=0 (1)

Vi x = 0 khong phai 1a nghiém ctia (1) nén chia 2 vé€ cia (2) cho x* ta dugc:

x2+ax—2a—1+a.l+%=0<:>(x2+i2]+a(x+l}—2a—1=0
X X \ X / \ X/




1
X+
X

X +—

1 ) +a.(

X

=

. 1
PDitt=x+—,
X

V& d6 thi(C"):y = t(x) = x +~.

t

>2 taco: tP+at—2a—-3=0

Néng cao kj néng gidi todn trdc nghiém
100% dang bai ham 6, cdc bai toan tién quan

]—221—3:0

(2)

X

¥

—_ e~ — — — 4

Nhin vao d6 thi ta thiy dé phuong trinh (2) ¢6 2 nghiém khac nhau va lén hon 1 thi (2)

c6 2 nghiém t, > t, >1

(A=a’+4(2a+3)>0
<:i><§>1
2

1g(1)>0

— o e o mm e mm o R em W R mm e

Ta>-2
a<-—6

o)

DANG 3:

KHAO SAT HAM PHAN THUC: BAC 1 - BAC 1 VA CAC UNG DUNG

@B B2 toan: Khao sit va vé (C):y=f(x)= ax

Phwang phap

a) TXD: D=R\{—
b) Su bién thién

d

o

+b
cx+d

véic#0vaad—bc#0.




A
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- Chiéu bién thién

+ Tinh dao ham.

+ Tim diém dao ham khong xdc dinh.
+ Xét ddu dao ham.

= Ham s6 d6ng bién, nghich bién trén cac khodng.
- Cyc tri

Ham s6 khéng c6 cuc tri.

- Tiém can

+ Tiém can ding: x = _-%

+ Tiém cén ngang: y = 3.

- Bang bién thién ¢

Vé va dién cac két qua vao bang.
C)D6 thi

- Giao v6i cdc truc Ox, Oy

- Ve d6 thi

Chii y: Lay thém cac diém dé vé cho chuan.
g Cacvidu
Q@ » Khao st sy bién thién va vé d6 thi ham s6: (C): y = £ (x) =

E@E] Giai:

2x —1
x+1"

1)TXD: D=R\{-1}.
2) Sy bién thién
- Chiéu bién thién
3
(x+ I)2 '
y' khong xac dinh khix =-1.
y'>0Vx #~1= Ham s6 d6ng bién trén (—eos=1) U (=1;+00)
- Cyc tri

Ham s6 da cho khdng cé cyc tri.

Taco: y'=

- Tiém can
. .o 2x—1
lim y = lim = oo
x——1" x->-1" x +1
lim y = lim 2x 1 = —o0

x 1" x=-1" x +1




Néng cao ky néng gidi todn trédc nghiém
; 100% dang bai ham s6, cdc bai todn tién quan

Do d6, dudng thing x = -1 13 tiém can diing.

lim y = lim =lim—2&%=2
X—3doo y X—keo +1 X—=rteo l
X

Do d6, dudng thing y = 2 la tiém cén ngang.

- Bang bién thién:

X -0 -1 +o0
y' + +
+00 2
2 -0
3) D6 thi YA
- Giao véi cac truc Ox, Oy
_ =-1
Ta co: 2% 1=0<:>x=l,—_.> ¥
x+1 2

D6 thi giao voi truc Ox 2 y=2
tai diém A l;O . 1 /’_‘

2 ' ' 4 ' + + >
Khix =0thiy=-1 1] Oj/1 X

-1 9
= D0 thi giao véi truc Oy
tai diém B(0;—1)
- D6 thi
2 LA xR e LA o 3x+6
m # Khdo sat su bién thién va vé d6 thi ham s6 (C): y = f(x) = >
X [—

&ﬂij Gidi:

1) TXD: D=R\{2}.
2) Su bién thién
- Chiéu bién thién

-12
(x-2)
y' khéng xac dinh khi x = 2.
y'<0Vx # 2= Ham s6 dong bién trén (—eo;2) U (2;+°<5)
! - Cuc tri

Tacéd: y'=




M Mega book Chuyén gia Sach luyénthi

Ham s6 da cho khong c6 cuc tri.

- Tiém can

. . 3x+6
limy = lim = —c0
o2 =2 x —2

. . 3x+6

lim y = lim = o0
x—2* -2 ¥ —

Do d6, dudng thing x = 2 14 tiém cén diing.

3+6
L 3X+6 X _
amy=n oy =iy =3
X

Do 36, dudng thang y = 3 1a tiém cin ngang.
- Bang bién thién:

3) D6 thi
- Giao véi céc truc Ox, Oy
’ 3X + 6 ~ - ‘oe R
Ta cé: > = () & x = -2 = D06 thi giao vdi truc Ox tai diém A(-2; 0)
X —
Khi x =0 thiy=-3 = D3 thi giao véi truc Oy tai diém B(0; -3)
- Do thi
yA x=2
|
y=3
y
2 X




! Néng cao ky nding gidi todn trdc nghiém
100% dang bai haun s6, cdc bai todn tién quan

(@TH » 2) Khio sat vave(C):y = 2 _31 ,
x —

b) Tim Maxy va Miny khi 0 <x <2.

I@ij Gii:

a) Khdo sat va vé (C):
1) TXP: D=R\{3}.
2) Su bién thién
- Chiéu bién thién
-8
(x-3F
y khong xac dinh khi x = 3.
y'<0 Vx #3=> Ham s6 nghich bién trén (—o0;3) U (3;+e0).

Tacod: y'=

- Cuc tri

Ham s6 khéng c6 cyc tri.

- Tiém can

. . 3x-—1
lim y = lim = —o0
x—=3" x=3 X —

limy = lim = oo
x—3" x—=3" X —

Do d6, dudng thang x = 3 1a tiém cén dung.

lim y = lim = lim =3
x—feo Y Xt x 3 x—oo 3

X

Do d6 dudng thang y = 3 la tiém cin ngang.

- Bang bién thién:

X -00 3 +00
: Yy ) -
3 +00
-00 3
3) D6 thi

- Giao véi cac truc Ox, Oy

— . 1
Ta co: 1:0<:>x=%:> (C) giao v6i Ox tai diém A(E;O}



M Megabook Chuyén gia Sach tuyén thi *

1 .
Khix=0thi y= 3 = (C) giao v6i Oy tai diém B| 0; ]
- D6 thi

W |~

\

b) Vé hinh yﬁ s

Nhin vao d6 thi trén doan [0; 2] ta thiy y dat Max

tai diém B va ymax———%khix=0 =0

y dat Min tai diém D,

trong d6 D 14 giao diém ctia (C) -

va dudng thing x = 2 v \\,\ . >

= D(2;-5)va ¥, =3 khix=2. 0| 2 X

} Cho(C):y = 2X +§ . Chiing minh rang trén 5¢--+D
dd thj (C) tOn tai v6 s6 céc cp tiép diém sao cho tiép
tuyén tai cac cap diém nay song song vdi nhau, déng

thoi tap hop cac duding thang néi cac cip tiép di€m déng
qui tai 1 diém c6 dinh.
I_E@rﬂj Gidi:
Gia st A(a;@j—s— ); B(b; 6b+5 ) 122 tiép diém trén (C) c6 cac tiép tuyén song song véi nhau
3a-3 3b-3
33 33

(3a—-3)° (3b-3)
ViAkhicBnéna+b=2.

a=b
a+b=2

=y'(a)=y'(b)e = (32-3)" =(3b-3)° @[




Néng cao ky nding gidi todn trac nghiém
100% dang bai ham s6, cdc bai todn lién quan

= V6i méi diém A € (C) lai c6 1 diém B € (C) sao cho X, + X5 =2 ma céc tiép tuyén
tai A va B song song v6i nhau.
_ X, +Xp _a+b

= 1
1
Goi I1a trung diém ctia AB = 2 2
_YatYs
R
, 1(6a+5 6b+5) 1(36ab—36) 1 36(ab—1) 9
Tinh y, =— + =_ =—, ==
2l 3a-3 3b-3) 2| 9ab-9 2 4(ab-1) 2

9
=1L > = Tap hop cic dudng thing ndi cac cap tiép diém dong quy tai diém I(l;-z—].

@D saitip

AR 7. n . %1 ” . ” \ 'S 3 +2
Baldi ) Hinh nao dudi day bidu dién d6 thi clia ham s6 (C): y = x n ?
X -_—
yA yﬁ =3

Y
=
/

(A) (B)
YA YA \
3.
) y=3
| 1 \ '
‘ -1 O )x’ g —%
x=1

(© (D)



I Mega book Cruyén gia Sdch tuyén thi

D6 thi ciia ham s6 y = {(x) ¢6 tiém cén ddng x = 1 nén ta chon (D).

Luu y: C6 thé quan sat mot s6 di€m ddc biét ciia d6 thi ham s6, giao diém véi cic truc toa
do, hoac cac dudng tiém cin, cic tinh chit dac biét, ... d€ chon phuong an ding nhanh nhat.

92 Cic do thi clia hai ham s6 y=f(x)=6—z va y=g(x)=8x" tiép xtic vdi nhau
X

" tai diém M c6 hoanh d6 la:
(A)x=-1; (B)x=1;
1
(C)x=2: (D) XZE.

Eé)il Gidi:

f(x)=g(x)

Hai do th ti€p xuc v6i nhau <> Hé phuong trinh § ..\ €6 nghiém.
f'(x)=¢'(x)
3 L 4x* 1
= i - X &S X= 5
— =8x 8x’ =1
X

N . . N 4 rd s T ]'
Vay hai do thi tiép xic v6i nhau tai diém cé hoanh d¢ x = >

= Chon (D).
_X-3
Y 3x+1
(A) Nhan diém (_éé} i tam d6i xiing.
(B) Nhan diém (—%;3) lam tdm d6i xding,

(C) Khong co tam dé6i xing.

(D) Nhén diém (%,% lam tdm ddi xing.
6| Giai:
[

N - by re ! « A A 7, b 1 \ . A A 1 1
D6 thi ham s6 ¢6 tiém cin dling la x = —-3— vatiém cdn ngangla y=—.
Giao diém ctia tiém cin ding va tiém cin ngang 13 tim d6i xdGng.
=1 ~—I—;l 13 tAm d6i xdng.

33
= Chon (A).

Luu y: Tam d6i xdng cha (C) 1a giao diém cha tiém can ding va tiém can ngang cta (C).




Niing cao kjf néing gidi todn trdc nghiém
100% dang bai héum 6, cic bai todn tién quan

X

TR TR P .
9.4} Cho d6thihams5(C):y =
clia 2 tiém can?

(A) 0; (B) 1; (C) 2 (D) 3.

@l Giai:

.C6 bao nhiéu tiép tuyén ctia (C) di qua giao diém

I+x

TXD: D=R\{-1}.

. . X

im y=lim —— =0
x—=1" -1+ X

lim y= lim = oo

x--1* x=-I"14+x
Do d6, duong thdng x = -1 1a tiém cén duing.
1

lim y= fim —— = lim ——=1.

xorio®  xoie |4y Kook ] Do d6 dudng thang y = 1 1a tiém can ngang.

X
Goi B 14 giao diém ctia 2 dudng tiém can = B(-1; 1).

Dudng thing qua B(-1; 1) vdi hé s8 gbc k c6 phuiong trinh: y = k(x + 1) + 1 ti€p xuc véi (C)

f(x)=k(x+1)+1
< Heé =f(x)=f"[x}{x+1)+1
o ()=r0)(x )
x .1 2(x+1)+1<i>i=—1—-+-1<:>—x—=z+x<:>x=x+2::~
x+1 (1+x) x+1 x+1 x+1 x+1

V6 li = Khong c6 tiép tuyén nao v6i (C) ma di qua B(-1; 1)

s 3x + 2
) ?} C6 bao nhiéu diém trén d6 thi ham s6(C):y = 1 6 toa do nguyén?

(B) 2; (C) 3; (D) 4.
IE_@S-JEJ Giai:

3x+2  3(x=1)+5

:3+ie Z < x—-1e U(5) = {+1;£5}

! Tacod: y=
’ x—1 x—1 x—1
r Lap bang
‘ x-1 -5 -1 1 5
X -4 0 1 6
y 2 -2 8 4
‘ Vay ¢6 4 diém trén (C) c6 toa do nguyén la: M(-4; 2); N(0; -2); P(1; 8) va Q(6; 4).
= Chon D.



\
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2
X*2 théa man khodng céch tit
X -
M dén tiém cén ditng bing khoang cach tit M dén tiém c4n ngang cia (C)?
(A) 1; (B) 2; (C) 3; (D) 4.

[:@ri] Giai:

TXD: D=R\{3}.

. . X+2
lim y = lim = —oo
x—3" x=3 X —3

. . X+2
lim y = lim = 4oo
x—3* x3 X -3

Do d6, duong thing x = 3 la tiém céan diing.

1+2
L X+2 X _
Ji y = Ji 5= i —5 =1

1-=
X

Do d6 dudng thing y = 1 la tiém c4n ngang.

Goi M(a; a i ]e (C) = Khoang cich tit M dén tiém can diing (x = 3) la: |a - 3|
a —_
) 2
Khoang cach ti M dén tiém cén ngang (y = 1) la: }a * 3 ~-1= ] 5 3|
a-— a-—
bé khoang cich tit M dén TCD béing khoang cach tit M dén TCN thi:

<:>(a—3)2=5<::>a=i\/§+3.

|a_3I:|a—3l

Vay c6 haj diém M thoa man diéu kién ctia dé bai.
= Chon B.

#) Cho ham s§ y = 2%+

c6 do thila (C, ), trong dé mla tham s6 khac 0 va
X+m

dudng thang (D): y=2x — % Tat ca cc gid tri clia m d€ (D) ciét (C,, ) tai hai diém phéan
biét A, B c6 hoanh d¢ x,,x, théa man x> —9x, =8x, la:
(A) m = -5; (B) m=4;
(Cm=-5vam=4; A . (D) Khong ¢6 gié trj cha m.
€)Y Giai:

&) o
TXD: D = R\{-m}.
Hoanh d¢ giao diém cta (D) va (C,) 1a nghiém ctia phuong trinh:




/ Ndng cao ky nding gidi todn tric nghiém
, 100% dang bisi hium 56, ciic bi todn lién quan

—_ -

2mx +3 =2x—~;:<:>g(x):4x2—x—m—10:0, (x #—m)

X +m
(D) cét (C,,) tai hai diém phan biét A va B & g(x) = 0 c6 2 nghiém phén biét khic -m

2
{A>O {16m+161>0 m
=

16 (*)
-m)#0 m? —5m N
g(-m) 2 Sm#0 10

Theo Dinh li Viet ta cé:

4
Tacé: x,” 9%, =8x, & x," -9x, 28(%_7(1)

) X, =-1
&x -x-2=0
.X]:2

5
+V6ix, =-1=x, :Z:> m =-5 (thda man (*))
+V6i x, =2=x, =—%=>m:4 (thdéa man (*))
Véy m = -5 hodc m = 4 can tim.

= Chon C.
Chu y: Dy 1a bai todn v€ sy tuong giao clia dudng thang va dudng cong dugc giai bang
cach st dung Pinh li Viet.

Baitﬁp,g& Cho d6 thi ham s6 (C): y = 2x +11 . C6 bao nhiéu phat biéu SAI trong cic phat biéu
T ‘ X+
duéi day?
(A) 1; (B) 2; (C) 3; (D) 4.

(A) Duong thing y = -x + m ludn cit (C) tai hai diém A, B phén biét.
(B) Dudng thng y = -x + m cdt (C) tai hai diém phén biét khi va chikhim > 1.
i (C) Néu dudng thing y = -x + m cit (C) tai hai diém phan biét A, B thi 6 dai AB nho
| nhat bing 2v/2.
’ (D) Néu duong thing y = -x + m cit (C) tai hai diém phan biét A, B thi d6 dai AB nho
nhat khim =2,

l57 ciai:
N
TXD: D=R\{~1}.
Phuong trinh hoanh d6 giao diém cua dudng thing (D): y = x + m v6i (C) la:



M Megabook Chuyén gia Sach tuyén thi

2% +1
x+1

A=(3—m)2—4(1—m):m2—2m+5=(m—1)2+4>0‘v’m=> (D) va (C) luodn giao

=~x+mS X +{3-m)x+1-m=0 J

) . X, +Xg=m-3
nhau tai 2 diém phan biét AvaB = .
X,Xg =l—m

Ta c6: AB? :(XA _XB)2 +(¥4 “}’B)2 =2(x, _XB)2 :2[(XA +XB)2_4XAXB]
=2[(m-3) ~4(1-m)|=2(m* -2m+5)=2[ (m-1)" +4]>2.4=8

=>A822\/_2_

Viy AB ngan nhét bing 242 khim = 1.
Vay céc phat biéu (A) va (C) 1a ding, (B) va (D) 1 sai = ¢6 2 phét biéu sai.
= Chon (A).

Chu y: Cong thiic tinh d¢ dai doan thdng AB 1a: AB= \/EXA %)+ (Ya—¥s) -

9 Tim m d€ phuong trinh: M—l =m c6 ding 2 nghiém X € [O; n].
N sinx +1
(A)l<m<2; (B)0<m<2;
3
(C) I1<m< > (D) Khéng ¢ gid tri ciia m.

E@ﬂi Gii:

Pat t = sinx, vi X € [0; TE] nén te [0;1].

< T
Vi mbi te (0;1) thicho 2 gid tri cia X € [0;7] vat=1thix =5; t=0thi x=m.
+
Phuong trinh trd thanh: g(t)= ztt—_l_-f- =m (1)

P& phuong trinh ban ddu cé ding 2 nghiém x € [0; 7] thi xdy ra cic trudng hop sau day:

e TRUONG HQP 1: (1) c6 nghiém t, =0;t, =1 = vo i,
2t +1
t+1

e TRUONG HOP 2: Dudng thingy = m cét (C):y = tai ding 1 diém trén (0; 1)
Goi M la giao diém ctia (C) va'TCD (t=1) = M(l;%)

Nhin vao d6 thitasuy ram can timla:l <m< 7

= Chon (C).




! Néng cao k) nding gidi todn tréc nghiém
' 100% dang bai héun s6, cdc bai todn tién quan

+ v 2 14 » A7 A A 7 el ’ A
= Tim tét ca cac diém M e (C) d€ tdng cac khodng cach tt M

dén 2 tiém can nho nhét.
(A) M(0; 1); (B) M(-2; 3);

(© M(Z;%) va M(-2; 3); (D) M(0; 1) va M(-2; 3).
Eﬂij Gidi:

2a+
Goi M(a; atl ]e (C). Khoang cach tit M dén tiém can diing (x = -1) Ia: |a +1|

a+l

3 2a+

Khoang cach tii M dén tiém cdn ngang (y = 2) la: ‘ a+ 11 —2|= || i—l
a a

Tdng khoang cach tii M dén 2 tiém cén la: [a+1|+ — 22, Jla+1]. %1 =
a a

4 2 4 Z Ao lod . 1 2 a= O

¢ Tong khoang cach ngin nhét bang 2 khi |a + 1| = P = (a +1) =l 5

a a—=-—

e Vay M(0; 1) hodc M(-2; 3).

= Chon (D).

2x +1 . ,
" va diém A(-2; 5). Xac dinh tit ca cac duong thang cat

% Cho s thi(C):y =

x —_—
(C) tai 2 diém B, C sao cho AABC déu.

(A).y=x+1vay=x-5; B).y=x+1

(C).y=x-5; (D). Khéng c6 dudng thang nao thda mén.

E(S‘;‘] Gidi:

Ham s6 ¢6 TCP: x = 1; TCN: y = 2 = Phén gidc clia géc tao bdi 2 tiém can la:

| D:iy=-x+3
Do A(-2;5) € (1): y=-x+3 la truc d6i xing cna (C)
nén dudng thing (D) cin tim phai vudng géc véi (1) = (d):y=x+m

Xét phuong trinh:
Tact: A, = (m-3) +4(m+1)=(m-1)°+12> 0 nén (D) ludn cit (C)
i tai 2 diém phan biét B, C va do tinh d6i xtiing = AABC cén tai A.

, 3-m 3+m 2 7-mY
Goi I=(d)n(l)= I| =——; 5 = Al"=2 5

2




ey |

) A\
MMegabook Chuyén gia Sdch tuyénthi
Gia st

y, =X, +m
B(xl;yl),C(xz;yz):»{ =

Y2 =X, +m:>BC2 :,Z(XI—XZ)Z :2[(X1+X2)2—4xlx2]
BC? =2[(m—3) +4(m+1)]=2(m* ~2m+13)
Ta c6: AABC déu

& BC =f;-A12 & 3(m* -2m+13)=(7-m)’ <:>m2+4m—5=0<::>|:m

m=-5
:{(dl):y=x+l
(d,):y=x-5
= Chon (A).

2x—1

"Baitap 12 Cho d6 thi ham s6(C):y = =Ly Me (C) v6i Xy =1m. Tiép tuyén cta (C)

tai M cit cdc tiém cén tai A va B. Goi I 12 giao diém clia céc tiém cin. Khang dinh nao la
DUNG trong cac khéng dinh dudi day?

(I) M la trung diém clia AB.

(IT) Dién tich tam gidc IAB khong d6i Vm.

(A). 1; (B). II;

(C). Calvall (D). Khong c6 khéng dinh nao ding.

;' —E Go 2 o:
IQ\J iai
+ Xét khang dinh L:
I1a giao diém ctia TCD (x = 1) va TCN (y = 2) nén I(1; 2).

' 2m-—1
M(m; m_ 1 )e (C). Phuong trinh tiép tuyén tai M la:
m-1) m—1
—X 2m*—-2m+1
2 + 2
(m-1)"  (m-1)

A la giao diém cha tiép tuyén (D) v6i TCD (x = 1) = A(];ﬁn—l}
m——

(D): y=y'(m)(x—m)+y(m)= (

Hay (D). y =

B 1a giao diém ctia tiép tuyén (D) v6i TCN (y =2) = B(2m-1;2)
X, +X, =14+2m~-1=2m = 2x,,
Ta co: 2m 4m-2 _2m-1 => M la trung diém chia AB.

Yo tyg=——"+2= 2 =2y,
m-—1 m-—1 m-1

= Khang dinh I duing.




/ Néing cao kj néing gidi todn trdc nghiém
/ 100% dang bai héum 56, cac béd todn tién quan

+ Xét khang dinh II:

Vi 2 dudng tiém cén vudng goc voi nhau tai I nén

1
S,AB:EIA.IB— LyA v, ‘——2‘ 2m-1-1]=— ’*’ 2m-2|=2

= S,z khong déi. \
= Khéng dinh II ding.
=> Chon (C).

DANG 4:
KHAO SAT HAM PHAN THUC BAC 2/ BAC 1 VA CAC UNG DUNG

Bai toan:
Khio sat va vé d6 thi (C):y =f(x) =
Phuong phap

ax’+bx+c
dx+e

2) TXD: D=R\ ‘%}'
b) Su bién thién
- Chiéu bién thién
+ Tinh dao ham y’
+ Tim céc diém tai ¢6 dao ham bang 0 va dao ham khéng xac dinh.
+ Chi ra cac khoang d6ng bién, nghich bién.
- Cuc tri
- Tiém can
e

+ Tiém can ding: x = -7

+ Tiém can xién: lim

X —oo

ax’ +bx +c S A A oA
—————(mx+n)|=0=> y=mx +n la tiém cén xién.
ex +d

- Bang bién thién

Vé bang va dién cac két qua vao bang.

C)Dé thi

- Giao v6i cic truc Ox, Oy

- Vé 36 thi

Chi y: Ldy thém cdc diém dé vé cho chuan.




M Megabook Chuyén gia Sach tuyén thi

Cacvidu
(T » Khao st sy bién thién va vé d6 thi ciia ham s6 (C)y=f(x)=

@'E] Giai:

x> -2x+2

x—1

1) TXD: D =R\{1}.
2) Su bién thién

- Chiéu bién thién

_ x’ —2x

(x=1y

y

y' khong xéc dinh khix = 1; y':0<:>x2—2x=0@x(x—2)20c>|:x:2
_ x=2.
X<0 h N A . A A

V>0 — Ham s déng bién trén (—eo;0) U (2;+00)
X >

[0<x <1 _
y'<0e = Ham s& nghich bién trén (0;1) L (1;2)
| I<x<2

- Cuc tri

Ham s6 dat cuc dai taix =0 = y_ = -2

Ham s6 dat cuctifutaix=2 =y =2

- Tiém céan |
_x2—2x+2_(x—1)2+1_ 1

Ta cé: f(x) 1 l _X_H-—I
X - X— X —

lim[f(x)m(x—l)] —lim—=0= TCX:y=x-1.

i x—ee ¥ — 1
. . OXP=2x+2
limy=lim——=-
x—l” xo1” x—1

= g =
limy=Im——m—=+

x—1" x—=1* x —1

- Bang bién thién:

X -0 0 1

y




3) D6 thi

- Giao véi cac truc Ox, Oy

Tacod: x° —2x+2=(x --1)2 +1> 0 nén (C) khong giao véi Ox
Khix =0thiy=-2 = (C) giao véi Oy tai diém A(0; -2)

- D6 thi
y¢ y=x-1

x=1

3’ —-x+1

@I > Khio sat s bién thién va vé d6 thi clia ham s6{C): y =f(x) = T

|_E“§i] Gidi:
1) TXD: D=R\{1}.
2) Su bién thién
-"Chiéu bién thién
_ =3x%+6x
)

¥' khong xac dinh khi x = 1; y':0<:>—3x2+6x=0<:>—3x(x—2)=0<:>[x
X

y'> 0 0<x <2 = Ham s6 dong bién trén (0;1) L (1;2).
X >2

y'<0& [x <0 => Ham s6 nghich bién trén (—oo;0) (2;400).

- Cyc tri

Ham s6 dat cic dai taix=0=y_ =L
Ham s6 dat cyc tiutaix = -2 = Y =93
- Tiém can

3% -x+1 3

==3x-24+—

Taco:
aco: f(x) — =

Néng cao ky néng gidi todn trdc nghiém
100% dang bai héum s6, cdc boi todn lién quan
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lim[f (x)—(-3x- 2)] = limi =0= TCX:y=-3x-2.

X oo N x=ee | = x
. . 3x"-x+1
- limy = lim——————=+co
x=1" x—1 1_~x =
o 3tox+l 1EDx=1.
limy=lim—————=—o
x—=1 x-l1* 1—x

- Bang bién thién:

x |- 0 1 2 +o0

y' - 0 + + 0 -

NN

YA x=1

=Y

3) b6 thi

- Giao v0i céc truc Ox, Oy

Ta cé: 3x* —x +1=0 v6 nghiém
nén (C) khéong giao v6i Ox
Khix=0thiy=1=

(C) giao v6i Oy tai diém A(0; 1)
- Do thi y=-3x-2

2 p—
(ETH » Khio sit sy bién thién va v& db thi clia ham s5(C): y = £ (x) = 2Lt3’;_4‘
X+
@ Giai:
1) TXD: D=R\{-2}.
2) Su bién thién
- Chiéu bién thién |
2x% +8x+10 2[(x+2)2 +1]

Tacéd: y'= 5 —=>0VxeD
(x+2) (x+2)




/ Niing cao k' ndng gidi todn tréic nghiém
/ 100% dang bai ham so6, cdc bai todn tién quan

S BN

= Ham s6 déng bién trén (—oo;—2) U {-2;+e0).
- Cuc tri

Ham s6 khong co cuc tri.

- Tiém can
2
Ta co: f(x)=2)(_+3x——4:2x—1— 2
X+2 X+2
lim[f(x)—(2x-1)|=lim——=0= TCX:y=2x- 1.
x—)oo[ ( ) ( )] x_;oox+2 y X
) . 2x*+3x-4
limy=lim ——=-o
x—-2" x—=-2" X + 2 — TCD B 2
. . 2x*+3x—4 K=
limy=lim ———— =+o0
x—-2* x—=2" X+ 2
- Bang bién thién:
X -0 -2 +00
y - -
+00 +0
, \
-0
-0
3) b6 thi <=3 VA

y=2x-1
- Giao vdi cac truc Ox, Oy

-3+
Ta cé: 2x2+3x—4=0<=>x=—3:ﬂ:>

(C) giao vé6i Ox tai diém A(_?)—Z\/ﬁ_l;O] B[[2 O / A » |
va B —3__\/1_1;0
Khix =0thiy=-2 = (C) giao véi Oy tai

diém C(0; -2)
- Do thi

Q@M » Khio sit sy bién thién v vé d6 thi ciia ham s6 (C): y = £ (x) = =x +3+——.

x—1
LE@E] Giai:
1) TXD: D=R\{1}.
2) Su bién thién



M Mega book Cruyén gia Sdach tuyén thi

- Chiéu bién thién

Tacod: y'=—-1- R <0V e D = Ham s6 nghich bién trén (—oo;l) U (l;+oo).
X —

- Cuc tri

Ham s6 khong c6 cuc tri.
- Tiém can

Ta co:

lim[f(x)—(—x+3)] ~lim——=0= TCX:y=2x-1,

X —deo Sudadd € l

limy= Iim(—x+ 3 +—1~
=1 x—1" X —1

) = TCPb:x=1.
. . 1

limy= l1m(—x +3+~—-—)= Fo0

x->1* x=l* X —

- Bang bién thién:

X -00 1 +o00

y - an
+00 +00

3) D6 thi

- Giao vdicactruc Ox, Oy A
Ta ¢o: y:_x+3+_l_=(). \
x—1 2

o X 4+4x-2=0=x=2+/2 =

(C) giao vdi Ox tai . B,

<V

diém A(2~J§;0) va B(2+J§;o)
Khix=0thiy=2

= (C) giao v6i Oy tai diém C(0; 2)

- Do thi




! Néng cao ky néing gidi todn trdc nghiém
/ 100% dang bai ham s6, cdc bai todn tién quan

)’A r=x-2 x=‘2y‘ry=2x-l
'o_/ »x Bl |2 Of//A X

x=1

(A)

(B)

J’A x=1 =‘2y%y=2x-l

1

—>
i x J
B2 "0 %
’ y=-3x-2
(C) (D)

€Y Gidi:

[
D6 thi cha ham 6 ¢6 tiém cin duing x = 1 va tiém cin xién y = X - 2 nén ta Chon (A).

; Luu y: Co thé quan sat mot s6 diém dac biét chia d6 thi ham s nhu céc diém cuc dai, cuc
ti€u, giao diém véi cac tryuc toa d6 hodc cac dudng tiém cin, cic tinh chit dic biét, ... d€ chon
phuong an dang nhanh nhit.



\
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2
Baitip2 Cho y =2 +3mx +2m -1

" . Diéu kién clia m d€ f(x) > 0 vGi Vx € [4; 5] la:
X_
1 1
(A) m>—: (B) m>—;
42 0

(C) m=1; (D) m=1.

@ Giai:

2
£(x)>0 Vxe [4,5] & 2 +3m":2m+1 >0 Vxe [45]
.

& mx’ +3mx +2m—1>0 Vxe [4;5]< m(x* +3x+2) > 1Vxe [45]

. 1
m>Max—2—1——:—l—.Vay m>—.
xel4s] x* +3x+2 30 30

= Chon (B).

) 2%x% -3
Baitap 3 DE ( d ): y =2mx —m cit (C)I y= xR tai hai diém phan biét thudc hai nhdnh
h 1 ) N . 1 X -
cta d6 thi (C) thi:
(A)m<1; (B) m> 1;
(C)m=0; (D)m=1.
;" ":’_: G.-).:
L_@\J iai
2x* -3

Xét phuong trinh: 2mx —m = 5 LN g(x)=2(m-1)x*+(3-5m)x+2m=0
X —
DE (D) cit (C) tai hai di€ém phén biét thudc hai nhdnh ctia d6 thi (C) thi

(m-1)g(2)=(m-1){(-2)<0=m>1

= Chon (B).

Chii y: (D) cat (C) tai hai diém x, < X, thudc hai nhdnh ctia d6 thj c6 tiém cin ding
x = a thi X, <a<X,.

¥, 2 —
-/ C6 bao nhiéu cp diém thudc (C); y= X__3)32+_6v£1 déi xting véi nhau qua A(3; 0)?
x —

(A)0; (B) 1; (C) 2 (D) 3.




Néng cao ky néing gidi todn trdc nghiém
100% dang bei héum s6, céc bad todn tién quan

E)i]l Gii:

2_
Goi M(a;a_‘jatg]e (C) N Ia diém d6i xting v6i M qua A(3; 0)
a_
Xy =2X, —Xy =6-2a
= —a*+3a-6
YN =2y Yy =
a—2

Vi Ne (C) nén ta cé:
—a*+3a—6 (6-a) —3(6-2a)+6 - -a’+3a-6

a—2 (6—-a)-2 a—2
2._ —]
a ' 9a+24: 6a+18:__3a+3
4-a
a=0
& -a’+3a-6=(-3a+3)(a-2)e2a’-3a=0=2a(2a-3)=0 3.
a=—=
2
+ Véi a = 0 thi M(0; -3) va N(6; 3)
3
+V6ia=—thiM 3;—E ;N E,E
2 2 2 2°2
Vay ¢6 2 c3p diém M, N thoa mén dé bai.
= Chon (C).
GEETTES A A ag X242X =5 Lo 0 NI £ o a1
(iB3lsapY CO bao nhiéu di€ém M e (C): y = ="~ d& téng khoang cich tif M dén 2 tiém
. _‘A 1 2 X X'—'2
cin 1a nho nhat?
(A) 0; (B) 1; (€)% (D) 3.
€)| Gidi:
sl o
TXD: D=R\{2}.
Tacd: y=f(x)=x+4+ 3 .
Xx—-2
lim f(x)_(x+4)]=}irilx_2=0:> TCX:y=x+4
. . X' +2x-5
limy=lm———=—00
x—2" x—2" Xx—-2
) = TCD:x=3.
, . X" +2x-5
limy=lim ——— =400
o2t x—o2t x—-2




\.
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Goi M(a;ﬂj)e (C)
a—2
Khodang céch tit M dén TCD (x = 2) la: [a —2)
a’+2a->5
a_____
a—2

.

3
JeeE): V22

Khoang cach ti M dén TCX (y =x + 4) la:

3 3
TéngkhoangcachttMdén2tiémcanla:ja — 2|+ ——— —>2. fla-2|.———— = 4/72.
s & -2 V2|a-2] \/| | J2la-2]
’ 3 23 9
Dau“="xayra ©la-2|=—=——¢a-2 =—<:>a:2:t</:
| y ﬁ|a-2‘ , l 2 2
M, 2+</§;</§+3<{/§+6]
o LYz e = ¢6 tét ca 2 diém M thoa min dé bai.
2 2 9
Do d6 chon (C).
AT . - 2 -
{mMp®’ Cho d6 thi ham s6 (C) y = XX+ Dién tich tam gidc tao bdi 2 tiém cin va
tiép tuyén bat ki bang: x-1
(A) 2 dvdt; (B) 4 dvdt;
(C) 1 dvtt; (D) Thay déi.
€ Giai:
L
TXD: D=R\{1}.
x’~=3x+3 1
Ta Cé: :f X)= =X—2 -
y=t(x) x—1 x—1
1im[f(x)—(x—2)]=lim =0= TCX:y=x-2
X—oo X—oe X_.
. . X =3x+3
hri}y=hr¥_1—~«_1—=—- 343
X— X~ X - — +
: = TCD: x = 1. Goi M| a;—2"2 |e (C).
. . X —3x+3 a—1
limy=lim—————=+0co
x—l1* x—1 x—1
2 _ 2 __
Tiép tuyén tai diém M c6 phuong trinh la: (t): y = E’ 12; (x—a) +a_3_al_-|ﬁ
a— a—

Goilla giao difm ctla TCD (x=1) va TCX (y=x-2) = I(15-1)
Goi B, Clan lugt 1a cac giao diém cta tiép tuyén (t) voi TCD va TCX




Nang cao ky nding gidi todn trdc nghiém
100% dang bai héum s6, cic bai todn tién quan

2
= B[x;——3“?);0(2a—1;2a—3) =>BC=\/(23—1—1)2 +(2a‘3“3__?) -
a— a-
ot - 2o G G -
a-— a-—

TCD (x = 1) va TCX (y = x - 2) tao v6i nhau 1 goc khéng d6i bang 45° nén

Sy = L IBIC.sin BIC = .2 22|~ 1|,£ =2 (khong déi).
2 2 |a-1| 2

= Chon (A).
‘;:,'u_, Cho (Cm ); y=
tri chia m béng:

(A)m=1; (B) m=5;
(C)m=2 (D) Khong c6 gié tri clia m.

E@?‘] Gidi:

mx’ +3mx +2m +1

1 . PEdo thi (C,) c6 TCX di qua A(1; 5) thi gi4
x_

6m +1
x—1

Tacd: y=mx+4m+
m#0
A Y A 4 « A A <A 1 m¢0
D& ham s6 ¢6 tiém can xién thi = 1 (1) = TCX:y = mx + 4m.
om+1#0 m¢—g

D& TCX di qua A(1; 5) thi 5 =m.1 + 4m < m =1 théa man (1)

= Chon (A).

Hieg 41 _ 4 c6 4 nghiém phan biét.
(A) k>2+2V2; ’ (B) k=2+22;
(€) k=2-22; (D) 2-22 <k <2+242.
Eéﬂ Gidi: |
x> +1 7A
x*+1 x —1 x>1

x> -1

y
x <1
! \
Do thi:
_ X




Xer ‘—‘1_\/5:} Yer :2‘/5—2

= Khi k = 2+/2 2 thi ¢6 1 giao diém = Phuong trinh c6 1 nghiém

Khi 242 -2 <k <2+2+/2 thicé 2 giao diém = Phuong trinh c6 2 nghiém
Khi k =2+2+/2 thicé 3 giao diém = Phuong trinh c6 3 nghiém

Khi k>2+2v2 thico 4 giao diém = Phuong trinh c6 4 nghiém

= Chon (A).

x?+1

Chii y: S6 nghiém clia phuong trinh
x-1

‘ =k chinh la s6 giao diém cia dudng cong

2
X H1 s dudng thingy =k.

y:

x—1

T . o . . l 1 1
ﬁ% Tim m d€ phuong trinh: sinx +cosx +—| tanx +cotx + ——+
) 2 sinX COSX

=m+1 v6 nghiém.

(A) m<2+2x/§; (B)'m<2\/_2_;

(C) m22xfi; (D) m=2+2v2.

EQEJJ Giai:

X 1 I
sIn X +cosX + —| tan X +cotx+ ——+ =m+1
2 SINX COSX

. 1| sin®x+cos’x sinx+cosx
S sinX+cosx+— + =m+1

cos x8in x cosXsinx
1+ (sinx +cos
& (sinx+cosx )+ ( .nx X)=m+1 *)
2SN X COSX
Dit t = sinx + cosx,
YA
te(l;\/z] VXE(O;E]
2
= 2sinxcosx =t* —1 20+42) |__|
4t~ 7"
1
Khidd () @ t+—=m+1 < f(t
*) t—1 (t) | V]

=t+1+ti_1=m_+2 v(jite(l;«/z] //
——

Nhin vao d6 thi ta c6 két qué bién ludn

s6 nghiém x e (0;%)

,_.
.
D3 SO N




/ Néng cao ky ning gidi todn trdc nghiém
; 100% dang bai héum s6, cdc béd todn tién quan

Néum+222(1++2) & m>2V2 thi ()

c6 1 nghiém te (1;\/5] = ¢6 1 nghiém x elLO;E
Néu m+2<2(1+2) & m<2v2 thi(*)

= khéng c6 nghiém x € | 0;—

= Chon (B).

ong'cé nghiém te (l; V2 :l

* Tim s6 K 16n nh4t dé bat phuong trinh sau dugc nghiém ding véi moi x:

K(jsin x|+|cos x|+ 1) < |sin2x|+|sinx|+|cos x|+ 2.

3442
A) K, =1 B) K, = s
( ) Max ( ) M \/’2'+1
3 1
(C) KMang; (D) KMMZE'
€F| Giai:
& o

Dit t =[sinx|+|cosx|=> t* =1+|sin2x| = 1<t < J2
Vay bat phuong trinh da cho tré thanh:

2
{K(t+1)$t2+t+1 g <Lt

= t+1
1<t<V2 1<t<f3

t24+1+1

Khi te [1;\/5] thi ham s6 £ (t)=

2]

dong bién

§|

Do dé f(t)zf(l)zg vte

Vay K <f(t) Ve [1;\/5]@ K< =K, =3
2 axX 2
= Chon (C).
, Ty \ F'd \ _x2+]XI'—2 ’ P
" Baitdp11 Tim m d€ phuong trinh “ , 2| =m ¢6 6 nghiém.
X -—
(A) m=-7; (B)-7<m<-1;
(Cm<-7; (D) m>-1.

E@j‘ij Gidi:

—x* +|x|-2
Ix|-2]

F(x) 14 ham s6 chan nén d6 thi cia né d6i xding qua Oy.

Xét F(x)=



3

IPMegabook Chuyén gia Sich tuyén thi

2
+Xétx20thiF(x)::§_t§;%
\X-Z’
+ 0SX<2 th F(X):—-:.w___—_z_
x—2
—_— 2 _
+x> 0 thi F(x):._x_ﬂ_z
x—-2
Tu day suy ra: 2
+x>0thi (C')=(C) la d6 thi clia ham 56 f(x):_—x_ﬁxz_—%
X__

+ 0SX <2 thi (C) duoc suy ra tit (C) bang cich 14y déi xting qua Ox
Tt day suy ra (C’) nhu hinh dudi day:
Phuong trinh (*) 1a phuong trinh hoanh d¢

EN

giao diém ctia (C’) va duding thang (D):

!
]
8

y = m. Véy can cu vao d6 thi (C'), ta c6 két qua:

+ m> -1 thi (*) v6 nghiém

e R 3

+m=-1thi (*) c6 1 nghiémx =0
+ -7 <m < -1 thi (*) ¢4 2 nghiém
+m = -7 thi (*) c¢6 4 nghiém

+m < -7 thi (*) ¢6 6 nghiém

= Chon (C).

Chu y: Ham s6 chan c6 d6 thi d6i xting qua truc Oy, ham s6 1€ c6 d6 thi d6i xting qua
truc Ox.

2
Chohamsd y=f(x)= x_+_x1+_1 (C). Tim trén mdi nhdnh cta (C) 1 diém sao
X+
cho khoang céch giita 2 diém 4y nho nhit.

4/~ ?

(A) X, =% Yl (B) X, =1%

-

(C) X, =% ) (D) X, =-1%

E@ﬂ Gia:
Thuic hién phép déi truc (Oxy)TT ((TI)(IXY) voi I(-1; -1).

x=X-1
y=Y-1

- -
-

Cong thiic d6i truc: {




Néng cao ky néing gidi todn trdc nghiém
100% dang bai ham s6, cdc bai todn lién quan

1
Xét MI(XI;XI +Xi] va Mz(xz;x2 +3<~}véi X, <0;X, >0 thi M,,M,

1 2

1a 2 diém thudc 2 nhanh cta (C).

2
Ta co: M1M22 = (X1 _Xz)z +|:(X1 "X2)+ L—LII

2 1
X, X +X2X2
1922 1 2

MM,? = (X, -X,) .[2—

! Z
Taco: (X, -X,) =x,"+%," —2xX, 2-4x,X,

béng thicxdyra & x, =-x,>0

Vay M\M,* > —4x x,| 2 - 2 + 21 -
i XIXZ Xl XZ'
MM,? 2 -8X,X, +8— 4
1X2
Hay M\M,* > 8+4[ lx +2(-2XX, )]
T

Ma L

+(-2X,X,) 2242

ke ha¥]

Vay MM,? 28+8v2 & MM, > V8+8+2

N (44 » 2 1 1
Déu '="xayra 1 S X =X, =—=
=2X,X, l 277 42

1“*2

Vay trong mp (IXY) cac diém thoa man yéu cdu bai todn nim trén (C) c6 hoanh dé
, 1
X,, =1 i—g—z— va MinM,M, = y/8+8y2 = Chon (D).
Chi y: Bang cich thuc hién phép doi truc c6 thé dua bai todn phiic tap vé bai toan don
gian hon.



MM Mega book Chuyén gia Sach tuyén thi

MUC LUC
vandé1:
TINH DON DIEU CUA HAM SO
I. KIEN THUC TRONG TAM 7
II. CAC DANG BAI TAP 8
< DANG 1: XET TiNH DON DIEU CUA HAM SO VA UNG DUNG CUA TiNH DON DIEU VAO VIECGIAL ... 8
= DANG 2: TIM DIEU KIEN CUA THAM SO DE HAM SO DON DIEU 23
Vandé2:
GIA TR] LGN NHAT, GIA TRI NHO NHAT CUA HAM SO
I. KIEN THUC TRONG TAM 38
II. CAC DANG BAI TAP 38
% DANG: TiM GIA TRI LGN NHAT VA GIA TRI NHO NHAT COA HAM SO TREN MOT KHOANG D CHO TRUGC 38

Van dé 3: CUCTRIHAM SO

1. KIEN THUC TRONG TAM 57

II. CAC DANG BAI TAP 60

= DANG 1: SU TON TAI CUC TRI VA CAC BAI TOAN LIEN QUAN 60
' Vindé 4

TIEP TUYEN CUA BOTHIHAM 55 .

1. KIEN THUC TRONG TAM 84
II. CAC DANG BAI TAP 85
% DANG 1: VIET PHUGNG TRINH TIEP TUYEN TAI 1DIEM THUOC BO THI 85
< DANG 2: VIET PHUGNG TRINH TIEP TUYEN THEO HE S0 GOC CHO TRUGIC 97
< DANG 3 : VIET PHUONG TRINH TIEP TUYEN D1 QUA 1 BIEM CHO TRUGC 102
Van dé 5:
TIEM CAN CUA DPUONG CONG
I. KIEN THUC TRONG TAM 114




/ Niing cao k) néing gidi todn trdc nghiém

____________ / , 100% dang bai haum s6, cdc bai todn lién quan
1I. CAC DANG BAI TAP 115
< DANG: TIMTIEM CAN CUA HAM SO VA TiM DIEU KIEN COA THAM SO 115
 Van éé 6:
KHAO SAT HAM SO VA CACUNG DUNG
1. KIEN THUC TRONG TAM 134
II. CAC DANG BAI TAP 135
+ DANG 1: KHAO SAT HAM 50 BAC 3 VA CAC UNG DUNG 135
III. CACVIDU 136
IV. BAITAP 147
» DANG 2: KHAO SAT HAM TRUNG PHUONG VA CAC NG DUNG 155
2 DANG 3: KHAO SAT HAM PHAN THU'C: BAC 1 - BAC 1 VA CAC UNG DUNG 173
= DANG 4: KHAO SAT HAM PHAN THU'C BAC 2/ BAC 1 VA CAC NG DUNG 187



M Megabook Chuyén gia Sdch tuyén thi .
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! Ning cao ky ning gldi todn trdc nghiém
; 100% dang bai ham 6, cdc béd todn tién quan
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